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Preface to ”Electric Systems for Transportation”

Transportation systems play a major role in the reduction of energy consumptions and

environmental impact all over the world. The significant amount of energy of transport systems

forces the adoption of new solutions to ensure their performance with energy-saving and reduced

environmental impact. In this context, technologies and materials, devices and systems, design

methods, and management techniques, related to the electrical power systems for transportation

are continuously improving thanks to research activities. The main common challenge in all the

applications concerns the adoption of innovative solutions that can improve existing transportation

systems in terms of efficiency and sustainability.

Maria Carmen Falvo, Alessandro Ruvio

Editors
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Abstract: Globally, the use of electric vehicles, and in particular the use of electric buses, has been
increasing. The city of Nanjing leads China in the adoption of electric buses, supported by city policies
and infrastructure. To lower costs and provide a better service, vehicle selection is crucial, however,
existing selection methods are limited. Accordingly, Nanjing Bus Company developed a test method
based on road tests to select a bus. This paper presents a detailed description of the test method and a
case study of its application. The method included an organization structure, selection of eight test
vehicles (four 10 m length, four 8 m length) from four brands (a total of 32 test vehicles), selection of
indicators and selection of routes. Data was collected from repeated drives by 65 drivers over an
8-week period. Indicators included power consumption, charging duration, failure duration and
driving distance. It is concluded that the road test method designed and conducted by the Nanjing
Bus Company provides a good framework for the selection of pure electric buses. Furthermore,
subsequent experience with selected buses supports the validity and value of the model.

Keywords: electric bus; vehicle selection; road operation test; sustainable development

1. Introduction

In recent years, the demand for improved transportation systems has been on the rise owing
to the enhancements in the quality of individual living. Public transportation plays an increasingly
significant role in urban centers worldwide in the terms of its economic, environmental and sustainable
capacity [1]. As part of the expansion of urban public transport networks, bus transit systems make up
a growing proportion of urban passenger transport. There were 608,600 public buses in China by 2017.
At this time, the passenger volume for the bus transit system was approximately 74.5 billion annually,
accounting for 58% of the total urban passenger transport volume, which was far more than the rail
transport volume [2].

However, concerns regarding air pollution triggered by the emission of traffic exhausts are
unavoidable. Consequently, the appeal for the amelioration of air quality to guarantee a certain
standard of living led considerable attention to the electrification of urban transportation systems [3].
It is noteworthy that the use of electric buses is not a new concept. The use of battery-powered electric
buses can be traced back to the early 2000s, which matured gradually during the mid-2000s, followed
by dramatic developments during the past decade [3].

Energy efficient vehicles are being promoted worldwide as an acceptable approach to address
vehicle-based air pollution. Some developed countries, like the United States and Sweden, are making
efforts to improve energy efficiency and reduce the use of fossil-fuel buses in mass transit systems [4].

Energies 2020, 13, 1253; doi:10.3390/en13051253 www.mdpi.com/journal/energies1
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Nevertheless, China has been increasing its number of fossil-fuel vehicles rapidly—vehicles with
comparatively high emissions and excessive energy usage, which has resulted in severe health, energy
and congestion problems [5]. In order to address this dilemma, and keep the pace of the trend of global
cities, China has been embracing the use of pure electric buses owing to their characteristics of zero
emissions, low noise, superior driving stability and good economic efficiency [6].

The Chinese government has promulgated policies to support this transition, such as financial
subsidies for bus-related industries and companies to vigorously promote the use of electric buses [7].
In 2015, Green development has become a national strategy [8], and national ministries have enacted
some approaches to managing a mass transit infrastructure in relation to electric vehicles [9].

Vehicle performance indicators are fundamental factors for selecting the proper bus type. However,
certain weaknesses of pure electric buses, such as a relatively short endurance mileage and a long
charging time, are pending obstacles to be overcome. Therefore, the selection process for pure electric
buses is more complicated than it is for common buses.

There are three generally accepted methods used to carry out dynamic behavior testing of new
electric vehicles—computer simulation test, test bench simulation, and road testing [10].

Compared with the first two methods, which have shorter test cycles and lower costs and are
generally used by manufacturers, road tests are more intuitive to reflect the vehicle properties, as the
consequence of their superior capacity to provide accurate results in a setting close to real operational
conditions, thus increasing the reliability for bus companies to test vehicle performance.

In regard to the selection of electric vehicles, Zhang et al. concluded that the evaluation and
selection of new electric vehicles from certain developed countries like United States, Germany and
Japan, relies on relevant research institutions and is based on the advanced vehicle testing activity
and fuel cell technology [11], however, it is not the case in China. Although Chinese government
has enacted several standards related to pure electric vehicles in terms of basic safety and power
systems [12], the selection processes based only on the minimum criteria set out in these standards is
inadequate and may not provide sufficient information relevant to actual operation.

In spite of the aforementioned policy deficiency in the standard setting of the pure electric vehicle
selection, some research has been conducted in light of the assessment of the pure electric buses,
defining some critical performance indicators of the pure electric buses, which can serve as a reference
for the selection, e.g., Wang and Zheng used energy consumption per kilometer to evaluate the
economic efficiency of pure electric buses [13]. An analysis by Wan et al. argued that that vehicle
purchase cost, maintenance cost and energy consumption should be taken into account as well [14].

More recently, Li stated that, in Urumqi, when comparing two different buses and Bus Rapid
Transit (BRT) vehicles from different manufacturers, energy consumption and service life should be
used [15]. Zhang et al. compared the speed and power consumption of several kinds of electric buses
in Kunming and several other cities using road tests [11].

However, there are two main limitations lying in the existing research: (1) The assessment for the
pure electric buses is not systematic enough, and thus couldn’t provide a clear guidance. (2) The current
studies focus on the definition and establishment of theoretical indicators but lack practical validation
and specific implementation of the current assessment evaluation model. (3) The environmental impact
of electric buses should be emphasized more in the literature, which has been paid increasing public
attention these years.

Therefore, the purpose of this paper is to present how the Nanjing Bus Company selects suitable
pure electric buses based on a comprehensive selection model. In addition, this paper aims to provide a
suitable example of a framework and a method of electric bus selection for other public transportation
companies in terms of the environmental indicators.

2
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2. Materials and Methods

2.1. Overview

Nanjing provides a favorable atmosphere for the development of pure electric buses. As a result,
it was recognized as a C40 (an international joint urban organization dedicated to climate change) City
in 2015 based on the Nanjing New Energy Vehicle Promotion program [16]. Additionally, it won the
honorary title of ‘National Demonstration City for Transit Metropolis’ [17], which is awarded by the
Ministry of Transport of the People’s Republic of China.

A commercial bus company focuses on profitability in addition to the social benefits that it offers.
On the basis of guaranteeing a certain quality of service, the company is required to reduce costs
to increase economic efficiency as much as possible. For this purpose, a road operation test was
proposed by the Nanjing Bus Company, to determine the most cost-effective vehicles among several
bus manufacturers.

The road operation test is a common method used to perform an all-around evaluation of vehicle
performance. These tests replicate actual driving conditions and by doing so, differences between tests
and reality are minimized. In addition to the characteristics of the vehicle itself, test results can also be
influenced by the pavement conditions, traffic conditions, weather, driver behaviors, etc.

2.2. Organizational Structure for the Test

A reasonable organizational structure was designed to define clear duties and labor divisions to
further enhance work efficiency. The road test process is generally designed in accordance with the
actual operation of buses. Besides the internal work processes of bus companies, road tests require
pre-planned arrangements and well-defined organization and coordination of all parts to lay the
foundation for efficient testing and accurate results. Based on the operation and evaluation function,
the organization structure was divided into three modules—the leadership group, work group, and
review group.

2.2.1. Leadership Group

The leadership group was composed of the people overseeing the program and belonged to the
Nanjing Bus Company and its subsidiaries and other companies in support roles. The main duties of
this group were:

• To monitor and guide the overall operation of the road test;
• To check and approve the implementation plan, and to deal with any possible problem;
• To organize the final review conference and to make a final report, submitted to Nanjing

Transportation Bureau.

2.2.2. Working Group

The working group was composed of the various parties involved in road operation, such as
operation management, security, maintenance and logistics support sector. The main duties of this
group were:

• To conduct the preliminary information survey about electric buses and to determine the outline
of operational testing;

• To formulate an implementation plan and the relevant details;
• To supervise subcontractor companies such as Jiangnan and Yangzi to conduct basic data collection

and data analysis;
• To make arrangements and to assign vehicles and staff during the road test work;
• To keep track of the progress of the project and to report it to the leadership group on time.

3
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2.2.3. Review Group

The review group was composed of people from the government transport management
department, traffic police department, and experts from university and the private sector. The
main duties of this group were:

• To comprehensively analyze the relevant data and test results, including investigation of vehicle
performance, appearance, and passengers’ perceptions and opinions (not reported in this paper);

• To make suggestions after the test and to write a special report on performance difference of buses,
to be discussed with all participants.

Every member worked independently but communicated in a detailed manner, sharing feedback
and opinions to ensure the successful completion of the test.

2.3. Test Content

2.3.1. Test Vehicle Selection

The Nanjing Bus Company selected four common brands of pure electric bus available in the
market, each offering two types of buses, whose lengths are approximately 8 m and 10 m. This was
done to ensure an equivalent size for the test vehicles.

The test vehicles were divided into two groups based on vehicle length. The first group, Group
A, contained buses that were approximately 8 m in length, while Group B contained those that were
approximately 10 m in length. All the vehicles were newly manufactured, and they met national
standards requirements such as JT/T1026-2016 titled “The general technical conditions of pure electric
city buses”. The vehicle details are listed in Table 1, and Figures 1–4 show the four brands of buses.

Table 1. Vehicle Brand Involved in the Test.

Type Brand Name Model Number
Vehicle

Quantity
Length (m)

Electrical Rating
(kwh)

Charging
Mode

Group A (8 m)

BYD BYD6810LZEV4 4 8.06 172.8 Slow charge
Skywell NJL6859BEV40 4 8.5 93.3

Fast chargeYinlong GTQ6801BEVBT9 4 8.05 46.4
Jiankang NJC6850GBEV2 4 8.5 93.3

Group B (10 m)

BYD BYD6100LGEV3 4 10.49 255.4
Slow chargeSkywell NJL6100BEV30 2

10.5
221

NJL6100BEV37 2 258
Yinlong GTQ6105BEVBT8 4 10.48 81.2 Fast charge
Jiankang NJC6105GBEV5 4 10.5 230.4 Slow charge

  
Figure 1. BYD brand.

4
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Figure 2. Yinlong brand.

  
Figure 3. Skywell brand.

  
Figure 4. Jiankang brand.

2.3.2. Test Environment Selection

The buses were tested on the same route, under the same working conditions, at the same outdoor
temperature (adjacent dates), and for days having equivalent humidity, that is, all the tests were
conducted during either sunny or rainy days, but not both.

Four representative routes were selected of varying congestion levels, from open and clear to
congested, to reflect conditions experienced in normal daily operation. The routes are shown in
Figure 5 and the respective details are summarized in Table 2.

Table 2. Routes Involved in the Test.

Route 1 Route 2 Route 3 Route 4

Bus No. 134W 302W 638W 646W
Length (km) 15.5 15.7 11.6 14.8

Bus stop number 30 33 25 30
Characteristic No congestion Congestion Medium-level congestion

Description Traffic conditions
are good.

(1) Has over fifty signal lights.
(2) Crowded downtown.

Road is
narrow. Far away from the main city.

5
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(a) 

 
(b) 

 
(c) 

 
(d) 

Figure 5. (a) Route 134W; (b) Route 302W; (c) Route 638W; (d) Route 646W.

2.3.3. Staff Selection

The participants, in particular, the drivers, were selected from a group of drivers with a certain
level of experience (average driving age = 8–10 years) and no record of accidents to maximize safety.
A total of 65 drivers participated in the test, one of whom was on standby. Two drivers were used
for each bus. All personnel received the same training at the same time to standardize operational
procedures. In addition, these drivers are professional, driving the same route and work a shift every
five days, and they are assigned to the their daily driving routes, which can ensure the familiarity with
their course of driving and thus reduce the error impact of drivers’ behavior caused by the external
factors such as the unfamiliarity with different vehicles on the test data.
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2.3.4. Road Operation Procedure

Test date: During August and September 2017
Test area: Nanjing, Jiangsu Province, China
Step 1: Establish the organization structure and clarify the duty of the groups.
Step 2: Determine the test conditions and formulate the test process. Vehicle groups A and B were
tested during the same period. For both groups, the specific serial number of each brand was assigned
to specific test route, though for varying dates and numbers of days, as shown in Table 3.
Step 3: Record data before and after operation for each day.
Step 4: Summarize and analyze data to determine evaluation indexes.
Step 5: Have the experts from the review group evaluate the buses and make a selection.

The road operation test procedure is illustrated in Figure 6.

Table 3. Operation Arrangement.

Type Brand Name and Model Number Serial Number Test Route Test Date

Group A
(8 m)

BYD
BYD6810LZEV4

4011 134W 12th Aug. to 30th Sep.
Total 50 days4012 302W

4013
638W

14th Aug. to 30th Sep.
Total 48 days

4014 13th Aug. to 30th Sep.
Total 49 days

Skywell
NJL6859BEV40

3801 134W 8th Aug. to 30th Sep.
Total 54 days3803 302W

3800
638

8th Aug. to 7th Sep.
and 27th Sep. to 30th Sep.

Total 30 days

3802 8th Aug. to 30th Sep.
Total 54 days

Yinlong
GTQ6801BEVBT9

3721 134W 18th Aug. to 21st Sep. and 30th Sep.
Total 36 days

3722 302W 18th Aug. to 28th Sep.
Total 42 days

3723
638W

19th Aug. to 30th Sep.
Total 43 days

3724

19th Aug. to 22nd Aug., 27th Aug. to 9th Sep., 11th Sep.
to 25th Sep. and

28th Sep. to 30th Sep.
Total 36 days

Jiankang
NJC6850GBEV2

3806 134W 31st Aug. to 30th Sep.
Total 31 days3807 302W

3804
638W

29th Aug. to 30th Sep.
Total 33 days

3805
29th Aug. to 1st Sep., 3rd Sep. to 15th Sep. and 17th Sep.

to 30th Sep.
Total 31 days

Group B
(10 m)

BYD
BYD6100LGEV3

4015 134W 12th Aug. to 30th Sep.
Total 50 days4016 302W

4017
646W

14th Aug. to 30th Sep.
Total 48 days

4018 13th Aug. to 30th Sep.
Total 49 days

Skywell
NJL6100BEV30
NJL6100BEV37

3809 134W
6th Aug. to 30th Sep.

Total 56 days
3808

646W3810
3811 302W

Yinlong
GTQ6105BEVBT8

3725 134W 18th Aug. to 21st Sep. and 30th Sep.
Total 36 days

3726 302W 18th Aug. to 18th Sep. and 22nd Sep. to 28th Sep.
Total 39 days

3727
646W

19th Aug. to 23rd Sep. and 25th Sep. to 30th Sep.
Total 42 days

3728 19th Aug. to 30th Sep.
Total 43 days

Jiankang
NJC6105GBEV5

3813 134W 31st Aug. to 30th Sep.
Total 31 days3815 302W

3812
646W

29th Aug. to 30th Sep.
Total 33 days

3814 29th Aug. to 25th Sep. and 30th Sep.
Total 29 days

7
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Figure 6. Flow chart of road test operation.

3. Data Collection and Analysis

3.1. Data Collection

Data collection, which had two steps, was performed for the objective data from the vehicle data
collectors (vehicle sensors, the equipment installed in the vehicle to collect the data), for charging
records and for other car parameters. The steps were as follows:

(1) The first stage of the test was mainly concerned with dynamic data (and various indicators of
the vehicle) collected by the vehicle data collectors or determined from dashboard readings while the
vehicle was in motion. The dynamic data included driving distance and power consumption.

(2) The second stage of operation test was concerned with static data collection. This included
charging and maintenance records, which themselves included charging duration, charging frequency,
failure frequency and failure duration.

A data table was completed by the drivers every day they participated in the test and recorded for
each bus separately. Table 4 shows an example.

Table 4. Example of Data Collection Table.

Model Number: Skywell-NJL6859BEV40
Serial Number:3801

Date
Charging
Frequency

Charging
Duration

(min)

Power
Consumption

(kwh)

Driving
Distance

(km)

Failure
Frequency

Failure
Duration (s)

8th Aug. 3 39 140 206 0 0
9th Aug. 1 15 95 143 0 0
1st Sep 3 36 185 275 0 0
2nd Sep 3 40 168 274 0 0

8
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After two months of testing, the data was summarized as shown in Table 5. Because of the
confidential business information involved, code names are used for the buses. For example, the code
name “V8-1” refers to buses from brand 1 in Group A (about 8 m long) and “V10-1” refers to buses
from brand 1 in Group B (about 10 m long).

Table 5. Data Summary Table.

Bus and Route
Charging

Frequency
Power Consumption

(kwh)
Charging Duration

(min)
Driving Distance

(km)
Failure

Frequency
Failure Duration

(s)

V10-1

Total 464 40,061 11,325 40,031 4 8700
134W 99 10,737 2939 10,793 0 0
302W 51 8707 1703 7725 0 0
646W 314 20,617 6683 21,512 4 8700

V8-1

Total 230 31,823 10,987 38,167 6 7800
134W 75 8817 3124 11,131 2 600
302W 67 7142 1944 8325 3 0
638W 88 15,864 5919 18,711 1 7200

V10-2

Total 443 43,391 7506 46,838 1 320
134W 67 11,195 1466 12,509 0 0
302W 77 9596 1516 9083 1 320
646W 299 22,600 4524 25,246 0 0

V8-2

Total 562 29,597 6572 40,284 1 14,400
134W 147 8655 1839 12,954 0 0
302W 127 7706 1557 9588 0 0
638W 288 13,236 3176 17,742 1 14,400

V10-3

Total 829 30,840 8000 29,101 14 148,800
134W 163 7172 1582 6034 7 48,960
302W 135 6158 1403 4999 3 4200
646W 531 17,510 5015 18,068 4 95,640

V8-3

Total 827 23,509 7051 25,051 18 124,380
134W 196 5747 1713 6795 4 22,140
302W 164 5945 1595 5810 3 1800
638W 467 11,817 3743 12,446 11 100,440

V10-4

Total 348 25,389 5834 24,979 5 9900
134W 60 6440 1217 6610 3 1500
302W 39 5805 827 5064 2 8400
646W 249 13,144 3790 13,305 0 0

V8-4

Total 332 17,043 4313 21,294 5 138,120
134W 78 4445 1118 5958 2 7200
302W 72 4439 1078 5475 0 0
638W 182 8159 2117 9861 3 130,920

The various indicators and their data for the road test operation are summarized in Tables 6 and 7.

Table 6. Indicator Data Collected for Group A.

Indicator V8-1 V8-2 V8-3 V8-4

Total driving distance (km) 38,167 40,284 25,051 21,294
Failure frequency 6 1 18 5

Failure duration (s) 7800 14,400 124,380 138,120
Power consumption (kwh) 31,823 29,597 23,509 17,043

Charging frequency 230 562 827 332
Charging duration (min) 10,987 6572 7051 4313

Average days of operation 49 51 43 32

Table 7. Indicator Data Collected for Group B.

Indicator V10-1 V10-2 V10-3 V10-4

Total driving distance (km) 40,031 46,838 29,101 24,979
Failure frequency 4 1 14 5

Failure duration (s) 8700 320 148,800 9900
Power consumption (kwh) 40,061 43,391 30,840 25,389

Charging frequency 464 443 829 348
Charging duration (min) 11,325 7506 8000 5834

Average days of operation 49 56 43 32
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3.2. Data Analysis

From the perspective of the bus company, economic benefits that can be gained from reducing
energy consumption and reducing the time spent on activities or operations are priorities. When use
of electric buses first commenced, the utilization rate of pure electric buses was only 50% of that of
traditional fuel buses. To maximize the benefits, scheduling and charging mode innovations were
implemented, achieving the same utilization rate as a traditional fuel bus. Based on these, the Nanjing
Bus Company has processed the indicators in Section 3.1 to indicate four factors that contribute most
to electric bus selection:

• Factor 1: Power consumption per 100 km

This factor is similar to the ‘liters of fuel per hundred kilometers’ concept in traditional fuel
vehicles. It is the energy consumed by vehicles for a travel distance of 100 km, and it is one of the key
economic indicators of pure electric buses. This factor is equal to the power consumption divided by
the total driving distance, then multiplied by 100.

• Factor 2: Charging duration per 100 km

Factor 2 serves to establish a relationship between battery performance and driving performance.
It indicates the battery efficiency and the pros and cons of the charging model used.

• Factor 3: Daily average driving distance

This is a basic and necessary index to show vehicle utilization rate, which bus companies value
the most, and it is related to operation cost.

• Factor 4: Failure time per 100 km

This factor is related to reliability of a vehicle. This factor takes into account frequency and severity
of failure, both of which contribute to maintenance costs directly and utilization costs indirectly.

These factors after calculation are given in Tables 8 and 9.

Table 8. Selection Factor Data for Group A.

Indicator V8-1 V8-2 V8-3 V8-4

Power consumption per 100 km (kwh) 83 73 94 80
Charging duration per 100 km (min) 29 16 28 20

Failure duration per 100 km (s) 20 36 497 649
Daily average driving distance (km) 194 196 146 168

Table 9. Selection Factor Data for Group B.

Indicator V10-1 V10-2 V10-3 V10-4

Power consumption per 100 km (kwh) 100 93 106 102
Charging duration per 100 km (min) 28 16 27 23

Failure duration per 100 km (s) 22 1 511 40
Daily average driving distance (km) 203 210 170 195

4. Discussion

Based on the analysis of the current situation of domestic pure electric bus, the road operation test
is selected as the test method, the composition and responsibility of the road operation test organization
are clarified, the test process with the outline of “determine the test conditions—data Collection—data
collection” is determined, and the format of relevant record forms is given. According to the evaluation
and the discussions of experts and the opinion of the bus company, on the basis of direct and indirect
test data, and through observing Tables 8 and 9, it is evident that V8-1 and V8-2 are equally matched
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in Group A and that V10-2 is the best choice in all aspects, and V10-1 is considered good choice in
Group B.

It was confirmed that the manufacturers who provided the V8-1, V8-2, V10-1and the V10-2 were
ready to adjust to the conditions in Nanjing regarding the transition to fully electric bus fleets. As
a result, the bus company has purchased a batch of pure electric buses of these brands. They have
achieved positive operation effects as of the date of this paper.

Also, it should be noted that some limitations still exist in the current study. First, the selection
indicators used are primarily objective. The subjective feelings of the drivers and passengers are not
considered in the analysis. Second, the differences in battery attenuation and in other aspects of battery
performance are ignored for this paper because they meet national standards. Third, the selection
process was performed through observation and expert opinion only. Therefore, using different
weighting methods, such as an analytic hierarchy process, is suggested to facilitate the selection of more
acceptable and justifiable weighting methods [18] and to make the selection method more scientific.
Besides, since the buses being completely new, their future performance is uncertain. It would be
useful to analyze the performance of the bus throughout its operation life-cycle.

5. Conclusions

The promotion of the bus electrification is in full swing in China, among which pure electric bus,
with its advantages of high driving stability, zero emission and outstanding economic performance,
has become the focus of many cities. However, it can’t be denied that electric buses still have some
limitations, e.g., short driving range and long charging time, which are tough to overcome in a short
time. Besides, compared with traditional bus, pure electric bus is a relatively new concept, with a more
complicated process of its selection, deserving more attention and research.

In this article, a test organized by the Nanjing Bus Company that is based on actual road tests to
aid in bus selection was illustrated. Compared with other test methods, road tests were used because
they are direct and reliable and they take into account actual transport conditions. The process of the
tests can be categorized into three steps: (1) To structure the organization of the testing and selection
processes, three groups were introduced: a leadership group, working group, and review group. (2)
The test process and test conditions, including bus, route, staff and environmental information were
provided for data collection. (3) As for the indicator processing, power consumption per 100 km,
charging duration per 100 km, daily average driving distance and failure time per 100 km were
determined to be key factors in the selection of a suitable bus.

In general, it is critical for the bus companies to decide to purchase the buses, and thus, the
performance, cost, safety, environment and other indicators of electric buses with the support of
operation data and the goal of normal operation service are of great significance to be quantified, the
method proposed in this paper the bus company applied to make progress in electric bus selection
thereby proves the application value, in terms of both process and indicators. In addition, since the test
is based on the new buses, it is worth exploring the subsequent performance in the practical operation
in the future research.
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Abstract: Higher-voltage-standard and higher-power-rating aerospace power systems are being
investigated intensively in the aerospace industry to address challenges in terms of improving
emissions, fuel economy, and also cost. Multilevel converter topologies become attractive because of
their higher efficiency under high-voltage and high-switching-frequency conditions. In this paper,
an asymmetrical-voltage-level back-to-back multilevel converter is proposed, which consists of a
five-level (5L) rectifier stage and a three-level (3L) inverter stage. Based on the comparison, such an
asymmetrical back-to-back structure can achieve high efficiency and minimize the converter weight
on both rectifier and inverter sides. A compact triple-surface-mounted heatsink structure is designed
to realize high density and manufacturable thermal management. This topology and structure are
evaluated with a full-rating prototype. According to the evaluation, the achieved power density is
2.61 kVA/kg, which is 30% higher than that of traditional solutions. The efficiency at the rated power
of the back-to-back system is 95.8%.

Keywords: more electric aircraft (MEA); multilevel converter; high power density

1. Introduction

The modern aerospace industry is facing challenges in terms of improving emissions, fuel economy,
and also cost. The US National Aeronautics and Space Administration (NASA) has laid out ambitious
goals for NOx emissions and fuel consumption for the next three generations of subsonic aircraft,
namely N + 1, N + 2, and N + 3 [1,2]. These goals are given in Table 1. The more electric aircraft (MEA)
architecture is the state-of-the-art technology that was developed to address those challenges. The
reduction of the total full consumption is about 3% [3]. However, such performance is far behind the
targets. The essential reason is that, in one typical large commercial aircraft such as Boeing 777, 95%
of jet fuel is used for generating propulsion thrust [4]. Hence, a radical propulsion system design is
required to meet the abovementioned goals.

The so-called turboelectric distributed propulsion (TeDP) concept, which is now intensely
investigated by research agents and companies such as NASA and Airbus [1,5], is considered as the
key to meeting those goals. Under this concept, electric generators driven by gas turbine engines
supply electrical power to multiple electric fans, which are distributed across the airframe to provide
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propulsion [2]. The major benefit of this concept is that the separation of gas turbine engines and
propulsion fans enables both components to be designed in their optimal points and operated at
optimum speeds. It is anticipated that, with the application of this technology coordinated with
advanced body design, the fuel consumption can be reduced by 70%.

Table 1. National Aeronautics and Space Administration (NASA)’s goals for future-generation subsonic
aircraft [2].

Corners of the Trade
Space

N + 1 (2015)
Conventional Tube &

Wing (relative to B737)

N + 2 (2020) Unconventional
Hybrid Wing Body
(relative to B777)

N + 3 (2030) Advanced
Aerospace Concepts

(relative to B737)

Landing and takeoff
NOx emissions −60% −75% −80%

Cruise NOx emissions −55% −70% −80%
Aircraft fuel/energy

consumption −33% −50% −60%

Under the TeDP concept, the total power capacity of the electrical system onboard expands to the
megawatt (MW) level. Such high power raises lots of challenges to electrical system designs. Weight is
the most critical design factor for all aerospace components, which is usually evaluated with a specific
power (unit: kW/kg). It was reported that 1 kg saving will save roughly 1700 t of fuel and 5400 t of
CO2 per year for all air traffic and decrease system costs by US$1000 [6]. Compared to traditional
aircraft propulsion systems, TeDP systems require additional high-power generators, distribution
cables, and motor drive systems. All these components should achieve extremely high specific power,
before TeDP systems can show its significant benefits. The research summarized in [7] showed that
the traditional voltage standard of ±270 V for MEA is no longer suitable for this power rating and a
higher voltage rating is preferred. In addition, the total weight of the overall electrical system can be
optimized [8].

The power electronic converters are the key to enabling components in a TeDP architecture. They
realize the power conversion between AC and DC powers. The designs of power electronic converters
are quite essential in aerospace electric power systems. For motor drive systems onboard, power
electronic parts include two converters: one rectifier and one inverter.

In a traditional MEA architecture, a rectifier usually is realized by a passive equipment called
autotransformer rectifier unit (ATRU). Schematics of typical ATRUs can be found in [9,10]. They
essentially consist of multiwinding autotransformers plus diode rectifiers. Although ATRUs are proved
to be practical in MEA architectures, its power density is rather low because of heavy autotransformers.
According to the survey of some commercial products, the specific power of an ATRU is around
1.6–3.3 kW/kg, depending on the power rating [11,12]. In an industrial motor drive system, active
front end (AFE) rectifiers are used to achieve a better-quality AC input. By eliminating the use of
autotransformers, the total weight of AFE rectifiers can be potentially lower than that of ATRUs.
Furthermore, AFE rectifiers can bring potential energy-back capability and recover kinetic energy in
some aerospace applications such as E-taxiing [13,14]. Therefore, evaluation and comparison should
be carried out between an AFE-rectifier-based power converter and a converter with an ATRU rectifier
to show which solution is better for TeDP architectures.

On the other side, two-level (2L) converters are the classic and also the only commercial solution for
motor controllers in aerospace, before the TeDP concept emerged. The major reason is that, due to low
DC link voltages, 2L converters are sufficient to realize high conversion efficiency. However, following
the increase of the DC link voltage rating, 2L converters are no longer suitable for TeDP applications
because of their low efficiency and low power density. The comparison in [15] showed that multilevel
converters can achieve better efficiency and better power density in higher-power applications.
Research activities related to topologies with three-level (3L) [16,17], five-level (5L) [18], and even
higher-voltage-level [19] output were investigated. However, these researches did not compare
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different multilevel converter topologies with different voltage levels to show which topology is more
favorable in certain applications. In addition, they did not investigate back-to-back configurations,
which has more flexibility in selecting topologies on both rectifier and inverter stages. As a result,
comparative work could be done to find the optimal solution based on a certain specification for
aerospace applications. With the specification, an optimal design is also worth being investigated to
show potential improvements that can be made compared to conventional designs.

In this paper, comparisons are made between different multilevel converter topologies. Based
on the comparison results in terms of potential power density and power loss, a high-power-density
power converter design for aerospace TeDP applications is demonstrated, which is named as the
asymmetrical back-to-back converter topology. It utilizes a 5L converter in a rectifier stage and a 3L
converter in an inverter stage. A compact triple-surface-mounted heatsink structure is designed to
realize high density and manufacturable thermal management. This paper is organized as follows. In
Section 2, the specification of a motor drive system for comparison and design is given and analyzed.
In Sections 3 and 4, the topology evaluation and selection as well as the design for thermal solutions are
demonstrated. In Section 5, the design is verified by electrical and thermal testing, where the results of
the testing are shown. A final evaluation and comparison session are given in Section 6. Section 7
concludes the paper.

2. Introduction of the System Specification

A high-power-rating motor drive system for aerospace applications was assumed in this paper.
The specification of the drive system is defined in Table 2. The power demand of the motor was
60 kW. Although in current MEA power systems, a 230-V AC grid is the only choice of power supply
for high-power converters. However, in the near future, a 460-V AC grid becomes possible, which
makes the DC link voltage up to ±400 V. With the help of this high-voltage DC link, 460-V AC motors
can be selected to lower AC cable loss and decrease both cable and motor weights. According to the
specification, the nominal AC currents on both the rectifier side and the motor side, the modulation
index M, and the power factor were calculated, which is also shown in Table 2. Because that a
200% overloading capability was required by the motor side, 300-A IGBT modules were selected for
converters on both sides. The switching frequency was set to be 15 kHz, which is a common selection
in converter design for an aerospace motor drive.

Table 2. Specifications of converters for motor control.

Rectifier side

Input power rating ≈60 kW each
Nominal AC voltage 230–460 V (M = 0.47–0.94)

AC-rated input current 150 A

Motor side (inverter side)

Motor power rating ≈60 kW each
Inverter apparent power rating ≈80 kVA

Nominal AC voltage 460 V (M = 0.94)
Test-rated output current 100 A (with 200% overcurrent capability)

Converter specification

IGBT rating 300 A
DC bus voltage ±400 V

Switching frequency 15 kHz

All these specifications present several challenges for the to-be-designed power electronic converter,
which are listed as follows:

• High power density and high efficiency: The power electronic converters are the main heavy part
of the drive system. Evaluation and comparison should be carried out to show which topology is
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better in terms of the power modules’ size and weight. The efficiency is also important, since it
also affects the size of the thermal system. On the other hand, the high temperature created by
high-power losses affects the reliability of the converters.

• Density of the cooling system: the additional weights of tubes and liquids make the liquid-cooling
system not attractive in aerospace. Air-cooling might be the only choice. Therefore, a compact
heatsink design is required to minimize the total weight of the cooling system.

• Filter consideration: The weight and size of a large AC inductor on the grid side also need to be
considered. In order to solve this problem, multilevel converters with higher voltage levels are
preferred. The trade-off between voltage levels, filters’ sizes and weights, and total power losses
require to be made.

3. Evaluation of the High-Power-Density Converter Topology

The first step to develop a high-power density converter was to select the optimal converter
topology combination for a back-to-back converter. It should potentially have the highest efficiency and
power density while minimizing the size and weight of the AC-side filter. In this section, a comparison
between different topologies, especially different multilevel converter topologies, was made. Power
losses, modules’ total sizes and weights, as well as filters’ sizes and weights, were considered.

3.1. Topology Selection Consideration

Based on the specifications, several converter topologies, including multilevel converter topologies
that are common in industrial drive applications, were selected as the candidate topologies for both
the rectifier and the inverter. They were the two-level voltage-source converter (2L-VSC), the two-level
H-bridge voltage-source converter (2L-HB), the three-level neutral-point-clamped converter (3L-NPC),
the three-level T-type converter (3L-T2C), and the five-level hybrid active neutral-point-clamped
converter (5L-HANPC). Their schematics are given in Figure 1. Industrial drive systems based
on these topologies are all mature, and products can be found such as Converteam VDM5000
(2L-VSC), Converteam MV7000 (3L-NPC), and ABB ACS 2000 (5L-HANPC) [20]. All these topologies
have the same advantage, which is that only one DC source is required for a three-phase circuit.
Therefore, a back-to-back configuration at the AFE stage could be built. On the contrary, widely used
medium-voltage drive topologies such as cascaded H-bridge converters require multiple isolated DC
sources that use zigzag transformers to create. This will significantly increase the system total weight.
Another 3L solution is the three-level flying capacitor converter (3L-FC). However, compared to the
3L-NPC, it requires additional flying capacitors, which shows no benefit in terms of total weight. The
reason why we considered the 5L-HANPC is that the 5L-HANPC is the only commercially available
5L converter with a single DC source. In addition, with the 5L operation, the filter size may be smaller,
and the power loss may potentially be lower.

     
(a) (b) (c) (d) (e) 

Figure 1. Demonstration of the candidate topologies: (a) two-level voltage-source converter
(2L-VSC); (b) three-level T-type converter (3L-T2C); (c) three-level neutral-point clamped converter
(3L-NPC); (d) two-level H-bridge voltage-source converter (2L-HB); and (e) five-level hybrid active
neutral-point-clamped converter (5L-HANPC). Green: 1700 V IGBT; blue: 1200 V IGBT; red: 650 V IGBT.
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3.2. Device Selection Consideration

After the candidate topologies were determined, IGBT modules were then selected for each
topology. In order to guarantee a reliable margin in an aerospace application, a 2/3 voltage derating
fact was applied to IGBT modules. It meant that the standard of selection for a ±400 V DC system in
aerospace is the same as for a ±600 V DC system in an industrial drive. In other words, this system can
also operate under ±600 V DCs, if insulation can be guaranteed. Based on this criterion, the voltage
rating of IGBTs in each topology is marked and shown in Figure 1.

Commercially available IGBT modules were considered. In order to guarantee a fair comparison,
several types of IGBT modules from the same manufacturer were selected (Infineon in this paper).
The results of the selection are given in Table 3. According to Table 3, with the increase of voltage
level, the total number of modules to form one three-phase circuit increased. Twelve modules were
required to form one three-phase 5L-HANPC circuit, which had the maximum number among all
topologies. The total weight of these modules and the minimum heatsink surface area were calculated
according to the number of required modules. These two results were quite important for power
density evaluation. It is because all these IGBT modules accounted for a large portion of the total
weight. On the other hand, the minimum heatsink surface area represented the rectangular baseplate
area of all the IGBT modules added together. Although for most converter designs the heatsink surface
area is much larger than this minimum area, a well-designed heatsink makes these two numbers
similar. Under this condition, the heatsink weight is decided not only by the power loss, but also by
how many modules are installed. Based on the comparison given in Table 3, without considering
the power loss, the 2L-VSC would be the most suitable topology, since it had the smallest minimum
heatsink area as well as the lowest total module weight. On the other hand, the 3L converter was a
moderate solution, which showed a similar performance.

Table 3. Selection and comparison of active components for each candidate topology.

Topology 2L-VSC 2L-FB 3L-T2C 3L-NPC 5L-HANPC

Module part
number &

rating

FF300R17ME4
(1700 V/300 A)

FF300R12ME4-B11
(1200 V/300 A)

FF300R17ME4
(1700 V/300 A)

FF300R12KT3P_E
(1200 V/300 A)

F3L300R12ME4
(1200 V/300 A)

FF300R12ME4-B11
(1200 V/300 A)
FF300R07ME4
(650 V/300 A)

Type of IGBT
modules Half-bridge Half-bridge

Half-bridge &
bidirectional

switch

Half NPC
bridge Half-bridge

Total number
of modules 3 6 6 6 12

Minimum
heatsink

surface area
454 cm2 908 cm2 846 cm2 908 cm2 1815 cm2

Total modules
weight 1035 g 2070 g 2010 g 2070 g 4140 g

3.3. Power Loss Comparison

As discussed before, the power loss performance is more critical in designing high-power-density
converter systems. In order to evaluate the loss performance for each topology under different load
conditions, the power loss on each device was calculated individually. The conduction loss and the
switching loss were separately calculated.

A generalized equation to calculate an average conduction loss of an IGBT and a diode in one AC
cycle was given by:

Pcon =

2π∫
0

vce(θ)ic(θ)dcon(θ)dθ

2π
(1)
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where vce(θ) represents the on-state voltage drop on the IGBT, ice(θ) represents the instantaneous
current going through the IGBT when it is turned on, and dcon(θ) indicates the duty cycle of the device.
For diodes, vf(θ) and if(θ) are used in Equation (1). The voltage drops, instantaneous current, and duty
cycle are all variables related to the phase angle θ in one AC cycle. Furthermore, the on-state voltage
drop characteristic can be modeled as a constant equivalent voltage source V0 for both IGBTs and
diodes in zero-current-condition series connected with an on-state resistor r0. Equation (1) can be
rewritten as:

Pcon =

2π∫
0
(V0 + r0 · ic(θ))ic(θ)dcon(θ)dθ

2π
(2)

The switching loss was calculated under the assumption that the relationships between the
switching loss and the on-state current and off-state voltage were linear. From the datasheet, the turn-on
energy loss Eon and the turn-off energy loss Eoff of an IGBT and the reverse recovery energy loss Erec of
a diode under rated test conditions can be found. Then, by integrating the total energy loss within one
output period and then multiplying it with the output frequency, Equation (3) was obtained as:

Psw =

2π∫
0

Ek
ic(θ)
Itest

vc
Utest

Ssw(θ)dθ

2π
fout, Ssw(θ) =

{
1 device has switching loss
0 device has no switching loss

(3)

where the switching energy loss coefficient Ek represents Eon + Eoff for the IGBT or Erec for the diode, Itest

and Utest are the rated test conditions noted on the datasheet, and Ssw(θ) indicates whether the IGBT or
diode has the switching loss or not at a certain phase angle θ in one AC cycle. All topologies were
evaluated in both the rated rectifier mode and inverter mode. The results in the inverter mode with the
rated conditions are given in Figure 2. According to the results, the 2L-VSC showed a much higher total
loss than the other multilevel topologies, because that the 1700 V IGBT module had a poor switching
loss performance, which was identified by analyzing the datasheet of devices and the loss distribution.
On the other hand, half of IGBT modules in the 3L-T2C were 1700 V-type, and thus the total loss was
also too high. Among all the topologies, 5L-HANPC had the lowest switching loss and the lowest total
loss. The extremely low switching loss is not only because that the voltage step decreased to 1/4 of the
DC link voltage, but also because the 650 V IGBT modules in the 5L-HANPC were the only devices
under high-frequency switching after applying a commonly used low-loss modulation scheme. The
results in the rectifier mode under the rated conditions are given in Figure 3. It can be found that the
tendency kept the same and the 5L-HANPC was the one with the best performance.

 

Figure 2. Power loss comparison under ±400 V DC in the inverter mode (power factor: 0.76, M = 0.94,
f s = 15 kHz, and Iac = 100 A).

Another comparison was made by fixing the modulation index and power factor in the rated
conditions while varying the switching frequency or output current. The results in the inverter mode
and the rectifier mode are shown in Figures 4 and 5, respectively, and showed that changing output
currents did not affect the tendency since the loss was almost proportional to the output current for all
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topologies. However, after the switching frequency was decreased to be lower than 7 kHz, the power
losses of the 3L-NPC and the 2L-FB became lower than that of the 5L-HANPC. It is because, under
low switching frequencies, the conduction loss dominated the total loss and the 5L-HANPC had the
highest conduction loss.

 

Figure 3. Power loss comparison under ±400 V DC in the rectifier mode (power factor: −1, M = 0.47, f s

= 15 kHz, and Iac =150 A).
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Figure 4. Loss performance comparison in the inverter mode (power factor = 0.76, M = 0.94) under
different conditions: (a) varied AC currents and a fixed switching frequency (f s = 15 kHz); and (b) varied
switching frequencies and a fixed AC current (Iac = 100 A).
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Figure 5. Loss performance comparison in the inverter mode (power factor = −1, M = 0.47) under
different conditions: (a) varied AC currents and a fixed switching frequency (f s = 15 kHz); and (b)
varied switching frequencies and a fixed AC current (Iac = 100 A).

By summarizing the results of the loss comparison, a clear tendency can be discovered. The
2L-VSC was unacceptable because of huge power losses. At the selected operational frequency of
15 kHz, its total loss was 2–3 times higher than those of the other multilevel converter solutions. On
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the other hand, compared to the 3L-NPC, 2L-FB, and 5L-HANPC, the 3L-T2C showed no advantages.
Its total power loss was 75% higher than those of the 5L-HANPC and 27% higher than those of the
3L-FB and the 2L-FB under the inverter-mode operation. Considering that it also showed no benefit in
module weight and total area comparisons according to Table 3, it will not be considered in further
evaluation. The 5L-HANPC should be the first choice considering the loss performance, because its
total loss was reduced by 30% compared to that of our second choice the 3L-NPC.

3.4. Summary of the Comparison

According to the loss comparison results, the 5L-HANPC was the first choice. Another advantage
is that the 5L-HANPC may decrease the volume and weight of an AC inductor, which is necessary
for rectifiers. However, according to the comparison in Table 3, more IGBTs were required to install,
which in turn increased the surface area of the heatsink and required additional flying capacitors in
the 5L-HANPC. On the other hand, by considering both the number of modules and the total loss,
we found that the 3L-NPC and the 2L-FB could also be the favorable choices. However, the 2L-FB
must connect to motors with three separated stator windings, and thus a specially designed motor was
required. As a result, the 3L-NPC could be the best choice, especially for the inverter stage, where no
AC-side inductor was required.

Based on the previous discussion, some possible back-to-back converter configurations were
discussed. A very interesting fact is that the rectifier stage and the inverter stage did not have to apply
converters with the same voltage level. It is because on the rectifier stage, increasing the voltage level
can decrease the volume and weight of an AC inductor. On the contrary, no AC-side inductor was
required on the inverter stage. Decreasing the voltage level can minimize the number of IGBT modules.
Here come three potential solutions as well as one traditional solution used for comparison:

1) Traditional solution: an ATRU and a 2L-VSC;
2) An ATRU and a 3L-NPC;
3) A 3L-NPC and a 3L-NPC;
4) A 5L-HANPC and a 3L-NPC.

Among the three potential solutions, the 3L-NPC should be the only choice for inverter-stage
circuits, since it had the highest power density, where no AC inductor was required. For the rectifier
stage, a 5L-HANPC, a 3L-NPC, and a mature ATRU circuit are all possible choices. An asymmetrical
back-to-back converter topology was proposed and given in Section 4. It aims to optimize the system’s
total weight on both the rectifier stage and the inverter stage. However, the loss calculation cannot tell
which one is better, and only prototype design can clearly show the final winner.

4. Design of a High-Power-Density Converter Prototype

In our research, a 5L-HANPC and 3L-NPC (5L-3L) asymmetrical voltage-level multilevel
back-to-back converter prototype was built to evaluate the power density of the power converter. The
schematic of this prototype is demonstrated in Figure 6. The specification of the prototype, and the
selection results of all main components are given in Table 4. The design of the volume of the passive
components followed the criterion, which is for selecting the minimum volume while satisfying
requirements of voltage ripples or current ripples.

From the selection results, it can be found that, compared to the DC link capacitor, the flying
capacitor required a much larger capacitance. It is because that each flying capacitor was connected in
a single phase. A large AC current went through each capacitor directly. Film-type capacitors were
applied to both the DC link capacitor and the flying capacitor because of their high reliability, especially
because of their open-circuit failure mode. The three-phase AC inductor was designed to have an
electrical inductance of 66 μH and a rated input current of 150 A. The inductance was small compared
to the traditional voltage source inverter (VSI) design, because the rectifier stage used a 5L converter.
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Figure 6. Schematic of a 5L-HANPC and 3L-NPC converter prototype.

Table 4. Specifications and components selection results of the 5L-HANPC and 3L-NPC prototype.

Specification of the DC link

DC bus voltage ±400 V
DC bus capacitor volume EPCOS (TDK) B32796E2226K Each half: 440 μF/630 V

Specification of the rectifier stage

Grid side line-line AC voltage 230 Vrms
Rated power 60 kW

Rated input current 150 A

IGBT type Main bridge FF300R12ME4 (1200 V, 300 A)
Output bridge FF300R07ME4_B11 (650 V, 300 A)

Flying capacitor volume EPCOS (TDK) B32778G4117K Each phase: 880 μF/450 V
AC Inductor Inductance: 66 μH; current: 150 A

Switching frequency 15 kHz

Specification of the inverter stage

Rated power 60 kW
Converter power rating ≈80 kVA

Rated motor current 100 A

IGBT type F3L300R12ME4_B22 (1200 V, 300 A)
F3L300R12ME4_B23 (1200 V, 300 A)

Switching frequency 15 kHz

The design of a heatsink for the air-cooling system is one of the most challenging parts of the
prototype design. According to Table 3, there were 18 IGBT modules; the 3L-NPC was composed of six
IGBT modules, and the 5L-HANPC was composed of the other 12 modules. Each converter had a
different loss performance. Furthermore, each IGBT module had its own loss. This led to different
temperature increases if we used a common heatsink design, where all IGBT modules are mounted on
one surface and have an almost identical thermal resistance from the junction to the ambient. On the
contrary, an ideal converter thermal system design is to let all IGBTs have the same temperature rise,
and thus, the converter can make full use of the cooling system capacity.

In order to design a heatsink structure that can fully exploit the capability of the cooling system,
the loss distributions among all IGBT modules under the rated conditions were calculated. The results
are given in Table 5. The numbers of modules and switches are kept the same as what are illustrated
in Figure 6. It can be found that the high-frequency switches of IGBTs S5–S8 in the 5L-HANPC and
those of IGBTs in the 3L-NPC had higher power losses. The low-frequency switches of IGBTs S1–S4

in the 5L-HANPC had lower power losses. Based on this loss distribution, an innovative heatsink
structure was investigated. IGBT modules with higher power loss were placed on the two side surfaces.
The IGBT modules with less power loss were placed on the top surface. All fins of the heatsink
were arranged to be parallel with the top surface, and thus the two side surfaces could have a better
convection area. It is named as triple-surface-mounted heatsink structure, as shown in Figure 7.
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Table 5. Theoretical power losses on all IGBT modules.

Topology Module Number Switch Number Power Loss (W)

5L-HANPC

1 S1, S2 88.8
2 S3, S4 88.8
3 S5, S6 229.2
4 S7, S8 229.2

3L-NPC
5 Q1, Q2, D5 272.9
6 Q3, Q4, D6 272.9

 
(a) (b) 

Figure 7. Heatsink design: (a) traditional planar structure; and (b) proposed triple-surface structure.

The thermal performance of the proposed heatsink structure was verified by the finite element
analysis (FEA). Two important questions were answered: (1) How large were the optimized areas
of the side and the top surfaces? (2) Did the temperature rises on each IGBT module become even?
Figure 8 shows the FEA results of the heatsink version I, where the IGBT modules were placed side
by side on three surfaces and the width of one surface was equal to the length of one IGBT module.
According to the results, the average temperature rises on the heatsink surface did not exceed the
upper limit. It meant that heat dissipation capability was strong enough even if the heatsink surface
area was just equal to the total bottom side area of the IGBT modules. However, the hottest part was
the top surface area near the outlet of the cooling air flow. The temperature difference between the top
surface and the side surface was higher than 15 ◦C. It meant that the top surface area without any fin
was hard to dissipate the power loss even if the IGBT modules on the top surface had much less loss.

 
(a) (b) 

Figure 8. (a) Heatsink version I; and (b) its finite element analysis (FEA) results (maximum temperature
on the heatsink surface: 89 ◦C).

An improved heatsink version II is demonstrated in Figure 9. A thick plate was soldered to the
center of the top surface. In this way, part of thermal flow conducted from the top surface to the center
plate and was brought out by the airflow. In addition, the bottom side surface, which had a minimum
effect on cooling, was removed to further save the total weight. According to the FEA results for
version II, the temperature rise on each surface became almost even.
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(a) (b) 

Figure 9. (a) Improved heatsink version II; and (b) its FEA results (maximum temperature on the
heatsink surface: 78 ◦C).

The final structure design and the picture of this back-to-back prototype are demonstrated in
Figure 10. The switches of IGBTs S5–S8 in the 5L-HANPC and those of IGBTs in the 3L-NPC were
placed on the two side surfaces of the heatsink version II. The switches of IGBTs S1–S4 in the 5L-HANPC
were placed on the top surface. The IGBT modules were connected by a copper bar. On the top of the
IGBT modules at the two side surfaces, the DC link capacitors and the flying capacitors were fixed by
using aluminum stand-offs. The top area was the total surface area of the PCBs for gating, sampling,
display, and auxiliary power supply. This structure not only fully made use of the space, but also
saved a large amount of weight by decreasing the size of the heatsink and the length of the connecting
copper bar compared to structures, where all IGBTs are placed on one surface.

 
(a) (b) (c) 

Figure 10. (a) Schematic, (b) three-dimensional (3D) structure, and (c) photograph demonstration of
the converter prototype design.

Table 6 shows the weight distribution of the prototype. The heatsink, IGBT modules, and the AC
inductor (not shown in the converter structure) were the main heavy parts. It should be noticed that
the flying capacitors with their PCBs used by the 5L-HANPC also contributed to 9.77% of the total
weight. This somehow affected the benefit of the 5L-HANPC applied to aerospace.

Table 6. Weight distribution analysis for the converter prototype.

Parts Weight (kg) Percentage (%)

 

Heatsink 9.6 31.27%
IGBT 6.2 20.20%

AC inductor (inductance:
66 μH; current: 150 A) 5.9 19.22%

DC link capacitor 2.0 6.51%
Flying capacitor 3.0 9.77%

Other components 4.0 13.03%
Total weight 30.7 -

23



Energies 2020, 13, 1292

5. Verification of the High-Power-Density Converter Design

After the 5L-3L back-to-back converter prototype was assembled, it was tested under different
load conditions to verify two important questions. One was whether the loss estimation was correct
or not. Correct loss estimation demonstrated correct topology selection. The other was whether the
proposed cooling system structure could dissipate the power loss generated by the converter operation
or not.

In order to test the power loss of the converter, each side of the converter was tested in the inverter
mode, where the DC link voltage was connected to an 800 V DC source and the AC output was
connected to a purely inductive load. The test set is given in Figure 11. The DC-side efficiency was
tested by using a power analyzer Norma D 5000 (Fluke, Everett, WA, USA). By using this method,
each side of the converter was powered to full-load conditions, while the DC source only provided a
small amount of power, which was equal to the power losses on both converters and inductive loads.
During the test, by varying the modulation indices M of both sides of the converter, the output current
was changed from zero to its maximum point. Then, the total power losses were recorded. The power
losses of the inductive loads were estimated with the models described in [21,22]. By deducting the
power losses on inductive loads, the power losses on converters were finally derived.

800V

 

Figure 11. Experimental setup for the full-power test.

Figure 12a shows tested losses and estimated losses for the 3L-NPC under different load conditions.
The results showed that the estimation of the conduction loss was quite precise within the whole-load
condition. The estimation of the switching loss showed a slightly larger error than that of the conduction
loss. Nevertheless, the accuracy was accepted for topology evaluation. Figure 12b shows tested losses
and estimated losses for the 5L-HANPC under different load conditions. The results also showed that
the estimation of the power loss was correct.

The thermal system performance was verified by investigating the temperature rise on each
negative temperature coefficient (NTC) sensor embedded in IGBT modules. There were totally 18 NTC
resistors belonging to 18 IGBT modules. The ambient temperature Ta for testing was 20 ◦C, and the
air flow was 120 cubic feet per minute (CFM). The converter was tested under full-load conditions:
Vdc = ±400 V; Iac = 100 A. The data received from the NTC temperature sensor are plotted in Figure 13.
From the results, it can be found that the distributions of the temperature were similar in all three
surfaces. On the other hand, the 3L-NPC modules had the highest temperature rise. This is because
the power loss per each module in the 3L-NPC was still larger than the power loss per module in
the 5L-HANPC.
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(a) (b) 

Figure 12. Comparison of tested and estimated power losses for the (a) 3L-NPC and (b) 5L-HANPC.
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Figure 13. Temperature rise on negative temperature coefficient (NTC) sensors of IGBT modules
(Vdc = ±400 V, Iac = 100 A).

6. Evaluation and Comparison

With the developed 5L-3L back-to-back converter prototype, not only the power density and the
efficiency performance of this prototype could be measured, but the other two possible solutions, which
were the ATRU/3L-NPC and the 3L-3L back-to-back converter, could also be evaluated by estimating
the weight of each main parts and also estimating the power losses according to the calculation derived
in Section 3.

Based on the similar commercially available products on the market, the weight of a 60 kW ATRU
was aggressively estimated at 20 kg, which is given in Table 7. On the other hand, the AC-input
inductor used in the 3L-3L back-to-back converter should be larger than the inductor used in the
5L-3L back-to-back converter prototype. According to the calculation, an inductor with an electrical
inductance of 100 μH and an AC current of 150 A was adopted. The weight of this inductor was also
estimated and is given in Table 7.

Table 7. Weight estimations for magnetic components used in different configurations.

Parts Weight (kg)

ATRU (estimated power rating: 60 kW) 20
Inductor (inductance: 60 μH; rated AC current: 150 A) 5.9

Inductor (estimated inductance: 100 μH; rated AC current: 150 A) 8.9

Besides the magnetic components, the weights of the other parts were also estimated. If the
5L-HANPC was replaced with the 3L-NPC on the rectifier part, the weight differences would mainly
come from the elimination of six IGBT modules and flying capacitors and from the increased size of
the AC Inductor. The weight distribution of each part for the 3L-3L back-to-back converter is shown in
column IV of Table 8. If the 5L-HANPC was replaced with the 60 kW ATRU, the heatsink weight could
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be decreased by half since only the inverter part required the heatsink, and also the heat dissipation
roughly decreased by half. All 5L IGBT modules and flying capacitors were eliminated. The weights
of other components, including the auxiliary supply, copper bars, and control PCBs, was estimated to
decrease 1 kg. By adding the weight of the ATRU, the total weight of the ATRU-3L converter is shown
in column II of Table 8.

Table 8. Power density comparison between three possible system configurations.

System Configuration ATRU-2L ATRU-3L 5L-3L 3L-3L

Heatsink - 4.8 9.6 9.6
IGBT - 2.07 6.2 4.14

AC inductor - - 5.9 8.9
DC link capacitor - 2.0 2.0 2.0
Flying capacitor - - 3.0 -

Other components - 3.0 4.0 4.0
Two-level converter 21.8 - - -

ATRU 20.0 20.0 - -
Total weight 41.8 31.87 30.7 28.64

Power density at 80 kVA 1.91 kVA/kg 2.51 kVA/kg 2.61 kVA/kg 2.79 kVA/kg
Power efficiency at 80 kVA 93.1% 96.0% 95.8% 95.0%

Since according to our testing results the calculation of the power losses matched the tested power
losses very well, the calculation was proved to be quite accurate. The estimation of the power losses
for each converter also followed the results derived in Figures 4 and 5. The power losses of the ATRU
were not directly calculated. From the product brochure [12], the maximum efficiency was 98%.

The final comparisons in terms of total weight, power density, and expected efficiency are given in
Table 8. In order to clearly show the benefit of the proposed solutions, the weight performance of the
traditional ATRU-2L-VSC solution is also given in Column I of Table 8. The weight of a commercially
available 50 kW 2L-VSC inverter product for aerospace with liquid cooling was found to be 21.8 kg.
Thus, the total weight of the ATRU-2L-VSC system was 41.8 kg. It should be noticed that the ATRU
used in the comparison was also only designed for the liquid-cooling system, which actually is not
fully available in this application area. An air-cooled ATRU should have an even heavier weight.

The comparative results showed that the 3L-3L back-to-back converter was a better solution in
terms of power density among the three potential solutions. The reasons are as following: Firstly,
the heavy ARTU was replaced by the power converter, while at the same time a good balance between
the number of active components and the volume of reactive components was found. The highest
power density achieved was 2.79 kVA/kg, if we chose the apparent power rating of the machine
(80 kVA) as the base power. The power density of the proposed 5L-3L back-to-back converter was
2.61 kVA/kg. It was also quite high, which was 30% higher than that of the traditional solution ATRU-2L
converter. By considering the power efficiency, the proposed 5L-3L back-to-back converter showed a
better performance compared to the 3L-3L back-to-back converter. The efficiency at the rated power
of the back-to-back system, including the rectifier and inverter stages, was 95.8%. This is because
of the highly efficient 5L converter. Furthermore, power density improvement can be made for this
asymmetrical-voltage-level topology. Since the switching losses of the 5L rectifier stage were pretty
low, if the higher switching frequency was selected, it could use smaller flying capacitors and smaller
AC side filters, which would in turn decrease the total weight of the system.

7. Conclusions

According to our work, it can be concluded that the power density of a converter for a
high-power-rating motor drive system in aerospace can be improved by replacing an ATRU with the
power converter. By properly designing the heatsink structure, the multisurface cooling system can
achieve considerably low weight and small size. Eventually, the heatsink size and weight were limited
by the number and area of IGBT modules, if the converter topology had high efficiency. By evaluating
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the prototype performance, the finally achieved power density of the 5L-3L back-to-back converter
prototype was 2.61 kVA/kg, which was 30% higher than that of the traditional solution. The efficiency
could be up to 95.8%. The expected power density of the 3L-3L back-to-back converter prototype was
2.79 kVA/kg.

In the high-power motor drive system for aerospace applications, a multilevel-converter-based
system showed advantages including fewer power losses and higher power density compared
to transformer-based systems. In fact, in other applications with the TeDP architecture,
multilevel converters can also provide advanced solutions with similar benefits. More
importantly, multilevel-converter-based solutions can provide more flexibility. For example,
a multilevel-converter-based rectifier provides a DC mid-point, which can potentially connect to
the ground point in aircraft. Properly designing a modulation scheme can alleviate common-mode
problems. In addition, when the motor speed is low, a converter-based rectifier can lower the DC
bus voltage to minimize the switching loss of the system. With all these benefits, it is believed that
in the near future, multilevel-converter-based rectifier–inverter power units will realize their wide
applications in TeDP architectures.
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Abstract: In order to effectively reduce the energy consumption of the vehicle, an optimal
torque distribution control for multi-axle electric vehicles (EVs) with in-wheel motors is proposed.
By analyzing the steering dynamics, the formulas of additional steering resistance are given. Aiming
at the multidimensional continuous system that cannot be solved by traditional optimization methods,
the deep deterministic policy gradient (DDPG) algorithm for deep reinforcement learning is adopted.
Each wheel speed and deflection angle are selected as the state, the distribution ratio of drive torque
is the optimized action and the state of charge (SOC) is the reward. After completing a large number
of training for vehicle model, the algorithm is verified under conventional steering and extreme
steering conditions. The maximum SOC decline of the vehicle can be reduced by about 5% under
conventional steering conditions based on the motor efficiency mapused. The combination of artificial
intelligence technology and actual situation provides an innovative solution to the optimization
problem of the multidimensional state input and the continuous action output related to vehicles or
similar complex systems.

Keywords: electric vehicles (EVs); independent-drive technology; deep reinforcement learning (DRL);
optimal torque distribution

1. Introduction

The vehicles independently driven by in-wheel motors removes the transmission system of
traditional vehicles and the drive torque of each wheel is independently controllable. Besides,
the information such as the motor torque and speed can accurately feedback in real-time, so that the
transmission efficiency of the vehicle is greatly improved and the layout design becomes more flexible.
More importantly, the driving form has significant advantages in terms of stability control, active
safety control and energy saving control [1,2], which is a huge attraction for multi-axle heavy vehicles.
However, battery technology has always been one of the key issues limiting the development of pure
electric vehicles [3]. For heavy vehicles, both the demand and consumption of energy are greater,
which means the energy problem is more serious. In the case that the existing battery core technology
cannot be solved temporarily, it is necessary to adopt an energy-saving control strategy for the electric
vehicle, especially the multi-axle heavy-duty electric vehicle [4].
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At present, the energy-saving driving control strategy for electric vehicles is mainly based on
three aspects: motor control energy saving, energy feedback and traction control energy saving.
The energy-saving of the motor is mainly based on the motor efficiency characteristic curve [5,6],
aiming at the optimal system efficiency, and changing the actual working point of each motor by
adjusting the front and rear axle torque distribution coefficients to avoid working in the low-efficiency
zone, but this method is often only for straight-line driving conditions. Energy feedback mainly
refers to regenerative braking technology, which hopes to maximize the recovery of braking energy
by using different control strategies during vehicle braking [7–9]. In terms of traction control energy
saving, the drive torque and braking torque of each wheel can be controlled independently for electric
vehicles. By properly distributing the torque of each wheel, for example, taking the minimum sum of
the tire utilization ratios of the driving wheels as the control target [10–12], so as to reduce the energy
consumption rate or increase the power of the vehicle [13]. Generally, the optimization method is to
turn the torque distribution formula according to vehicle dynamics into the parameter optimization
problem under certain constraints [14–16]. However, this kind of method has great limitations in
optimizing a multidimensional system.

At present, most of energy-saving control researches are aimed at the straight-line driving
conditions evaluated by driving cycles [17] and there are relatively few studies on the vehicle
energy-saving control for steering conditions. Compared with two-axle independent drive vehicles,
only the two-dimensional optimal torque distribution control between the front and rear axles and
between the left and right wheels is needed [18]. Multi-axle electric vehicles need to optimize the
multidimensional independent space vector. Meanwhile, there are dynamic and kinematic connections
between the wheels, which cannot be solved by traditional optimization algorithms.

The deep deterministic policy gradient (DDPG) [19,20] is an algorithm that improves on the basis
of the deep Q network (DQN) [21,22] to solve continuous action problems. In reality, the vehicle is an
extremely complex system, and the external environment is dynamic, complex and unknown, which
means that it is difficult to simplify it into a fixed expression for quantitative analysis. The DDPG
algorithm is highly adaptable and can be optimized for the black-box system in a dynamic environment,
which is suitable for solving the practical problems of continuous action.

In the current paper, the four-axle (8 × 8) independent drive electric vehicle is taken as an
example to study the torque distribution problem in the steering condition, and a 23-DOF (Degree
of Freedom) vehicle dynamics model was built by MATLAB/Simulink (R2015a, MathWorks, Natick,
MA, USA). After completing the relevant code of the DDPG algorithm, the data interaction between
the algorithm and the vehicle model was realized, and the model was trained enough times through
off-line simulation comparing energy consumption of the vehicle under the same conditions, so as to
prove that the proposed control algorithm can effectively reduce energy consumption by reasonably
distributing the drive torque of each wheel. Under the conventional steering condition and using
the motor efficiency map of the current paper, energy consumption of the vehicle can be reduced by
up to 5%.

2. Dynamics Model and Energy Analysis

2.1. Model Overview

As the number of axles increases, the dynamics of multi-axle vehicles becomes more complicated.
Theoretically, the more the degrees of freedom of the vehicle are considered, the better the simulation
effect will be, but the more parameters are actually required to be input, which will affect the results
when relevant parameters cannot be obtained. In order to more accurately simulate the impact of
vehicle systems and environment on the vehicle during driving, the classical 2-DOF linear model
is not used in the vehicle dynamics model. Instead, based on the vehicle system dynamics theory,
the differential equations of dynamics and kinematics are derived respectively about vehicle body,
wheel and other systems. The suspension part is assumed to be static balance problem, and the tire part
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is analyzed by "Magic Formula". Finally, the related physical quantities between each system are used
to connect the parts into a whole, as shown in Figure 1. Meanwhile, the way of modeling is also suitable
for two-axle vehicles, and the simulation accuracy is higher. Based on the dynamics and kinematics
equations of each system, the vehicle dynamics model is established by using MATLAB/Simulink.
Taking into account 6-DOF of the vehicle body, including longitudinal, lateral, vertical, yaw, pitch, roll,
as well as the vertical runout and rotation freedom of each wheel, and steering wheel angle, a total
of 23-DOF. In addition, the vehicle adopts the steer-by-wire technology, which can realize all-wheel
steering. In the model, according to the fixed relationship between the steering wheel angle and the
deflection angle of the right wheel of the first axle and Ackerman steering principle, the S-Function
module is built to calculate the actual deflection angle of each wheel, which is directly input into the
vehicle dynamic model. The main parameters of the vehicle are shown in Table 1.

 

Figure 1. Vehicle dynamics model architecture.

Table 1. Main parameters of the whole vehicle.

Basic Parameters Value

Total mass of the vehicle (kg) 25,000
Height of the mass (m) 1.20

Wheel rolling radius (m) 0.59
The angle relationship between the steering wheel and the right wheel of the first axle 20:1

1st axle and 2nd axle wheelbase L1 (m) 1.42
2nd axle and 3rd axle wheelbase L2 (m) 2.00
3rd axle and 4st axle wheelbase L3 (m) 1.42

Wheel center distance(m) 2.60
Drive reduction ratio 10.8

Battery rated capacity CN (Ah) 120
Battery voltage U (V) 900

For electric vehicles with in-wheel motors, due to the complete decoupling of each wheel, in order
to achieve electronic differential control, torque control mode is usually adopted for each in-wheel
motor [23]. As shown in Figure 2, the drive control architecture is adopted. The total drive torque
of the vehicle is obtained by the output of the PID (Proportion Integration Differentiation) controller,
and the input of the controller is the deviation of the target speed and the actual speed. In general,
the driving torque is evenly distributed to each wheel, so that the speed of wheel will follow according
to its stress state. The average distribution mode can ensure the normal driving of vehicles, but it is not
the optimal distribution method. Therefore, the optimal distribution mode of drive torque should be
proposed, which is the main research content of the current paper.
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Figure 2. Vehicle drive control.

2.2. Motor and Battery Model

As a high-speed rotating component, the speed characteristic of the motor also determines its
high-speed response [24]. In general, the instantaneous response speed of the motor is tens of times
faster than that of the wheel, so it can be simplified to a second-order response system [25], whose
transfer function is as follows.

G(s) =
Tmi
T∗mi

=
1

2ξ2s2 + 2ξs + 1
, (1)

where Tmi is the actual input electromagnetic torque of each in-wheel motor, Tmi* is the desired input
electromagnetic torque of each in-wheel motor, ξ denotes the damping ratio, which is related to the
parameters of the drive motor. According to the response characteristics of PMSM, the value of ξ
is 0.001.

At the same time, the motor efficiency map model is adopted. According to the speed and
torque of the motor, the working efficiency can be obtained to calculate the corresponding energy loss.
The efficiency map of the in-wheel motor used is shown in Figure 3.

 
Figure 3. Drive motor efficiency map.

For the battery model, in order to accurately compare the energy consumption, the ampere-hour
integral method is adopted to estimate the battery SOC [26]. The formula is as follows.

SOC = SOC0 − 1
CN

∫
ηIdt = SOC0 − 1

CN

∫
η

P
U

dt, (2)

where SOC0 is the initial state of charge and discharge, CN denotes the battery rated capacity, I is
the instantaneous current of the battery, η represents the Coulomb efficiency coefficient, P is the
actual working power of the battery, and U is the battery voltage. Generally, without considering the
influence of temperature, the battery voltage will decrease with the decrease of SOC, but when the
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battery consumption is between 10% and 90%, the battery voltage variation is relatively small. In
order to avoid the impact of the battery voltage change on the SOC drop, it is assumed that the battery
consumption is always within this range, that is, the battery voltage remains constant.

2.3. Analysis of Steering Energy Consumption

When the vehicle enters the steering condition from the straight driving and the accelerator
pedal opening is constant, the vehicle speed will decrease, which indicates that the vehicle driving
resistance has increased. The movement of the vehicle is the result of the force from the ground to the
vehicle body through the tire. Generally, the force between the tire and the ground is decomposed
into longitudinal force and lateral force, and the motion of the vehicle is the result of the combined
action. That is, the combined force of the longitudinal force and the lateral force causes the vehicle to
generate steering motion. The direction of the resultant force is affected by factors such as drive torque,
steering angle, and tire side-slip angle, and in the case of the same drive torque and steering angle, its
direction is determined by the tire side-slip angle. When the vehicle turns, the tire force is shown in the
Figure 4 below.

 

Figure 4. Tire force decomposition diagram.

As shown in Figure 4, δ1 represents the wheel deflection angle, α is the tire side-slip angle, Fx

and Fy denotes the tire longitudinal force and lateral force. Due to δ1 and α, the lateral force of the
wheel will produce a reaction force along the longitudinal axis of the vehicle body, which increases the
driving resistance. This explains why the speed of the vehicle will decrease when cornering and the
opening of accelerator pedal remains the same, and it also means that if the vehicle wants to maintain
the original speed, it needs to consume more energy. By establishing a single-track linear model and
assuming that the vehicle moves in a uniform circular motion, the longitudinal force balance equation
of the vehicle can be derived as follows.

4∑
i=1

Fxi = F f + Fa + m
u2

ρ
(

l4
L

sinα1 +
l3
L

sinα2 +
l2
L

sinα3 +
l1
L

sinα4), (3)

where Fxi is the longitudinal force of each axle, Ff is rolling resistance, Fa denotes air resistance, m is
the total mass of the vehicle, u represents the longitudinal velocity, ρ denotes the curvature radius,
li is the horizontal distance from ith axle to the center of mass, L represents the distance between
1st axle and 4th axle, αi is the side-slip angle of ith axle. On the left side of the equation is the sum
of longitudinal force of each axle and the first two terms on the right are the conventional driving
resistance of vehicles. Therefore, the last term is the additional steering resistance caused by the tire
slid-slip when the vehicle is steering [27,28], which denoted by Faf. If the drive torque of each wheel is
changed, the drive force of the outboard wheels is increased and the drive force of the inboard wheels
is decreased, then Equation (3) changes as follow.

4∑
i=1

Fxi = F f + Fa + Fa f −
4∑

i=1

BFΔ

L
sin δi, (4)
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where B is the wheel base, FΔ denotes the change in the drive force, δi is the deflection angles of
the wheels. With other conditions unchanged, the smaller additional steering resistance, the smaller
driving force required by the vehicle, and the less energy consumption. Then it can be seen from
Equations (3) and (4) that under certain condition the increase of FΔ is conducive to the reduction of
driving resistance. However, as it increases, the tire side-slip angle also increases, which will lead to
the increase of the additional steering resistance, so it is not a monotonous change for the total driving
resistance. Besides, the speed and deflection angles of wheels also affect the tire side-slip angle, so it is
necessary to find the optimal torque distribution ratio at different speeds and steering angle, so as to
make the driving resistance of the vehicle minimum.

In addition, the torque distribution of each wheel will also affect the actual working efficiency of
the motor. Therefore, the total energy consumption of the vehicle should be taken as the optimization
goal, and efficiency of all in-wheel motor is taken into account to achieve dynamic optimization.

3. The DDPG Algorithm

The deep deterministic policy gradient (DDPG) [29,30] is an improved algorithm based on DQN
algorithm that can solve the problem of multidimensional continuous action output. This optimization
method can operate for continuous action space, and it ignores the specific optimization model,
which can complete the black-box learning, focusing on only three concepts [20]: state, action, and
reward, and the goal is to get the most cumulative reward.

The selection of DDPG algorithm mainly considers the following points.

(1) The research object of the current paper is the 8 × 8 independent drive electric vehicle, which is
equivalent to operating an eight-dimensional independent space vector. It is far different from
the two-dimensional optimization problem for 4WD vehicles. The DDPG algorithm is just able to
optimize for the problem of multidimensional input and multidimensional continuous output.

(2) The multi-axle vehicle system [31] is complex and difficult to simplify into a fixed expression,
whereas DDPG algorithm is more adaptable and capable of learning and optimizing the
black-box system.

(3) The actual driving state of the vehicle is constantly changing. In addition to being influenced by
the outside, the optimization action at each moment will affect the driving state of the vehicle at
the next moment. DDPG algorithm is essentially a kind of reinforcement learning, which can
adapt to interact and optimize in a dynamic environment to achieve a better state of adapting to
the environment.

In the real word, there is an interaction process between the Agent and its surrounding dynamic
environment [32], which can be explained as follows: after the Agent generates an action under a
certain state, the environment will give the Agent corresponding reward, and then the Agent enters the
next state and will generate the next action. Reinforcement learning is a machine learning model whose
modeling goal is to construct the Agent in the environment so that the Agent can always generate
actions in the environment to maximize reward. Considering the definition in reinforcement learning,
the state of the Agent at time t is st, the action under state st is at, the feedback from the environment
is rt, and the next state the agent enters is st+1. Corresponding to the content of the current paper,
at time t, the vector (wt, δt) composed of the wheel speed (wt) and deflection angle (δt) of each wheel is
regarded as st. The drive torque distribution ratio of each wheel (pt) can be regarded as at, the vehicle
SOC (ut) can be regarded as rt. The vector (wt+1, δt+1) stands for st+1.

In reinforcement learning, the commonly used optimization objective (Rt) is the expectation of
the total future reward at time t, which corresponds to the expectation of battery SOC in the future,
as follows.

Rt = rt + γ · rt+1 + γ
2 · rt+2 + . . . =

+∞∑
i=0

γi · rt+1, (5)
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where γ is a coefficient, 0 < γ < 1, which makes sure that Rt convergence. In order to be able to solve
Rt, the above formula can be rewritten as an iterative formula.

Rt = rt + γ ·Rt+1, (6)

In the study of Q-learning, if we have the function Q∗ : State×Action→ R to represent Rt, and then
the optimal action strategy functionA∗ can be obtained.

A∗(st) = argmax
at

Q∗(st, at), (7)

Usually as the environment is poorly understood, Q∗ cannot be directly accessed but Deep Neural
Network has been proved to be universal function approximator, so it can be used to approximate
Q∗. In the current paper, Deep Neural Network is expressed as Q(st, at; Θ), where Θ represents the
parameter to be solved. In fact, the deep fully-connected neural network is used. Therefore, when Q
approaches Q∗, Θ is the optimal parameter Θ∗, and the following equation can be obtained.

Q(st, at; Θ∗) = rt + γQ(st+1, at+1; Θ∗), (8)

Due to the optimal action strategy functionA∗.

A∗(st) = argmax
at

Q(st, at; Θ∗), (9)

so the Equation (8) can be expressed as follows.

Q(st, at; Θ∗) = rt + γQ(st+1,A∗(st); Θ∗), (10)

Therefore, the optimization objective of Deep Neural Network can be defined as follows.

L(Θ) =E(st,at,rt,st+1)∼P[((rt + γargmax
at

Q(st+1, at; Θ)) −Q(st, at; Θ))2]

argmin
Θ
L(Θ),

, (11)

where L(Θ) denotes the optimization objective function with Θ as the independent variable. E is
expectation, and P represents a probability distribution. The above equation is the optimization
objective of DQN algorithm, but the optimization objective is only applicable when at is discrete. In the
current paper, at is the multidimensional continuous space. So, considering an improved algorithm of
DQN, DDPG uses Deep Neural NetworkA(st; Φ) to approximate the optimal action strategy function
A∗, so the optimization objective is as follows.

L1(Θ) = E(st,at,rt,st+1)∼P[
(
(rt + γQ(st+1,A(st+1; Φ); Θ)) −Q(st, at; Θ))2

]
L2(Φ) = Est∼P[Q(st,A(st; Φ); Θ)]

argmin
Θ
L1(Θ)

argmax
Φ
L2(Φ)

, (12)

where L1(Θ) represents DQN algorithm optimization target, L2(Φ) denotes the optimization target of
approximating the action strategy functionA∗. In order to make the optimization process more stable,
Φ and Θ in the Equation (12) are replaced with Φs and Θs corresponding to the soft update parameters.

Φs = τΦ + (1− τ)(Φs)

Θs = τΘ + (1− τ)(Θs)
, (13)
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where τ is a coefficient, 0 < τ < 1. The expected calculation of L1(Θ) and L2(Φ) can be estimated
approximately by Monte Carlo sampling, so the optimization objective is rewritten.

L1(Θ) = 1
N

N∑
i=1

((r(i)t + γQ(s(i)t+1,A(s(i)t+1; Φs); Θs)) −Q(s(i)t , a(i)t ; Θ))
2

L2(Φ) = 1
N
∑N

i=1Q(s(i)t ,A(s(i)t ; Φ); Θ)

argmin
Θ
L1(Θ)

argmax
Φ
L2(Φ)

, (14)

where N is the number of the dimension, N = 8, (i) denotes the corresponding wheel number. In fact,
stochastic gradient descent algorithm is used to optimize the two optimization targets alternately, and
the parameter update method is as follows.

Θ(t) = Θ(t−1) − αΘ∇L1
(
Θ(t−1)

)
Φ(t) = Φ(t−1) + αΦ∇L2

(
Φ(t−1)

) , (15)

When the optimal objective is reached, the parameters Θ∗ and Φ∗ are obtained, corresponding to
Deep Neural NetworkQ(st, at; Θ∗) andA(st; Φ∗). The functionA(st; Φ∗) can output a set of drive torque
distribution ratio when the wheel speed and deflection angle are input in real time. The distribution
ratio can make the expectation of SOC in the future maximum.

The network of at is called Actor network, then there are two networks in the algorithm, namely
Rt-Q network and Actor network. Actor network is responsible for generating the action, which is
the torque distribution ratio of each wheel. Rt-Q network is also commonly referred to as the Critic
network, which is used to fit the sum of the system SOC for the next n steps, so that Actor network can
have a clear optimization target. When the overall algorithm is executed, according to the training
logic, Θ in the Q network is updated first, and then as a parameter is input to the Actor network to
update Φ, with the aim of minimizing −Q. The actual training process is to train Θ and Φ in the two
networks, and this process is called joint alternation training.

The overall implementation of architecture design is shown in Figure 5. The DDPG algorithm
is directly embedded into the vehicle dynamics model by MATLAB Function to ensure real-time
interaction. During the training process, the vehicle system outputs state and reward in real time.
A total of 16-dimensional state signal is input to the Actor-network, including eight-dimensional wheel
speed and eight-dimensional wheel deflection angle signals, and eight-dimensional wheel torque
distribution ratio signal is output. For the Critic network, the same 16-dimensional state signal and
eight-dimensional action signal output by the Actor-network are taken as the input to fit the sum of the
energy consumption in the next n steps. In addition, the Train function is completed, which contains
the logic of the algorithm training process, so that the Actor network and Critic network can update
alternately according to the algorithm and complete the corresponding output.

In order to avoid the possible problems of data interaction between the two networks and Train
function due to the synchronization of update in the model, all of them are written in a MATLAB
Function module and directly called internally. At the same time, taking into account the actual passing
ability of the vehicle, and preventing the long-term high torque output of individual motors to reduce
the service life, the additional limitation is that the single-axle drive is not allowed in straight-line
driving, with the 1st axle and 3rd axle as the main power distribution axle.

In addition, it needs to be clarified that the difference between the application scenario of the
current paper and that of the traditional neural network algorithm is that the current action will directly
affect the environment at the next moment. If the environment cannot be changed, actually only one
step in the overall process is optimized.
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Figure 5. Training process architecture of deep deterministic policy gradient (DDPG) algorithm.

4. Offline Simulation Verification

After the relevant algorithm code is completed and can interact with the vehicle model, the model
needs to be trained for a certain number of times first. The purpose is to make the Actor and Critic
network update their internal parameters according to the training logic of Train function to adapt to
the whole system.

At present, there is no standard cycle condition for the evaluation of vehicle steering energy
consumption, which results in the training condition of the model needs to be designed artificially.
Different training conditions will affect the final optimization results of the model. The designed
training condition should contain enough state samples of the optimized system. At the same time,
it should be avoided that due to the influence of training environment, experience with certain type
characteristics is particularly abundant, while experience with other type is scarce. At best, experience
should have difference and similar experience should be minimized. During neural network training,
some unexpected changes are not considered in the current paper, because they are difficult to be
included completely. However, in order to avoid related problems, the average distribution as a
conservative control scheme was combined with the neural network. By comparing the reward at any
time, the control scheme with a higher reward is adopted, so as to ensure that the energy consumption
of the vehicle was not lower than the conventional driving mode under any working condition, which
is a supportability control strategy.

The state variables in the algorithm are the wheel speed and the wheel deflection angle. Therefore,
based on the above principles, the model input of target vehicle speed and steering wheel angle are
shown in Figure 6. During training, only the first and second axles were steering axles. Meanwhile,
considering the stability problem of the vehicle in high speed, the amplitude of the steering angle
decreased after 40 seconds.

According to the training conditions, after completing about 100, 200, ..., 500 times training, data
and driving state curves were recorded. Figure 7a shows the change process of vehicle speed after
different training times. The change of vehicle speed was little affected by the drive torque distribution
and the target vehicle speed could be well followed. Since the optimal torque distribution is equivalent
to applying an additional yaw moment for the vehicle, so the yaw rate of the vehicle was increased in
each period after distributing, which can be seen in Figure 7b, and it is in line with the actual situation.
Figure 7c is a comparison of the SOC change after the corresponding training number. It can be seen
that the SOC decline decreased with the increase of training times. After 500 times of training, the SOC
decline of this training condition was reduced by about 4.5320%.
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(a) (b) 

Figure 6. Model input of the training condition: (a) target vehicle speed; (b) steering wheel angle.

  
(a) (b) 

 

(c) 

Figure 7. Changes of vehicle driving parameters and battery state of charge (SOC) after training: (a).
Changes of vehicle speed with training times; (b). Changes of yaw rate with training times; (c). Changes
of SOC with training times.
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After completing the training, only the parameter matrix in the Actor network is retained and
stored into the MATLAB Function, which receive the driving state of the vehicle in real-time and
generate the optimal distributing action. In theory, the more training times, the more stable and
optimal parameters in the Actor network tend to be, and the better the optimization effect will be.
However, with the increase of training times, the rate of optimization return is decreased. Meanwhile,
in order to ensure the optimal effect, a fixed simulation step size of 1 millisecond was adopted in
the Simulink, while the action was updated every 10 steps by the control algorithm, which led to a
significant increase in the computational burden of the model. After completing 400 and 500 times
training, and comparing the simulation results, it can be found that the optimization effect was almost
the same. Therefore, considering the optimization efficiency, finally the model training was completed
for 500 times.

4.1. Conventional Low-Speed Step Steering Condition

The low-speed simulation condition was designed to accelerate the vehicle from the stationary
state with a target speed of 30 km/h. At the 20 s, the steering wheel turned about 230◦ within 1 s,
and only the first and second axles were steering axles. Figure 8a shows the actual change in speed of
vehicle. It can be seen that after the steering angle change, the vehicle speed decreased slightly, which
was caused by the increase of driving resistance. It is consistent with the actual situation. Figure 8b is a
detail view of vehicle speed. Compared with the average distribution, the steady-state vehicle speed
increased slightly after the optimal distribution of drive torque, but the difference was not significant.
Because the redistribution of drive torque led to the reduction of additional steering resistance, the
drive torque required to maintain steady state was reduced. It can be seen from Figure 2 that under the
condition that the target vehicle speed remained unchanged, the actual vehicle speed increased.

 

(a) (b) 

Figure 8. Changes of vehicle speed during low-speed simulation: (a). Changes of vehicle speed; (b).
Partial enlarged drawing.

Figure 9 shows vehicle yaw rate change and the vehicle track comparison respectively.
After optimization control, the yaw rate of the vehicle increased by around 1.02%, and the radius of the
track was also slightly reduced. From Figures 8 and 9, it can be seen that optimal torque distribution
promoted the steering trend, but the influence on the various driving state parameters of the vehicle
was not significant, and did not cause the stability problem.
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(a) 

 

(b) 

Figure 9. Vehicle yaw rate change and the vehicle track comparison: (a). Changes of yaw rate;
(b). Comparison of driving trajectory.

It can be seen from Figure 10a that after adopting torque optimization control, SOC decline was
significantly reduced and the energy consumption was reduced by about 3.7856% between 0 s and 40 s.
However, it included the linear acceleration phase, although the torque was also optimally distributed
during straight-line driving, the motor basically worked on the external characteristic curve during
acceleration. At the same time, there was no training for the straight-line driving condition, so the
optimization effect was not obvious. Then only for the steering phase between 20 s and 40 s, the vehicle
energy consumption can be reduced by about 5.112% after optimization.

 

(a) 

 

(b) 

Figure 10. Changes of vehicle SOC and wheel drive torque after optimization: (a). Changes of vehicle
SOC; (b). Changes of wheel drive torque.

Figure 10b shows the change of the drive torque of each wheel. In the linear acceleration phase,
the drive torque of the whole vehicle was mainly distributed to 1st axle and 3rd axle, similar to the
two-axle drive, which increased the working load of some drive motors and improved overall work
efficiency. When steering, the drive torque of the outboard wheel increased, and the drive torque of the
inboard wheel decreased. Besides, the drive torque of rear axle of the outboard wheel was relatively
larger, because in the same cases, the change of the drive torque of the rear axle had a greater influence
on the additional yaw of the whole vehicle, which is more conducive to the reduction of the energy
consumption. In addition, the multi-axle vehicle body is longer, resulting in the effect is relatively
more obvious. When the vehicle was in steady-state steering, the driving torque of the whole vehicle is
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about 3107 Nm by average distribution, while the total driving torque is about 2975.4 Nm by optimized
distribution, which is relatively reduced by about 4.2356%. Another part of the reduction in energy
consumption comes from the improvement of motor working efficiency.

Figure 11 shows the comparison of working point change in the motor efficiency map. The wheel
speed and output torque during steady-state steering are respectively derived. Based on the deceleration
ratio, the actual working points of each in-wheel motor were calculated. As the relative speed difference
between the left and the right wheel was very small, which can be approximately ignored, a point was
used to represent the actual working point of each motor when the drive torque was evenly distributed.
After the optimal torque distribution control was adopted, the actual working point of each motor
was changed. The drive torque of the outboard wheel was increased, and the working efficiency was
improved. Though the working efficiency of inboard wheel reduced, its drive torque was small, which
led to the overall working efficiency being improved.

Figure 11. Comparison of motor working points.

4.2. Conventional High-speed Sinusoidal Steering Condition

The high-speed simulation condition was designed to accelerate the vehicle from the stationary
state with a target speed of 70 km/h. At 20 s, the steering wheel input a sine wave with an amplitude of
110◦ as shown in Figure 12a. Similarly, 1st axle and 2nd axle were steering axles. Figure 12b,c show
changes of the vehicle speed and the yaw rate. Similar to the step steering condition, the change of
driving state was not obvious and the peak of yaw rate increased slightly. Figure 12d shows the change
of drive torque. Due to the input of the steering wheel constantly changing, the curvature radius of
the vehicle driving was also changing. It can be seen from Equation (3) that the additional steering
resistance fluctuated accordingly. Therefore, when the driving torque was evenly distributed, the
driving torque of each wheel also changed correspondingly. After optimized distribution, the more
drive torque was distributed to the wheel of the outboard and rear axles, which promoted the steering
of the vehicle. Under the dynamic steering condition, the driving torque of each wheel could follow
the changes of system input, which indicates that the optimal control algorithm could adapt to the
dynamic environment.

The changes of SOC can be seen from Figure 13a. After the optimization control, the SOC
decline reduced by 2.6213% between 0 s and 40 s. If only comparing the SOC change during steering
phase, the energy consumption of the vehicle decreased by 4.0482% after optimization as shown in
Figure 13b. It was proved that the optimal torque distribution control based on energy consumption
could reasonably distribute the drive torque of each wheel and reduce the energy consumption
under the dynamic condition. That means the optimization algorithm adopted was not limited to
specific working conditions, which can be for any steering conditions, whether static or dynamic.
The optimization algorithm could optimize the distribution of driving torque in real time and reduce
the vehicle energy consumption. However, the optimization effect was slightly worse than that of low

41



Energies 2020, 13, 1331

speed test, which was mainly for two reasons. On the one hand, the sine wave input was a dynamic
process all the time, but there had to be system inertia in the mechanical system, which may have led
to the actual action and control signals not being completely synchronized. Although the effect was
relatively small for the electric vehicle with in-wheel motor, it could not guarantee that the drive torque
of each wheel was optimal at any time; on the other hand, when the motor worked at a high speed,
the high efficiency area on the efficiency map was relatively large, so the optimization effect after the
control was slightly lower.

 

(a) 

 

(b) 

 

(c) 

 

(d) 

Figure 12. Changes in vehicle driving parameters during high-speed simulation condition: (a). Steering
wheel angle; (b). Vehicle speed; (c). Yaw rate; (d). Drive torque of each wheel.

 

(a) 

 

(b) 

Figure 13. Changes of SOC after the optimization control: (a). Changes of SOC in the whole process;
(b). Changes of SOC in the steering phase.
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4.3. Extreme Steering Condition

In order to further reflect the control effect of optimal torque distribution, the extreme steering
condition test was carried out. The four-axle reverse phase steering mode was adopted, with the first
and second axles deflecting in the opposite direction to the third and fourth axles. The target speed of
the vehicle was set to 10 km/h. At 20 s, the right wheel of the first axle deflected about 23◦ within 2 s,
and the deflection angles of other wheels were calculated according to Ackerman steering principle,
as shown in Figure 14a. For the change of speed, the vehicle speed after optimal control was still
slightly higher than that under average distribution as shown in Figure 14b, which was the same as
the previous simulation results. However, when the vehicle was in steady-state steering, the vehicle
speed was basically unchanged compared with driving in the straight line, which indicates that the
additional steering resistance was relatively small in this working condition.

 

(a) (b) 

Figure 14. Changes in vehicle driving parameters after the optimization control in reverse phase
steering condition: (a) wheel deflection angle; (b) longitudinal vehicle speed.

As shown in Figure 15, the driving track of the vehicle remained unchanged basically after
optimization. The steering radii of the vehicle after average distribution and optimal distribution were
8.1165 m and 8.1053 m respectively, which means that the optimal distribution of drive torque control
did not have a great impact on the vehicle trajectory and body posture.

 
Figure 15. Comparison of vehicle trajectory and body posture under average distribution and
optimal distribution.
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Figure 16 shows the change of wheel drive torque. 0 s to 20 s was a linear acceleration phase, and
the drive torque was distributed between the axles. Since the motor was in the state of low speed
and low torque at this stage, in order to improve the overall working efficiency, the driving torque of
the vehicle was mainly distributed to the first axle and the third axle to increase the workload of the
motor. When entering the steering at 20 s, due to the increase of the driving resistance, the driving
torque of the vehicle increased in order to maintain the target speed. However, when the vehicle was
in steady-state steering, the drive torque was basically the same as that when the vehicle traveled in a
straight line, which was caused by the reduction of driving resistance by the four-axle reverse phase
steering. It can be seen that the optimization control made the distribution ratio of the outboard and
rear axle wheels increase, which further promoted the reduction of driving resistance, thus achieving
the purpose of reducing the driving energy consumption.

 
Figure 16. Comparison of wheel drive torque change under average distribution and
optimal distribution.

When the vehicle was in steady-state steering, the total required drive torque of the vehicle with
the average torque distribution was 1860.0376 Nm, and after the optimal distribution control, it was
only 1656.6745 Nm, which was about 10.9332% lower. Then the change of the vehicle SOC during
the steering phase was compared. The actual energy consumption decreased by about 13.3679%,
which was much more obvious than the conclusion obtained by the above that maximum reduction
in energy consumption is about 5%. This is mainly because the working efficiency of the motor is
extremely low under low speed conditions [33]. Meanwhile, according to the motor efficiency map
used in this paper, when the vehicle speed was lower than 30 km/h, the efficiency changed greatly with
the torque, so the optimization control effect was better under this working condition. Besides, it was
found that when other conditions were the same and four-axle reverse phase steering was adopted,
the vehicle demand torque was far less than that when two-axle steering was adopted, sometimes
less than half of that. Smaller drive torque led to lower working efficiency, which also led to the more
obvious optimization effect.

4.4. Performance Evaluation

It should be emphasized that the optimal distribution of drive torque control can achieve the
maximum energy saving effect of about 5% in the conventional steering conditions, but it is only for
the motor efficiency map used in the current paper (Figure 3). The motor efficiency map had a great
influence on the actual optimization effect. If the high efficiency area of the in-wheel motor was small,
the energy saving control effect on the vehicle was obvious. In addition, the selection of algorithm
training conditions should be closer to the actual driving state of the vehicle, and enough training times
should be ensured to make the parameters in the Actor network tend to the stable and optimal value.
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5. Conclusions

(1) Based on the theory of vehicle system dynamics, the dynamic model of an 8 × 8 independent
drive electric vehicle is built by MATLAB/Simulink, which contains 23-DOF to more accurately
describe the multi-axle vehicle dynamics. On the basis, combining with the analysis of tire
force and the mathematical derivation of the single-track linear model, it is concluded that
through the reasonable distribution of the driving torque can reduce the additional steering
resistance, and then reduce the energy consumption of the vehicle. However, due to the change
of the tire side-slip angle and the influence of the motor efficiency, the optimization process is
necessarily dynamic.

(2) Considering the research object and content of the current paper, the DDPG algorithm is adopted
to optimize the distribution of the drive torque between each wheel to reduce the energy
consumption of the vehicle. The formula of DDPG algorithm is derived, and the overall system
architecture is designed. The Actor network, Critic network and Train function are completed
to interact with the vehicle model with the help of MATLAB Function, and realize the joint
alternation training.

(3) Since there is no standard for the evaluation of steering energy consumption, the training
condition is designed artificially. After completing 500 times training, the parameter matrix
in the Actor-network is stored into the MATLAB Function, which receive the driving state
of the vehicle in real-time and generate the optimal distributing action. The low speed, high
speed conventional steering and extreme steering simulation tests are carried out respectively.
The results show that the vehicle energy consumption can be reduced by about 5% at most
under the conventional steering condition with using the motor efficiency map of the current
paper, which effectively reduces the energy consumption for the multi-axle electric vehicles with
in-wheel motors. Meanwhile, the current paper provides an innovative solution to the vehicle
optimization problem of multidimensional state input and multidimensional continuous output.
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Abstract: Compared to the plug-in charging system, Wireless power transfer (WPT) is simpler,
reliable, and user-friendly. Resonant inductive coupling based WPT is the technology that promises
to replace the plug-in charging system. It is desired that the WPT system should provide regulated
current and power with high efficiency. Due to the instability in the connected load, the system
output current, power, and efficiency vary. To solve this issue, a buck converter is implemented on
the secondary side of the WPT system, which adjusts its internal resistance by altering its duty cycle.
To control the duty cycle of the buck converter, a discrete fast terminal sliding mode controller is
proposed to regulate the system output current and power with optimal efficiency. The proposed
WPT system uses the LCC-S compensation topology to ensure a constant output voltage at the input
of the buck converter. The LCC-S topology is analyzed using the two-port network theory, and
governing equations are derived to achieve the maximum efficiency point. Based on the analysis,
the proposed controller is used to track the maximum efficiency point by tracking an optimal power
point. An ultra-capacitor is connected as the system load, and based on its charging characteristics,
an optimal charging strategy is devised. The performance of the proposed system is tested under
the MATLAB/Simulink platform. Comparison with the conventionally used PID and sliding mode
controller under sudden variations in the connected load is presented and discussed. An experimental
prototype is built to validate the effectiveness of the proposed controller.

Keywords: wireless power transfer; non-linear; fast terminal sliding mode control; power converters

1. Introduction

Wireless power transfer has been desired since the proposition made by Nikola Tesla about
100 years ago [1]. Due to the recent progress in power electronics technology and advancements in
WPT techniques, it is realized that implementing a WPT system is now economical and can be used
as a commercial product [2]. Compared to the plug-in charging system, WPT is simpler, reliable,
and user-friendly [3]. Companies like Qualcomm, Witricity, and Evatran have developed many
commercial products that can be charged wirelessly with good efficiency. Due to such developments,
WPT can be used in many industrial applications [4] and in our daily life such as wireless charging of
smartphones [5], electric vehicles [6,7], and biomedical implants [8–10].
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According to the operating principles, WPT can be broadly divided into four categories, i.e.,
capacitive wireless power transfer (CWPT), electromagnetic radiation (EMR), acoustic wireless power
transfer (AWPT), and resonant inductive power transfer (RIPT) [11,12]. In CWPT, the power is
transferred using capacitor plates instead of coils. CWPT is simpler and can be used for both high
voltage and low current, but the efficiency decreases when the air-gap between the transmitter and
receiver plate increases [13]. In EMR, the power is transferred using microwaves. Although using
this operating principle, WPT can achieve long-distance power transfer, this mode has much lower
efficiency and has many health hazards due to high power radiation [14]. In optical wireless power
transfer (OWPT), which is considered as a subclass of EMR, the same principles for power transfer are
used, but the wavelengths are in the visible spectrum [15,16]. At the transmitting side, lasers are used
to convert the electrical signal into the optical signal, and at the receiving side, photovoltaic diodes
convert the optical signal back into an electrical signal. The advantage of EMR and OWPT techniques
is that both techniques have high capability for power beaming. However, due to the conversion steps,
almost 40 to 50% of the energy is lost [15]. In AWPT, the power is transferred by propagating energy in
the form of sound or vibration waves. At the transmitting side, the electrical signals are converted
into pressure waves by a transducer. The waves propagate through a medium and then are collected
by the receiving side transducer, which converts it back into electrical signals. The benefit of AWPT
is that it can achieve higher power beam directivity than electromagnetic transmitter of the same
size and the power is transferred omnidirectional which reduces the losses such as coil misalignment
but the power transfer capability and efficiency of the AWPT is very less compared to other WPT
systems [12,17,18]. In RIPT, the power transfer takes place between a transmitter coil and a receiver coil
using electromagnetic induction. A typical RIPT WPT system is shown in Figure 1, which consists of:

• DC voltage source.
• DC/high-frequency AC inverter.
• Compensation networks.
• Transmitting and receiving coils.
• Rectifier.
• Regulatory circuitry.

Figure 1. Typical RIPT WPT system.

To transfer the power from the transmitter coil to the receiver coil, the DC power is converted into
high-frequency (HF) AC power through an inverter. To cancel out the leakage inductance, improve
the system’s efficiency, and lower the reactive power transfer in the WPT system, compensation
networks are required on both the transmitting and receiving sides. The compensation network on the
transmitting side eliminates the phase difference between the voltage and current, which minimizes
the reactive power transfer, while on the receiving side, it maximizes the power transfer by improving
the efficiency [19,20]. The required system characteristics, i.e., constant voltage or constant current,
can also be achieved using suitable compensation networks. Based on the output characteristics,
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the compensation networks can be broadly divided into four different categories, i.e., series-series
(SS), series-parallel (SP), parallel-parallel (PP), and parallel-series (PS) [21]. The equivalent circuit
diagrams of these topologies are shown in Figure 2. In PP and PS, the transmitter coil does not transfer
power in the absence of the receiver coil, protecting the source. Although it is a safe power transfer,
during the misalignment of both coils, the topology cannot transfer high power [22]. The SP topology
can transfer high power with constant output voltage, but it depends on the load variation, and the
voltage gain is too high [23]. The SS topology is the most commonly used technique as the value of the
capacitor is independent of the mutual inductance and load resistance [24]. In the SS topology, the
resonant frequency is independent of the coupling coefficient and load conditions. This independence
is very important as the coupling coefficient varies with misalignments between the coils, and when
charging, the resistance of the battery changes. The problem with using the SS topology is that the
output current has an inverse relationship with the duty cycle of the DC-DC converter due to which
traditional control methods cannot be used. To solve the problem of this inverse relation, the LCC-S
compensation topology was introduced in [25], which can achieve adjustable constant voltage at the
input of the DC-DC converter.

Figure 2. Basic compensation networks (a) series-series, (b) parallel-series, (c) series-parallel, and
(d) parallel-parallel.

The primary objective of the WPT system is to transfer the energy from the transmitter to
charge the energy storage device, i.e., battery, ultra-capacitor, etc. For the simplification of the WPT
system design, the energy storage device is considered as a variable load. Furthermore, based on the
compensation topology, the WPT system efficiency varies with the load, i.e., the system can achieve the
maximum efficiency at a particular resistance value [26]. The objective is to keep the system efficiency
high regardless of the load variations. A common approach to solve this issue is to implement a
DC-DC converter after the rectifier circuit, which adjust its input resistance by altering the duty
cycle of the switch. According to the mentioned approach, researchers have implemented different
DC-DC converters such as buck and boost converters [26,27]. By controlling the duty cycle, the input
resistance of the buck and boost converter can be altered in the range of RL → +∞ and 0 → RL,
respectively [28]. Conventionally, proportional–integral–derivative (PID) control is the method used to
adjust the duty cycle of the DC-DC converter [26,29]. However, due to the linear nature of the PID
control, the regulation is limited to a small region. To overcome the shortcomings of PID, the author
in [30] proposed a sliding mode control (SMC) for the secondary side DC-DC converter. Due to the
non-linear nature of SMC, compared to PID, it is not limited to a small region, but still under the
load variations, it exhibits overshoots and has chattering at the equilibrium point. A super-twisting
differentiator based high order sliding mode controller (HOSM+STD) was presented in [31]. Compared
to the SMC, HOSM+STD has a quicker response during the transition phase, but the controller depends
on an optimizing factor “β”, which needed to be adjusted for different voltage levels. Otherwise, the
response time of the controller will be slow.
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Based on the mentioned research work, the LCC-S compensation network based WPT system
with a secondary side buck converter is presented in this paper. To control the duty cycle of the buck
converter, the discrete fast terminal sliding mode controller (DFTSMC) is proposed to overcome the
shortcomings of the SMC. An ultra-capacitor (UC) is connected as the system load, the resistance of
which will vary during the charging process. The objective of the paper is to control the duty ratio of
the buck converter to maintain the maximum system efficiency during the charging process. Based on
the charging requirements of the UC, an efficient control strategy is adopted to ensure that the UC
is charged with maximum efficiency. The LCC-S compensation topology is implemented to ensure
constant output voltage at the input of the buck converter during the variations in its duty cycle.
Depending on the system requirements, the DFTSMC controller regulates the output current or output
power under the variations in the connected load.

The paper is structured as follows. Section 2 presents the design and analysis of LCC-S
compensation for the WPT system. The relationship of the system efficiency with respect to output load
is derived and then transferred to the relationship between the output power and efficiency. The UC
charging strategy and the design of the DFTSMC for the buck converter are presented in Section 3.
The simulation results of the proposed system and the comparison with other control schemes are
discussed in Section 4. Section 5 presents the experimental validation of the proposed system, and
Section 6 concludes the paper.

2. Analysis of the LCC-S Compensation Network

The circuit diagram of the proposed system using LCC-S compensation with the buck converter
and UC is shown in Figure 3.

Figure 3. Circuit diagram of the proposed WPT system.

L f 1 and Cf 1 are the compensation inductor and compensation capacitors for the transmitting
side, respectively. L1 and L2 are the self-inductances of the primary and secondary coils, and C1 and
C2 are the series capacitors for the transmitting and receiving side, respectively. VAB is the inverted
AC voltage by the high-frequency inverters, and Vab is the output voltage of the receiving coil. M is
the mutual inductance between the two coils, and ω0 is the operating resonant frequency. Uin is the
input DC voltage, and Uout is the output DC voltage. R f 1, R1, and R2 are the self-resistances of the
compensation inductor, primary coil, and secondary coil, respectively. L, C, and S5 are the inductor,
capacitor, and IGBT switch of the buck converter, respectively. RL is the equivalent resistance of the
UC, which varies with its state of charge (SOC).

The equivalent circuit diagram of the proposed system is shown in Figure 4. The Req is the
equivalent resistance of the buck converter, which is equal to:

Req =
1
u2 RL (1)
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Figure 4. Equivalent diagram of proposed system.

The system can be analyzed using the two-port network theory. To convert the system into a
two-port network, the secondary side parameters are transferred to the primary side. The two-port
network of the system is shown in Figure 5. Zr is the transferred impedance of the secondary side, and
V∗

ab is the voltage across Zr. Zr can be calculated as follows,

Zr =
ω2M2

Req + R2
(2)

The system’s two-port network can be expressed using the following equations:

{
VAB = Z11 I1 + Z12 I2

V∗
ab = Z21 I1 + Z22 I2

(3)

Converting Equation (3) into matrix form:

[
VAB
V∗

ab

]
=

[
Z11 Z12

Z21 Z22

] [
I1

I2

]
(4)

Figure 5. Two port network of the proposed system.

To find the system impedance matrix, two modes are used. In the first mode, shown in Figure 6a,
the load is disconnected, which makes I2 = 0. In the second mode, shown in Figure 6b, the input source
is disconnected, which makes I1 = 0. Using the two cases, the system impedances are calculated as:

Z11 =
VAB

I1
|I2=0= R f 1 + j

(
ωL f 1 − 1

ωCf 1

)
(5)

Z21 =
V∗

ab
I1

|I2=0=
1

jωCf 1
(6)

Z22 =
V∗

ab
I2

|I1=0= R1 + j

(
ωL1 − 1

ωCf 1
− 1

ωC1

)
(7)

Z12 =
VAB

I2
|I1=0=

1
jωCf 1

(8)
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(a) (b)
Figure 6. (a) Mode 1: Load is disconnected. (b) Mode 2: Input source is disconnected.

Using the following equations, the system’s parameters are tuned in such a way that the system
input voltage and current have zero-phase difference.

Cf 1 =
1

ω2L f 1
(9)

C1 =
1

ω2(L1 − L f 1)
(10)

C2 =
1

ω2L2
(11)

When the system’s parameters satisfy Equations (9)–(11), then Equations (5) to (8) become:⎧⎪⎪⎨
⎪⎪⎩

Z11 = R f 1

Z12 = Z21 = jωL f 1

Z22 = R1

(12)

The voltage gain from inverter output voltage to the secondary coil output voltage can be
calculated as follows,

GV =

∣∣∣∣ Vab
VAB

∣∣∣∣ =
∣∣∣∣Vab
V∗

ab

∣∣∣∣
∣∣∣∣ V∗

ab
VAB

∣∣∣∣ (13)

According to the two-port network theory,
∣∣∣ V∗

ab
VAB

∣∣∣ can be calculated using the following formula,

∣∣∣∣ V∗
ab

VAB

∣∣∣∣ = Z21Zr

Z11 (Zr + Z22)− Z12Z21
=

ω3L f 1M2

(
R2 + Req

) (
R f 1

(
ω2 M2

R2+Req
+ R1

)
+
(

ωL f 1

)2
)

(14)

From the circuit diagrams, shown in Figures 5 and 6, Vab and V∗
ab can be derived as,

Vab =

(
jωMI2

R2 + Req

)
Req (15)

V∗
ab =

ω2M2 I2

R2 + Req
(16)

Substituting Equations (14)–(16) into Equation (13), the system’s voltage gain is derived as,

GV =
ω2L f 1MReq(

R2 + Req
) (

R f 1

(
ω2 M2

R2+Req
+ R1

)
+
(

ωL f 1

)2
) (17)
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Similarly, according to the characteristics of the two-port network theory, the inverter output
current I1 and primary coil current I2 and the current gain GI can be calculated as:

I1 =
VAB (Z22 + Zr)

Z11 (Z22 + Zr)− Z12Z21
=

VAB
(

R1R2 + R1Req + ω2M2)
R f 1

(
R1R2 + R1Req + ω2M2

)
+
(

ωL f 1

)2 (
R2 + Req

) (18)

I2 =
VABZ21

Z11 (Z22 + Zr)− Z12Z21
=

VABωL f 1(R2 + Req)

R f 1
(

R1R2 + R1Req + ω2M2
)
+
(

ωL f 1

)2 (
R2 + Req

) (19)

GI =

∣∣∣∣ I2

I1

∣∣∣∣ = Z21

Zr + Z22
=

ωL f 1
(

R2 + Req
)

ω2M2 + R1
(

R2 + Req
) (20)

Using Equation (19), the secondary coil current can be derived as,

I3 =
ω2ML f 1VAB

R f 1
(

R1R2 + R1Req + ω2M2
)
+
(

ωL f 1

)2 (
R2 + Req

) (21)

Under the assumption that the system is under resonance condition and there are no conduction
losses in the inverter, rectifier, and buck converter, the system efficiency can be calculated as,

η =
V∗

ab I2

VAB I1

Req

R2 + Req
= GV GI

Req

R2 + Req
(22)

Substituting Equations (17) and (20) into Equation (22), the system’s efficiency can be obtained as,

η =
ω4L2

f 1M2Req(
R f 1

(
ω2 M2

R2+Req
+ R1

)
+
(

ωL f 1

)2
)(

ω2 M2

R2+Req
+ R1

) (
R2 + Req

)2
(23)

For the system parameters listed in Table 1 and 2, the relationship between the system’s efficiency
η and load resistance Req is shown in Figure 7. It can be seen that at a particular resistance Rop, i.e.,
11 Ω, the system can operate at maximum efficiency. Rop can be derived by differentiating Equation (23)
with respect to Req, and Rop can be derived as follows,

∂η

∂Req
= 0 ⇒ Rop =

√√√√√√√
{

R1R2R f 1 + R2

(
ωL f 1

)2
+ RL f 1ω2M2

}
(R1R2 + ω2M2)

R1

{
R1RL f 1 +

(
ωL f 1

)2
} (24)

According to Equation (1), for varying RL, the buck converter duty cycle u can be used to
regulate Req=Rop to make sure that the system operates at maximum efficiency. For the ease of control
designing, the optimal resistance Rop can be translated into optimal power Pop. When the output
power of the system is Pop, the system will operate at maximum efficiency. Using Equation (17), Pop

can be obtained as,

Pop =
V2

ab
Rop

=

(
1

Rop

)⎡⎢⎢⎣ ω2L f 1MReqVAB(
R2 + Req

) (
R f 1

(
ω2 M2

R2+Req
+ R1

)
+
(

ωL f 1

)2
)
⎤
⎥⎥⎦

2

(25)
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Using Equation (25), the relationship between the efficiency and the output power is shown in
Figure 8. It can be seen that at Pop, i.e., 120 Watts, the system efficiency is highest. To track the system
output power Pout to this maximum efficiency point, the DFTSMC controller is designed in the next
section to control the duty cycle u of the secondary side buck converter.
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Figure 7. Efficiency, η vs. Req.
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Figure 8. Efficiency, η vs. Pout.

3. Discrete Fast Terminal Sliding Mode Controller Design for the Buck Converter

During the charging of the ultra-capacitor, its voltage Uuc and current Iuc vary in real time due to
which RL constantly varies and can be derived as follows,

RL =
Uuc

Iuc
(26)

The ultra-capacitor can be charged at maximum efficiency if the system output power is equal
to the optimal power, i.e., Pout=Pop. However, if initially, Uuc is too low and it is charged with high
power, then it will draw an enormous amount of current, which can damage the system. To solve this
issue, the charging of the ultra-capacitor is divided into two stages. The charging strategy is shown in
Figure 9. In the first stage, constant current Ire f is provided to the ultra-capacitor till its voltage Uuc

reaches Ur
uc, then in the second stage, it is charged with optimal power Pop for maximum efficiency.

Figure 9. Charging strategy for the ultra-capacitor.
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In order to regulate the output current (Iout) and output power (Pout) to the desired Ire f and Pop,
respectively, a buck converter at the secondary side of the proposed system is used. The required
references can be tracked by controlling the duty cycle of the switch S5. The circuit diagram of the
buck converter is shown in Figure 3. Under the assumption that the buck converter is operating in
continuous conduction mode, the following dynamic model is derived.

İL = u
Vab
L

− Uout

L
(27)

U̇out =
IL
C

− Uout

RLC
(28)

where IL and Uout are the values of the inductor current and capacitor voltage. u = [0, 1] is the duty
ratio, used to generate the driving cycle for the switch. For the control design, we will average the
model over one switching period. If x1 is the average value of IL, x2 is the average value of Uout, and μ

is the average value of u, then Equations (27) and (28) take the form,

ẋ1 = μ
Vab
L

− x2

L
(29)

ẋ2 =
x1

C
− x2

RLC
(30)

By controlling the output voltage of the buck converter, the output current Iout and output power
Pout of the proposed structure can be tracked to the desired references, i.e., Ire f and Pre f , respectively.

Vr1 = Ire f RL (31)

Vr2 =
√

PopRL (32)

A discrete fast terminal sliding mode controller is designed to generate the required duty ratio for
these reference voltages. For this purpose, an error signal is defined.

e1 = x2 − Vrj (33)

where (j = 1,2). When j = 1, the controller will track constant current, and for j = 2, the controller will
track constant power. By converging the e1 to zero, we can get our desired result. The dynamic model
in Equations (29) and (30) can be rewritten as,

ė1 = ẋ2 − V̇rj =
x1

C
− x2

RLC
− V̇rj (34)

To simplify the expressing, a new variable e2 is defined as,

e2 = ė1 (35)

Taking the derivative of e2 and using Equations (34), (29), and (30), it yields:

ė2 =
1

LC
(
μVab −

(
x2 − Vrj

)− Vrj
)− ẋ2

RC
+

V̇rj

RC
− V̈rj (36)

The overall dynamic model can be represented as follows,

{
ė1 = e2

ė2 = 1
LC
(
μVab − e1 − Vrj

)
+ 1

RC
(
V̇rj − e2

)− V̈rj
(37)
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Using Euler’s discretization method, the dynamical model presented in Equation (37) can be
discretized as follows,

{
e1 (k + 1) = e1 (k) + he2 (k)

e2 (k + 1) = e2 (k) + h
RC
(
V̇rj (k)− e2 (k)

)− hV̈rj (k) + h
LC
(
μ (k)Vab (k)− e1 (k)− Vrj (k)

) (38)

where h is the sampling period. To converge these error signals to zero, a fast terminal sliding surface
can be designed as follows,

s (k) = e2 (k) + α1e1 (k) + α2sign (e1 (k)) |e1 (k)|
p
q (39)

where 0 < α1h < 1, 0 < α2h < 1, and 0 < p
q < 1 with p and q positive odd integers. As discussed

in [32], the sliding mode condition occurs when s(k + 1) = 0, and Equation (39) becomes,

s (k + 1) = 0 ⇒α2sign (e1 (k + 1)) |e1 (k + 1)|
p
q + e2 (k + 1) + α1e1 (k + 1) = 0 (40)

Substituting Equation (38) into (40), it yields,

0 =e2 (k) +
h

LC
(
μ (k)Vab (k)− e1 (k)− Vrj (k)

)
+

h
RC

(
V̇rj (k)− e2 (k)

)
+ α1 (e1 (k) + he2 (k))

+ α2sign (e1 (k) + he2 (k)) |e1 (k) + he2 (k)|
p
q − hV̈rj (k)

(41)

Finally by solving Equation (41), the DFTSMC law can be obtained as,

u(k) =
−LC
hVab

(
e2 (k)

(
1 − h

RC
+ α1h

)
+

hV̇rj (k)
RC

)
− LC

hVab

(
e1 (k)

(
α1 − h

LC

)
− hV̈rj (k)−

hVrj

LC

)

− LC
hVab

(
α2sign (e1 (k) + he2 (k)) |e1 (k) + he2 (k)|

p
q
)

(42)

4. Results and Discussion

To verify the performance of the proposed controller, simulations were performed in
MATLAB/Simulink using the “Sim Power Systems” toolbox under the abrupt and time-varying
fluctuation in load RL. The uncontrolled rectifier was connected to the load through the buck converter,
which was controlled by the DFTSMC. Under variations in “RL”, DFTSMC could regulate the output
current Iout and output power Pout. The specifications of the wireless charging system are shown in
Table 1. Using Equations (9)–(11), the parameters of the compensation network were designed and are
listed in Table 2. The parameters of the buck converter and DFTSMC are listed in Table 3.

Table 1. Wireless charger parameters.

Symbol Parameter Value

Vin Input voltage 80 V
L1 Transmitting coil inductance 400 μH
R1 Transmitting coil resistance ∼300 mΩ
L2 Receiving coil inductance 30 μH
R2 Receiving coil resistance ∼120 mΩ
M Mutual inductance 60 μH
fs Switching frequency 40 kHz
Po Output power 120 Watts
Io Output current 5 A
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Table 2. Compensation network parameters.

Symbol Parameter Value

L f 1 Transmitting side compensation inductance 135 μH
Cf 1 Transmitting side parallel compensation capacitance 0.117 μF
C1 Transmitting side series compensation capacitance 0.059 μF
R f 1 Transmitting side compensation inductor resistance 200 mΩ
C2 Receiving side series compensation capacitance 0.52 μF

Table 3. Buck converter and DFTSMC parameters.

Symbol Parameter Value

L Inductor 5 mH
C Capacitor 500 μF
α1 Constant 500
α2 Constant 3000
h Sampling period 1 ms

According to the charging strategy shown in Figure 9, the DFTSMC was used to generate duty
cycle u to regulate the output current to the reference current, i.e., Iuc = Ire f , and the output power
to the optimal power Pout = Pop. The current, voltage, and power of the ultra-capacitor are shown in
Figure 10.
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Figure 10. Current, voltage, and power of the ultra-capacitor.

In the first stage, a 5 A current was tracked by the DFTSMC, and then, in the second stage, the
output power was regulated to the optimal power, i.e., 120 Watts. It can be seen in Figure 11 that when
the DFTSMC regulated Pout to Pop, the Req was regulated to Rop, i.e., 11 Ω. The duty cycle generated
by the DFTSMC, during the charging process, is shown in Figure 12. The efficiency curve is shown in
Figure 13, verifying that during the constant power charging stage of the ultra-capacitor, the system
operated at a maximum efficiency of about 96%. During the constant power stage, the inverter output
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voltage and current are shown in Figure 14. According to the voltages and currents in Figure 14, the
inverter output power was approximately 129 Watts, which showed that the overall efficiency from
the inverter output to the load was approximately 93%.
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Figure 11. Equivalence resistance of the system.
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Comparison with Other Control Schemes

To check the robustness of the DFTSMC and compare it with other control schemes such as PID
and SMC, load resistance RL was changed abruptly after every 0.1 s, i.e., with a perturbation frequency
of 10 Hz. The value of RL was initially set at 5 Ω, and then with a fluctuation of 40%, i.e., 2 Ω, it was
decremented to 3 Ω and then incremented back to 5 Ω at 0.1 s and 0.2 s, respectively. The perturbation
scheme is as follows,

RL =

⎧⎪⎪⎨
⎪⎪⎩

5 Ω, tε [0, 0.1) s,

3 Ω, tε [0.1, 0.2) s,

5 Ω, tε [0.2, 0.3] s,

Under the mentioned perturbations in RL, a constant output current of 5 A and constant output
power of 120 Watts was tracked by the DFTSMC, sliding mode controller (SMC), and PID controller.
Figure 15 shows the regulation of the output current to the referenced current, and Figure 16 shows
the convergence of the output power to the referenced power, under the mentioned perturbations in
RL. It can be seen that not only initially, DFTSMC tracked the required current faster, but also under
the sudden variations at t = 0.1 s and 0.2 s, DFTSMC recovered quickly with respect to PID and
SMC with less steady-state error. It can be observed that under these perturbations, although the PID
and SMC tracked the required power, compared to DFTSMC, they exhibited initial overshoot, and
comparatively, the settling time was large.

Figure 15. Regulation of output current, Iout, during perturbation in RL.

Figure 16. Regulation of output Power, Pout, during perturbation in RL.

5. Experimental Validation

5.1. Experimental Setup

To validate the effectiveness of the proposed system, an experimental platform was fabricated.
The topology of the fabricated system was similar to Figure 3, but using DC electronic load instead
of the ultra-capacitor. The experiment setup is shown in Figures 17 and 18. The parameters of the
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experimental setup are consistent with Tables 1–3. The AC/DC rectifier was used to convert the grid
AC voltage into DC voltage, and the high-frequency inverter converted the DC voltage into 40 kHz
AC voltage. The transmitter and receiver coils were made from tightly wound litz wire with turns of
23 and 10, respectively. The diameter of the transmitter and receiver coils was 29.5 cm and 18.5 cm,
respectively, and the gap between the transmitter and receiver coils was 10 cm. The compensation
elements such as filter inductance and capacitors were chosen according to the parameters listed in
Table 2. The filter inductance was also made from the litz wire, designed in a DD structure to cancel
out the cross-coupling effect due to the transmitter coil [33]. The buck converter was connected to
the Chroma programmable DC electronic load 63200E, which was configured in constant resistance
mode. The DFTSMC controller for the buck converter was implemented using the STM32F334C8
microcontroller, which generated the required PWM signals to track the constant current and power.
The output current, output power, and the inverter output current and voltage were observed using
the Tektronix MDO3024 Oscilloscope.

Figure 17. Experimental setup.

(a) (b)

(c) (d)
Figure 18. (a) AC/DC rectifier and high-frequency inverter. (b) Transmitting and receiving coils’ gap.
(c) Transmitting and receiving coils. (d) Uncontrolled rectifier and buck converter.
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5.2. Results

To check the robustness of the proposed controller, using the programmable DC electronic load,
the load resistance was abruptly changed from 5 Ω to 3 Ω and then reverted back from 3 Ω to 5 Ω.
During these fluctuations, the controller was used to track the constant current of 5 A and the constant
power of 120 Watts.

Figures 19 and 20 show the tracking of the constant current and power, respectively. It can
seen that during the fluctuations, the controller quickly recovered and tracked the required reference
efficiently. Under the constant power tracking of 120 Watts, Figure 21 shows the inverter output current
and voltage. According to Figure 21, the inverter output power was approximately 136 Watts, i.e.,
the power was transferred from the inverter to the DC Electronic load with an overall efficiency of
about 88% and coupling coil efficiency of 95%. The decrease in the overall efficiency was due to losses
incurred in the rectifier and buck converter. It can be seen that both the simulation and experimental
data exhibited similar behavior, which validated the effectiveness of the controller in real life.

(a) Load changed from 5 Ω to 3 Ω (b) Load changed from 3 Ω to 5 Ω

Figure 19. Tracking of constant current.

(a) Load changed from 5 Ω to 3 Ω (b) Load changed from 3 Ω to 5 Ω

Figure 20. Tracking of constant power.

Figure 21. Inverter output voltage and current.
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6. Conclusions

In this paper, the LCC-S topology combined with a buck converter at the secondary side was
presented. The buck converter was controlled by DFTSMC to regulate the system’s output current and
power. Using two-port network theory, the system was analyzed, and optimal efficiency equations
were derived. Based on the analysis, the proposed system operated at maximum efficiency, when
connected with optimal load, or generated optimal power. Using DFTSMC, the duty cycle of the buck
converter was generated to track the required optimal power point. The simulation results verified
that during charging of the ultra-capacitor, under the constant power stage, the system operated at the
maximum efficiency point. The comparison with PID and SMC showed that the proposed controller
overall performed better in tracking the desired current and power. Experiments were performed
to validate the effectiveness of the proposed controller. The experimental results coincided with the
simulation and theoretical analysis. The experimental data verified that under the abrupt perturbation
in the load resistance, the controller performed well and tracked the required current and power.
The future aim of this study is to model the losses incurred in the inverter, rectifier, and buck converter
to analyze the effects on the system efficiency.
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Abbreviations

The following abbreviations are used in this manuscript:

WPT Wireless power transfer
RIPT Resonant inductive power transfer
CWPT Capacitive wireless power transfer
EMR Electromagnetic radiation
AWPT Acoustic wireless power transfer
OWPT Optical wireless power transfer
SMC Sliding mode controller
PID Proportional-integral-derivative
DFTSMC Discrete fast terminal sliding mode controller
SOC State of charge
SS Series-series
SP Series-parallel
PS Parallel-series
PP Parallel-parallel
LCC inductor-capacitor-capacitor
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Abstract: Energy regeneration systems are a key factor for improving energy efficiency in
electrohydraulic machinery. This paper is focused on the study of electric energy storage systems
(EESS) and hydraulic energy storage systems (HESS) for energy regeneration applications. Two test
benches were designed and implemented to compare the performance of the systems under similar
operating conditions. The electrical system was configured with a set of ultracapacitors, and the
hydraulic system used a hydraulic accumulator. Both systems were designed to have the same
energy storage capacity. Charge and discharge cycle experiments were performed for the two systems
in order to compare their power density, energy density, cost, and efficiency. According to the
experimentally obtained results, the power density in the hydraulic accumulator was 21.7% higher
when compared with the ultracapacitors. Moreover, the cost/power ($/Watt) ratio in the hydraulic
accumulator was 2.9 times smaller than a set of ultracapacitors of the same energy storage capacity.
On the other hand, the energy density in the set of ultracapacitors was 9.4 times higher, and the
cost/energy ($/kWh) ratio was 2.9 times smaller when compared with the hydraulic accumulator.
Under the tested conditions, the estimated overall energy efficiency for the hydraulic accumulator
was 87.7%, and the overall energy efficiency for the ultracapacitor was 78.7%.

Keywords: efficiency; energy storage systems; electrical power systems; hydraulic power systems;
hydraulic accumulator; ultracapacitor

1. Introduction

Energy consumption in the transportation and the industrial sector represented 72% of the total
energy consumption during 2018 in the United States. Most of this energy (around 87%) comes from
petroleum-based sources and natural gas [1]. In the industrial sector, around 24% of the energy is
spent by the agriculture, construction, and mining sectors. Many applications within these sectors use
hydraulic equipment and hydraulic machinery, so improving the energy efficiency of the hydraulic
systems that are already in use could have a large impact on the reduction of energy consumption
and emissions. If the energy efficiency of the hydraulic machinery used in industrial applications
is improved by 5%, based on the data provided by the U.S. Energy Department [1], it is possible to
estimate an overall annual reduction of 1% in energy consumption in the US.

Over the last 20 years, there has been interest in developing and improving systems for energy
regeneration in hydraulic machinery [2–5]. Some of the options for energy storage in energy regeneration
devices include flywheels, compressed air, electrical energy storage systems (EESS), and hydraulic
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energy storage systems (HESS). In the electrical energy regeneration system, an electric accumulator or
capacitor is used to store energy [6]. This kind of system is used in electric hybrid machinery. The return
line of a boom mechanism in an excavator is connected to a hydraulic motor that is used to move an
electric generator that produces electrical energy that is stored in an electric accumulator (ultracapacitor
or battery) [2,3,7]. The main benefit of this system is an improvement in energy efficiency, but the
complexity that is added to the baseline hydraulic system is evident. Ultracapacitors are mostly used in
electric applications that require a high power density such as wind turbines in remote areas [8], energy
regeneration and engine size reduction in rubber wheeled gantry cranes [9], and even biomedical
applications [10].

The hydraulic energy regeneration system is similar to its electric counterpart. Instead of having
an electric accumulator (ultracapacitor or battery), the hydraulic energy regeneration system uses a
hydraulic accumulator that works as the energy storage device [6]. One of the main benefits when using
a hydraulic regenerative system is the relative ease of installation, since the baseline application already
uses a hydraulic system. Moreover, no complex power controls are needed, which is a significant
advantage. On the other hand, the energy storage density in hydraulic accumulators can be a drawback
when compared to a traditional electric system. Hydraulic regenerative systems have been studied
for applications in relief valves [11], where the flow in the return line of the valve is used to charge
a hydraulic accumulator. Alternatives like digital hydraulics have been studied to improve energy
efficiency in hydraulic systems [12,13]. In these studies, a network of valves is used to change the flow
rate in the actuator and to reconfigure the system in order to use the flow from assistive loads to move
actuators with resistive loads.

2. Relevance of This Work

Most of the previous studies regarding EESS and HESS have focused on the characteristics of
each energy storage system separately. Some studies have focused on the study of the performance
of ultracapacitors [14–17] and others have focused on hydraulic accumulators. [18,19], but very
little research has been done to compare the two storage systems (hydraulic accumulators and
ultracapacitors) side by side. The main purpose of this study was to have a direct comparison of the
performance characteristics of ultracapacitors and hydraulic accumulators when used as energy storage
devices. Previous studies concerning EESS and HESS for hybrid applications have not compared the
benefits and drawbacks of both systems under similar operating conditions; these studies have been
focused on each system individually. For this work, an experimental procedure was developed for
measuring the charging and discharging cycles of a hydraulic accumulator. Likewise, a test bench
using ultracapacitors of similar energy storage capabilities was tested. The estimated energy capacity
of each system was modeled with the equations shown in the following section. The experimental
procedure and experimental equipment are also described in that section.

The results of this research can be used to stablish a control strategy to optimize systems that use
hydraulic accumulators as energy storage systems or as a design strategy to select one over the other.

3. Test Bench Description

The main purpose of the test benches developed in this study was to compare an electrical and a
hydraulic energy storage system under similar operating conditions in order to determine the efficiency,
power density, energy density, and cost by energy capacity. The main characteristics of the hydraulic
accumulator and the ultracapacitor used are shown below in Tables 1 and 2.
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Table 1. Characteristics of the hydraulic accumulator used in this study.

Hydraulic Accumulator
Manufacturer Parker Hannifin

Reference A2N0058D1K
Mass (kg) 4.53

Vol. Capacity (cm3) 950
Max. Pressure (Bar) 207

Table 2. Characteristics of the ultracapacitor used in this study.

Ultracapacitor
Manufacturer Maxwell Technologies

Reference BCAP0050 P270 S01
Mass (g) 12.2

Energy Capacity (mWh) 50.6
Max. Voltage (V) 2.7
Max. Current (A) 6.1

To compare both devices in a similar way, two test benches were designed and built. Both test
benches were designed to measure charge and discharge response of the systems, which in a hydraulic
system are the pressure and flow rate and in the electric system are the voltage and current.

3.1. Hydraulic Test Bench

The test bench for the hydraulic system was designed to measure the flow of energy through the
accumulator while charging and discharging. The main components of the system were the battery,
the electric motor, the hydraulic pump, and the hydraulic accumulator. The battery was the main
source of power for the system, and it was connected to the electric motor with a DC/AC inverter.
The electric motor was used to drive the hydraulic pump, which moved the fluid from the reservoir to
the hydraulic accumulator. The hydraulic testbench and the DC/AC inverter are shown in Figures 1
and 2, respectively. The schematic representation of the test bench that was designed and constructed
for the hydraulic accumulator is presented in Figure 3.

Figure 1. Hydraulic test bench.
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Figure 2. DC/AC inverter used in the hydraulic test bench.

Figure 3. Schematic representation for the hydraulic accumulator test bench.

A list of the components used in the test bench is presented in Table 3.

Table 3. List of components used in the hydraulic test bench.

Index Device Reference Characteristics

1 Electric motor Motenergy 0907 Max. Speed: 5000 rpm
Peak torque: 38 Nm

2 Hydraulic pump GP-F20-12-P-A Disp: 12 cm3/rev
Max. Flow: 40 L/min
Max. Pressure: 252 Bar

3 Flow meter FlowTech FSC 375 Max. Pressure: 6 kpsi
Max. Flow: 26.45 L/min

4 V1 and V2 Hydraforce 12 V DC NC
solenoid valve

Max. Flow: 56.7 L/min
Max. Pressure: 3 kpsi

5 Pressure gage Wika A-10 Max. Pressure: 5 kpsi
Signal output: 4 to 20 mA

6 Hydraulic accumulator Parker A2N0058D1K Capacity: 58 in3

Max. Pressure: 3 kpsi
Precharge pressure: 1 kpsi

The test bench could be operated in either the charging or discharging modes. During charging
mode, the electric AC motor was turned on and was used to move the hydraulic pump. Valve V1 was
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switched on, allowing flow to go through the accumulator while valve V2 was closed. The relief valve
RV1 was closed unless a relief pressure of 3000 psi was reached. A schematic representation of the test
bench during charging mode is presented in Figure 4. The red lines show the high-pressure lines.

Figure 4. Hydraulic test bench during charging mode.

During charging mode, the measured variables were the current and voltage from the battery
connected to the electric AC motor powering the pump and the pressure and flow rate going to the
accumulator. The battery and the AC motor were connected through a DC/AC inverter. With these
variables, it was possible to calculate the power input from the battery, the power going to the
accumulator, the consumption of electric energy, and the energy saved in the accumulator. The speed
of the electric motor was changed with a motor controller, which was connected between the battery
and the electric motor. The schematic representation of the electric system used to power the pump is
shown in Figure 5. The technical data of the battery, the inverter, and the electric motor are shown in
Table 4.

.
Figure 5. Schematic representation of the electric system.
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Table 4. Technical data of the electric system.

Device Reference Characteristics

Electric motor Motenergy 0907 Max. Speed: 5000 rpm
Peak torque: 38 Nm
Continuous current of 80 Amps AC
Inductance phase to phase: 0.1 millihenry

Inverter KEB48600 Max. Power: 6 kW
Max. voltage: 48 V
Max. Current: 125 A

Battery SUN-CYCLE
LiFePO4 48 V
24 Ah

Max. Voltage: 48 V
Max. discharge current: 60 A
Weight: 9.8 kg

To measure the efficiency of the hydraulic accumulator, a similar test for the discharge cycle was
developed. In the discharge test, the output load was simulated with a variable orifice, V3. The load
applied to the hydraulic system increased when V3 was progressively closed. A no-load condition
was simulated when the valve was completely open. A schematic representation of the system during
discharge mode is presented in Figure 6.

Figure 6. Hydraulic test bench during discharging mode.

To discharge the accumulator, valves V1 and V2 were open, while the orifice was open just between
0% and 10%. The measured variables during the discharge mode were the pressure and the flow rate
just before the orifice; with these variables, it was possible to calculate the instantaneous hydraulic
power used from the accumulator. The output power could be calculated by multiplying the flow rate
and the pressure, and the efficiency of the hydraulic accumulator could be derived. Equations (1) and
(2) were used to calculate the power input and power output in the accumulator, and Equation (3)
was used to calculate the efficiency, the nomenclature shown in Table 5 describes the variables used.
The results for a single test are shown in Figure 7 as a reference.

PIn = QInpAcc,In (1)

POut = QOutpAcc,Out (2)

ηAcc =

∫
QOutpAcc,Outdt∫

QInpAcc,Indt
(3)
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Table 5. Variables used for determining the instantaneous efficiency of the accumulator.

Variable Description

PIn (W) Power charging the accumulator
POut (W) Power discharging the accumulator

QIn (gal/min) Volumetric flow charging the accumulator
QOut (gal/min) Volumetric flow discharging the accumulator

pAcc,In (psi) Pressure charging the accumulator
pAcc,Out (psi) Pressure discharging the accumulator
ηAcc Efficiency of the accumulator

Figure 7. Pressure in the accumulator during the charging and discharging process.

The results for pressure and flow rate in the accumulator during charging are shown in Figure 8.
This plot shows a sudden rise in pressure when V1 was opened and a steady increase in pressure once
the pre-charge pressure was reached. It took approximately 17 seconds to fully charge the accumulator
to its maximum pressure of 2800 psi. The flow rate plot showed a sudden increase in flow rate and a
decrease in flow rate once the pre-charge pressure was reached.

The results for pressure p2 and flow rate Q2 during discharging are shown in Figure 9. The discharge
time for the accumulator was approximately 3 seconds with the valve 25% open.

Figure 8. Pressure and flow rate while charging.
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Figure 9. Pressure and flow rate while discharging.

Several experiments like the one described in this section were carried out to calculate the efficiency
and performance of the hydraulic accumulator. Load conditions were changed in all the experiments
by changing the orifice area. A list of the experiments is shown in Table 6. The 100% value for the
orifice area was 11.7 mm2.

Table 6. List of experiments performed in the hydraulic test bench.

Orifice Area While
Charging

Orifice Area While
Discharging

Orifice Area While
Charging

Orifice Area While
Discharging

3.1%

3.1%

12.5%

3.1%
6.2% 6.2%
9.4% 9.4%

12.5% 12.5%
25.0% 25.0%

100.0% 100.0%

6.2%

3.1%

25.0%

3.1%
6.2% 6.2%
9.4% 9.4%

12.5% 12.5%
25.0% 25.0%

100.0% 100.0%

9.4%

3.1%

100.0%

3.1%
6.2% 6.2%
9.4% 9.4%

12.5% 12.5%
25.0% 25.0%

100.0% 100.0%

3.2. Electric Test Bench

To compare the hydraulic accumulator with the ultracapacitor set, an electric test bench was
designed and constructed. A schematic representation of the test bench is presented in Figure 10.
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Figure 10. Schematic representation of the test bench used for ultracapacitors.

The ultracapacitors and the rheostats are shown in Figures 11 and 12, respectively.

Figure 11. Ultracapacitors used in the electric test bench.

Figure 12. Resistor bank used in the electric test bench.

This test bench was designed to measure the flow of energy through the ultracapacitors during
charging and discharging. The resistance or load was made using a bank of resistors connected in
parallel, which made the value of the resistance variable and easy to adjust manually. The ultracapacitor
arrangement had six cells connected in series in a balancing board and six of these boards connected
in parallel, so the total number of ultracapacitors used was 36. This number was selected based
on calculations for the energy storage capacity for hydraulic accumulators and ultracapacitors.
The selection of 36 ultracapacitors made the energy storage capacity comparable between the two
systems. Switches S1 to S6 were used to activate the boards connected in parallel.
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As mentioned previously, the number of ultracapacitors used in the test bench was based on
the theoretical calculations for energy storage capacity in both systems. Energy stored in a hydraulic
accumulator can be calculated with the following equation:

Eacc = −
∫ v f

vo

pdv (4)

In Equation (4), Eacc is the total energy storage capacity of the hydraulic accumulator, p is the
pressure, v0 is the initial volume, and v f is the final volume. The charging and discharging process of
the accumulator can be assumed as adiabatic, and the polytropic index of nitrogen can be assumed
as 1.4, according to Rabie [20], so the relationship between pressure and the volume in the hydraulic
accumulator can be expressed as follows:

pvn = p0vn
0 (5)

Plugging Equation (5) into Equation (4) to obtain Equation (6):

Eacc =

∫ V f

Vo

p0vn
0v−ndv

Eacc = p0vn
0

v1−n

1− n

∣∣∣∣∣∣v f

v0

Eacc =
p0vn

0

1− n

[
v1−n

f − v1−n
0

]
(6)

The final compressed volume can be expressed as a function of the maximum pressure in
the accumulator.

pmaxvn
f = p0vn

0

v f =

(
p0

pmax

)1/n

v0 (7)

The final equation for energy in the accumulator can be obtained by plugging Equation (7) into
Equation (6). Equation (8) is the expression for the energy in the hydraulic accumulator:

Eacc =
p0v0

n− 1

⎡⎢⎢⎢⎢⎢⎣( p0

pmax

) 1−n
n

− 1

⎤⎥⎥⎥⎥⎥⎦ (8)

In Equation (8), p0 is the precharge pressure in the hydraulic accumulator, v0 is the initial gas
volume, pmax is the maximum pressure, and n is the ideal gas constant. The values used for the
calculation of energy capacity in the hydraulic accumulator are shown in Table 7.

Table 7. Estimated energy capacity of the hydraulic accumulator.

Variable Value

p0 (psi) 1000
pmax (psi) 3000

n 1.4
v0 (liter) 1

Eacc (Wh) 1.77
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The energy storage capacity of the ultracapacitor arrangement needs to be approximately equal
to the energy estimated from Equation (8) for the systems to be comparable. The energy in an
ultracapacitor can be calculated with Equation (9):

Eult =
1
2

CVut
2 (9)

In Equation (9), C is the capacitance and Vut is the voltage of the ultracapacitors. The capacitance
and the voltage of the arrangement can be calculated as function of the number of cells in series (NC)
and the number of boards in parallel (NB) with Equations (10) and (11):

C =
NB

NC
Ccell (10)

Vut = NCVcell (11)

The total energy in the ultracapacitor arrangement can be calculated with Equation (12):

Eult =
1
2

CcellVcell
2(NBNC) (12)

The energy capacity of the ultracapacitors is close to the energy capacity in an accumulator with
six cells connected in series in a single board and six boards connected in parallel. The estimated
energy storage capacity of the ultracapacitor arrangement is shown in Table 8.

Table 8. Estimated energy capacity of the ultracapacitors.

Variable Value

Ccell (F) 50
Vcell (V) 2.7

NB 6
NC 6

Eult(Wh) 1.82

As mentioned previously, this test bench was designed to measure the flow of energy through
the ultracapacitors while charging and discharging. During charging mode, switch SB was on
(see Figure 10), while switch SR was off. The current in the circuit depended on the value of the
resistance. During discharge mode, switch SB was turned off and switch SR was turned on, which
allowed the current to flow from the ultracapacitors to the rheostats, where the energy stored was
dissipated as heat. During the experiments, the measured variables included voltage across the
ultracapacitors and the current flowing through them. With these variables, the instantaneous power
could be calculated, and the energy stored in the ultracapacitors could be estimated. The results for a
charge and discharge experiment are shown in Figure 13 to illustrate the output.

Sixty experiments (30 for charge and 30 for discharge) like the one described in this section were
made to calculate the efficiency and performance of the ultracapacitor arrangement. In the first round
of experiments, just one board with six cells was connected, and five different values of resistance were
tested. For the second round of experiments, two boards were connected and five different values of
resistance were tested, this process was carried out until six boards were connected and tested with
five different values of resistance. The same procedure was applied for discharge. The details for the
tests performed in the electric testbench are summarized in Table 9; the number of boards connected,
the equivalent capacitance (C), and the equivalent resistance (R) are presented in the table. A detailed
explanation of the results is included in the next sections.
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(a) (b)

Figure 13. Results for charging (a) and discharging (b).

Table 9. Information of the tests performed in the ultracapacitor test bench.

Number of Boards Connected C (F) R (Ω) Number of Boards Connected C (F) R (Ω)

1 8.33

7.7

4 33.32

7.7
6 6

4.3 4.3
2.1 2.1
1.6 1.6

2 16.66

7.7

5 41.65

7.7
6 6

4.3 4.3
2.1 2.1
1.6 1.6

3 24.99

7.7

6 50

7.7
6 6

4.3 4.3
2.1 2.1
1.6 1.6

4. Results for the Hydraulic Accumulator

Instantaneous power in the accumulator could be calculated as the product of pressure and
flow rate. These variables were measured during charging and discharging. The results for energy
calculation and energy efficiency for the hydraulic accumulator are shown in Table 10. The energy
cycle efficiency is the ratio between the total energy released while discharging and the total energy
stored while charging.

Table 10. Results for energy calculation in the hydraulic accumulator.

Variable Value

Total Energy Stored While Charging 1.308± 0.003 Wh
Total energy released while discharging 1.147± 0.005 Wh

Energy cycle efficiency 87.7± 0.6%

The efficiency of the hydraulic system in transferring power from the shaft of the hydraulic
pump to the hydraulic accumulator is shown in Table 10. For vehicular application, the kinetic
energy of the wheels would move the shaft of a hydraulic pump, which would move the fluid to
the hydraulic accumulator in order to absorb the kinetic energy of the vehicle. In the test bench,
the wheel was replaced by an electric system. In previous studies, it has been demonstrated that
using hydraulic accumulators in vehicle drivetrains can have a positive impact in the efficiency of a
vehicle. Wang et al. [19] demonstrated the advantages of a simulated drivetrain for a light passenger
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vehicle, where, although the energy used for the simulated drive cycle was better using the pure
electric drivetrain, the acceleration performance was better for the hydraulic drivetrain thanks to its
higher power density. Moreover, Hui et al. [18] studied the effect of using a hydraulic accumulator for
extending the state of charge of a battery when hybridizing an electric drivetrain with a hydraulic
regeneration with positive results due to the high efficiency of hydraulic accumulators. The power in
the hydraulic pump shaft was calculated as the product of the shaft torque and the rotational speed.
The torque was estimated based on the pressure at outlet of the pump. The pressure and the torque
were correlated according to the next expression.

T =
DΔp
ηm

(13)

In Equation (13), ηm is the mechanical efficiency of the pump. The efficiency is a function of
the pressure and the flow rate in the system, so the efficiency changes throughout the experiment.
The pressure and the flow rate were measured, and with the datasheets provided by the manufacturer
of the pump, it was possible to estimate the efficiency and the torque at any operating conditions.
Thus, at any time in the experiment, the input power in the hydraulic pump could be estimated, as
could the power going to the accumulator. Then, the instantaneous efficiency of the system could
be obtained. At any instant of the experiment, the flow rate and the pressure could be measured.
At the same instant, the power input could be measured. With this information, it was possible to
create an efficiency map for the hydraulic accumulator, which is shown in Figure 14. The same map
without the data points is shown in Figure 15. The map between datapoints was estimated with linear
interpolation using the Matlab function griddata [21].

Figure 14. Instantaneous efficiency of the hydraulic accumulator with data points.

Figure 15. Instantaneous efficiency of the hydraulic accumulator using a gear pump.
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The map presented in Figures 14 and 15 is important in identifying operating conditions that
would be optimal for a system like the one proposed in this study. According to these plots, the highest
efficiency was around 80% and was obtained for flow rates of approximately 1 gpm and pressures of
approximately 1800 psi.

The current and voltage of the electric system were also measured during the experiment. A similar
map of efficiency could be made for the conversion of electric power to hydraulic power. The map is
shown in Figure 16.

Figure 16. Instantaneous efficiency for conversion of electric power to hydraulic power.

The maximum efficiency was around 50%, relatively low because this was the efficiency of
converting the electric power taken from the battery to hydraulic power in the accumulator. The electric
power from the battery had to be converted into AC power in the inverter. After that, the AC power
was converted into mechanical power by the electric motor. This mechanical power was used to move
the shaft of the hydraulic pump, and the hydraulic pump moved the fluid from the reservoir to the
accumulator through the hydraulic system, which had some power losses due to friction.

Another important aspect to consider was that the current of the battery was very high during the
charging process, which was not the most efficient way to use the battery. The results for the battery
for one of the charging experiments are shown in Figure 17.

Figure 17. Experimental results for current, voltage, power, and load.

The maximum current during this experiment was 66 A, which was much higher than the
continuous current recommended for the efficient operation of this battery, according to the technical
data presented in Table 4. The efficiency results for a system with a model of a piston pump were
estimated. The model of the piston pump was made by using commercially available datasheets of
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different piston pumps and then estimated with interpolation for a piston pump with a volumetric
displacement of 0.73 in3/rev, which was 11.9 cc/rev. The results of the numerical estimation are shown
in Figure 18.

Figure 18. Instantaneous efficiency of the hydraulic accumulator using a piston pump (estimated).

The estimated results of Figure 16 show that the instantaneous efficiency of the system using a
model of a piston pump could be improved, mostly because axial piston pumps had higher efficiencies.
The results for the efficiency including the electric motor are shown in Figures 19 and 20. These figures
show the efficiency of conversion of electric power to mechanical power in the electric system using a
gear pump (experimental) and a piston pump (estimated).

Figure 19. Efficiency of the electric system in the charging process using a gear pump.

Figure 20. Efficiency of the electric system in the charging process using a piston pump (estimated).
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From Figures 19 and 20, it can be observed that the electric system worked better when using
a gear pump. The difference in the results was due to the input torque needed to turn the shaft of
the hydraulic pump, which in this case is lower for the gear pump than for the piston pump used.
The overall efficiency of the system was highly dependent on pump efficiency.

5. Results for the Ultracapacitors

The tests in the ultracapacitor test bench were made by changing the number of boards connected
and the resistance used in the circuit. For each of the six possible board configurations, five different
values of resistance were used. Starting with one board of six ultracapacitors, the charge and discharge
tests were performed five times, and each time, the resistance selected was different. In total, thirty
experiments were conducted for charging and thirty experiments for discharging. The results during
charge and discharge cycles are presented below.

From Figure 21, it can be seen that the maximum voltage level of the system was reached faster
when fewer boards were used—that is, when fewer ultracapacitors were energized. In Figures 21
and 22, each line represents one experiment for one value of resistance.

Figure 21. Voltage while charging according to the number of boards connected.

Figure 22. Power while charging according to the number of boards connected.

Now the same results are presented, but they are presented according to the number of the test
(Figures 23 and 24). Test number 1 had the highest value of resistance, and test number 5 had the
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lowest value of resistance. The individual lines represent the number of boards connected in the
electric system. The time to reach maximum voltage value was lower at a lower resistance. The value
of the resistance used in each test is presented in Table 11.

Table 11. Resistance value for the tests.

Test Number Resistance Value

Test 1 7.7 Ω
Test 2 6.0 Ω
Test 3 4.3 Ω
Test 4 2.1 Ω
Test 5 1.6 Ω

Figure 23. Voltage while charging according to the value of resistance.

Figure 24. Power while charging according to the value of resistance.

A discharging experiment was conducted for each charging experiment. The results according to
the number of boards are presented on Figures 25 and 26, and the results according the number of the
test are presented in Figures 27 and 28.
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Figure 25. Voltage while discharging according to the number of boards connected.

Figure 26. Power while discharging according to the number of boards connected.

Figure 27. Voltage while discharging according to the number of the test.
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Figure 28. Power while discharging grouped according to the number of the test.

Using results presented in Figures 21–28, it was possible calculate the energy stored in the
ultracapacitors and the efficiency. The results for energy calculations in the ultracapacitors are
presented in Table 12.

Table 12. Results for energy calculation in the ultracapacitors.

Variable Number of Boards Connected in Parallel

1 2 3

Value Error Value Error Value Error

Energy stored while charging (Wh) 0.31 0.01 0.63 0.02 0.92 0.03
Energy stored while discharging (Wh) 0.25 0.01 0.50 0.01 0.76 0.02

Energy efficiency 77.46 2.33 77.2 2.7 80.75 3.3

Variable Number of Boards Connected in Parallel

4 5 6

Value Error Value Error Value Error

Energy saved while charging (Wh) 1.24 0.04 1.61 0.05 1.89 0.06
Energy stored while discharging (Wh) 0.97 0.03 1.29 0.04 1.47 0.05

Energy efficiency 78.99 3.91 80.4 4.73 77.74 5.42

6. Comparative Evaluation

The results for energy density and power density are presented in Table 13. Three energy
systems were compared: a battery, which is the principal source of energy, the ultracapacitor, and the
hydraulic accumulator.
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Table 13. Energy density and power density.

Energy Storage System
Energy/Vol

(Wh/m3)
Energy/Mass

(Wh/kg)
Cost/Energy

(US$/Wh)

Battery 195144 115.2 0.45
Ultracapacitor 2539.7 2.72 138.67
Accumulator 1227 0.29 404.68

Energy Storage System
Power/Vol
(kW/m3)

Power/Mass
(kW/kg)

Cost/Power
(US$/kW)

Battery 325.24 0.192 270.83
Ultracapacitor 2588 2.21 217
Accumulator 7548 2.69 75

The radar plot presented in Figure 29 better illustrates these results. The radar plot shows the
results in a scale from 0 to 10 for the three energy storage systems used in this study. The “Score” value
for each component of the radar plot was determined using this equation:

Score =
System Value

Best Value
·10 (14)

In Equation (14), the “System Value” is the value of each system: battery, ultracapacitor, or
accumulator, and “Best Value” is the best value among the three energy storage systems. This “Best
Value” depends on the specific characteristic to be studied. For instance, in energy/volume, the “Best
Value” would be the highest value among the three systems, but in cost/power, the “Best Value” will
be lowest.

Figure 29. Radar plot comparing three energy storage systems.

From the radar plot, it is possible to see that the energy side of the plot is mostly covered by the
battery. Neither of the other two systems could compete against the battery in terms of energy storage.
On the other hand, the hydraulic accumulator dominates the power part of the plot. This means that
the hydraulic accumulator is suited for high power applications. A comparison between the hydraulic
accumulator and the ultracapacitor is shown in Figure 30.
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Figure 30. Radar plot comparing ultracapacitors and hydraulic accumulators.

From Figure 29, it is possible to see that the hydraulic accumulator is more suitable than the
ultracapacitors in the power segment of the plot, while the ultracapacitor is better in the energy segment
of the plot. However, the battery was better than these two systems for storing energy. It is important
to note that the energy efficiency for the ultracapacitor was around 78.7%, and the energy efficiency of
the hydraulic accumulator was 87.7%. This improvement in energy efficiency and the better power
density compared with ultracapacitors could be a determining factor in choosing a hydraulic system
over an electric system for a specific application when needing to rapidly charge or discharge energy
storage devices, such as in the case for regenerative breaking.

The net cost of each system is presented in Table 14, but the information of this table is not enough
to make an effective cost analysis of the energy storage systems considered in this study. It is necessary
to consider the results presented in Table 14 and in the radar plots of Figures 29 and 30.

Table 14. Cost of each system.

Energy Storage System Cost

Battery 390 USD
Ultracapacitors 210 USD

Hydraulic accumulator 391 USD

From the comparative results presented in the radar plots of Figures 29 and 30, it is possible
to see that regarding cost/energy ratio, the battery was far better than ultracapacitors and hydraulic
accumulators. The cost per unit of energy in the battery was 0.45 USD/Wh, the cost per unit of energy in
the ultracapacitors was 138.7 USD/Wh, and the cost per unit of energy in the hydraulic accumulator was
404.7 USD/Wh. Regarding the cost per unit of power, the best system was the hydraulic accumulator
with 75 USD/kW, the ultracapacitor had a cost/power ratio of 217 USD/kW, and the battery had a
cost/power ratio of 270.8 USD. These results demonstrate the potential of hydraulic accumulators for
applications that require a high power density. Nevertheless, it is necessary to consider how expensive
an accumulator could be if it is required to store energy for a large period, because its cost per unit of
energy is not the best.

7. Conclusions

Two test benches were designed and built to test two different energy storage systems: a hydraulic
accumulator and an ultracapacitor with identical energy capacities. The energy efficiency under the
test conditions for the hydraulic accumulator was 87.7%, and the energy efficiency of the ultracapacitor
was 78.7%.
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The efficiency map from this study can be used to determine a control strategy for a regenerative
system with hydraulic accumulators. This efficiency map can be replicated for different hydraulic
pumps by using numerical models for a pump. In addition, the analysis of the efficiency map for a
piston pump shows that a hydraulic accumulator would be more efficient if a piston pump is used
instead of a gear pump.

This study also shows that energy segments of the radar plot were dominated by the ultracapacitor,
while the power segments were dominated by the hydraulic accumulator. It is interesting to note
that there were segments in the radar plot that were not covered by either of the three energy storage
systems. In other words, none of the systems showed a good score in cost/power and energy/volume.
This means that energy storage systems with high energy density can provide high power but at a high
cost. Moreover, there was no system with a high score in power/volume and cost/energy, which means
that the energy storage systems with good power density can be used to store energy but at a high cost.

The higher energy efficiency in the hydraulic accumulator and the better power density compared
with ultracapacitors could be determining factors in choosing a hydraulic system over an electric
system for a specific application, where there is a need to rapidly charge or discharge energy storage
devices, such as in the case of regenerative breaking.
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Abstract: Accurate estimation of the state of charge (SOC) is an important criterion to prevent the
batteries from being over-charged or over-discharged, and this assures an electric vehicle’s safety and
reliability. To investigate the effect of different operating conditions on the SOC estimation results,
a dual-polarization model (DPM) and a fractional-order model (FOM) are established in this study,
taking into account the prediction accuracy and structural complexity of a battery model. Based on
these two battery equivalent circuit models (ECMs), a hybrid Kalman filter (HKF) algorithm is adopted
to estimate the SOC of the battery; the algorithm comprehensively utilizes the ampere-hour (Ah)
integration method, the Kalman filter (KF) algorithm, and the extended Kalman filter (EKF) algorithm.
The SOC estimation results of the DPM and FOM, under the dynamic stress test (DST), federal
urban driving schedule (FUDS), and hybrid pulse power characteristic (HPPC) cycle conditions,
are compared and analyzed through six sets of experiments. Simulation results show that the SOC
estimation accuracy of both the models is high and that the errors are within the range of ±0.06.
Under any operating conditions, the SOC estimation error, based on the FOM, is always lower than the
SOC estimation error of the DPM, but the adaptability of the FOM is not as high as that of the DPM.

Keywords: lithium-ion battery; dual-polarization model; fractional-order model; SOC estimation;
hybrid Kalman filter

1. Introduction

Lithium-ion power batteries are widely used in electric vehicles (EVs), owing to their advantages
of high energy density, low self-discharge rate, long cycle life, and no memory effect [1]. To ensure
the safe, efficient, and stable operation of the power batteries, it is essential to manage the batteries
effectively [2]. It is known that the state of charge (SOC) serves as an important indicator to characterize
the remaining battery capacity. Therefore, an accurate SOC estimation is the basis for preventing
over-charge and over-discharge, and for equilibrium processing. Accurate SOC estimation is the core
of an effective battery management system (BMS) [3–5].

An effective battery model is a prerequisite for estimating the SOC of a battery. A model that is
not effective directly reduces the accuracy of the SOC estimation algorithm, and could even cause
the estimation algorithm to diverge directly in severe cases. There are three main types of working
lithium-ion battery models: the black-box models, the electrochemical models, and the equivalent
circuit models (ECMs) [6]. These three types of models describe the characteristics of the lithium-ion
batteries from different detail levels [7]. The black-box models are similar to a linear or nonlinear
mapping function. This function reflects the characteristics of battery voltage response, whereas ignores
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the internal mechanism of the battery and has no physical existence. The electrochemical models
contain many equations and parameters, but the simulation accuracy of the battery under complex
working conditions is low. The ECMs are used to simulate the external operating characteristics of the
battery by the matching of electronic components and are widely used in battery SOC estimation [8].
The pseudo-two-dimensional electrochemical mechanism model proposed by Doyle et al. [9] is
often used as a full-order reference mechanism model, and it is also used to evaluate and test other
simplified mechanism models. Wang et al. [10] established a nonlinear black-box battery model,
and the verification under federal urban driving schedule (FUDS) operating conditions showed that
the relative error of voltage was within 3.8%. Plett et al. [11] developed the commonly used ECMs in
detail, including internal resistance models, models considering hysteresis effects, etc. Kim et al. [12]
proposed a hybrid battery model consisting of a KiBaM model and a dual-polarization model (DPM),
which can simultaneously describe the external dynamic characteristics and the recovery effect of the
battery. Hu et al. [13] used a second-order fractional-order model to predict the terminal voltage under
FUDS cycling conditions, and the average relative error does not exceed 0.1%, which proved the high
accuracy of the model.

At present, the SOC estimation methods used both locally and internationally include: the
ampere-hour (Ah) integration method [14], electrochemical impedance spectroscopy (EIS) method [15],
open-circuit voltage (OCV) method [16], internal resistance method [1], particle filter (PF) [17], Kalman
filter (KF) [18], fuzzy logic (FL) [19], artificial neural network (ANN) [20], support vector machine
(SVM) [21], and relevance vector machine (RVM) [22]. The authors in [23] critically reviewed the
existing SOC estimation methods in the past five years and introduced the basic principles and main
disadvantages of various methods. Among these methods, the KF is an optimized autoregressive
data filtering algorithm [24], which utilizes the principle of minimum mean square error to achieve
an optimal state estimation for a complex dynamic system. Not only does the KF correct the initial
error of the system but it also effectively suppresses the noise in the actual measurement process [8].
This feature makes the KF stand out among the current SOC estimation models. Therefore, a variety
of improved algorithms have also been derived, such as the extended Kalman filter (EKF) [25],
the adaptive unscented Kalman filter (AUKF) [26], and the central difference Kalman filter (CDEF) [27].
In 2004, Gregory L Plett [11] employed the EKF algorithm to perform the battery state and parameters’
estimation based on the ECM. He proposed an EKF algorithm as the core control method, which was
supported and improved by many researchers [28–30]. Xu et al. [31] proposed a fractional-order model
(FOM) for SOC estimation. Compared to the integer-order model, the accuracy of the SOC estimation
is significantly improved with the FOM. Lai et al. [32] combined the Ah integration method and the
EKF to estimate the SOC based on multi-model global identification. The results proved the robustness
of the algorithm. Xu et al. [33] employed the double Kalman filter (DKF) algorithm to estimate the SOC
of a lithium-ion battery based on the temperature-dependent DPM. After verification, the battery SOC
estimation error could be kept within the range of ± 0.004 under different temperature conditions.

At present, most works in the existing literature focus on the SOC estimation algorithm, and the
effects of operating conditions on SOC estimation are barely considered. In this study, we studied
the influence of different operating conditions on SOC estimation based on different battery models.
Simulation results show that the SOC estimation accuracy of the DPM and the FOM is satisfactory,
and the errors are within the range of ±0.06. Under any operating condition, the SOC estimation error
of the FOM is always less than that of the DPM, but the adaptability of the FOM is not as good as that
of the DPM.

This paper is organized as follows: first, we establish a DPM and a FOM. Second, we apply a
mixed-swarm-based cooperative particle swarm optimization (MCPSO) algorithm to identify the
battery parameters. The accuracy of the model is verified by using dynamic stress test (DST) operating
condition. Third, a hybrid Kalman filter (HKF) algorithm is used to estimate the SOC of the battery,
comprehensively utilizing the Ah integration method, KF, and EKF. Finally, the SOC estimation results
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of the DPM and the FOM under DST, FUDS, and hybrid pulse power characteristic (HPPC) cycling
conditions are analyzed by comparing six sets of experiments.

2. Establishment of Lithium-Ion Battery Model

The ECMs (integer-order models and FOMs) are the most widely used type of battery models in
various battery-related research because of their clear physical representation, ease of mathematical
analysis, and simple parameter identification [34]. Among these models, considering the trade-off
between prediction accuracy and structural complexity, the DPM stands out from all integer-order
models [35]. However, the integer-order models cannot accurately reflect the electrochemical reactions
inside the battery. Therefore, in [36], the authors have used fractional-order impedance elements
to improve the integer-order model further. This is because, from the perspective of EIS, a circuit
composed of fractional-order impedance elements can better fit the impedance characteristics of a
lithium-ion battery, and thus has better applications in battery principle analysis, battery modeling,
and state estimation. To investigate the effects of different operating conditions on the battery SOC
estimation, the SOC estimation experiments under different operating conditions were conducted in
this study, based on the DPM and FOM.

Figure 1a shows the structure of the DPM, and Figure 1b shows the structure of the FOM, where
Ud represents the battery terminal voltage, UOCV stands for the OCV, the current is denoted by I, R0

indicates the Ohmic internal resistance, the polarization internal resistances are represented by R1 and
R2, C1 and C2 stand for the polarization capacitances, the constant phase elements are denoted by CPE1

and CPE2, and W indicates the Wahlberg element.

Ud+
- Uocv

R0

R1 R2

C1 C2

I

Ud

(a)Structure of the dual-polarization model (DPM)

+
- Uocv

R0

R1 R2

CPE1 CPE2

I

W

 (b)Schematic of the fractional-order model (FOM)

Figure 1. Structural diagram of equivalent circuit models (ECMs).

2.1. Establishment of Lithium-Ion Battery DPM

The terminal voltage of the battery is shown as follows:

Ud = UOCV + R0I + U1 + U2 (1)

The changes in the rates of voltages U1 and U2 are
•

U1 and
•

U2, respectively, which can be expressed
by Equations (2) and (3):

•
U1 = − U1

R1C1
+

I
C1

(2)

•
U2 = − U2

R2C2
+

I
C2

(3)

The definition of SOC is presented in Equations (4) as follows:

SOC(t) = SOC(t0) +

∫ t

t0

ηI(τ)
Q

dτ (4)
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where the values of SOC at time t and t0 are denoted by SOC(t) and SOC(t0), respectively, Q stands
for the maximum available capacity, the charging and discharging efficiency is represented by η.
Supposing ΔT indicates the sampling time, discretizing Equations (1), (2), and (4) as follows:

U1(k) = exp(
−ΔT
R1C1

)U1(k− 1) + R1I(k)[1− exp(
−ΔT
R1C1

)] (5)

U2(k) = exp(
−ΔT
R2C2

)U2(k− 1) + R2I(k)[1− exp(
−ΔT
R2C2

)] (6)

SOC(k) = SOC(k− 1) +
ηΔT

Q
I(k) (7)

The parameters to be identified are:

θ= [R0 R1 C1 R2 C2 UOCV Q] (8)

2.2. Establishment of Lithium-Ion Battery FOM

The transfer function is presented in Equation (9) for the lithium-ion battery FOM as follows:

UOCV(s) −Ud(s)
I(s)

=
R1

1 + R1Z−1
1

+
R2

1 + R2Z−1
2

+ ZW + R0 (9)

where Z1 = (CPE1Sα)−1 and Z2 =
(
CPE1Sβ

)−1
indicate the impedances of CPE1 and CPE2 element,

respectively. The impedance of the Wahlberg element is denoted by ZW = (WSγ)−1.
Assuming the system input is u = I(t), and the output is y = UOCV (t) − Ud(t), then the system

model is denoted by a fractional calculus equation, as shown in Equation (10).

(WDγ + WR1CPE1Dα+γ + WR2CPE2Dβ+γ + WR1CPE1R2CPE2Dα+β+γ)y(t)

= [R1CPE1Dα + R2CPE2Dβ + (R0 + R1 + R2)WDγ+

R1CPE1R2CPE2Dα+β + (R0 + R2)WR1CPE1Dα+γ+

(R0 + R1)WR2CPE2Dβ+γ + R0WR1CPE1R2CPE2Dα+β+γ]u(t) + u(t)

(10)

Here, the fractional-orders of CPE1 and CPE2 are represented by α and β, and the fractional-order
of the Wahlberg element is denoted by γ. The parameters Dγ, Dα, Dβ, Dα+γ, Dβ+γ, Dα+β, Dα+β+γ

indicate the fractional-order operators.
The definition of SOC of the FOM is given by:

D1SOC(t) = − η
Cn

u(t) (11)

where Cn is the rated capacity of the battery; η stands for the battery coulomb efficiency.
By using calculations as presented in [13], we can transform Equation (10) into a first-order

difference equation as follows:

y(k) = −A(1)
A(0)

y(k− 1) +
1 + B(0)

A(0)
u(k) +

B(1)
A(0)

u(k− 1) (12)

Discretizing Equation (11):

SOC(k) = SOC(k− 1) − ηT
Cn

u(k) (13)
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The FOMs of lithium-ion batteries can be established using Equations (12) and (13), and the
parameters that the model needs to identify are as follows:

θ = [R0 R1 CPE1 R2 CPE2 W α β γ] (14)

2.3. Model Parameter Identification

2.3.1. Model Parameter Identification

The equipment employed in our experimentation included a battery testing device (BTS-5 V
100 A), an incubator (HL404C), a charging and discharging facility, and a computer. The sampling
time of the battery test system was set to 0.1 s. Figure 2 shows the configuration of the battery testing
system. The A123 ternary lithium-ion soft pack batteries were selected as the experimental objects,
and their specifications can be seen in Table 1.

 
Figure 2. Configuration of the battery testing bench.

Table 1. Specification of the battery.

Rated Capacity Charging Cut-Off Voltage Discharging Cut-Off Voltage Charging Cut-Off Current

25 Ah 4.20 V 2.50 V 1.25 A

The OCV is an important parameter of the lithium-ion battery, and it usually has a relatively fixed
corresponding relationship with the SOC. By testing the OCV at different SOC points, the SOC-OCV
curve of the battery can be drawn. Generally, if the lithium-ion battery is left in the open state for a
sufficiently long period, the measured battery terminal voltage can be approximately considered as the
battery’s OCV [37]. According to the Empirical Formula (15) and the fitted data of Table 2, Figure 3
shows the connection between OCV and SOC [11]. The fitted parameters for the OCV-SOC curve are
shown in Table 3.

UOCV(SOC) = C0 + C1SOC + C2
1

SOC
+ C3 ln(SOC) + C4 ln(1− SOC) (15)
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Table 2. Open-circuit voltage-state of charge (OCV-SOC) fitting curve parameter table.

SOC 10% 20% 30% 40% 50% 60% 70% 80% 90%

OCV/V 3.47 3.54 3.61 3.64 3.67 3.73 3.83 3.92 4.03

Figure 3. Fitted curve of open-circuit voltage-state of charge (OCV-SOC).

Table 3. Fitted parameters for the OCV-SOC curve.

C0 C1 C2 C3 C4

2.951 0.998 −0.052 −0.400 −0.086

To simulate cells operating in EVs and obtain their characteristics, static capacity test (SCT), DST,
FUDS, and HPPC tests were performed at an environmental temperature of 25 ◦C. Later, the MCPSO
algorithm [13] was employed to identify the parameters of the above-mentioned DPM and FOM in the
time domain. The results of parameter identification are shown in Tables 4 and 5.

Table 4. Dual-polarization model (DPM) model parameter identification results.

R0 R1 C1 R2 C2 Q

0.049 0.005 3089.2 0.003 552.129 24.994

Table 5. Fractional-order model (FOM) parameter identification results.

R0 R1 CPE1 R2 CPE2 W α β γ

0.012 0.008 19.714 17.808 51.103 155.786 0.839 0.213 0.167

2.3.2. Model Accuracy Verification

In this study, the DST test cycle conditions are used to verify the model accuracy for both the DPM
and the FOM. The battery current is used as the model input variable so that the corresponding model
voltage output can be measured and plotted. Figure 4 shows the current profile of DST operating
condition. The comparison chart and error chart of the DPM output voltage and measured voltage are
shown in Figure 5. The comparison chart and error chart of the FOM output voltage and measured
voltage are shown in Figure 6.
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Figure 4. Current profile of the dynamic stress test (DST) test cycle condition.

Figure 5. DST working condition verification of the dual-polarization model (DPM).

Figure 6. The DST working condition verification of the fractional-order model (FOM).

Figures 5 and 6 show that the output voltage curves and measured voltage curves of the DPM
and the FOM are highly fitted. In addition, the voltage error of the DPM did not exceed 40 mV, and the
voltage error of the FOM was kept within 20 mV. This shows that the established model yielded high
accuracy under DST working conditions. However, the accuracy of the FOM was higher than that of
the DPM. The quantitative results are presented for comparison in Table 6.
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Table 6. RMSEs and relative errors for different SOC ranges.

Model DPM FOM

RMSE 12.20 mV 8.19 mV
Relative mean error 0.391% 0.156%

3. SOC Estimation Based on HKF Algorithm

The SOC estimation accuracy of the lithium-ion battery is essential for the BMS. It is reflected in
other functions, including charging and discharging control, balance management, safety management,
and fault diagnosis cannot be achieved without the high-precision SOC estimation. In this paper,
an HKF algorithm based on an established DPM and the FOM is proposed for SOC estimation.
The algorithm comprehensively utilizes the merits of the Ah integration method, the KF algorithm,
and the EKF algorithm, with verified effectiveness under different operating conditions.

3.1. KF Algorithm and EKF Algorithm

For a discrete linear system, the KF algorithm can be used to improve the estimation accuracy of
the system state variables. Recursive formulas used in the algorithm are shown in Table 7. However,
the KF algorithm is only effective for linear systems. The DPM and the FOM of lithium-ion batteries
established in this paper both are nonlinear models, challenging the usefulness of the KF algorithm.
The EKF algorithm can linearize a nonlinear system, thus introducing approximation in the process,
and inducing inevitable model errors. However, the algorithm poses certain advantages, such as being
simple and fast in its implementation. Hence, the EKF algorithm has been extensively used to deal
with the estimation problems for nonlinear models, and its recursive formula is shown in Table 8.

Table 7. The Kalman filter (KF) algorithm recursive formula.

Prior estimation: x(k/k− 1) = Akx(k− 1/k− 1) + Bku(k)
P(k/k− 1) = AkP(k− 1/k− 1)Ak

T + Qω

Posterior estimation:
Kg(k) = P(k/k− 1)Ck

T/[CkP(k/k− 1)Ck
T + Rv]

x(k/k) = x(k/k− 1) + Kg(k)[y(k) − (Ckx(k/k− 1) + Dku(k))]
P(k/k) = [I −Kg(k)Ck]P(k/k− 1)

Table 8. The extended Kalman filter (EKF) algorithm recursive formula.

Prior estimation: x̂k/k−1 = f (x̂k−1/k−1, uk−1)
Pk/k−1 = Ek−1Pk−1/k−1Ek−1

T + Qω

Posterior estimation:
Kgk = Pk/k−1Fk

T/(FkPk/k−1Fk
T + Rv)

x̂k/k = x̂k/k−1 + Kgk(yk − g(x̂k/k−1, uk))
Pk/k = [I −KgkFk]Pk/k−1

3.2. SOC Estimation Based on HKF

Figure 7 shows the proposed HKF-based SOC estimation algorithm. This algorithm uses a
two-layer filtering arrangement to proceed with SOC estimation. In the first layer, the error between
the measured voltage (denoted by Vce) and the battery model output voltage (i.e., V) is utilized as
the input to an EKF. The output from the EKF provides feedback to the established battery model to
obtain a correctional SOC estimate, SOCEKF. The objective of the EKF is to dispose the nondeterminacy
resulted from modeling defects. Thus, the estimation performance of SOC is improved. The second
layer uses the KF to deal with the cumulative error caused by the Ah integration method. The specific
way is that the error difference between SOCEKF and the SOC estimate came from the Ah integration
method (namely SOCAh) is sent to a KF, then the output from the KF provides feedback to the Ah
integration algorithm, producing a further correctional SOC estimate value, which is the output SOC.
Therefore, the accuracy of SOC estimation can be further improved by the second filter.
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Figure 7. Schematic diagram of the hybrid Kalman filter (HKF) algorithm.

To perform related calculations of the HKF, the DPM is converted into a state-space expression by
Equations (5)–(7): ⎧⎪⎪⎨⎪⎪⎩ xk+1 = Axk + Buk +ωk

yk = Cxk + Duk + νk
(16)

Among those, the state variable of the system is set to x = [SOC U1 U2]; the input is u = I, and the
output is y = U. The definitions of A, B, C, and D are shown as follows:

A =

⎡⎢⎢⎢⎢⎢⎢⎢⎢⎢⎣
1 0 0
0 exp

( −t
R1C1

)
0

0 0 exp
( −t

R2C2

)
⎤⎥⎥⎥⎥⎥⎥⎥⎥⎥⎦ (17)

B =

⎡⎢⎢⎢⎢⎢⎢⎢⎢⎢⎢⎢⎢⎣
ηt
Q

R1
(
1− exp

( −t
R1C1

))
R2
(
1− exp

( −t
R2C2

))
⎤⎥⎥⎥⎥⎥⎥⎥⎥⎥⎥⎥⎥⎦ (18)

C =

[
dOCV
dSOC

1 1
]

(19)

D = R0 (20)

According to the FOM, the continuous state-space function can be expressed by Equations (21)–(23).

DαV1(t) = −
1

R1CPE1
V1(t) +

1
CPE1

I(t) (21)

DβV2(t) = − 1
R2CPE2

V2(t) +
1

CPE2
I(t) (22)

DγVW(t) = − 1
W

I(t) (23)

According to the definition, the system state SOC of the FOM can be denoted as Equation (24):

D1SOC(t) = − η
Cn

I(t) (24)

Supposing x(t) = [V1(t) V2(t) VW(t) SOC(t)] is state variable of the system, u = I(t) is the input of
the system, and y = Ud(t) is the output from the system. Therefore, the pseudo-system state equation
of the FOM in this paper is built as follows:
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{
DNx(t + 1) = Ax(t) + Bu(t)
y(t) = f [x(t)] + Cx(t) + Du(t)

(25)

where, the definitions of A, B, C, and D are shown in Equations (26)–(29):

A =

⎡⎢⎢⎢⎢⎢⎢⎢⎢⎢⎢⎢⎢⎢⎣
− 1

R1CPE1
0 0 0

0 − 1
R2CPE2

0 0
0 0 0 0
0 0 0 0

⎤⎥⎥⎥⎥⎥⎥⎥⎥⎥⎥⎥⎥⎥⎦ (26)

B =

⎡⎢⎢⎢⎢⎢⎢⎢⎢⎢⎢⎢⎢⎢⎢⎢⎢⎣

1
CPE1

1
CPE2

− 1
W

− ηCn

⎤⎥⎥⎥⎥⎥⎥⎥⎥⎥⎥⎥⎥⎥⎥⎥⎥⎦
(27)

C = [−1 − 1 − 1 0] (28)

D = R0 (29)

UOCV and SOC are functionally related. The fractional-order calculus and EKF principle are used
to discretize Equation (25) as follows: {

xk+1 = Akxk + Bkuk
yk = Ckxk + Dkuk

(30)

where Ak, Bk, Ck and Dk are defined as shown in Equations (31)–(34).

Ak =

⎡⎢⎢⎢⎢⎢⎢⎢⎢⎢⎢⎢⎢⎢⎣
α− Tα 1

R1CPE1
0 0 0

0 β − Tβ 1
R2CPE2

0 0
0 0 γ 0
0 0 0 1

⎤⎥⎥⎥⎥⎥⎥⎥⎥⎥⎥⎥⎥⎥⎦ (31)

Bk =

⎡⎢⎢⎢⎢⎢⎢⎢⎢⎢⎢⎢⎢⎢⎢⎢⎢⎢⎢⎣

Tα
CPE1

Tβ
CPE2

−Tγ
W

− ηTCn

⎤⎥⎥⎥⎥⎥⎥⎥⎥⎥⎥⎥⎥⎥⎥⎥⎥⎥⎥⎦
(32)

Ck = [−1 − 1 − 1
d f (SOCk)

dSOC
] (33)

Dk = R0 (34)

3.3. Comparison of SOC Estimation Results under Different Working Conditions

The test data in this section were based on the lithium-ion power battery test platform and
the related basic characteristic tests. The main parameters are shown in Table 1. Besides, the tests
in this section were performed at the ambient temperature of 25 ◦C. The initial SOC values in all
the experiments were set to 90%, and the commissioning and verification of the SOC estimation
under the HKF for the DPM and the FOM were completed under the parameters set, as explained.
The experimental scheme is shown in Table 9. The basic characteristic tests performed as required for
the battery SOC estimation algorithm included the DST cycle test, the FUDS cycle test, and the HPPC
cycle test. Each working condition test refers to the relevant test methods in the USABC Electric Vehicle
Battery Test Procedures Manual and the Freedom CAR Battery Test Manual for Power-Assist Hybrid Electric
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Vehicles. The specific experimental steps are given in Table 10. The sampling frequency was 10 Hz.
The charging and discharging current and battery terminal voltage response of each test are shown in
Figure 8.

Table 9. Experiments under different models and different test conditions.

Test Objects DPM FOM

Test number 1 2 3 4 5 6
Parameter settings DST FUDS HPPC DST FUDS HPPC

Table 10. The specific experimental steps of the dynamic stress test (DST), federal urban driving
schedule (FUDS), and hybrid pulse power characteristic (HPPC) test conditions.

Test Condition Test Steps

DST

1. Set the temperature of the incubator to 25 ◦C, and let the experimental battery
shelve for an hour

2. 1 C constant current charging to charge cut-off voltage 4.2 V
3. 4.2 V constant voltage charging to charge cut-off current 1.25 A
4. Battery shelved for an hour
5. Running the current profile of DST test cycle condition developed with reference to

USABC Electric Vehicle Battery Test Procedures Manual

FUDS

1. Set the temperature of the incubator to 25 ◦C, and let the experimental battery
shelve for an hour

2. 1 C constant current charging to charge cut-off voltage 4.2 V
3. 4.2 V constant voltage charging to charge cut-off current 1.25 A
4. Battery shelved for an hour
5. Running the current profile of FUDS test cycle condition developed with reference

to USABC Electric Vehicle Battery Test Procedures Manual

HPPC

1. Set the temperature of the incubator to 25 ◦C, and let the experimental battery
shelve for an hour

2. 1 C constant current charging to charge cut-off voltage 4.2 V
3. 4.2 V constant voltage charging to charge cut-off current 1.25 A
4. Battery shelved for an hour
5. Discharging 10% of battery capacity (10% SOC) at 1 C constant current
6. Battery shelved for an hour
7. Discharging at 1 C constant current for 10 s, battery shelved for 40 s, charging at

0.75 C constant current for 10 s
8. Repeat steps 5~7 nine times

Considering that the HKF needs to complete the prior estimation of the SOC by the Ah integration
method, the sampling time interval is particularly important. Here we chose to collect the current and
voltage signal every 0.1 s. It should be noted that, for most devices, the sampling interval cannot be
completely and constantly controlled; that is, the sampling time interval fluctuates slightly around
0.1 s.

The above experimental data are battery current and voltage values. To compare the effects
of DPM and FOM on SOC estimation, it was necessary to obtain reference values for SOC changes.
Considering that under the experimental conditions, the voltage and current acquisition accuracy were
very high, and the battery’s initial SOC and maximum available capacity were known, the sufficiently
accurate SOC change curve could be obtained by the Ah integration method. The curve found by
integration was used as a reference value for the SOC estimation results of the two models, and the
simulation results are shown in Figures 9–11.
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Figure 8. Charging and discharging current and voltage response of battery cell A123 under different
test cycle conditions.

Figure 9. SOC estimation results under the DST test cycle condition.
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Figure 10. SOC estimation results under the federal urban driving schedule (FUDS) test cycle condition.

Figure 11. SOC estimation results under the hybrid pulse power characteristic (HPPC) test
cycle condition.
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As can be seen from Figure 9, the SOC estimation error based on the DPM fluctuated within a range
of ±0.06 under the DST test cycle condition, and the SOC estimation error based on the FOM remained
within a range of ±0.01. Figure 10 shows that the error of SOC estimation based on the DPM fluctuated
within the range of ±0.06 under the FUDS test cycle condition, and the error of SOC estimation based
on the FOM can fluctuate within ±0.01. It is clear from Figure 11 that under the condition of HPPC,
the error of SOC estimation based on the DPM fluctuated within ±0.05 range, and the SOC estimation
error based on the fractional-order model remained fluctuating within ±0.03 range. The results of SOC
estimation errors under different models and different test conditions are summarized in Table 11.
It can be observed that irrespective of the working conditions applied, the SOC estimation error
of the FOM was always less than the estimation error of the DPM, which benefits from the more
accurate simulation of the battery impedance characteristics achieved by the fractional-order model.
This illustrates that the higher the accuracy of the selected model, the lower the SOC estimation error.

Table 11. SOC estimation errors using different models under different test conditions.

Battery Models DPM FOM

Index RMSE Maximum Error Average Error RMSE Maximum Error Average Error

DST 0.0186 0.06 0.0117 0.0124 0.01 0.0034
FUDS 0.0189 0.06 0.0123 0.0125 0.01 0.0039
HPPC 0.0177 0.05 0.0098 0.0146 0.03 0.0047

From Figure 9b, Figure 10b, and Figure 11b, it could be seen that in the DPM, the frequency of
current change in the DST mode and FUDS mode was nearly the same, and the error of SOC estimation
was within ± 0.06 range; the SOC estimation error could be maintained within ±0.05 range under
HPPC test cycle condition. The maximum fluctuation of the SOC estimation error between different
operating conditions was 0.01. From Figure 9c, Figure 10c, and Figure 11c, the SOC estimation error of
the FOM in the DST and FUDS test cycle conditions fluctuated within ±0.01 range. Under the HPPC
test cycle condition, the SOC estimation result was relatively poor, but the SOC estimation error could
also remain within a range of ±0.03. The maximum fluctuation of the SOC estimation error between
different operating conditions was 0.02. This shows that the adaptability of the FOM was not as good
as that of the DPM. As can be seen from Figures 9a and 11a, in most cases, the SOC simulation values of
the two models basically fluctuated slightly around the measured values, and only fluctuated slightly
larger when the voltage and current change suddenly. Moreover, the fluctuation range of the FOM
was larger than that of the DPM, but it immediately converged near the theoretical value, which had
better convergence than the DPM. In summary, although the SOC estimation accuracy of the FOM was
higher, the adaptability of working conditions was not as good as that of the DPM.

4. Conclusions

To investigate the effect of different operating conditions on the SOC estimation results, a DPM
and a FOM were established in this study, taking into account the prediction accuracy and structural
complexity of a battery model. Further, based on these two battery ECMs, an HKF was used to estimate
the SOC of the battery, utilizing the Ah integration method, KF, and EKF. The SOC estimation results of
the DPM and the FOM under DST, FUDS, and HPPC test cycle conditions were compared and analyzed
through six sets of experiments. Simulation results showed that the SOC estimation accuracy of both
models was satisfactory, and the errors were within the range of ± 0.06. Under any operating condition,
the SOC estimation error of the FOM was always less than that of the DPM, but the adaptability of
the FOM was not as good as that of the DPM. In future work, we consider combining several typical
working conditions to form a new working condition, then identify the parameters of the battery
models to make them more adaptable in different operating conditions.
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Abbreviations

SOC state of charge
DPM dual-polarization model
FOM fractional-order model
ECM equivalent circuit model
HKF hybrid Kalman filter
Ah ampere-hour
KF Kalman filter
EKF extended Kalman filter
DST dynamic stress test
FUDS federal urban driving schedule
HPPC hybrid pulse power characteristic
EVs electric vehicles
BMS battery management system
EIS electrochemical impedance spectroscopy
OCV open-circuit voltage
PF particle filter
FL fuzzy logic
ANN artificial neural network
SVM support vector machine
RVM relevance vector machine
AUKF adaptive unscented Kalman filter
CDKF central difference Kalman filter
DKF double Kalman filter
MCPSO mixed-swarm-based cooperative particle swarm optimization
SCT static capacity test
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Abstract: In this paper, a vehicle–grid integration (VGI) control strategy for radial power distribution
networks is presented. The control schemes are designed at both microgrid level and distribution level.
At the VGI microgrid level, the available power capacity for electric vehicle (EV) charging is optimally
allocated for charging electric vehicles to meet charging requirements. At the distribution grid
level, a distributed voltage compensation algorithm is designed to recover voltage violation when it
happens at a distribution node. The voltage compensation is achieved through a negotiation between
the grid-level agent and VGI microgrid agents using the alternating direction method of multipliers.
In each negotiation round, individual agents pursue their own objectives. The computation can be
carried out in parallel for each agent. The presented VGI control schemes are simulated and verified
in a modified IEEE 37 bus distribution system. The simulation results are presented to show the
effectiveness of the VGI control algorithms and the effect of algorithm parameters on the convergence
of agent negotiation.

Keywords: vehicle–grid integration; distribution network voltage regulation; alternating direction
method of multipliers

1. Introduction

Plug-in electric vehicles (PEVs) have become a practical option for reducing global greenhouse
emissions and fossil fuel depletion. However, PEVs also bring challenges to the operation of the power
grid if the penetration of PEVs increases. Some of our previous studies [1–3] focus on PEV charging
scheduling and optimization within a microgrid, such as via load shaping, charging cost minimization,
etc. Study [4] uses the real-time simulation method to validate the PEV charging control algorithm
in a VGI microgrid. Large-scale PEV charging activities bring more challenges to power distribution
grids. Papers [5–7] use deterministic and stochastic approaches to analyze the PEV charging impact
on the distribution networks, including overloading, transformer aging, voltage drop, frequency
deviation, and network operating costs. Investigations have been conducted to mitigate some of the
aforementioned grid challenges. For example, Cao, et al. [8] formulate the PEV charging activities
in a distribution grid as a generalized Nash equilibrium problem. Without violating the node and
substation power limits, a Nikaido–Isoda-based control algorithm is developed to minimize individual
customers’ PEV charging costs. Wang et. al, [9] develop a fully distributed consensus-based large-scale
PEV charging coordination algorithm in a power distribution grid. The objectives of this development
are to minimize the charging power loss and maximize the PEV power for vehicle-to-grid services.
In [10], the authors further provide a dual-level consensus-based electric vehicle charging control
scheme for distribution grid frequency regulation. The upper-level control aims to minimize the
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frequency deviation, and the lower-level control aims to minimize the frequency regulation cost and
battery degradation.

In a traditional radial distribution grid, power is delivered from the head node to the end node
through the feeder line. Our previous study [5] proposes that the reason for the voltage drop is the
excessive high load peaks in a distribution grid. The study provides intuitive approaches for PEV
charging, load shifting, and curtailment based on the time of use (ToU) and direct load control (DLC)
demand response. Though on-board tap changers (OLTC) [11] and capacitor banks [12] are widely
used in distribution grids for voltage regulation, the OLTC is usually used to regulate a relatively
large-area network and only monitors voltage at specific nodes. The capacitor banks, though they
react quickly, are not installed throughout the entire network. As a result, these devices lack the
flexibility for voltage regulation in distribution networks. Some researchers have studied the possibility
of utilizing the re-active power operation of the PEV charger for voltage regulation. For example,
the authors in [13] propose a vehicle-to-grid reactive power support strategy in cooperation with a
high penetration of distributed generation to provide the distribution grid voltage-regulation service.
Paper [14] introduces four operation modes of the PEV charger, which include the combination of
charging/discharging and inductive/capacitive operation. Though a bi-directional charger capable of
reactive power operation is conceptually feasible [15,16], existing on-board chargers on the market may
not have this functionality. In fact, the charging system testing data from [17] show that the on-board
chargers of the major PEV models are unidirectional, and the related power factors are stable between
0.95–0.99.

In this paper, we aim to study the capability of PEVs to regulate voltage in a VGI distribution grid.
A two-level control system was developed to find a balance between the PEV charging requirement
and the distribution grid voltage recovery requirement. The contributions of this paper include:

1. A distributed multi-agent negotiation algorithm is developed to recover voltage violation in a
distribution network with the alternating direction method of multipliers (ADMM) [18]. In this
negotiation algorithm, a series of PEV charging power curtailment decisions are made through a
negotiation process. The negotiation agents are the computation and communication units that
perform objective pursuit and conduct bargaining in the negotiation. The negotiation agents
in this study include multiple VGI microgrid agents who wish to operate the microgrid at a
critical charging point for PEVs, and a grid-level agent who wants to recover voltage violation.
The negotiation process aims to find a balance between the voltage compensation and the PEV
charging requirement.

2. The proposed “capacity of curtailment” (CoC)-based optimal VGI microgrid control algorithm is
an improvement of the previously developed iterative PEV curtailment control algorithm [19].
The algorithm determines the microgrid PEV charging power capacity either from PEVs’ maximum
power demand or base on the distribution grid voltage compensation requirement. With a
nonlinear optimization technique, the new algorithm allocates the limited PEV charging power
to maximize the infimum of the vehicle CoC value set in a VGI microgrid.

3. The effects of negotiation parameters, such as the penalty factor and the proximal factor, on
the negotiation convergence and convergence speed are studied. The selection range of these
parameters is provided based on our simulation testing.

The rest of the paper is organized as follows: Section 2 provides an overview of a distribution-level
VGI system. Section 3 presents the development of a CoC-based optimal VGI microgrid control
algorithm. Section 4 gives the formulation of the voltage regulation negotiation in a distributed manner.
Section 5 shows the simulation results of a use case study. Section 6 concludes the paper.

2. Overview of Distribution-Level VGI Control

A radial distribution system is the simplest and the most commonly seen power distribution
system. When massive electric vehicle charging activities present in a radial distribution system,
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the system is at the risk of aggravated power loss and excessive voltage drop. A distributed PEV
charging management scheme is designed to provide emergent voltage recovery in a distribution grid
and PEV charging power allocation at local microgrids. Figure 1 shows the control and communication
among the components of a distribution-level VGI system. Over the feeder branch, a grid-level agent
takes charge of bus voltage monitoring and voltage regulation. This consists of modules for bus
voltage monitoring, voltage–load variation relation analysis, ADMM optimization, and the distributed
negotiation service. At each bus, the buildings and PEV charging stations are grouped to form a
microgrid-level VGI system. A microgrid agent is composed of the PEV charging control module that is
responsible for dispatching the limited charging power to individual PEVs and the ADMM optimization
module, which coordinates with other agents during the process of voltage recovery negotiation.

Figure 1. The physical components and control architecture of a distribution-level VGI system.

When the grid-level agent senses a voltage violation at a bus, it sends a notification to all the VGI
microgrid agents. Each microgrid individually finds and decreases the microgrid PEV charging power
to a critical charging power point. This critical charging power point is the lowest microgrid PEV
charging power capacity that meets the PEV state of charge (SOC) requirements. If the voltage violation
remains, a voltage–load relation analysis is conducted by the grid-level agent. The coefficients of the
voltage–load relation, which reflects the impact of the load change of individual microgrids on voltage
variation at current violation bus, are broadcasted to all the agents in the network. A negotiation is
initiated among all the involved microgrid agents and the grid-level agent. The negotiation uses the
ADMM-based method to find out the balance between the load curtailment amount of each microgrid
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and the voltage recovery requirement. Figure 2 shows the PEV charging power capacity determination
process before the microgrid PEV charging control can be applied.

Figure 2. The determination of PEV charging power capacity in microgrids.

3. Microgrid-Level VGI Control

In this section, a CoC-based optimal VGI microgrid control algorithm is presented, which aims to
allocate limited PEV charging power to better meet the PEV charging requirements in a microgrid.
The PEV charging process is analyzed based on the steady-state PEV charging test results [17].
The process is divided into two stages: constant power charging and constant voltage charging. In the
constant power charging stage, the PEV on-board charger can provide charging power control by
specifying the input AC current [20]. When the PEV battery voltage reaches a certain level, the charging
enters a constant voltage charging stage in which the PEV charging power decreases gradually. The
constant power charging stage is the major controllable period that smart charging schemes are applied
to. The VGI microgrid control algorithm is designed with following assumptions.

1. The target SOC, departure time, and vehicle type are specified by the PEV charging customers at
charging stations.

2. All charging PEVs are enrolled in the smart charging control program.
3. The Electric Vehicle Supply Equipment (EVSE) can detect the PEV connectivity, the PEV SOC and

charging stage. In addition, four control states are defined for an EVSE. State (si = 0): there is no
PEV connected to the EVSE; State 1 (si = 1): a PEV is connected to the EVSE and is in charging
stage 1; State 2 (si = 2): a PEV is connected to the EVSE and is in the charging stage 2; State 3
((si = 3): reserved for temporary usage.

3.1. The CoC-Based Optimal PEV Charging Control

The concept of capacity of curtailment is defined to evaluate the capability of a PEV to allow
charging power curtailment as shown below:

CoC =
(
e−(TDep−t) + 1

)(SOCt

100
· capbatt + Ibatt(TDep − t) − SOCTar

100
· capbatt

)
(1)

where SOCt and SOCTar represent the current and target state of charge, respectively. Ibatt denotes
the battery charging current at the DC terminal. TDep is the PEV departure time and capbatt is the
vehicle battery capacity in amp-hours. A positive value of COC means that the target SOC can be
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reached before the departure time with the current charging power rate. A time-related weighting
factor e−(TDep−1) boosts the CoC value when a vehicle approaches its departure time.

The objective of CoC-based optimal VGI microgrid control algorithm is to curtail the charging
power of PEVs with higher CoC values and leave the power capacity for the PEVs with lower CoC
values when the total charging power of a microgrid is limited. In other word, the set of CoC values
of the controllable PEVs in a microgrid is considered as a collection of time-varied functions of the
PEV charging power: CoC =

{
CoCi(PEV,i), |i ∈ I(si=1)

}
, where the set I(si=1) represents the set of

controllable PEVs. The objective is to calculate the proper charging powers for the controllable PEVs to
maximize the infimum of the CoC set as shown in Equation (2).

max
PEV,i,i∈I(si=1)

s.t. y ≤ CoCi(PEV,i); PEV,i ∈ φEVSE,i; and
∑
i∈I

PEV,i ≤ Pcap
(2)

where y is the infimum, which is the largest value that is smaller than all the CoC values. Pcap is the
limited charging power of the microgrid. si represents the EVSE state. φEVSE,i is the feasible range of
power consumption of EVSE i, which can be represented as Equation (3)

φEVSE,i =

⎧⎪⎪⎪⎪⎪⎪⎪⎨⎪⎪⎪⎪⎪⎪⎪⎩
{0} i f si = 0{[

PJ1772,min, PEV,i,max

]}
i f si = 1{

PEV,i

}
i f si = 2{

PEV,i,max

}
i f si = 3

(3)

where PJ1772,min is the minimum PEV charging rate when the AC minimum charging current is 6 A.
PEV,i,max denotes the maximum charging power of the PEV charger.

The CoC-based optimal VGI microgrid control algorithm presents the control design for different
available power capacities. If the available charging power is greater than the charging power demand,
all the PEVs in charging stage 1 will be charged at the maximum power of the charging stations and
the PEVs in charging stage 2 will be charged at the required power for constant voltage charging.
If the available charging power is not enough for all connected PEVs even at the minimum charging
power, the control scheme temporarily shuts off some of PEVs in charging stage 1. If the available
charging power is between the maximum and minimum charging power demands, the optimization is
performed to reallocate the charging power to individual PEVs in charging stage 1. If a PEV is being
charged at maximum charging power but still has the lowest CoC value, this PEV is considered as an
uncontrollable load.

3.2. Microgrid PEV Charging Power Capacity

Before dispatching power to the PEVs, the microgrid needs to determine the PEV charging power
capacity, PCap. If there is no distribution voltage violation, all the PEVs obtain as much power as their
maximum demands. When voltage violation occurs, a microgrid curtails its PEV charging power
capacity to a value, PCP, named as “The critical charging power point”. This PCP is the minimum
power capacity that can meet the PEV charging SOC requirement through the microgrid PEV charging
control algorithm. The critical charging power point can be obtained by using Equation (4)

PCP = min
(
PCap

)
s.t. CoCi(PEV,i) ≥ 0

(4)

where all the PEV,i are the outputs of the PEV charging control algorithm when applying PCap. If
the first process of curtailment does not resolve the voltage violation, a second PEV charging power
capacity curtailment process is needed. The further power curtailment is defined as ΔPCap, which is
determined through a distributed negotiation process.
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The CoC-based Optimal VGI Microgrid Control Algorithm

Obtain charging information:

� Obtain PEV charging stage information.
� Obtain EVSE states from a state set S = {si|i ∈ I} based on the charging stage information
� Obtain vehicle current/target SOCs: SOCins,i, SOCTar,i

� Obtain vehicle departure time, TDep,i

Obtain the PEV charging power capacity, PCap:
if no voltage violation occurs

PCap =
∑

si=1 PEV,i,max +
∑

si=2 PEV,i;
elseif voltage violation occurs

Curtailment Process 1: PCap = Pcp;
if voltage violation remains at Process 1

Curtailment Process 2: PCap = Pcp − ΔPCap; ΔPCap is the power curtailment decision of the negotiation.
Enter the Optimal PEV Charging Control

� Obtain the uncontrolled charging load Pun =
∑

si=2 PEV,i, the controllable load Pcon = PCap − Pun

� Attain the maximum PEV charging demand: DEV =
∑

si=1 PEV,i,max +
∑

si=2 PEV,i

if Pcon ≥ DEV −∑si=2 PEV,i
PEV,i = PEV,i,max; si = 1; PEV,i = PEV,i; si = 2;

elseif Pcon < length(si(si = 1))∗PJ1772,min
Calculate CoC(i|si=1) with PEV,i = PJ1772,min

Sort CoC(i|si=1) set in ascending order.

Calculate ns = integer
(

Pcon
PJ1772,min

)
Perform optimization defined in Equation (2) among the first ns number of PEVs.
Shut off charging of rest stage 1 PEVs – set to state 0

else

Perform optimization defined in Equation (2)
While (PEV,i=I(min(CoC)) == PEV,i,max)

set si = 3;
Pcon = Pcon − PEV,i;
Perform optimization defined in Equation (2)

Exit

4. Voltage Compensation in a Distribution-Level VGI System

A voltage compensation process is divided into two parts. In the first part, the voltage–load
variation relation analysis is conducted by the grid-level agent. With this relation, the microgrid agents
and the grid-level agent negotiate and find out the further power curtailment of the microgrids and
the adjusted voltage compensation target.

4.1. The Voltage–Load Variation Relationship Analysis

The relationship between the voltage change and the load variation of the nodes is analyzed
at the grid-level agent with a Jacobi iterative method. This relationship is useful for the microgrid
agents to determine their PEV charging power curtailment and the grid-level agent to adjust its voltage
compensation target in performing the voltage regulation. Figure 3 shows a distribution feeder branch
from a substation BUS 0 as a power source to the end bus—BUS N. The distribution line section
parameters are simplified as an impedance model R + jX. The cross-coupling effects of inductance and
shunt capacitance from different phases are not considered.
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Figure 3. The adjacent buses in a distribution feeder branch.

Based on the results deduced in [12], the active and reactive supply power at a random BUS k can
be related to the power loss on the distribution line and the grid parameters of BUS k − 1, as shown in
Equations (5) and (6). The voltage relationship between BUS k − 1 and BUS k can also be derived as
Equation (7):

Pk = Pk−1 − PLoss,k − PL,k = Pk−1 −Rk
P2

k−1 + Q2
k−1

|Vk−1|2
− PL,k (5)

Qk = Qk−1 −QLoss,k −QL,k = Qk−1 −Xk
P2

k−1 + Q2
k−1

|Vk−1|2
−QL,k (6)

|Vk|2 = |Vk−1|2 − 2(RkPk−1 + XkQk−1) +

(
R2

k + X2
k

)(
P2

k−1 + Q2
k−1

)
|Vk−1|2

(7)

The square of the downstream root-mean-square (RMS) voltage square can be represented as a
function of its adjacent upper-stream supply power and the square of RMS voltage. It is also related
to the distribution line impedance between the two buses. Fazio et. al, [21] provide a proof that a
random bus parameter variation

[
ΔPk, ΔQk, Δ|Vk|2

]
can be estimated as a linear combination of all

buses’ loads along the distribution feeder and the source voltage variation square. By using Taylor
expansion and the chain rule, the voltage–load variation relationship is deduced; the square of RMS
voltage variation for a random BUS k can be represented as Equation (8).

Δ|VK|2 =
N∑

k=1

[
cQ,k, cP,k

][
ΔPL,k, ΔQL,k

]T
+ cV0 Δ|V0|2 (8)

The coefficients
[
cP,k, cQ,k

]
compose the weighting factor vector that represents the effect of load

variation at BUS k on the BUS K RMS voltage square. The values of the coefficients are deduced
from [21]. Δ|V0|2 denotes the power source voltage fluctuation. cV0 represents the weighting factor
between the variation of power source voltage and the BUS k voltage. Considering the power factor
of the PEV charging in each microgrid as pfk, the reactive PEV charging power curtailment of a

microgrid can be represented as ΔQCap,k =

√
1−pf2

k
pfk

ΔPCap,k. Assuming that the voltage source V0 does
not fluctuate, the distribution voltage improvement at BUS K about power curtailment at each node
along the distribution feeder line then can be simplified and reformulated as

c0Δ|Vk|2 +
N∑

k=1

ckΔPCap,k = 0, where c0 = −1 (9)

where the parameter ck =
[
cP,k, cQ,k

]⎡⎢⎢⎢⎢⎢⎣1,

√
1−pf2

k
pfk

⎤⎥⎥⎥⎥⎥⎦
T

. The relationship (Equation (9)) is broadcasted to all

the voltage recovery participants—the microgrid agents and the grid-level agent.
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4.2. The ADMM-Based Voltage Compensation Negotiation

With the voltage–load variation relationship information, a distributed negotiation is triggered to
compensate the voltage violation at BUS K in a distribution feeder branch amongst all the agents in the
feeder branch. The voltage compensation negotiation aims to maximally recover the voltage back to
the allowable range with least sacrifice of PEV charging requirements.

The microgrid agents want to minimize further power curtailment from their critical charging
power point. The objective function of microgrid agents are defined in Equation (10).

fk(ΔPCap,k) =
∥∥∥ΔPCap,k

∥∥∥2
2; k = 1, . . . , N (10)

The objective of the grid-level agent is to meet the distribution voltage compensation target as much
as possible. Define the distribution RMS voltage square compensation target as Δ|VK|2T = |VK|2T − |VK|2ins,
which is the difference between the target RMS voltage square and the instant RMS voltage square
at the violation bus. The value of the target RMS voltage is selected to be a little higher than the
distribution voltage lower bound, 0.95 p.u. The objective function of the grid-level agent is represented
as Equation (11)

f0(Δ|VK|2) =
∥∥∥Δ|VK|2 − Δ|VK|2T

∥∥∥2
2 (11)

The voltage compensation problem is converted to a coordination problem that balances the
objectives of the distribution grid voltage requirement and the PEV charging requirements in multiple
microgrids as shown in Equation (12).

min
x

[
f0(Δ|VK|2) +∑N

k=1 fk(ΔPCap,k)
]

s.t: c0Δ|VK|2 +
N∑

k=1
ckΔPCap,k =0

(12)

This minimization problem is solved using ADMM iteratively. The augmented Lagrangian is
expressed as Equation (13) in the first step.

Lρ(
[
Δ|VK|2, ΔPCap

]
, λ) = f0(Δ|VK|2) +∑N

k=1 fk(ΔPCap,k)+

λ

(
c0Δ|VK|2 +

N∑
k=1

ckΔPCap,k

)
+ ρ

2

∥∥∥∥∥∥c0Δ|VK|2 +
N∑

k=1
ckΔPCap,k

∥∥∥∥∥∥2

2

(13)

ΔPCap =
{
ΔPCap,k|k = 1, . . . , N

}
is a vector of microgrid PEV charging power curtailments. The symbol

λ is the Lagrangian multiplier. ρ is called the penalty parameter. The optimal solution set of the voltage
compensation and the microgrid PEV charging curtailments

{
Δ|VK|2, ΔPCap

}
can be found through an

iterative optimization process as shown in Equation (14).[
Δ|VK|2, ΔPCap

]m+1
:= argmin

[Δ|VK |2,ΔPCap]

Lρ(
[
Δ|VK|2, ΔPCap

]
, λm);

λm+1 = λm + ρ

(
c0Δ|VK|2 +

N∑
k=1

ckΔPCap,k

)
;

(14)

Due to the separability of the minimization objective (Equation (12)), the update of decision
variable can be conducted by each negotiation participant in parallel using the Jacobian type
of method. This method fixes variables that are not directly related to a microgrid to the
last iteration decisions, therefore simplifies the calculation. Furthermore, a proximal term
φ
2

(
||Δ|VK|2 − Δ

∣∣∣Vm
K

∣∣∣2||22 +∑N
k=1 ||ΔPCap,k − ΔPm

Cap,k||22
)

is added to strengthen the convexity of the

augmented Lagragian and accelerate the convergence. The distributed solution of the distribution
voltage compensation problem can be achieved through the following iterations.
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Distributed Voltage Compensation Negotiation Process

Initialization

� Set m = 0 as the negotiation iteration counter.

� Set the initial values of ΔPm=0
Cap,k = 0, k = 1, . . . , N, for all the microgrid agents, and Δ

∣∣∣Vm=0
K

∣∣∣2 = Δ|VK|2T
for the grid-level agent

� Set the Lagrangian multiplier λm=0, penalty factor ρ and the proximal factor φ

� Calculate the Residual = c0Δ
∣∣∣Vm=0

K

∣∣∣2 +∑N
k=1 ckΔPm=0

Cap,k

While |Residual | > ε

• For each microgrid, k = 1 . . . , N

ΔPm+1
Cap,k = argmin

ΔPCap,k∈[0,PCP,k]

(||ΔPCap,k||22 + ρ
2 || c0Δ

∣∣∣Vm
K

∣∣∣2 + ckΔPCap,k +
∑

l�k clΔPm
Cap,l − λm

ρ ||22+
φ
2 ||ΔPCap,k − ΔPm

Cap,k||22);
• For the grid-level agent

Δ
∣∣∣Vm+1

K

∣∣∣2 = argmin
x0

(||Δ|VK|2 − Δ|VK|2T||22 + ρ
2 || c0Δ|VK|2 +∑N

k=1 ckΔPm
Cap,k − λm

ρ ||22+
φ
2 ||Δ|VK|2 − Δ

∣∣∣Vm
K

∣∣∣2||22);
Then update Lagrangian Multiplier

Residual = c0Δ
∣∣∣Vm

K

∣∣∣2 +∑N
k=1 ckΔPm

Cap,k

λm+1 = λm − ρ(Residual)

Exit

In the negotiation process shown in Figure 4, each participant agent places an initial value for

its decision variable, Δ
∣∣∣Vm=0

K

∣∣∣2 for the grid-level agent and ΔPm
Cap,k, k = 1, . . . , N, for each of the

microgrid agents, and notifies all other participant agents. Then, with the knowledge of all other
agents’ proposed decisions, and the voltage–load variation relationship coefficients, ck, each participant
agent optimizes the augmented Lagrangian with the proximal, considering its own decision as the
only variable. Due to the separability of the objective in Equation (12), the optimization conducted
by each negotiation participant is closed to its target value with the constraint of the voltage–load
variation relationship. In addition, all components of the individual optimization functions are square
errors, which are quadratic. This ensures the strict convexity of these functions and guarantees that a
unique vector of minimizers can be found in each round of negotiation. The grid-level agent collects
all the optimization results from all negotiation participants. The residual is calculated and used to
judge if the negotiation agreement is obtained. If the residual is beyond a pre-specified range, a new
round of negotiation starts with the updated Lagrangian multiplier, λm+1. The negotiation iteration
continues until the residual converges to a small enough value. Notice that the selection of the initial
values, such as the initial Lagrangian multiplier, λ, the penalty factor ρ, the proximal factor φ and VGI
microgrid load curtailments can all have the effects on the negotiation convergence. The investigation
of these impacts is conducted to ensure the performance of the control scheme.
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Figure 4. The development and message flow of the distributed voltage compensation negotiation and
VGI microgrid control.

5. Use Case Study

To validate the presented voltage compensation algorithm, the longest branch of the IEEE 37
Node Test feeder [22] from Node 701–Node 741 was selected to simulate a mid-level distribution
feeder branch with commercial loads. The transmission voltage level of 230 kV is transformed in
distribution substation to 4.8 kV in the feeder. Different combinations of commercial building load
profiles obtained from [23] were used as uncontrollable load of microgrids connected to each node.
In addition to building loads, microgrids on node 702, 730, 708, 734, 738 and 741 had PEV chargers.
Figure 5 shows the distribution grid topology of the use case. The building loads and the number of
EVSEs under each node are listed in Table 1. A total of 120 EVSEs were installed in six microgrids to
charge three types of PEVs. The PEV battery and charging parameters are listed in Table 2. The power
factors of the building load and PEV charger were 0.95 and 0.98, respectively.

Figure 5. The distribution grid topology in the use case study.
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Table 1. The building and number of EVSEs in microgrids.

MG Building Types EVSE Units

701 Medium office, Strip mall 0

702 Supermarket 20

703 Small restaurant, Retail store 0

730 Large office 20

709 Supermarket 0

708 Supermarket, Warehouse 20

733 Strip mall, Retail store 0

734 Small and medium office 20

737 Restaurant, Retail store 0

738 Multiple small offices 20

711 Primary school, small offices 0

741 Warehouse 20

Table 2. PEV battery and charging parameters [17].

PEV Type Battery Capacity Maximum Charge Rate Minimum Charge Rate

Nissan Leaf 2013 66.2 Ah 6.6 kW 1.44 kW

BMW i3 2014 60.0 Ah 7.2 kW 1.44 kW

Chevy Volt 2013 45.0 Ah 3.1 kW 1.44 kW

We simulated the voltage compensation at 10:00 am and assumed that all the EVSEs were
connected with PEVs. This resulted in 120 PEVs (31 Nissan Leaf 2013s, 20 BMW i3 2014s, and 69 Chevy
Volt 2013s) in the simulation. These PEVs were randomly allocated to EVSEs. The initial and target
SOCs of the PEVs were also randomly generated. Table 3 shows the uncontrollable load and maximal
PEV charging power demand at 10:00 am. The variation and effect from other feeder branches are
not considered. In addition, it was assumed that the grid was balanced, and the node loads were all
connected to the same phase on the feeder branch.

One distribution voltage violation was simulated at Node 741 with 0.933 per unit when all
microgrids chose to charge PEVs at maximum charging power. After all microgrids curtailed PEV
charging power to critical point, the voltage violation still existed at Node 741 with 0.948 per unit.
In this situation, a negotiation among the grid-level agent and microgrid agents to further curtail
PEV charging power for the voltage compensation is triggered. Firstly, the voltage–load variation
relationship coefficients were found to be coef = [0.2396, 0.4420, 0.7242, 1.0718, 1.1869, 1.3710, 1.5548,
1.8788, 2.2462, 2.4738, 2.6975, 2.9188], which were used as the grid voltage compensation reference.
Each VGI microgrid wishes to retain a charging power close to its PEV critical charging power point.
On the other hand, the grid-level agent wishes to compensate the voltage at Node 741 back to 0.9505
per unit. The negotiation process is shown in Figure 4.
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Table 3. Uncontrollable load and PEV charging power demand at 10:00 am in each node along the
distribution feeder branch.

Microgrid Building Demand (kW)
MG PEV Charging

Demand (kW)
MG Critical Charging

Power Point (kW)

701 93.32 0 0

702 129.6 112.8 65.1

703 97.76 0 0

730 74.36 119.2 66.0

709 129.6 0 0

708 66.35 113.4 55.8

733 62.22 0 0

734 101.4 109.3 50.5

737 96.87 0 0

738 99.15 117.5 57.5

711 84.87 0 0

741 69.43 123.3 62.0

Figures 6 and 7 show the selection of negotiation parameters, such as the penalty factor ρ and the
proximal factor φ, and their effects on the residual convergence. It is shown in Figure 6 that a larger
penalty factor ρ can accelerate the negotiation. However, the negotiation oscillates when the penalty
factor exceeds a certain value. The introduction of a proximal term helps to improve the convergence
of the negotiation process. Figure 7 shows simulation results for different values of the proximal factor
φ when the penalty factor ρ = 0.2. It is observed that the proximal term enhances the possibility of
convergence of the negotiation. However, an excessively large proximal factor results in divergence.
After a number of simulations, an empirical conclusion was that it is relatively safe to choose a penalty
factor that is smaller than 1 and a proximal factor that is 5–10 times larger than the penalty factor.

With the penalty factor, ρ = 0.2 and the proximal factor, φ = 1, the negotiation shows a fast
convergence speed within 30 rounds. Figure 8 shows the update sequence of the microgrid power
curtailment and the grid level-agent decisions in the negotiation process. The negotiation finally
reaches an agreement that the VGI microgrids’ charging power curtailments are 2.44k W (node 702),
5.37 kW (node 730), 6.79 kW (node 708), 9.19 kW (node 734), 12.02 kW (node 738), and 14.16 kW (node
741) from their critical charging points. On the other hand, the grid-level agent adjusts its Δ|V741|2
requirement from 109.35× 103 to 104.49× 103.
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Figure 6. The negotiation process with different values of penalty factor ρ. Sub-figure (a) shows a
very slow convergence rate with ρ = 0.01, Sub-figure (b,c) show faster convergence within the range
0.05 ≤ ρ ≤ 0.1, but (c) demonstrates an even better convergence rate. Sub-figure (d) show negotiation
does not converge when ρ increases and reaches 0.2.

Figure 7. The negotiation process with different values of proximal factor φ. Adding proper proximal
factor can increase the robustness of the negotiation. Sub-figure (a) shows adding a small Proximal
Factor, φ = 0.2, does not help negotiation with a large penalty factor ρ = 0.2 to converge. Sub-figure
(b,c) show that if the proximal factor, φ, is within proper range, the robustness of negotiation increases.
(d) demonstrates an exceedingly large proximal factor, φ, breaks the negotiation convergence.
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Figure 8. Updates of microgrid power curtailment ΔPCap,k and the voltage square variation Δ|V741|2
during negotiation. (a) shows the power capacity curtailment evolvements of different VGI Microgrids
along the distribution line during the negotiation process. (b) shows the voltage square difference
caused by change of VGI Microgrids power capacity change during the negotiation process.

Figure 9 shows the PEV charging power and CoC comparison in each microgrid before and after
the voltage compensation negotiation. The charging power of some PEVs is further reduced and
results in the CoC value falling below zero. It was also found that VGI microgrids that are close to the
voltage violation node curtail more power than the VGI microgrids that are far away from the voltage
violation node. The reason is that the load variation near the voltage violation node has a larger effect
on the voltage regulation.
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Figure 9. The negotiation effects on PEV charging in the microgrids. (a–f) show PEV Charging power
and CoC value comparison before and after the negotiation process in different VGI Microgrids along
the distribution lines.

The simulation result testifies to the effectiveness of the distribution voltage compensation.
Figure 10 shows the distribution voltage of each node along the distribution feeder line. The comparison
is shown for the PEV charging scenarios: maximal power demand charging, charging at the VGI
microgrid PEV critical charging power point, and charging after voltage compensation negotiation. The
voltage compensation negotiation successfully raises the Node 741 voltage to around 0.9504 per unit.
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Figure 10. Voltage along the distribution feeder branch in different charging scenarios at 10:00 am.

6. Conclusions

This paper presents a distributed VGI control to realize voltage compensation service in a
distribution network. The control scheme design is composed of two levels–the microgrid level and
the distribution grid level. At the top level—the distribution grid level—an ADMM-based distributed
voltage compensation negotiation among the multiple VGI microgrid agents and a grid-level agent is
triggered when a voltage violation occurs. This distribution grid agent aims to maintain its distribution
voltage level above the lowest threshold by sacrificing the microgrids’ power capacity. On the other
side, each VGI microgrid agent wishes to minimize its power capacity curtailment to lower the impact
to the PEV charging activities with in the VGI microgrid. Though having conflicting objectives,
the negotiation coordinates the interests of all agents as an entity and finally reaches an agreement
that all agents can accept. After determining the power capacity curtailment for each VGI microgrid,
the CoC-based optimal microgrid VGI control algorithm aims to reasonably dispatch limited power
to the charging PEVs and results in an average PEV charging satisfaction at the lower level, the VGI
microgrid. We used a case study to simulate the application of the proposed algorithm in a VGI
distribution grid to prove its effectiveness and advantages. First, the distributed algorithm allows
each agent to pursue its own objective under the coordination of negotiation. This greatly reduces
the computation burden of a single control unit compared to a centralized control design. Secondly,
the two-level control design decouples the distribution grid-level control and single PEV charging
control at the microgrid level. Each VGI microgrid becomes a relatively independent entity that
controls the PEV charging activities within its range. This organization increases the scalability of the
control scheme. However, the scenario presented in this paper applies certain simplifications. For
example, distributed generation, like from renewable energy sources, was not considered. The possible
utilization of a four-quadrant power inverter and large energy storage were also not in consideration.
All these factors may provide both additional flexibility and uncertainty for the VGI control design in
the distribution grid. We are going to consider improving the proposed control algorithm to better
adapt to the factors above in future study.
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Abstract: Eco-driving is one of the most important strategies for significantly reducing the energy
consumption of railways with low investments. It consists of designing a way of driving a train to fulfil
a target running time, consuming the minimum amount of energy. Most eco-driving energy savings
come from the substitution of some braking periods with coasting periods. Nowadays, modern trains
can use regenerative braking to recover the kinetic energy during deceleration phases. Therefore, if the
receptivity of the railway system to regenerate energy is high, a question arises: is it worth designing
eco-driving speed profiles? This paper assesses the energy benefits that eco-driving can provide in
different scenarios to answer this question. Eco-driving is obtained by means of a multi-objective
particle swarm optimization algorithm, combined with a detailed train simulator, to obtain realistic
results. Eco-driving speed profiles are compared with a standard driving that performs the same
running time. Real data from Spanish high-speed lines have been used to analyze the results in
two case studies. Stretches fed by 1 × 25 kV and 2 × 25 kV AC power supply systems have been
considered, as they present high receptivity to regenerate energy. Furthermore, the variations of the
two most important factors that affect the regenerative energy usage have been studied: train motors
efficiency ratio and catenary resistance. Results indicate that the greater the catenary resistance,
the more advantageous eco-driving is. Similarly, the lower the motor efficiency, the greater the
energy savings provided by efficient driving. Despite the differences observed in energy savings, the
main conclusion is that eco-driving always provides significant energy savings, even in the case of
the most receptive power supply network. Therefore, this paper has demonstrated that efforts in
improving regenerated energy usage must not neglect the role of eco-driving in railway efficiency.

Keywords: railway transport; eco-driving; energy efficiency; optimization algorithm; power systems

1. Introduction

Railways are considered an inexpensive, fast and safe transport mode. Furthermore, this transport
mode is energy-efficient and its contribution to global warming is less severe compared with others [1].
Despite that, its increasing activity throughout the world [2] makes it necessary to continue working
on the energy efficiency of rail transport to achieve a sustainable transport industry without losing
sight of service quality improvements.

Eco-driving, also named speed profile optimization or train trajectory optimization, is one of the
most important measures with which to achieve significant energy reductions in the energy consumption
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of railway operations. It consists of obtaining a way to drive a train on a journey to fulfil a target
running time with minimal energy consumption. Eco-driving has the advantage of being a short-term
action that requires low investments, while other measures, such as improving the infrastructure [3–12]
or rolling stock [13–17], usually require a significant investment and long/mid-term actions.

The eco-driving problem has been studied since 1968, when Ichikawa applied the Pontryagin’s
maximum principle to a greatly simplified train dynamics model, to derive the optimal control
of a train [18]. Since then, numerous researchers have contributed to the eco-driving field with
their proposals.

Control theory [18,19] shows that the optimal speed profile for a train running from two stations
in a flat track consists of a sequence of four regimes: maximum traction, cruising, coasting and maximal
braking. If the line geometry is more complex [20,21] or the train has regenerative braking [22],
the most energy-efficient speed profile results as a smart combination of these four regimes.

In the literature, different optimization techniques have been proposed to find the right combination
of the efficient driving regimes. These techniques can be divided into two groups [23]: analytical and
numerical methods.

Typically, analytical methods apply the Pontryagin maximum principle to obtain the optimality
necessary conditions, and using these results, apply different techniques to find the optimal speed
profile. These techniques are: constructive algorithms [20–22,24–26], dynamic programming [27–31],
sequential quadratic programming [30,32] and the Lagrange multiplier method over the discretized
problem [33]. Other analytical methods are based on transforming the optimal control problem into
a non-linear problem and solving it directly [34,35].

Analytical methods are, in most cases, fast procedures that can produce the optimal solution.
However, the complexity of the problem must be reduced to apply these methods, due to the
requirements for obtaining the analytical solution. This leads to simplifications in the train and line
models and in the operational restrictions that the solution must comply.

On the contrary, the use of numerical methods does not demand simplifications in the train
and line model, and any model to observe the requirements of passengers’ comfort or operation
characteristics can be included. In recent years, these methods have received growing attention aimed
toward solving the eco-driving problem, because of the improvement of computational performance;
in most cases, they are more computationally expensive than analytical procedures.

Different numerical methods have been applied to optimize the energy consumption of train
driving: direct search algorithms [36,37], brute force [38], Monte Carlo simulation [39], artificial neural
networks [40,41] and nature inspired algorithms [29,42–47]. Among these techniques, nature inspired
computational intelligence is one of the most common methods applied to solve the speed profile
optimization problem. These techniques provide a framework that can be easily implemented and
are independent of the specificities of the problem. Moreover, they can be used in combination with
complex train dynamics models that can be easily substituted by other different models when the
characteristics of studied railway line change.

Many nature inspired computational intelligence techniques have been proposed in the literature
to solve different problems [48]. When looking in detail at the algorithms applied to solve the
train eco-driving problem, the following are present: the genetic algorithm (GA) [29,42,47,49–54],
the multi-population genetic algorithm (MPGA) [55,56], GA with fuzzy parameters [57–60], differential
evolution [46], ant colony optimization [29,61,62], simulated annealing [45,63], the indicator based
evolutionary algorithm (IBEA) [64], the non-dominated sorting genetic algorithm II (NSGA-II) [43,44],
multi-objective particle swarm optimization (MOPSO) [44,65] and dynamic versions of NSGA-II and
MOPSO [66,67].

Apart from the specific technique applied to obtain the efficient train driving, the literature shows
consistently that the use of eco-driving provides important energy savings [68]. Typically, trains on
mainline railways are manually driven and the whole driving application is made by means of driver
advisory systems (DASs). Several works have reported applications of eco-driving in DASs [69–73],
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wherein energy saving between 7% and 22% have been obtained. On the other hand, nowadays many
urban railways are usually driven automatically by means of automatic train operation (ATO) systems.
In these systems, efficient driving commands must be programmed to perform eco-driving speed
profiles. Several authors reported applications of eco-driving in ATO systems, wherein energy savings
between 6% and 18% have been obtained [44,65,74–76].

Savings obtained thanks to eco-driving are mainly due to the substitution of the use of braking
by coasting periods. Besides, acceleration phase can optimized to reach higher energy efficiency.
Nowadays, most trains are equipped with regenerative braking that allows recovering the kinetic
energy during deceleration phases. In DC systems, regenerated energy cannot be totally used because
it is necessary to have another train in the system consuming the amount of energy regenerated
(except for trains which are equipped with on-board accumulation devices [77]). However, the use of
reversible substations [5,6,8,9] allows them to use all the energy regenerated in a DC system by sending
the regenerated energy not used by other trains to the utility grid. In modern high-speed systems
the electrification is AC and substations allow the flow of energy in both directions (consumption or
generation); thus, as in the previous case, it is possible to use all the regenerated energy produced
(except electrical losses).

In this context of high use of regenerated energy, a question arises: is it worthwhile to minimize
the energy consumption of a train, or will any driving over the same running time provide similar
energy consumption?

The research objectives of this work are, on one hand, to assess the effectiveness of eco-driving
under different scenarios of regenerated energy receptivity, and on the other hand, to see whether
there is a scenario wherein eco-driving presents no relevant efficiency, providing an answer to the
previous question.

The studies presented in this paper are based on real data from Spanish high-speed lines.
The studied lines have been chosen because they are AC electrified, which offers high regenerated
energy usage. The lines selected are Madrid–Barcelona, which is fed by a 2 × 25 kV power supply
system, and Madrid–Sevilla, which is fed by a 1 × 25 kV power supply system. In the case study,
two driving strategies are compared: an optimized eco-driving strategy and a standard driving strategy.
The standard driving strategy consists of maintaining a holding speed during the journey to meet the
running time. On the other hand, the efficient eco-driving consists of two driving commands: a holding
without braking command and a coasting command before the braking up to the arrival station.

A MOPSO (multi objective particle swarm optimization) algorithm [78] combined with a detailed
train simulation model [47] has been used in this piece of research to generate not only the efficient
driving but also the standard driving for different target running times. This algorithm has the
advantage of generating in a single run a set of non-dominated solutions, also known as Pareto front.
A non-dominated solution is one that cannot be improved at the same time in all the problem’s
objectives. In the eco-driving problem, the objectives are the minimization of energy consumption
and running time. As these objectives are conflicting, the result of the algorithm is Pareto front of
solutions, where each solution is a speed profile with the minimum energy consumption for each
possible running time. This way, MOPSO allows one to compare results easily in a wide range of
running time values. MOPSO algorithm has demonstrated its suitability to the eco-driving problem
in [44,66,67].

The usable regenerated energy that a train can produce depends mainly on two factors:
the efficiency ratio of the train motor (that measures the efficiency of the train as a kinetic
energy accumulator), and the transmission losses produced at catenary [30,79,80]. For this reason,
the influences of different realistic values of these factors are analyzed in this paper to provide insights
into the benefits provided by eco-driving on these types of lines.

This article is organized as follows: Section 2 describes the simulation model used to evaluate
the different speed profiles. Section 3 describes the different driving strategies studied. The manual
driving model is described in Section 4. Section 5 introduces the nature-inspired algorithm used
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to obtain the energy-efficient speed profiles. The results obtained and the discussion are shown in
Section 6, and Section 7 presents the conclusions of this article.

2. Train Simulation Model

In this work, an accurate simulation model is used to calculate the speed profiles of a train and
its consumption measured at the pantograph and at substations. It is divided into three modules:
train, line and manual driving [47]. The train simulator is a software developed by Comillas Pontifical
University researchers. This simulator is a desktop application for Windows coded in an object-oriented
environment using the C++/CLI programming language. A validation against real on-board registered
measurements was performed for high-speed trains on commercial services and night tests on the
Madrid–Barcelona line, demonstrating its accuracy. Simulation results taken from this software showed
an average error of 1.2% in running time and 0.4% in energy consumption compared with on-board
measurements [47]. This accurate simulator has been applied for the design of efficient driving and
tested in collaboration with Renfe and Adif.

The train module includes mass, length, running resistance, adhesion coefficient and the engine
characteristics. These are introduced through the maximum traction and braking effort curves,
which depend on the train speed. In this work, the traction and braking efficiencies are taken as equal
and non-dependent on the train speed. This module includes also the energy consumption of the
on-board auxiliary systems and a minimum constant braking effort that is applied along neutral zones
in order to feed the auxiliary systems when no braking curve is affecting the train.

The physical characteristics of the line—track geometry (grades, grades transitions and track
curves and their transitions), speed limits, tunnels, stopping points, stations, neutral zones,
electrical substations and catenary features—are introduced in the line module.

The manual driving module calculates the traction and braking force needed at every time step,
taking into account track data, speed limits, the position and speed of the train and stopping points.
The driving module takes as input driving commands that can be easily interpreted by a human
driver and generates speed profiles. In this work, the human driving is emulated by using a PI
(proportional–integral) controller, in which the engine effort is modelled as a variable that represents
the proportion of traction or brake that is demanded with respect to the maximum values for the
current train speed.

2.1. Train Dynamics Model

At every time step the train position s(t), speed v(t) and acceleration a(t) are determined by using
Newton’s second law Equations (1)–(5),

ds
dt

= v(t), (1)

dv
dt

= a(t), (2)

a(t) =
Fm(t) − Fb(t) − Fr(v) − Fg(s)

ρm
, (3)

s(t0) = s0, s
(
t f
)
= s f , (4)

v(t0) = v0, v
(
t f
)
= v f , (5)

where m is the train mass, ρ is the dimensionless rotating mass factor, Fr (v) is the running resistance
and Fg(s) are the forces that affect the train due to the track geometry. Fm(t) is the engine traction force
and Fb(t) is the braking force. t0, t f , s0, s f , v0 and v f are the initial and final times, positions and
speeds of the train, respectively.

The engine traction force Fm(t) is bounded by a maximum traction curve that depends on the
speed of the train. The braking force Fb(t) has two components: the electrical or regenerative and the
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pneumatic brakes. The regenerative brake is limited by a maximum electrical braking curve; if the
train needs to brake it will use pneumatic brake to complement the electrical when the electrical one is
saturated. The manual driving module computes both forces at every simulation time step to control
the train dynamics considering the driving commands while obeying speed limits and stopping the
train at the stopping points. In neutral zones, a minimum braking effort is applied to feed the auxiliary
systems using regenerative energy.

The running resistance Fr(v) depends quadratically on the train speed and it is modelled by the
Davis formula (Equation (6)):

Fr(v) = A + Bv + T f Cv2 (6)

where A, B and C are the Davis formula coefficients. T f is a factor that models the impact of tunnels on
the running resistance and it modifies the quadratic term. It is equal to one when the train is outside
a tunnel and greater otherwise.

The considered forces on the train due to the track geometry, Fg(s), are those due to the track
grades and curves:

Fg(s) = mgp(s) + mg
K

R(s)
(7)

where m is the mass of the train; g is the gravity acceleration; p(s) and R(s) are the averages of the
grades and curve radius respectively affecting the train in the position s. K is a constant that depends
on the gauge of the track which units are the same as R(s) (meters). The gauge in the considered lines
is standard UIC (Internal Union of Railways) gauge, 1.435 m, and K = 600. Notice that the force due to
curves is modelled as an equivalent grade.

2.2. Energy Consumption Model

The simulation model calculates the power consumed at the pantograph and at the electrical
substations at every time step as a function of the train speed and the engine traction or braking effort
by using Equations (8) and (9)

Ppantograph =
Fmv
ηt

+ Paux − ηbmin(Fb, Fmax(v))v, (8)

Psubstations = Ppantograph + r(s)
(Ppantograph

Vcosϕ

)2
(9)

where ηt is the engine traction efficiency, ηb is the engine regenerative brake efficiency, and both are
considered constant. Paux is the power consumed by the auxiliary systems; Fmax(v) is the maximum
regenerative brake force at speed v. r(s) = r̂|s− sss| is the resistance of the catenary that depends on the
distance between the train and the electrical substation, which is located at position sss. In this article
the influence of the lineal resistance r̂ on the energy consumption is studied. V is the nominal line
voltage and cosϕ is the power factor, and they are assumed to be constant. If a train is in a neutral zone,
the power consumed at the electrical substations is zero. The energy consumption at the pantograph
and substations can be obtained by integrating Equations (8) and (9) in time, respectively. This section
may be divided by subheadings. It should provide a concise and precise description of the experimental
results and their interpretation, and the experimental conclusions that can be drawn.

3. Driving Strategies and Commands

In this work the performances of two driving strategies are compared in terms of energy savings.
In particular, a holding speed without braking and final coasting phase eco-driving strategy is compared
against a standard driving strategy consisting in holding a constant speed with braking. All the
regenerated energy at the pantograph is assumed to be returned to the AC power grid. The dependence
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of the energy consumption measured at the pantograph and electrical substations on the engine traction
and brake efficiency and on the losses at the catenary is analyzed.

For the eco-driving strategy, the journey is divided in two phases. In the first phase, the driver
must hold a certain speed by applying traction. If braking is necessary to maintain the constant
speed, coasting is applied instead, and thus, the speed of the train will increase. In the second phase,
the driver must apply coasting until the train reaches its braking curve to stop at the station.

For the standard strategy, a cruise speed is determined for the whole journey. The driver has
to maintain that speed until reaching the braking curve. To drive at a constant speed, braking can
be applied if necessary. Any driving strategy has to be described in easily-interpretable commands
so that a driver can apply them. The driving commands are defined by using a command vector.
It has two components. The first one contains the position sc that corresponds to the final point of the
holding speed phase. The holding speed vc is introduced in the second component. The final coasting
phase is performed starting at sc up to the braking curve in the holding speed without braking and the
final coasting driving strategy. Notice that speed limits of the line are observed by the driving model
braking the train when necessary.

4. Driving Model

A closed-loop PI controller is used to emulate the manual driving by controlling the train dynamics.
It takes into account the maximum acceleration and service deceleration of the train, the jerk limitation,
the maximum tractive effort, the speed limits and the energy that has to be regenerated by braking in
neutral zones. The control loop minimizes the difference between an objective speed vobj and the train
speed v. At every time step the objective speed is computed in terms of the driving commands and the
track speed limits. To do so, the braking curves to the next ceiling speed reduction, vb(s), and to the
next stop at a station, v f b(s), are calculated by using Equations (10) and (11).

vb(s) =
√

v2
next + 2·dservice·(snext − s), (10)

v f b(s) =
√

2·dservice·(send − s), (11)

where vnext is the next ceiling speed of the track, dservice is the service deceleration of the train, s is the
position of the train, snext is the position of the next ceiling speed corrected with the train length if
necessary and send is the next stopping point.

The objective speed vobj is therefore computed in terms of the maximum admissible speed vmax,
which is the minimum between the next braking curve and the ceiling speed at the position of the train
vceiling(s),

vmax(t) = min
(
vceiling(s), vb(s), v f b(s)

)
, (12)

vobj(t) = min(vmax(t), vc) i f s ≤ sc

vobj(t) = 0 i f sc < s
(13)

The control variable Ureg is defined as the traction or brake demand of the PI controller. To calculate
it, at every time step the proportional and integral control components are calculated as described in
Equations (14)–(18). For the standard driving the control variable is computed using Equation (17),
while for the eco-driving strategy Equation (18) is used instead.

e(t) = vobj(t) − v(t) (14)

UP(t) = KP·e(t) (15)

UI(t) =
KP

KI
· (e(t) + e(t− Δt))

2
+ UI(t− Δt) (16)
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Ureg (std)(t) = UP(t) + UI(t) (17)

Ureg (eco)(t) = UP(t) + UI(t) i f v(t) ≥ vmax(t) or UP(t) + UI(t) ≥ 0

Ureg (eco)(t) = 0 i f v(t) < vmax(t) and UP(t) + UI(t) < 0
(18)

where e(t) is the difference between the objective and the train speeds, whose absolute value has to
be minimized by the control. UP(t) and UI(t) are the proportional and integral components of the
control variable Ureg(t). KP and KI are the proportional and the integral gains, respectively. Δt is the
simulation time-step. If the control variable is positive, the control demands tractive effort, while if it is
negative, it demands braking. If it is zero, the control demands coasting. In the eco-driving strategy
(Equation (18)), the control demand is set to coasting when the train speed is below the maximum
admissible speed and the control would demand braking under the current condition.

Once that the control variable has been obtained, the engine maximum traction and brake limits;
comfort constraints—maximum acceleration and jerk; and the presence of neutral zones, have to
be taken into account. Strong accelerations are considered to be unpleasant for passengers, so the
maximum acceleration and deceleration have to be controlled. FmaxAcc(s, v) and FmaxDec(s, v) model
the forces corresponding to the maximum admissible acceleration and deceleration respectively with
corrections for the running and track geometry resistances. Equations (19) and (20) are used for
calculating these forces.

FmaxAcc(s, v) = amax·ρ·m +
(
Fr(v) + Fg(s)

)
(19)

FmaxDec(s, v) = dmax·ρ·m +
(
Fr(v) + Fg(s)

)
(20)

where amax and dmax are the maximum admissible acceleration and deceleration rates in absolute
values, respectively.

The rate of change of the train acceleration, jerk, can also affect passengers’ comfort [49,81–83].
The maximum and minimum admissible effort due to the jerk limitation, FmaxJerk(t) and FminJerk(t),
are calculated by using Equations (21) and (22).

FmaxJerk(t) = Fm(t− Δt) − Fb(t− Δt) + ( jmax·ρ·m)·Δt (21)

FminJerk(t) = Fm(t− Δt) − Fb(t− Δt) − ( jmax·ρ·m)·Δt (22)

where jmax is the maximum admissible jerk.
The total traction or braking effort demanded to the train after applying the comfort restrictions

and engine maximum traction and brake effort, FTB(t), is computed by evaluating Equation (23) or
Equation (24).

FTB(t) = min
(
Ureg(t), Fmax(v), FmaxAcc(s, v), FmaxJerk(t)

)
i f Ureg(t) ≥ 0 and s �

(
sNZ

k
start, sNZ

k
end

)
f or k ∈ {1, 2, . . . , z},

(23)

FTB(t) = max
(
Ureg(t), FmaxDec(s, v), FminJerk(t)

)
i f Ureg(t) < 0 and s �

(
sNZ

k
start, sNZ

k
end

)
f or k ∈ {1, 2, . . . , z}.

(24)

If the train is on a neutral zone, it has to use the regenerative brake to maintain the comfort and
auxiliary systems; therefore, the total braking effort to be applied is

FTB(t) = max
(
min

(
Ureg(t), FNZ(v)

)
, FmaxDec(s, v), FminJerk(t)

)
i f s ∈

(
sNZ

k
start, sNZ

k
end

)
, k ∈ {1, 2, . . . , z}

(25)
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where FNZ(v) is the minimum force required for keeping the auxiliary systems on; sNZ
k
start and sNZ

k
end

are the initial and final points of the k-th neutral zone; and z is the total number of neutral zones in the
considered line.

Finally, the values of the tractive and brake forces to be applied in the train are obtained from
the total traction or braking effort simply by considering that if FTB(t) is positive the train will apply
traction and it will brake if FTB(t) is negative, as described in Equations (25) and (26).

Fm(t) = FTB(t), i f FTB(t) ≥ 0,
Fm(t) = 0 i f FTB(t) < 0,

(26)

Fb(t) = 0 i f FTB(t) ≥ 0,
Fb(t) = −FTB(t) i f FTB(t) < 0.

5. Eco-Driving Optimization Algorithm

A multi-agent based optimization method called MOPSO (multi-objective particle swarm
optimization algorithm) [78] is used to generate energy-efficient speed profiles [44]. Energy
consumption/running time Pareto fronts are obtained for different values of the engine traction
and brake efficiencies and the linear resistance of the catenary.

This nature-inspired algorithm imitates the behavior of a swarm of insects looking for food.
These insects are considered particles that move iteratively within a search space. In this case,
each particle corresponds to a speed profile and the running time and energy consumption have to be
optimized. A fitness value is assigned to each particle. In biology terms, fitness stands for a degree
of adaptability of an insect or how close it is to an abundant source of food. To optimize its fitness,
each particle position is updated at every iteration by computing its velocity as a function of its
past position with best fitness, pbest, and the global best position found by the whole swarm, gbest.
The latter variable accounts for the information shared between the particle ensemble.

To initialize the algorithm, a set of particles with random positions and velocities is generated.
At every iteration i, the non-dominated solutions, which are those particles for which there are not
any calculated solutions with lower running time and energy consumption, are stored in an archive A.
The non-dominated solutions in A are sorted in decreasing order by using a crowing distance (CD)
operator [44]. This way, the low-density zones of the Pareto front are given more priority. pbest of each
particle is updated and gbest is drawn randomly from the archive, giving priority to the solutions with
higher crowding distance, which correspond to the solutions at the top of A.

The positions and velocities of the particles at the next iteration are generated by using Equations
(27) and (28),

v̂pj(i) = wv̂pj(i− 1) + c1r1
(
pbestj − x̂pj(i− 1)

)
+ c2r2

(
gbest− x̂pj(i− 1)

)
(27)

x̂pj(i) = x̂pj(i− 1) + v̂pj(i) (28)

where x̂pj, v̂pj are the position and velocity of the j-th particle; w is an inertia constant that weights the
previous velocities; c1 and c2 are two social factor constants that weight the distance to pbestj; and gbest,
r1 and r2 are random numbers drawn uniformly between 0 and 1.

After the position of all the particles in the current iteration has been updated, the new
non-dominated solutions are included in the archive and all the newly dominated solutions are
deleted. pbest is updated for all the solutions in the archive. The solutions in A are sorted in decreasing
order of CD, and finally, the gbest is drawn randomly from A, giving a higher probability to those
solutions with higher CD. This procedure is repeated until a certain number of iterations I is reached.
Figure 1 shows the MOPSO algorithm flowchart.
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Figure 1. MOPSO algorithm flowchart.

6. Case Study and Results

In this section, the holding speed without braking with final coasting eco-driving strategy is
compared against the standard holding speed driving, and the difference in energy consumption is
quantified. In both cases, there is a single cruise speed and all the energy regenerated by the electrical
brake is assumed to be returned to the power grid. The dependence of the energy consumption
(measured at pantograph and at substations) on the engine efficiency and catenary linear resistance is
analyzed. The nature-inspired optimization algorithm introduced in Section 5 is used for obtaining
the Pareto front of speed profiles for the Talgo-Bombardier class 102 train running on two sections of
Spanish high-speed lines. Track grades, curves, speed limits, tunnels, neutral zones and the positions
of electrical substations are considered in the line models.

The first section analyzed is an 85.4 km long section between Calatayud and Zaragoza in the
Madrid–Barcelona line with a 2 × 25 kV power supply system. The second section is a 38.9 km long
line section between Puertollano and Ciudad Real in the Madrid–Sevilla line, with a 1 × 25 kV power
supply system. The train has two 8 MW engines of 200 kN of maximum traction effort. The maximum
traction curve is shown in Figure 2. The power consumed by the auxiliary systems is 325 kW and in
any neutral zone the train has to regenerate enough energy to maintain these systems on, as presented
in Equation (24). The running resistance curve is presented in Figure 3. The empty mass of the train is
324 t, and its length is 200 m. Furthermore, apart from the train’s empty mass, 50 t-worth of passengers
have been taken into account.

Figure 2. Maximum tractive effort curve for the considered Talgo-Bombardier class 102 train.
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Figure 3. Running resistance for the Talgo-Bombardier class 102 train. It is modelled by using
Equation (6).

Regarding the comfort constraints, the maximum and the service decelerations are 0.4 m/s2,
the maximum acceleration is 0.67 m/s2 and the maximum admissible jerk is, in absolute value, 0.7 m/s3.
The power constant is considered to be cosϕ = 1. The social factors c1 and c2 in the MOPSO algorithm
are equal to 2 and the inertia constant w is 0.2.

6.1. Calatayud–Zaragoza Case Study

Figure 4 shows the height profile of the line section between Calatayud and Zaragoza. As can be
seen, the considered section is mostly downhill. There are three neutral zones, which are represented
in magenta in the lower part of the figure.

Figure 4. Height profile of the Calatayud–Zaragoza section. Neutral zones are represented in magenta.

In this subsection, the impact of the efficiency ratio of the motors on the energy consumption
is analyzed for both driving strategies. The traction and brake engine efficiencies are considered
equal and constant within a range between 85% and 97%. The influence of the linear resistance of the
catenary on the energy consumption is also studied. In the case of the Calatayud–Zaragoza section,
the catenary configuration is 2× 25 kV, and different values of its linear resistance, between 21·10−6 Ω/m
and 37·10−6 Ω/m, are tested. The MOPSO algorithm was used to generate speed profiles for both
standard and eco-driving strategies. For each driving strategy the non-dominated speed profiles in
terms of energy consumption and running time define the Pareto front. Figure 4 shows Pareto fronts
for the net consumption measured at the electrical substations for the extreme values of the considered
interval for the efficiency ratio of the motors and for the linear resistance of the catenary. The Pareto
fronts corresponding to the eco-driving strategy are represented in blue, while those corresponding to
the standard driving strategy are represented in red.

As shown in Figure 5, the consumed energy decreases as the engine efficiency increases. The energy
consumption increases for higher values of the linear resistance, since more regenerated energy is
dissipated at the catenary. For the fastest speed profilesm the difference in energy consumption
is significantly lower than for the rest. These speed profiles are close to the flat-out speed profile;
thus, the final coasting phase is very short, and therefore has little relevance in terms of energy-saving,
so both driving strategies produce similar results in terms of energy consumption. It can also be
observed that the eco-driving strategy produces faster and less energy-consuming speed profiles than
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the standard driving strategy, as all the solutions for the latter one are dominated by those produced
by the former. Table 1 is focused on the analysis for the commercial running time (24 min), varying the
efficiency ratio and the linear resistance. It shows the difference (in %) in net energy consumption at
the electrical substations between both driving strategies. Results shown in this table are especially
relevant for the infrastructure administrator.

Figure 5. Pareto fronts for the net consumption at the electrical substations for the considered extreme
values of the engine traction and braking efficiency (85% and 97%) and linear resistance of the catenary
(21·10−6 Ω/m and 37·10−6 Ω/m), for the Calatayud–Zaragoza section.

Table 1. Difference (in %) in net energy consumption at the electrical substations between the eco-driving
and standard driving strategies for different values of the energy traction and braking efficiency and
the linear resistance in the Calatayud–Zaragoza section for the commercial running time (24 min).

Engine Traction and Braking Efficiency (%)

85.00 88.00 91.00 94.00 97.00

Linear resistance of the catenary
(×10−6 Ω/m)

21 4.54% 3.89% 3.56% 2.99% 2.48%
24 4.56% 4.08% 3.58% 3.10% 2.51%
28 4.59% 4.13% 3.62% 3.12% 2.54%
32 4.63% 4.17% 3.68% 3.17% 2.64%
37 4.69% 4.23% 3.78% 3.30% 2.76%

In Table 1, two trends can be observed. The difference in energy consumption decreases as the
linear resistance of the catenary decreases. It decreases even more significantly when the efficiencies of
the engine brake and traction are higher. The energy saving at the electrical substations between the
eco-driving strategy and the standard driving is 2.47–4.69%.

Obviously, the measured energy consumption at the pantograph does not depend on the linear
resistance of the catenary. Figure 6 shows the dependence of the energy savings (measured at the
pantograph) on the energy efficiency.
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Figure 6. Difference in energy consumption at the pantograph (in %) between the considered driving
strategies for different values of the engine traction and brake efficiency in Calatayud–Zaragoza section.

It may be observed that for the considered engine efficiency interval, there is an approximately
linear relation between the difference in energy consumption and the engine efficiency. The eco-driving
strategy produces speed profiles with lower energy consumption than the standard driving strategy.
Results shown in Figure 6 are especially relevant for train operators. The energy saving measured at
pantograph of eco-driving with respect to standard driving is between 2.1% and 4.3%.

In Figure 7 the difference in energy consumption at the substations is analyzed for each linear
resistance of catenary. Results are shown for different values of the engine efficiency and running time.
A grey vertical dashed line is used to highlight the commercial running time, which is 24 min.

 

Figure 7. Cont.
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Figure 7. Difference in energy consumption (in kWh) between the considered driving strategies at the
electrical substations for the Calatayud–Zaragoza section for different values of the catenary linear
resistance r̂.

Three different scenarios can be distinguished. Close to the flat-out running time, there is
a large increase in the difference in energy consumption between the eco-driving and the standard
driving strategies; this is due to the action of the final coasting phase in the former driving strategy.
Next, there is a scenario in which the difference is approximately constant. For the slowest speed
profiles, the difference in energy consumption is significantly lower, as can be seen in Figure 5, and the
difference in energy consumption between the considered driving strategies becomes smaller as the
running time increases, as the coasting phase will be shorter and therefore its impact will be less
significant. If the dependence of the results on the energy braking and traction efficiency is considered,
it can be observed that for a fixed running time the difference in energy consumption seems to depend
linearly on the difference in energy efficiency. For the same value of the engine efficiency, the difference
in energy consumption increases slightly with the linear resistivity of the catenary.

Last, the speed profiles obtained for the commercial time with the two considered driving
strategies are presented. Table 2 shows the command vectors for these two speed profiles. Notice that
the considered line section ends at kilometric point (k.p.) 306.7 at Zaragoza station (stopping point).
The coasting phase in eco-driving starts 18 km before the stopping point.

Table 2. Command vectors for the commercial time speed profiles obtained with the two considered
driving strategies for Calatayud–Zaragoza section.

Eco-Driving Strategy Standard Driving Strategy

Cruise speed (km/h) 253.0 249.2
Final position of the cruise phase (km) 288.7 Braking curve

In Figures 8 and 9, the speed profiles are shown. The train speed is represented in blue, the speed
limits are represented by red lines and the track altitude is shown in green. The holding speed is
represented by an orange dashed line.
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Figure 8. Eco-driving speed profile for the commercial time in the Calatayud–Zaragoza section.

 

Figure 9. Standard driving speed profile for the commercial time in the Calatayud–Zaragoza section.

Figure 8 shows that in the holding speed regimes there are few points in which the train goes faster
than the cruise speed in the eco-driving strategy, as there are few steep downhill grades. The most
significant difference between the two speed profiles in Figures 8 and 9 is after position 288.7 km,
in which the train is coasting in Figure 8, while in Figure 9 it is holding its speed until it reaches the
braking curve. Near position 300 km the train has to brake due to the presence of a speed limit.

6.2. Puertollano–Ciudad Real Case Study

Finally, results are shown for the second case study, in which eco-driving speed profiles were
designed for the considered Talgo-Bombardier class 102 train in a 38.9 km long line section between
Puertollano and Ciudad Real. This line section has a catenary configuration of 1 × 25 kV, and three
different values of its linear resistance between 54·10−6 Ω/m and 110·10−6 Ω/m are considered in this
study. In Figure 10 the height profile of the considered line section is represented in blue, while the
two neutral zones are represented in magenta in the lower part of the figure. In general terms, this line
section is flatter than the Calatayud–Zaragoza line section.

Figure 10. Height profile of the line section between Puertollano and Ciudad Real. Neutral zones are
represented in magenta.

Again, speed profiles were generated for the two considered driving strategies by using the
MOPSO algorithm. The obtained Pareto fronts are represented in Figure 11, in which they are sorted
in terms of the net consumption at the substations. Results are shown for the extreme values of the
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considered engine efficiency interval, 85% and 97% and for catenary linear resistances 54·10−6 Ω/m,
70·10−6 Ω/m and 110·10−6 Ω/m. The standard and eco-driving speed profiles are represented in red and
blue, respectively. The commercial time, which is 13 min, is highlighted by a vertical grey dashed line.

Figure 11. Pareto fronts for the net consumption at the electrical substations for the extreme values of
the engine traction and braking efficiency (85% and 97%) and the three considered values of the linear
resistance of the catenary (54·10−6 Ω/m, 70·10−6 Ω/m and 110·10−6 Ω/m).

Results presented in Figure 11 are similar to those in Figure 5, although this time the difference
in energy consumption between two solutions with the same running time is usually larger than in
the Calatayud–Zaragoza case. For a fixed running time, the energy consumption is larger when the
engine is more inefficient and when the catenary has a larger linear resistance. The speed profiles in
the holding speed without a braking Pareto curve dominate those in the holding speed with a braking
Pareto curve.

Table 3 shows the difference in energy consumption at the substations between the two considered
driving strategies for the commercial running time in the Puertollano–Ciudad Real section. Results are
shown for different values of the engine efficiency and the linear resistance of the catenary.
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Table 3. Difference (in %) in energy consumption at the electrical substations between the holding speed
with braking and the holding speed without braking and final coasting driving strategies for different
values of the energy traction and braking efficiency and the linear resistance in the Puertollano–Ciudad
Real section for the commercial running time (13 min).

Engine Traction and Braking Efficiency (%)

85.00 88.00 91.00 94.00 97.00

Linear resistance of the catenary
(×10−6 Ω/m)

54 11.86% 11.33% 10.81% 10.28% 9.70%
70 12.07% 11.62% 11.12% 10.40% 10.15%

110 12.55% 12.30% 11.78% 11.47% 11.07%

Once again, the lower the linear resistance is, the lower the difference in energy consumption
is. Moreover, the difference in consumption between two speed profiles produced by using the
two considered strategies is higher when the train engine is less efficient. The difference in energy
consumption between the considered driving strategies for the commercial running time is between
9.70% and 12.55%.

Figure 12 shows the energy consumption measured at the pantograph for the commercial time
speed profiles. As can be observed, for an engine efficiency of 85%, the eco-driving strategy can be
used for achieving a 10.8% energy saving with respect to the standard driving strategy, while for an
engine efficiency of 97% the energy saving between the two strategies is 8.3%.

Figure 12. Difference in energy consumption at the pantograph (in %) between the considered driving
strategies for different values of the engine traction and brake efficiency in Puertollano–Ciudad
Real section.

The difference in energy consumption between the considered driving strategies is analyzed in
Figure 13 for the considered linear resistances of the catenary and engine efficiencies and for different
running times.

The difference in energy consumption grows up to a maximum close to the commercial running
time. The commercial running time (13 min, that is 780 s) is highlighted by means of a grey dashed line.
The more-or-less constant scenario in Figure 7 is at this point concave; this indicates that the shape of the
difference in energy consumption depends on the height profile of the track. This time, the difference
in energy consumption is larger when considering different values of the linear resistivity, as there
is a larger difference between those values. Again, the difference in consumption seems to decrease
linearly with the engine efficiency.

142



Energies 2020, 13, 1836

Figure 13. Difference in energy consumption (in kWh) between the considered driving strategies at the
electrical substations for the Puertollano–Ciudad Real section for different running times. Different
values of the catenary linear resistance r̂ and different values of the engine efficiency are considered.

In Table 4 the command vectors of the two driving speed profiles that satisfy the commercial
running time are presented. The eco-driving final coasting phase is approximately 10 km long and its
cruise speed is 17.4 km/h higher. Figures 14 and 15 show the commercial speed profiles obtained for
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the eco-driving and standard driving strategies, respectively. The train speed is represented in blue,
the speed limits are represented by red lines and the track altitude is shown in green. The holding
speed is represented by an orange dashed line.

Table 4. Command vectors for the commercial time speed profiles obtained with the two considered
driving strategies for the Puertollano–Ciudad Real section.

Eco-Driving Strategy Standard Driving Strategy

Cruise speed (km/h) 236.5 219.1
Final position of the cruise phase (km) 287.1 Braking curve

 

Figure 14. Eco-driving speed profile for the commercial time in the Puertollano–Ciudad Real line section.

 

Figure 15. Standard driving speed profile for the commercial time in the Puertollano–Ciudad Real
line section.

In this case, the train coasts approximately in 25% of the total length of the line section.
In comparison to Figures 8 and 9, in this section the role of the final coasting phase is more
important. This explains the fact that the difference in energy consumption between the considered
driving strategies in percentage is much higher for the Puertollano–Ciudad Real section.

7. Discussion

The studies developed in this paper have been carried out with the objective of assessing the
effectiveness of eco-driving under different electrical scenarios and to answer the question about
whether or not eco-driving is useful in high-receptivity networks. The results obtained suggest that
the answer to the question is that it is useful to apply eco-driving. Besides, it has to be taken into
account that the value of energy saving because of efficient driving will depend on the efficiency of the
electrical chain (catenary loses and motor efficiency) and on the running time.

The cases studied in Section 6 are two cases of an alternate current power supply system with
high receptivity. These systems are, by nature, much more effective using regenerate energy than
direct current systems. In alternate current systems, the energy generated by train braking can be used
by other trains or sent back to the distribution network for other uses. However, there is part of the
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regenerated energy that will be lost anyway because of the catenary losses and the motor’s efficiency.
Saving part of the lost energy is the main benefit of eco-driving, and the results support this. It has
been shown that, the lower the energy lost in the motor and catenary, the lower the difference between
efficient non-efficient driving.

The results obtained in Puertollano–Ciudad Real show energy savings produced by eco-driving
according to the typical values between 10% and 15% in the literature [68]. On the other hand,
the results obtained in Calatayud–Zaragoza present values that are further reduced. One reason to
explain this is the track profile. Although the average grade in both cases is downhill, the difference in
altitude between the end and start of the journey is higher in Calatayud–Zaragoza. The presence of
steeper downhills leads to lower energy consumption results and lower differences between different
speed profiles.

Catenary losses can also explain why the energy reduction figures obtained by the eco-driving
strategy in the Calatayud–Zaragoza stretch are lower than those obtained in the Puertollano–Ciudad
Real stretch (the 2 × 25 kV system is more efficient than the 1 × 25 kV system because of lower rate of
power losses).

The influence of the commercial running time cannot be neglected. In both cases, it can be
observed that there are three scenarios of energy saving due to eco-driving depending on the running
time. Close to the flat-out running time, the energy saving that can be obtained by efficient driving is
zero because there is no possibility of modifying the driving to obtain the minimum running time.
From there, there is a small interval of running time wherein the energy saving provided by eco-driving
increases as the running time increases. After that, there is a zone of running time values in which the
energy saving rate is approximately constant. This zone typically contains the commercial running
time for the journey. Finally, for the largest running times, the difference in energy consumption
between efficient and non-efficient driving is gradually reduced.

Therefore, a second order reason for the reduced energy saving figures in Calatayud–Zaragoza is
that the commercial running time of this journey is higher than usual and it is located in the running
time interval in which the energy savings provided by eco-driving are reduced.

Despite this, the minimum energy saving provided by eco-driving is relevant (2.5%) in a scenario
of 97% motor efficiency. This motor efficiency is very high compared with its typical values, which are
between 85% and 90%. Therefore, taking into account the typical motor efficiency, the minimum energy
saving provided by eco-driving can reach more that 3.5%.

With these results, it can be said that high network receptivity to braking energy can mitigate the
effect of eco-driving, but it is still significant.

Obviously, results can vary in a field-test because of simulation error. However, as explained
in Section 2, the value of simulation error in energy consumption is 0.4%. This error can slightly
quantitatively modify the results obtained but cannot qualitatively modify them and the trends obtained.

8. Conclusions

The basis of eco-driving strategy is the substitution of the use of braking with coasting periods.
Trains equipped with regenerative braking allow for recovering the kinetic energy during deceleration
phases, which can be used by other trains or sent back to the utility grid in AC power supply systems
or in DC systems equipped with reversible substations. In this context of high use of regenerated
energy, it is necessary to analyze whether eco-driving design based on coast commands has an impact
on energy savings. In this work, an eco-driving strategy has been compared to a standard driving
strategy. The former one consists on holding a cruise speed without braking (if braking is needed to
maintain that speed, it is not applied and the speed increases) and coasting before braking. The latter
one consists of holding the cruise speed and braking if it is necessary to do so. A comparison has been
performed in two real case studies by simulating a train on two high-speed Spanish lines. One of
them is a section of the Madrid–Barcelona high-speed line, which is fed by a 2 × 25 kV power supply
system. The other one is a section of the Madrid–Sevilla high-speed line, which is fed by a 1 × 25 kV
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power supply system. The influence of the regenerated energy losses at the catenary—which depend
on its linear resistance, and the engine traction and braking efficiency, which are considered constant
and equal—on the energy consumption of the speed profiles generated for both driving strategies
has been studied. To generate the driving commands, a nature-inspired algorithm called MOPSO
has been used for both driving strategies. Speed profiles have been obtained by simulating driving
commands. For each driving strategy and for some values of the linear resistance and engine efficiency,
the Pareto curves consisting of the non-dominated speed profiles in terms of energy consumption and
running time have been computed. The difference in energy consumption between the considered
driving strategies has been calculated for different values of the catenary resistance, engine efficiency
and running time, with a special focus on the commercial time. For the commercial running time,
the eco-driving strategy produces energy savings with respect to the standard driving strategy between
2.48% and 4.69% at the pantograph for the first case study and between 9.7% and 12.55% for the second.

For a specific running time, the holding speed without braking and final coasting eco-driving
strategy produces solutions that consume less energy than the holding speed with braking standard
driving strategy. The difference in energy consumption between the considered driving strategies is
larger when the losses at the catenary are more significant and when the engine is less efficient.

It was found that the holding speed without braking and final coasting driving strategy produces
speed profiles more energy-efficient than the standard driving strategy, mostly due to the final coast
phase. For slower speed profiles, the energy consumption is much lower, as the cruise speed is lower;
the final coast phase takes place more close to the brake curve at the end of the section; and then the
difference in energy consumption between the considered driving strategies is smaller.

Finally, it can be concluded that, although the power supply network presents a high receptivity
to braking energy, the eco-driving design can produce significant energy savings.
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Abstract: This paper deals with the application of an electric vehicle (EV) motor inverter and
its batteries as an energy storage device supporting the operation of home electrical installation.
This additional functionality of EV is called a Vehicle-to-Home (V2H) service. Two kind of services
are considered: a peak shaving and an emergency power supply. The simulation model developed
in the PSCAD program is presented. It allows for the examination of the EV battery control and
operation during EV driving and parking. Additionally, it allows an evaluation of the availability of
home installation for the V2H service. Control algorithms enabling the implementation of discussed
work options are presented. Results of simulations are presented illustrating the EV control and
operation in different operational modes.

Keywords: ancillary services; EV motor inverter; electrical installation; on-board charger;
vehicle-to-home; home energy management system

1. Introduction

The dynamic technological development of electric vehicles (EV) and different support instruments
introduced in various countries according to EU directives encourage individual customers to invest
in EVs. The goal of the European Union is to reduce the greenhouse gas emissions into the atmosphere
by 2050 by 60% compared to 1990. One of the assumptions to achieve the above objective is halving
the number of vehicles with conventional drive in the urban transport by 2030 and total elimination of
such vehicles from cities by 2050 [1].

There are three main types of EVs available on the market: hybrid vehicles (HEV), hybrid vehicles
with the possibility of charging a battery pack (PHEV) and fully electric vehicles (BEV) [2,3]. The BEV
vehicles are the subject of this paper. Due to the high energy density, reasonable battery life and
acceptable recharging speed the lithium-ion batteries are used to power this type of vehicle [4].

The increasing number of EVs may bring a significant impact on the supply network. The most
negative aspect for the network is an uncontrolled EV charging process, especially if it takes place
during a time overlapping with high power demand. The increase of peak load due to mass charging
may lead to branch congestion and large voltage drops. This problem is described in the literature.
The assessment framework of a plug-in electric vehicles (PEV) impact on the supplying network is
proposed in [5] taking into account the great uncertainty in many crucial assumptions and parameters
(e.g., EV battery charging power and time). In [6,7] the rating of electricity demand profile is assessed
on the basis of information about EV user behaviors. Furthermore, in [8] the diagrams of medium
voltage (MV) network loading are presented for a scenario where 52% of all used cars are EVs. It is
shown that dump charging can cause peak a power increase by about 100% and controllable charging
is necessary to avoid network disruptions. Similarly, in [9,10] the impact of the increased number of
EVs on the operation of low voltage (LV) power network by both controlled and uncontrolled EVs
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charging is analyzed. Different charging strategies are tested and compared in [11–13]. The concept of
using renewables, in particular the solar panels, in charging infrastructure is discussed in [14].

The impact of EVs on the supply network significantly depends on EV user behaviors. If EV is
used for commercial purposes or to travel for longer distances, it requires the infrastructure of fast and
superfast chargers. In that case the location of charging points must be based on factors such as EV
ranges, road infrastructure, investment costs, etc. In certain cases, there will be a need to reinforce
a supply network and so the planning is crucial to minimize additional costs. The methodology for
planning minimal fast charging infrastructure deployment is evaluated and depicted in [15].

If the user exploits EV on relatively short distances, for example for commuting, the EV can be
charged at home in the evening. At present this is the most typical scenario and it will be discussed
further. While the EV is connected to the home electrical installation, the energy stored in EV battery
can be used to support the installation operation and improve the reliability of supply. Such an EV
service, called the vehicle-to-home (V2H), is especially useful in the case of supply network failure or
when the EV user wants to reduce energy costs by using an EV battery to supply loads in the period of
high energy prices.

Benefits from using EV for additional services have already been indicated in the literature [16].
It is shown that through demand side management (DSM) the V2H may support the local loads
during severe supply network loading or outages, hence alleviating energy demand on the network
and its reliability requirements. In [17] an active management model integrated with generation
curtailment mechanism and the charging/discharging management of plug-in EVs was built for the
local distribution system. In [18–20] PEVs are used for the backup power during an outage and on
the basis of residential energy usage data, the duration of backup power that could be achieved is
identified. Similarly, in [21,22] EVs are used as energy storage for a local smart grid to reduce energy
costs. In [23] the exploitation of vehicle-to-grid (V2G) services for power quality improvement is
discussed. The optimal charge/discharge schedule for an EV plugged into a smart building is presented
in [24,25] taking into account time-varying electricity pricing schemes.

At present the V2H and V2G services require an off-board bi-directional inverter which generate
high additional costs. In addition, the size of such an inverter is not without significance, especially
in the context of limited space in garages or parking lots. In this paper, authors analyze the usage of
an on-board motor inverter (instead of off-board) for V2H services. It means that the motor inverter
is used for both: motor propulsion and ancillary (V2G/V2H) services. Different approaches to the
adaptation of motor converters for the ancillary services are available in the literature. The review
of the drivelines in all-electric vehicles is presented in [26]. The topology of an on-board integrated
battery charger using an asymmetrical nine-phase machine is described in [27]. In [28], a single-phase
integrated charger, using the EV propulsion machine and its traction converter, is introduced.

The presented literature concentrates on indicating the possible benefits of the V2H services for EV
users and the supplying network operators. However, to implement the additional functionalities of
EV some technical issues should be examined including the control of EV motor inverter. In this paper
the authors present an original simulation model, which can be a useful tool for both: the examination
of EV motor inverter for V2H services and for the adaptation of home installation for such services.

The paper is arranged as follows. In Section 2 the EV user behavior scenarios are identified to
justify the possibilities and significance of EV additional functionalities. Then in Section 3 we describe
the simulation model. In the next Section, we present the simulation results for the chosen case study.
The paper finishes with some conclusions.
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2. EV User Behavior Scenario and V2H Charging Strategy

The availability of EV to be used for V2H services depends on EV user behaviors, which are
unpredictable to a large extent. However, some typical user behaviors can be identified on the basis of
factors describing the way of EV exploitation, i.e.,:

• the distance, which a user drives during one day;
• the place, where a user charges their electric car;
• the time, when a user charges his electric car.

In this paper, the following scenario of EV exploitation is assumed. The EV is used in urban
and non-urban areas for commuting. The vehicle is mainly charged on a private property. The most
probable choice is charging in the user’s private garage in the evening, less probable is charging in the
workplace during the day.

Currently the typical charging solutions may include: AC on-board charger (rectifier), or off-board
DC charger, or on-board motor converter (also used for motor propulsion, braking energy regeneration
and battery charging). In a further consideration, only the controlled AC charging, with the use of
motor inverter, will be dealt with.

The control strategy applied defines charging and control parameters [29] and requires
infrastructure. A vehicle used for commuting is parked most of the day and can be connected
to the electric installation. Hence, it is justified to extend the charging control strategy in order to use
the EV battery as energy storage for the EV user needs.

The control of the charging process can be based on the tariff signal and the power limit value
set by the distribution system operator (DSO). This strategy is beneficial for both the EV user and
the network operator. The EV user reduces energy costs and the DSO receives network management
opportunities (such as network load control).

The utilization of energy storage devices by end-users has been known for a long time and
reported in the literature [30–33]. The typical application concerns a peak-shaving. When a distinction
is made in tariffs between peak and off-peak hours, it is profitable for an end-users to reduce the
peak demand. The EV battery is charged during off-peak hours, when energy is cheaper, and it is
discharged during peak load periods. For EV users the reduction of peak power demand means
decreasing demand charges. It should be noted that the peak demand occurs usually in the evening
time period, so, according to the described scenario, while the EV is parked and its battery is available
for ancillary service.

Another useful application of energy storage in LV installations is the supply of loads during dips
and short interruptions. Its purpose is lowering the costs of losses incurred by end-users due to such
disturbances in the network.

According to authors the infrastructure for the V2H services requires both the EV motor inverter
and the building installation equipped with a home energy management system (HEMS) (Figure 1).
HEMS is responsible for the calculation of the starting and ending time of charging or discharging
processes. It is based on the following parameters:

• current energy cost;
• battery state of charge (SOC);
• current energy consumption at home;
• EV user needs (time when EV user exploits their car).

The vehicle should be connected to the AC power network via dedicated EVSE (Electric Vehicle
Suppling Equipment) i.e., socket outlet, connecting cable and wallbox. Communication between EV
and EVSE must be bi-directional.
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Figure 1. Vehicle-to-home (V2H) charging scheme.

3. Description of EV Simulation Model

3.1. Asumptions

During driving, the EV motor inverter provides power to its motor or is used for regenerative
braking. While an EV is parked, the motor inverter is connected to 3-phase LV home installation and is
used to charge the batteries or for the V2H services such as energy storage operation or uninterruptable
power supply (UPS). This functionality requires an appropriate control system and procedures to run
depending on the function being performed: drive, energy storage or UPS (when the installation is
disconnected from the network). The controller is located on-board the vehicle. Its operation modes
and settings should include all limitations regarding all the cooperating devices: battery, vehicle engine,
electric loads and the supplying feeder.

During driving the EV driver controls the power fed to the EV motor within the limits of its rated
power (using accelerator and brake pedals).

While EV is parked and connected to the home installation, the battery can be charged or
discharged according to the user’s decision or predefined profile. The amount of power drawn from or
returned to the customer installation is limited by EV motor rated power, technical parameters of home
installation and should be managed by the HEMS. Additionally, it should be noted that every EV is
equipped with the on-board battery management systems (BMS). It is responsible for battery protection,
monitoring and controlling its state. The HEMS cannot and should not have priority over BMS so it
cannot jeopardize the battery safety. However, HEMS has access to the additional information (the
energy tariffs, current energy consumption at home or other EV user preferences). That data can be
used to effectively manage services like the peak shaving or planning the charging schedule.

The UPS option requires fully autonomous operation of the controller in order to balance an
active and reactive power in the user’s home installation (islanded operation). The amount of power
drawn from or returned to the customer installation is limited by EV motor rated power and technical
parameters of the home installation.

The objective of the presented model is to create a simulation tool to examine and evaluate the EV
capability for V2H services. In particular, the model can be used to:
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• evaluate the possibilities of EV inverter construction in terms of the ability to provide additional
functionalities for achieving technical and economic benefits for EV users;

• evaluate the home electric installation with regard to its abilities for the islanded operation with
the use of an EV battery system;

• verify the EV control algorithms and the selection of settings according to EV user’s requirements.

3.2. Model Structure

The presented EV simulation model, for which the general scheme is shown in Figure 2, was built
in the PSCAD program [34]. The model encompasses the following modules: part of LV distribution
network (NETWORK), EV user electric home installation supplied from the network (EV OWNER
HOME INSTALLATION) and the on-board EV infrastructure (EV).

Figure 2. Schematic diagram of an electric vehicle (EV) and home installation simulator mode.

3.2.1. NETWORK Module

The network module consists of two blocks: SUPPLY and CONTROL of 3.ph, 2.ph, 1.ph SHORT
CIRCUIT. The first block include ideal 3-phase voltage source of nominal voltage 15 kV and 15/0.4 kV
distribution transformer supplying LV busbars (SUPPLY). The second allow the emulation of different,
asymmetrical faults in the network and illustrate their effects at the point of coupling with end-user
installation. The beginning and duration of each fault can be set using Time Fault Logic blocks.

3.2.2. EV OWNER INSTALLATION Module

User installation module is represented by R, L load block (LOAD), which through a BR switch is
connected to the transformer LV busbars. The value of load impedance can be changed with constant
tgϕ. The EVSE terminal has electrical and control circuits. The CNT switch is controlled by the EVSE
CTRL block.

The BR switch is controlled by the BRAKER CTRL block. In this block the supplying network
voltage vector vn is monitored and if the voltage exceeds permissible values, the switch is opened.
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The controller can close the breaker only when the voltage vectors vn and vh, on both sides of the
switch, expressed by Equations (1) and (2), fulfil the synchronization requirements.

vh = Vhej(ωht+ϕh) (1)

vn = Vnej(ωnt+ϕn) (2)

where:
vh, Vh, ωh, ϕh—instantaneous value, module, angular velocity and phase angle of voltage vector

in end-user (home) installation in α, β coordinates.
vn, Vn, ωn, ϕn—instantaneous value, module, angular velocity and phase angle of supplying

network voltage vector in α, β coordinates.

3.2.3. EV Module

The EV module consists of four parts: a drive module (DRIVE MODEL), a DC circuit (DC
INSTALLATION), a harmonic filter (H.F. FILTER) and a central controller (EV CONTROLLER).
They are described below.

DRIVE MODEL is based on the equation of rotary motion dynamics:

J
dw
dt

= Te − Tm(w) (3)

where:

J—moment of machine inertia brought to the machine shaft,
w—instantaneous value of the angular velocity of the machine rotor,
Te, Tm—electromagnetic torque and mechanical torque in the function of w.

The EV engine is represented by the module of a synchronous machine with permanent magnets.
The integral part imitates the car inertia brought to the machine shaft. The input of this block is the
sum of torques: electromagnetic driving Te depended on the current generated by the inverter and
provided to the vehicle engine and mechanical Tm braking the car’s movement. The output is the
value of the machine’s angular velocity w. It is assumed that the resistance to the movement and so the
torque Tm are proportional to the angular velocity w of the car.

DC INSTALLATION represents EV battery and DC/AC motor inverter. The battery is represented
by the DC source. The inverter is built as three-phase (6T) bridge of gate turn-off (GTO) thyristors.
Firing pulses to thyristors are generated using pulse-width modulation (PWM) technique in the block
of Inverter Current Controller. Hysteresis control is applied, in which the inverter AC current iinv
reproduces the reference current vector iref determined in the block of EV CONTROLLER.

In the EV module passive filter (H.F.FILTER) and the remaining R, L, C elements visible in the
simulator diagram are used to reduce current harmonics of high frequencies resulting from thyristor
switches operation.

Two EV operation modes are modelled in the simulator: Driving and Parking. They can be
selected by the position of MODE switch in EV CONTROL panel. For the first mode the switch should
be set to the DRIVE position. It results in opening BRKpark switch and closing BRKev switch. With
BRKev closed the EV inverter is connected to the stator of the synchronous machine and the EV is
ready to drive. For the parking mode the position PARK at the control panel should be selected—it
causes BRKpark switch to close. As a result, the connection between the EV inverter and EVSE (user
installation) is established.
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3.3. EV Control during Driving and Parking

The operation of EV devices is managed by an EV CONTROLLER block. For each operation
mode it determines the value of reference current vector iref applied to the inverter. In the DRIVING
mode the vector module is the function of control signal INV CTRL setting (representing accelerator
and brake pedals). Its angular speed is equal to the synchronous machine angular velocity w.

In this case the vector of stator current is practically equal to iref vector, i.e., it rotates with the same
angular velocity as the permanent magnet magnetic flux of the rotor. This results in the electromagnetic
torque Te driving or braking the vehicle depending on sign of the INV CTRL signal.

In the PARKING mode, after closing the switch CNT, all control and power circuits of the car are
connected to the EVSE (part of “EV USER INSTALLATION” module). The EV can perform a chosen
function (charging or ancillary services). Two control options are possible depending on the state of
the supply network:

• normal network conditions—EV can be charged or used as energy storage system (V2G);
• emergency network conditions—EV is used as UPS system.

In the first option the inverter transmits active power equal to the value set on the INV CTRL
slider (in this case the INV CTRL setting can be determined by the Home Energy Management System).
For positive signal value the current is in phase with the supplying voltage, which means that the EV
batteries are charging. If the signal has a negative value, the current is in opposite phase to the voltage,
which means energy is supplied to the consumer installation. EV CONTROLLER block determines
reference current vector according to the formula:

ire f =
P + jQ

1.5(|vh|)2 vh (4)

where:

P, Q—active and reactive power transmitted by the inverter.

Equation (4) is based on the definition of instantaneous power in the machine stator. Its derivation
is provided in Appendix A.

The second option (UPS) is activated if there is a fault in the supply network. It results in the BR
switch opening. In this case the EV function is to supply the consumer loads with voltage close to
nominal. The reference current values are determined to ensure active and reactive power balance
within the consumer installation. Simultaneously the voltage in the home installation is compared with
the supplying network voltage in block BRAKE CTRL. If the network fault is eliminated the switch BR
can be reclosed. Then, the EV CONTROLLER module comes back to performing the function it did
before the disturbance.

4. Simulation

In order to demonstrate the performance of the developed model, the following scenarios were
simulated in sequence, in single calculation cycle, i.e.,:

• driving state, in which the EV is driving (accelerate and brake several times);
• parking state, in which the vehicle is connected to the EVSE and operates as energy storage system;
• parking state, in which the vehicle is connected to the EVSE, the battery energy storage operation

is interrupted by faults in the supply network causing the EV operate as UPS system.

Time constant representing the inertia of the car was reduced in such a way that all states could
be examined in one simulation and presented in one graph, Figure 3. The states of all switches
included in the simulator diagram and the waveforms of quantities enabling the evaluation of the
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modelled devices work in transient states were recorded. Individual operation states are presented in
Figures 4–8, respectively.

 
Figure 3. Main parameters describing processes during all EV operation states, breakers positions,
voltages, currents, engine torque and speed.
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Figure 4. (a) EV driving state (accelerating and braking); (b) The zoom of the upper diagram, period
(1.2–2) s.
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(a) 

(b) 

Figure 5. (a) EV operates as energy storage system in normal network state. (b) The zoom of the upper
diagram, period (5–5.5) s.

 
Figure 6. Inverter voltage and current and the network voltage during charging, 3-phase short circuit,
island operation and again charging. The BR signal equeal “0” means that BR breaker is closed.

 

Figure 7. Inverter voltage and current and the network voltage during charging, 2-phase short circuit,
island operation and again charging. The BR signal equal “0” means that BR breaker is closed.

In the first scenario (driving state) it was assumed that the vehicle accelerates and brakes to adapt
its speed (w) to the road traffic conditions, see Figure 4. During the EV acceleration, electromagnetic
torque (Te) of the EV motor reaches its maximum value. When the road conditions prevent further
acceleration (the driver releases the accelerator pedal), the electromagnetic torque reverses and the
vehicle begins to decelerate. During the acceleration, when the invertor current (iinv) and voltage (vinv)
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are in opposite phases, the energy is transferred from batteries to the engine. Conversely, during
regenerative braking, the engine operates as a generator, thus the inverter current and voltage are in
phase, the energy is transferred from engine to the batteries.

 
Figure 8. Inverter voltage and current and the network voltage during charging, 1-phase short circuit,
island operation and again charging. The BR signal equal “0” means that BR breaker is closed.

During the next scenario the vehicle is parked and connected to the supply network, see Figure 5.
The bi-directional power flow is enabled, thus the execution of V2H services can be applied. This service
can be controlled by the home energy management system on the basis of factors such as energy prices,
user requirements, SOC of EV battery or home installation rated power. The voltages of the traction
invertor (vinv), the voltage in the home installation (vh) and the voltage in the supply network (vn) are
equal. The inverter current (iinv) changes (amplitude, phase) so the power can be transferred from or
to the supply network. In Figure 5 the phase of inverter current corresponds to the battery current
(IDC). When the on-board motor inverter operates as the battery charger (IDC is positive) the voltage
and invertor current are in phase. When energy is transferred to the customer installation (battery
discharging, IDC is negative) the phase between current and voltage is shifted by 180 degrees.

The next three drawings correspond to the third scenario, i.e.,: the 3-phase short circuit—Figure 6,
the 2-phase short circuit—Figure 7 and the single-phase short circuit—Figure 8. In all the figures, the
order of events is the same. The simulation starts with the EV battery being charged. The voltages
of the motor invertor, home installation and supplying network are the same. The motor invertor
current and voltage are in phase. Then, the fault in the supply network occurs, which results in vinv,
vn and vh voltages decreasing, respective to the type of short circuit. In the response to the network
fault, the protection controller trips the BR breaker. The vehicle inverter changes control strategy from
battery charger to UPS and the home installation starts the islanded operation. One can notice that the
home installation voltage reaches nominal value immediately. Moreover, the amplitude of invertor
current changes respective to the customers loads. During island operation the EV inverter operates
autonomously. When the fault in the supply network is removed, the synchronization process can be
started. When the voltages in the home installation and in the supply network are in phase the BR
breaker is reclosed and the EV inverter returns to the battery charging operation that can be controlled
by the HEMS again.

5. Conclusions

The potential advantages of the V2H services using the off-board inverters are well described
in the literature. The novelty of this paper is the reference to the applicable use of on-board 3-phase
motor inverter and its control system for the both EV charging and ancillary services—V2H. Such an
approach is beneficial since additional infrastructure costs are minimal.

In this paper authors concentrated on creating the accurate test-bed in the PSCAD environment
that can be utilized to:

• verify the EV capacity to provide V2H services;
• assess the developed control system for EV on-board motor inverter;
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• evaluate the requirements that the home installation should meet to enable V2H services (including
operation of protection devices and synchronization system);

• evaluate the operation of the EV motor inverter and protection devices during faults in the
supply network.

The conducted tests confirmed that the EV on-board single structure (consisting of motor inverter,
its control system, switches/breakers) is sufficient to provide V2H services in the home installation
equipped with:

• breaker enabling disconnection of the home installation from the network in case of fault;
• a synchronization system that reconnects the home installation with the supply network.

Since there is no need for additional off-board inverter the cost of V2H services implementation
can be minimized. In other words, the V2H services give the EV owner the opportunity to provide
emergency power supply (with minimal additional infrastructure expenses) and potentially lower the
costs of electrical energy (if a home energy management system is used).

It should be noted that the availability and effectiveness of V2H services (such as peak shaving or
uninterruptable power supply) depend on energy stored in the EV batteries. Thus, it is strictly related
to the vehicle usage profile (availability of EV battery).

As driving capabilities, the main functionality of EV, should not be limited by additional V2H
services, the integration with the home energy management system seems to be advantageous. HEMS
can determine the EV battery charging/discharging pattern including restrictions resulting from:

• the necessity to keep the vehicle in readiness for the user;
• energy tariffs;
• other technical aspects referred to the user home installation.

Although the presented simulation results confirm that the EV motor inverter technology is ready
for the V2H services, the limited capacity of the EV battery and the impact of charging/discharging
cycles might be an issue. On the other hand, intensive research is being carried out into the development
of storage technologies, so this should not be a problem in the future.
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Appendix A

An instantaneous power p can be expressed as the function of instantaneous values of voltages
and currents:

p = vAiA + vBiB + vCiC (A1)

We apply the known transformations between αβ and ABC phase coordinates:⎧⎪⎪⎪⎪⎪⎪⎪⎪⎪⎪⎪⎪⎪⎪⎪⎨⎪⎪⎪⎪⎪⎪⎪⎪⎪⎪⎪⎪⎪⎪⎪⎩

vA = Re {v}
vB = − 1

2 Re {v}+
√

3
2 Im{v}

vC = − 1
2 Re {v} −

√
3

2 Im{v}
iA = Re {i}

iB = − 1
2 Re {i}+

√
3

2 Im{i}
iC = − 1

2 Re {i} −
√

3
2 Im{i}

(A2)

161



Energies 2020, 13, 1851

Applying (A2) to (A1)

p = Re {v} ×Re {i}+
(
− 1

2 Re {v}+
√

3
2 Im{v}

)
×
(
− 1

2 Re {i}+
√

3
2 Im{i}

)
+
(
− 1

2 Re {v} −
√

3
2 Im{v}

)
×
(
− 1

2 Re {i} −
√

3
2 Im{i}

) (A3)

After the simple transformations the instantaneous power equation (as the function of
instantaneous voltage and current vectors) is:

p =
3
2
(Re {v} ×Re {i}+ Im{v} × Im{i}) (A4)

Let us consider now the expression 3
2 v∗ × i (where v∗ stands for conjugate value of complex

number v):
3
2

v∗ × i =
3
2
[(Re {v} − jIm{v}) × (Re {i}+ jIm{i})] (A5)

3
2 v∗ × i = 3

2 [Re {v} ×Re{i}+ Im{v} × Im{i}
+ j(Re{v} × Im{i} − Im{v} ×Re{i}] (A6)

Thus, taking into account (A4) we obtain:

3
2

v∗ × i = p + jq (A7)

where active power p is expressed by formula (4) and the reactive component is equal to:

q =
3
2
(Re {v} × Im {i} − Im{v} ×Re{i}) (A8)

From (A7) the derived equation is:

i =
P + jQ
1.5v∗ ×

v
v
=

P + jQ

1.5(|v|)2 × v (A9)
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Abstract: The series hybrid electric powertrain is the main architecture of the hybrid electric tracked
vehicle. For a series tracked hybrid electric bulldozer (HEB), frequent fluctuations of the engine
working points, deviation of the genset working points from the pre-set target trajectory due to
an insufficient response, or interference of the hydraulic pump consumed torque, will all result in
increased fuel consumption. To solve the three problems of fuel economy, an adaptive smooth power
following (ASPF) control strategy based on an optimal efficiency map is proposed. The strategy
combines a fuzzy adaptive filter algorithm with a genset’s optimal efficiency, which can adaptively
smooth the working points of the genset and search the trajectory for the genset’s best efficiency
when the hydraulic pump torque is involved. In this study, the proposed strategy was compared on
the established HEB hardware in loop (HIL) platform with two other strategies: a power following
strategy in a preliminarily practical application (PF1) and a typical power following strategy based
on the engine minimum fuel consumption curve (PF2). The results of the comparison show that
(1) the proposed approach can significantly reduce the fluctuation and pre-set trajectory deviation
of the engine and generator working points; (2) the ASPF strategy achieves a 7.8% improvement in
the equivalent fuel saving ratio (EFSR) over the PF1 strategy, and a 3.4% better ratio than the PF2
strategy; and (3) the ASPF strategy can be implemented online with a practical controller.

Keywords: hybrid electric bulldozer; tracked vehicle; control strategy; adaptive control;
power smoothing

1. Introduction

In recent years, hybrid electric vehicle (HEV) technology has been rapidly developed. As a new
type of power transmission technology, the HEV is recognized as one of the best solutions for energy
saving and emission reduction in the world [1]. Following the success of HEV technology in the
automotive field [2–4], the world’s major manufacturers and related research institutions tried to
apply it in the field of construction machinery. In the research and development of hybrid electric
construction machinery (HECM), hybrid technology of the loader and excavator has been previously
achieved [5,6]. It was not until 2008 that the Caterpillar company developed a diesel-electric driven
bulldozer based on HEV technology, named D7E, which attracted extensive attention worldwide due
to its excellent performance of 20% energy saving, 10% productivity improvement, and 50% service
life extension [7]. After that, a special project was set up to develop the first hybrid electric bulldozer
(HEB) of China in 2011 [8]. Since then, research on the HEB, as a heavy-duty off-road hybrid electric
tracked vehicle, has received increasing attention [9–11].
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Control strategies, especially energy management strategies, represent a hot topic in HEV
technology research. The core purpose of a control strategy is to optimize the fuel economy and
emission of the power system, while satisfying the driving purpose, by reasonably controlling the
power distribution among multiple energy sources. The technology of the HECM or hybrid special
vehicle should be based on the application, transfer, and expansion of HEV technology. Such control
strategies are also research hotspots in their fields. Even with the development and introduction of
autonomous vehicles, the vehicle control strategy is the most attractive technical research field [12–14].
HEBs mainly adopt the series hybrid electric powertrain due to their violently fluctuating operating
resistance. As the amount of research on the control strategy of series HEB is still small, in order to
fully draw lessons from related research results, we have reviewed the control strategy of series HEV,
the control strategy of other types of HECMs which also face the problem of HEV technology transfer,
and some of the recent research on the HEB control strategy.

Research on the control strategy of the series hybrid power system can be simply divided into
three types, based on the characteristics: rule-based control [15], optimization-based control [16,17],
and intelligent control [18,19]. As shown in Table 1, it can be seen that the three types of control
strategies have advantages and challenges in practical engineering applications. The rule-based control
strategy is the most commonly used strategy of the series HEV in practical applications. The on-off
(thermostat) strategy is the simplest, and permits the genset to always work at the best efficiency point,
but the engine is often switched on and off, and the energy loss in start-stop and charge-discharge
is large. The power following strategy requires frequent changes in the engine operating points to
follow the changing load. However, the engine efficiency is relatively low, the dynamic energy loss
is large, and the charge and discharge energy loss of the energy storage unit (ESU) is small [20].
The on-off and power following strategy also are called deterministic rules. The optimization-based
control makes use of various optimization algorithms to solve objective functions and obtain the
optimal control law. It can be divided to instantaneous and global optimization, according to the time
scale of the optimal solution. Two typical instantaneous optimization strategies are the equivalent
consumption minimization strategy (ECMS) and its derivative adaptive-ECMS, which calculate the
minimum objective function at every moment [16]. Dynamic programming (DP) is a classic and
accepted global optimization algorithm used to measure the maximum potential of fuel saving in the
whole drive cycle time. Stochastic dynamic programming (SDP) is then formed by considering some
uncertainty factors in the load. Between the moment and duration of the optimal time scale, the model
predictive control (MPC) converts the solution problem over the entire drive cycle time into a value
over a short future period by using sensing devices and methods [21]. An indirect and analytical
algorithm employed to solve the global optimal control problem is Pontryagin’s minimum principle
(PMP), which is also widely adopted and offers an optimal solution close to the DP result by solving a
Hamiltonian minimization problem [22]. These optimization-based controls are often segmented into
online and offline optimization-based strategies, depending on whether the controls can be applied in
real vehicles [1,20]. Fuzzy logic is also mentioned as a kind of rule-based control for fuzzy rules [23],
while it is categorized as intelligent control due to its intelligence features of non-model and nonlinear
systems in this paper. Intelligent control approaches, including the back propagation neural network
(BPNN), genetic algorithm (GA), and machine learning [4,24], which rely on engineering experience
and engineering databases, have excellent properties in dealing with uncertain mathematical models,
high nonlinearity, and complex task requirements [25,26]. They are also widely adopted in series HEVs
and have a good adaptability.
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Table 1. Classification and comparison of control strategies of the series hybrid electric powertrain.

Category Subcategory Advantages Challenges

Rule-Based Control
On-off Simple and reliable, high real-time, widely

used in engineering
Poor portability, poor adaptability, low

energy optimal efficiencyPower following

Optimization-Based
Control

Instantaneous
optimization

Accurate optimization objectives and
solutions, instantaneous or global optimal

energy distribution, good fuel economy

Large computation and high requirement
on processor, poor realizability of global

optimizationGlobal
optimization

Intelligent Control

Fuzzy logic
Unnecessary accurate mathematical model,

robust and adaptive, suitable for
real-time control

Depend on the engineering experience or
database, knowledge base highly required

Neural network
Expert system

Machine learning

The control strategies of different types of HECMs have also been studied in terms of the above
three aspects. The rule-based control strategies of HECMs have been researched the most. Unlike
HEVs, the control strategies of HECMs mainly require the characteristics of operating conditions to be
combined. In research on the control strategy of a hybrid excavator, the pressure of the hydraulic pump
was often used to identify the working load, and the control rules were made according to the load
level [27]. The working process of the excavator and the moving process of each part were analyzed in
detail, and the pressure of the operating system was measured in real time to obtain an estimate of the
required and recoverable energy [28]. The key point of energy saving control for excavators lies in the
design of energy recovery control for moving parts, such as boom and swing systems [29]. Research on
the hybrid loader control strategy has also paid attention to the discrimination of operating conditions
and to making rules according to the characteristics of the load. The power consumed by a loader’s
hydraulic system and the impact on the powertrain’s dynamic response have often been taken into
account to design the strategy [30]. In most studies, the load of the operating system was incorporated
into the energy management of the hybrid loader by measuring the outlet pressure of its hydraulic
pump [31]. The characteristics of the high transiency and periodicity of construction machinery are
both common and specific in control strategy design. The complexity of the working environment of
construction machinery, as well as the significant and frequent changes in operating loads, bring new
difficulties to energy management and control [6,32]. Research on the HECM control strategy based on
an optimization algorithm has been increasing in recent studies. For instance, Nilsson et al. proposed
a predictive control approach using SDP under severe disturbances and uncertainties, according to the
repetitive pattern of operation of the wheel loaders [33]. SDP control based on prediction also achieved
an energy consumption optimization effect on the hybrid excavator [34]. A comparative assessment of
ECMS, DP, and thermostat controllers [35]; joint control and parameter optimization by adopting DP
control and GA [36]; and a comparison of DP, PMP, and MPC [37], for a hybrid excavator have been
conducted. Since intelligent control approaches have a good robustness for nonlinear systems, and
HECMs have complex operating conditions and uncertain model parameters, intelligent controls have
also been widely studied in this field. Intelligent algorithms such as reinforcement learning [38,39],
fuzzy logic [40,41], and the particle swarm optimization (PSO) algorithm [42] have been applied to
the energy saving control of HECMs. Therefore, research on other types of HECM control strategies
developed according to the characteristics of their operating conditions can provide enlightenment for
us to control the HEB: the characteristics of HECMs, such as the periodicity of work, short idle time,
and high fluctuation [43], especially the power supply and recovery of the hydraulic actuators, should
be taken into account in the control.

At present, only a few institutions have actually developed HEBs, but research articles on control
and simulation of the HEB have been increasing in recent years [7,8,44]. In [45,46], the fuel-saving
control concept of D7E was briefly introduced; that is, engine control in the series system was not
affected by the load torque so that the speed of the generator could be controlled within a narrow
range to improve the efficiency, but the detailed control strategy was not given. Song et al. proposed
a power following control strategy based on the minimum fuel consumption curve of the engine

167



Energies 2020, 13, 1893

for an HEB [9]. Wang et al. also proposed a load power following control strategy and adopted
three engine speed control methods for a comparative study [11]. However, these studies did not
take the efficiency of the generator into account when calculating the optimal efficiency. Wang et al.
proposed applying MPC to an HEB, compared the MPC to DP and a rule-based control strategy, and
artificially added white noise interference to test the robustness of MPC, which indicated that the
energy consumption and robustness of the HEB under the MPC strategy are better than those of the
rule-based strategy [10,47–49]. Wang et al. then proposed an improved MPC strategy for an HEB
without future driving information [50], and applied the MPC to the analysis of the HEB’s energy
storage unit [51].

Although various types of algorithms have been applied to the control of the HEB in the existing
literature, these studies have basically treated the HEB as a tracked vehicle similar to [52,53], which did
not pay enough attention to the difference between HEVs and HEBs. Specifically, in most of these HEB
control strategies, the influence of the torque consumed by the hydraulic pump of the working system
on the genset operating point has not been considered, even though instantaneous disturbance of the
hydraulic pump would increase the fuel consumption and emission [45]. In addition, there has been
little discussion about the fact that the transient fuel consumption caused by frequent changes of the
engine operating points is higher, in which case the load power of the bulldozer fluctuates violently.
Additionally, very little attention has been paid to the fact that the frequent adjustment of the HEB’s
engine operating points causes an insufficient instantaneous response of the engine and then leads to
the points deviating from the optimal target trajectory, before finally resulting in an engine efficiency
decline. Therefore, it is necessary to carry out in-depth research on these problems for developing the
control strategy of HEBs.

Therefore, the purpose of this paper is to propose an innovative Adaptive Smoothing Power
Following (ASPF) control strategy to solve the above mentioned problems. In general, the problems
include frequent fluctuations of the engine working points, deviation of the genset working points
from the pre-set target trajectory due to an insufficient response, and interference of the hydraulic
pump consumed torque, all of which result in the fuel consumption increasing. The control strategy
takes the impact of the drastic fluctuation in the bulldozer’s load and the abrupt demand torque of
the hydraulic pump on the working points of the HEB’s genset into consideration. The adaptive
smoothing algorithm is used to automatically reduce the transient fuel consumption and the working
points’ deviation from the high efficiency zone. In addition, the algorithm is combined with an optimal
efficiency map of the genset considering the correction for interference of the operating system demand
torque. A novel transient fuel consumption model embedded in the HEB model and a hardware in
loop (HIL) platform is developed to test the proposed approach. The methodology of the proposed
control strategy is a combination of fuzzy control theory, real-based control, and the optimization
method. The verification method is based on adopting a validated simulation model and an HIL test
platform. The test indicates that the proposed approach could solve the above problems and feature an
excellent on-line real-time robustness and adaptability for energy saving of the HEB.

The rest of this article is organized as follows: the HEB model with a novel transient fuel
consumption model based on BPNN is developed in Section 2; in Section 3, the ASPF based on an
optimal efficiency map strategy is proposed and described; the HEB HIL platform is built in Section 4;
Section 5 presents the simulation results and a discussion of the proposed approach; and the last
section summarizes the major conclusions.

2. HEB Simulation Model

A simulation model is the basis for recognizing the characteristics of each part of the HEB and
analyzing the control strategy. The control strategy performance can be simulated and analyzed after
being incorporated into the simulation model. Additionally, the simulation model is essential and
primary for the HIL platform test. Therefore, the simulation model of HEB should first be established.
The modeling process is based on an analysis of the HEB architecture and component characteristics.
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The detailed modeling and validation process information can be found in our previous study [54].
The theoretical foundation of the model is derived from the bulldozer’s dynamics and kinetics, the
component characteristics, and the modeling method of Advanced Vehicle Simulator (ADVISOR)
software (Version 2002, National Renewable Energy Laboratory, Golden, CO, USA) [55].

2.1. HEB Architecture

The object of this research is derived from the first Chinese HEB—a tracked vehicle that has a
series hybrid powertrain and a hydraulic operating system. Its architecture schematic diagram can
be seen in Figure 1. This powertrain adopts double wheel-side motors to drive tracks on both sides,
enabling the HEB to achieve center-based steering. The drive system employs a typical alternating
current(AC)-direct current (DC)-AC transmission form to convert mechanical energy into electrical
energy and then mechanical energy. The blade operating system is driven by the hydraulic pump,
whose power comes from the engine and flows through the transfer case. Table 2 gives the main
specifications of the HEB.

Figure 1. Schematic diagram of the hybrid electric bulldozer (HEB) architecture.

Table 2. Specifications of the HEB.

Component Parameters Quantity

Vehicle

Curb weight 27,500 kg
Dynamic radius 0.468 m

Track center distance 2.000 m
Track length 2.730 m

Engine
Rated power 154 kW
Rated speed 1950 rpm

Maximum torque 927 Nm

Generator

Maximum power 200 kW
Rated power 175 kW

Maximum torque 1123 Nm
Maximum speed 2200 rpm

Motor

Maximum power 75 kW
Rated power 105 kW

Maximum torque 800 Nm
Maximum speed 6000 rpm

Supercapacitor Static capacity 5 F
Energy capacity 0.34 kWh

Hydraulic Pump Maximum pressure 21 MPa
Rated flow 200 L/min

Reducer Speed ratio 93.120
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2.2. A Novel Engine Model Based on BPNN

The majority of engine models adopted in HEV simulation research include a kind of simple
experimental look-up-table [9,10,48–53], which is acquired from an engine steady-state universal
characteristic experiment. This approach can only reflect the static fuel economy, rather than the
transient fuel consumption. Therefore, some researchers noticed the difference between steady and
transient fuel consumption, began researching transient fuel properties, and attempted to build
transient fuel consumption models [56–59]. In [60], it was found that the transient fuel consumption
would increase with the increase of the loading rate, as shown in Figure 2.

Figure 2. Comparison of the specific fuel consumption of the engine in transient and steady-state
conditions. Reproduced from [60], China national knowledge infrastructure, 2015.

Therefore, the increased fuel consumption in a transient state could be more inevitably obvious
in the bulldozer’s severely fluctuant load. To provide the fuel consumption in this situation with a
greater accuracy, a novel engine model with a transient fuel consumption sub-model based on BPNN
is proposed in this paper. The modeling approach of key sub-models of the engine model is briefly
described in the following.

2.2.1. Transient Fuel Consumption Model

The transient fuel consumption model consists of a steady fuel consumption and a transient
correction factor. The steady fuel consumption is based on an engine universal characteristic map and
calculated by two-dimensional interpolation, which can be shown as

Bs = Tenebe(Te, ne)/(9549·ρfu), (1)

where Bs is the steady fuel consumption, Te is the engine torque, ne is the engine speed, be is the specific
fuel consumption on the basis of the look-up table, and ρfu is the fuel density.

The BPNN was selected to identify a transient fuel consumption correction factor due to its
excellent learning ability. The engine torque Te, engine speed ne, and their calculated differentials
and product were employed as the input layer of the BPNN, considering the engine transient process,
including speed and torque variation. The output layer is the correction factor employed to correct
the steady fuel consumption model. The BPNN was first trained by a cluster of data collected in the
actual engine operation. Figure 3 shows the structure of the transient fuel consumption model based
on BPNN.
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Figure 3. Structure of the transient fuel consumption model based on the back propagation neural
network (BPNN).

The transient fuel consumption can be expressed as

Bt = Bs(ne, Te) ×Rbp(ne, Te, dne, dTe), (2)

where Bt is the transient fuel consumption; Rbp is the correction factor based on a trained BPNN
calculation; and dne and dTe are the differential of engine speed and torque, respectively.

This BPNN employed the trainlm function as the train function, log-sigmoid as the hidden layer
transfer function, and the purelin function as the output layer transfer function. This trained model
finally achieved a good simulation performance compared to the experimental data. More details on
the model can be found in our previous research [61].

2.2.2. Output Torque Model

The steady output torque can be calculated by interpolation of an engine torque-speed-throttle
characteristic map as

Te,s = fTn,e(ne,γe), (3)

where Te,s is the engine steady torque, fTn,e is the interpolation function of the torque-speed-throttle
characteristic map, and γe is the engine throttle.

Considering the transient operation process, a delay of the throttle voltage, injection pressure,
and air inflow would lead to a delay of the output torque. For describing the transient process, the
dynamic output torque can be expressed as

Te = Te,s · 1
1 + τes

, (4)
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where Te is the engine dynamic output torque, τe is the engine time constant, and s is the
Laplace operator.

2.3. Driveline Components’ Models

2.3.1. Electric Machine Model

The electric machine model is applicable for modeling a motor or generator. The model uses a
first-order inertia link to represent the response delay between the output and the target torque. The
dynamic output is also limited by the voltage range, maximum current, and external characteristic
torque, which can be denoted by

Tem =

⎧⎪⎪⎨⎪⎪⎩min(Tem,ul, Tem,cl, Tem,max) motor mode

max(Tem,ul, Tem,cl, Tem,max) generator mode
, (5)

Tem,ul =

⎧⎪⎪⎨⎪⎪⎩Tem,cmd · 1
1+τems Uem,min ≤ Uem < Uem,max

0 Uem < Uem,min or Uem ≥ Uem,max
, (6)

Tem,cl =

⎧⎪⎪⎨⎪⎪⎩UemIem,max/ωem motor mode

−UemIem,max/ωem generator mode
, (7)

Tem,max =

⎧⎪⎪⎨⎪⎪⎩Tdr
em,max(ωem) · 1

1+τems motor mode

Tbr
em,max(ωem) · 1

1+τems generator mode
, (8)

where Tem is the output torque of the electric machine; Tem,ul, Tem,cl, and Tem,max are the limited torque
of the voltage, current, and external characteristic, respectively; Tem,cmd is the target torque command;
τem is the torque respond time constant; Uem, Uem,min, and Uem,max are the current, minimum, and
maximum voltage of the electric machine, respectively; Iem,max is the maximum current of the electric
machine; ωem is the angular speed of the machine; and Tdr

em,max and Tbr
em,max are the maximum

permissible limit in the driving or braking process, respectively.
The torque balance equation of the electric machine links the relationship of the torque and the

angular speed as follows:

Tem − Tem,l = Jem
dωem

dt
, (9)

where Tem,l is the load torque and Jem is the rotational inertia of the electric machine.
The efficiency module is the main part of the electric machine model. The efficiency is calculated by

a look-up table obtained from an electric machine characteristic experiment, which can be described as

ηem = fη,em(Tem, nem), (10)

where ηem is the electric machine efficiency and fη,em is the interpolation function of the electric
machine efficiency map.

Figure 4 provides the efficiency maps of a driving motor and generator. Due to the fact that the
electric machine could work in four quadrants as a motor, including the driving and braking state
of forward and reverse, the efficiency data of the motor spreads over the four quadrants, while the
generator can only operate in one quadrant to generate power.

2.3.2. Supercapacitor Model

The supercapacitor model was developed as an equivalent circuit model. The model takes the
impact of temperature into account. The resistance and capacitor are the functions of the temperature
and current, and described as

Resc = fRe,sc(Temsc, Isc), (11)

172



Energies 2020, 13, 1893

Csc = fC,sc(Temsc, Isc), (12)

where Resc is the resistance of the supercapacitor, Temsc is the temperature, Isc is the current, Csc is the
capacitor, fRe,sc represents the resistance function, and fC,sc represents the capacitor function.

 
(a) (b) 

Figure 4. Efficiency map of a (a) driving motor and (b) generator.

The parameters of the circuit part can be calculated as

Isc =
Usc −

√
(U2

sc − 4RescPsc)

2Resc
, (13)

Usc(n + 1) = Usc(n) − Iscdt/Csc, (14)

SOC = (Usc(n + 1) −Usc,min)/(Usc,max −Usc,min), (15)

where Usc is the voltage, and Usc,min and Usc,max are the minimum and maximum voltage of the
supercapacitor, respectively.

The temperature of the supercapacitor is calculated according to the power loss of resistance and
coulombic efficiency and heat transfer process. The temperature can be shown as

Temsc = Temsc,ini +

t∫
0

Psc,h − Psc,a

msccsc
dt, (16)

Psc,h =

⎧⎪⎪⎨⎪⎪⎩I2
scRedis

sc Isc ≥ 0

I2
scRechg

sc − IscUsc(1− ηcoul) Isc < 0
, (17)

Psc,a = (Temsc − Tema)/Reh, (18)

where Temsc is the supercapacitor temperature; Temsc,ini is the initial temperature of the supercapacitor;
Tema is the ambient air temperature; Psc,h is the heat power; Psc,a is the heat power transferred to air;
msc is the mass; csc is the specific heat capacity; Redis

sc and Rechg
sc are discharge and charge resistance,

respectively; ηcoul is the coulombic efficiency; and Reh is the heat resistance.

2.3.3. Hydraulic Pump Model

The hydraulic pump model mainly presents its torque and power consumption and simplifies the
hydraulic operation system, which is sufficient for researching the powertrain energy and control. The
hydraulic pump model can be denoted by
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Thp =
phpqhp

2πηhp
, (19)

Php =
50phpQhp

3ηhp
, (20)

Qhp =
qhpnhp

1000
, (21)

where Thp is the torque of the hydraulic pump, nhp is its speed, php is the outlet pressure, qhp is its
displacement, ηhp is its efficiency, Php is its power consumption, and Qhp is the flow.

2.3.4. Tracked Walking Mechanism Model

The tracked walking mechanism model is represented based on the kinematic relationship and
takes the slip ratio as a major factor into consideration. The traction and speed of the tracks can be
formulated as

Ft =
Tin

t ηt

rdw
, (22)

ωt =
ν

(1−ϕ)rdw
, (23)

where Ft is the tangential traction of tracks, Tin
t is the input torque, ηt is the track efficiency, rdw is the

radius of the driving wheel, and ϕ is the track slip rate.

2.4. Dynamic Model

The HEB has to overcome the resistance of bulldozing, climbing, ground deformation, acceleration,
and air friction. The air friction is small and can be neglected due to the velocity of the bulldozer being
very low. The dynamic model can be shown as

Ft = mvehgμ cosα+ mvehg sinα+ ξmveh
dv
dt

+ Fb, (24)

where mveh is the HEB mass, g is the gravitational acceleration, α is the slope angle, ξ is the rotary
mass coefficient, v is the velocity, μ is the ground deformation resistance coefficient, and Fb is the
bulldozing resistance.

In order to accurately calculate the resistance, the ξwas identified and the Fb was extracted in our
previous research [7].

Finally, the HEB model was built in the Simulink environment, as shown in Figure 5.

 

Figure 5. HEB model in Matlab/Simulink.
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3. ASPF Control Strategy

The control strategy is the core of this paper and plays an important role in every performance of
the HEB. It was developed and optimized according to three current problems that we found in existing
research. Therefore, the target problems are presented below, firstly by simulating the operation and
control process. The methodology of the control strategy is based on fuzzy control theory, a filter
algorithm, optimization, and a rule-based strategy. The detailed structure and composition of the
proposed control strategy is then introduced.

3.1. Target Problem

The control improvement goal of this research is to resolve three problems. The first two problems
are related to the limitation of genset’s output power and the fluctuation of working points. The last
is related to re-establishing the working points on the optimal efficiency trajectory according to the
involvement of the interference torque.

3.1.1. Frequent Fluctuation of Genset’s Working Points

In most studied power following control strategies, the genset output power is conducted to
follow the drive system demand power. As the demand power is constantly changing, the operation
points of the genset also frequently change. In particular, when the operation points are controlled on
a pre-set trajectory, different powers correspond to different speeds and torques, resulting in severe
fluctuations of the speed and torque of the genset and further leading to an increase of transient
fuel consumption.

3.1.2. Large Change Rate of Output Power

A large change rate of the genset output power will cause its operation points to deviate from
the target pre-set trajectory. Due to rapid change of the transient drive system demand power, and
switching operation points requiring a certain response time, the points may deviate from the trajectory
in the switching process. This deviation will cause the operation points to depart from the minimum
fuel consumption curve and spread over a lower efficiency district, resulting in a deterioration of
fuel consumption.

The transition processes of different change rates of output power were simulated to illustrate
the process, as shown in Figure 6. It indicates that the actual working points deviate from the pre-set
minimum fuel consumption curve because of the rapid power change and insufficient responsiveness.
However, this phenomenon disappears and the points track the trajectory well if the power change
is slow.

3.1.3. Hydraulic Pump’s Interference in Target Trajectory

The torque consumed by the hydraulic pump will also lead to the genset operation points deviating
from the pre-set target trajectory for torque interference. Most previous studies have ignored the
hydraulic pump torque and its interference effect [8–10,50,51], which will finally cause a decrease of
the genset efficiency and increase of fuel consumption.

3.2. Development of the ASPF Strategy

An ASPF control strategy is proposed here to provide a comprehensive solution to these problems.
Through this strategy, the demand power signal is divided into the trend part and the fluctuation
part to make the genset output smooth and stable, and the supercapacitor supply the output power
fluctuation. Therefore, the transient fuel consumption and the deviation from the target trajectory can
be reduced. Meanwhile, when there is torque consumption of the hydraulic pump in the working
system, the optimal efficiency working points of the genset are found for control to avoid interference.
The structure and development process are presented below.
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(a) 

 

(b) 

Figure 6. Effect of different changes of the genset’s output power on the engine operating points: (a) 50
and (b) 5 kW/s power change.

3.2.1. Structure of the ASPF Strategy

The structure of proposed ASPF control strategy is shown as Figure 7. It employs two critical
steps, including a fuzzy adaptive filter and optimal efficiency control of the genset module, to solve the
problems above and improve the power following control strategy. Utilizing the computed demand
power of the drive system as the input, and introducing state of charge (SOC) and pressure feedback,
the strategy outputs the engine target speed and generator target torque to the subcomponent controller.
Energy distribution between the genset and the supercapacitor can be completed through determining
the genset output power.

3.2.2. Fuzzy Adaptive Filter

The fuzzy adaptive filter integrates a fuzzy logic controller with a first-order inertia filter. By using
the self-adaptability of the fuzzy controller to automatically adjust the filter coefficient, the output
power can be smoothed with the SOC in a permissive range. Figure 8 shows the smoothing process
based on the fuzzy adaptive filter.
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Figure 7. Flow chart of adaptive smoothing power following the energy management strategy.

Figure 8. Schematic diagram of smoothing power based on the fuzzy adaptive filter.

The variables in Figure 8 can be expressed as

ΔSOC = SOC− (SOChi + SOClo)/2, (25)

P′ds = Pds(t) − Pds(t− 1), (26)

where ΔSOC is the deviation of SOC; SOChi and SOClo are the high and low threshold value,
respectively; P′ds is the difference of the demand power; and Pds is the demand power.

The first-order inertia filter can be developed by

P∗ds(t) = βPds(t) + (1− β)P∗ds(t− 1), (27)

where P∗ds is the filtered demand power and β is the filter coefficient.
The SOC deviation and the demand power difference are normalized as the fuzzy logic inputs,

which can be shown as
ΔSOCin = ΔSOC/max(ΔSOC), (28)

P′ds,in = P′ds/max(P′ds), (29)

where ΔSOCin and P′ds,in are the normalized SOC deviation and demand power difference, respectively.
The degree of membership (DOM) values of input and output variables of the fuzzy logic controller

are defined as shown in Figure 9. Because the filter will introduce a delay effect of input signals, the
SOC deviation is entered here in order to prevent the SOC from exceeding its limits. Table 3 shows the
fuzzy logic rules in the knowledge base. The basic formulation principle of the rule table is that the
demand power is filtered and the SOC is kept within the predetermined range as much as possible.

177



Energies 2020, 13, 1893

Figure 9. Membership function of input and output variables.

Table 3. Fuzzy logic rules.

β P’
ds,in

NB NM NS Z PS PM PB

ΔSOCin

NB NB NB NM PB PB PB PB
NS NB NM NM Z PS PM PB
Z NS NM NM NB NM NM NS
PS PB PM PS Z NM NM NB
PB PB PB PB PB NM NB NB

By employing the min-max inference approach of the Mamdani type and the centroid method
for defuzzification, the output map of the fuzzy inference system, that is, the fuzzy control table, can
be achieved, as shown in Figure 10. The control map is a symmetrical valley type about its center,
since the filtering function can be as large as possible within the SOC limits when the difference in the
demand power and the deviation of SOC are opposite in sign.

3.2.3. Correctional Optimal Efficiency Map

The module of optimal efficiency control of the genset is the other crucial part of ASPF, as shown
in Figure 11. This module takes the demand power of generation and the pressure of the hydraulic
pump as inputs to calculate the generator target torque and the engine target speed as outputs. The
input mechanical power of the generator can be calculated by

Pg,m =
Pg

ηg(Tg,est, ng,est)
, (30)
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where Pg,m is the input mechanical power of the generator; Pg is the generating electric power; Tg,est and
ng,est are the estimated torque and speed, respectively; and ηg is the efficiency interpolation function.

Figure 10. Output map of the fuzzy inference system.

 

Figure 11. Control principle of the genset based on the optimal efficiency map.

The optimal efficiency map is the core of this module. The problem of searching the optimal
efficiency map can be converted into a problem of searching the optimal curves under different input
torques of the hydraulic pump by using Equation (30). The consumed torque of the hydraulic pump
can be calculated by Equation (19). Through changing the hydraulic pump torque continuously and
searching each optimal efficiency curve of the genset at each torque value, the optimal efficiency map
can finally be obtained, as shown in Figure 12.

Figure 12. Optimal efficiency map of the genset.
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The relationship between the input torque of the generator, the engine torque, and the hydraulic
pump torque can be expressed as

Tg = Te − Thp, (31)

where Tg is the input torque of the generator.

4. HEB HIL Platform

In order to validate the real-time control effect of the proposed strategy, an HEB controller HIL
experimental platform was developed, as shown in Figure 13. The control strategy was converted into an
executable C code and integrated with the controller underlying software, and was then downloaded in
the vehicle control unit (VCU). Meanwhile, the controlled object model was downloaded to the dSPACE
Autobox simulator (DS1103, dSPACE, Paderborn, North Rhine-Westphalia, Germany). The real-time
supervisory control interface was developed on the host computer monitor. The communication
network among the VCU, the Autobox, and the host computer monitor was established with the means
of the control area network (CAN) and transmission control protocol/internet protocol (TCP/IP).

Figure 13. Testing program of hardware in loop (HIL) of the HEB controller.

Figure 14 shows the developed HEB HIL test platform, which could be used to test and compare
the real-time control effect of online strategies. The model incorporated in the HIL platform was
validated by employing the practical HEB real bulldozing process data, as shown in [61]. Therefore,
the combination of the validated model and the real VCU could test the real-time performance and
effectiveness of the proposed control strategy to some extent.

Figure 14. Test platform of HEB HIL.
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5. Results and Discussion

Due to the lack of a standard drive cycle of bulldozers like that of automobiles, a representative
actual drive cycle of the bulldozer, which was extracted and constructed from a large number of
bulldozing experimental data in our previous research [7], was adopted for simulation and comparison.
Figure 15 shows the drive cycle, including the bulldozing stage and empty returning stage. The
bulldozing stage can be further divided into cutting-soil, transporting-soil, and unloading-soil stages.

Figure 15. Traction and speed of a representative actual drive cycle.

In order to validate and compare the control effect, three control strategies were compared under
the representative actual drive cycle. Table 4 describes the compared strategies: a power following
strategy in a preliminarily practical application (PF1), a typical power following strategy based on
the engine minimum fuel consumption curve (PF2), and the proposed strategy (ASPF). Figure 16,
Figure 17, Figure 18 and Table 5 show the comparison results.

Table 4. Comparison of different control strategies.

Control Description

PF1
A power following control strategy used in our previous real HEB experiment,
where the genset follows the demand power, and the engine speed follows the

accelerator and remains within 1300 to 1800 r/min.

PF2 A typical power following control strategy based on the engine minimum fuel
consumption curve in the series powertrain.

ASPF Proposed adaptive smoothing power following control strategy based on the
optimal efficiency map.

Table 5. Comparison of fuel consumption.

Vehicle Control FC (L) EFC (L) EFSR (%)

HMB - 0.671 0.671 -
HEB PF1 0.569 0.568 15.4

PF2 0.537 0.538 19.8
ASPF 0.517 0.515 23.2

FC: fuel consumption; EFC: equivalent fuel consumption; EFSR: equivalent fuel saving rate.

181



Energies 2020, 13, 1893

 
Figure 16. Comparison of operating parameters of key powertrain components.

Figure 17. Distribution of engine working points. FC: fuel consumption, ηeg,bst: the best efficiency of
the genset.
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Figure 18. Distribution of generator working points.

Figure 16 shows the comparison of a group of key powertrain parameters, including the generator
output power Pg, supercapacitor output power Psc, supercapacitor SOC, engine torque Te, and engine
speed ne. It can be observed that the generator output power fiercely fluctuates and follows the
demand power under the PF1 and PF2. However, the change of generator output power is relatively
smooth under the ASPF. The supercapacitor power under the ASPF is larger and fluctuates more than
that under the PF1 and PF2. Meanwhile, the SOC of the ASPF varies within a permissible range. The
first three subgraphs of Figure 16 illustrate that the self-adaptive filter algorithm in the ASPF can
smoothen the power adaptively and keep the SOC within pre-set limits simultaneously by timely
adjustment of the filter coefficient, which can prompt higher engagement and take full advantage of
the high efficiency of the supercapacitor. The fourth and fifth subgraphs show that ASPF makes the
engine speed and torque more stable, especially relative to the PF2 based on the trajectory, through
smoothing the genset output power. Therefore, the ASPF can play a positive role in stabilizing the
working points of the engine and generator, which can achieve a reduction of the transient energy loss.

Figure 17 compares the engine working points with different strategies under the same
representative drive cycle. It can be seen that the engine working point distribution with PF1
is widespread and mainly within the speed range from 1300 to 1800 r/min in different loads, whereas it
is far away from the low fuel consumption area. From the middle subgraph, we can see that the engine
operating points of PF2 are distributed around the minimum fuel consumption curve. However, they
could not coincide with the curve because of their dramatic fluctuation and insufficient response on the
timeline shown in Figure 16. The left subgraph shows that the engine working point distribution of
ASPF is very close to the pre-set optimal efficiency curves of combining the engine with the generator
under different hydraulic pump consumed torque. This relatively concentrated distribution is the
result of the effect of the adaptive filter link shown in the above graph.

Figure 18 compares the generator working point distribution with three control strategies under
the same drive cycle. It can be seen that the distribution shape of the generator points is similar to that
of the engine points on account of the coaxial junction of the engine and the generator. The generator
working points of PF1 and PF2 are more widely distributed than those of ASPF for the adaptive filter.
The difference between the generator torque below and the engine torque above is the hydraulic pump
consumed torque, which is also reflected on the joint optimal efficiency curves in the above and below
graphs. The ASPF keeps the generator points along the optimal efficiency curves as much as possible,
in which following the routes can result in a greater generator efficiency.

The fuel consumption of the three control strategies and the prototype of the traditional
hydro-mechanical bulldozer (HMB) under the same simulated drive cycle is shown in Table 5.
The equivalent fuel consumption (EFC) was obtained from balancing the supercapacitor SOC. The
equivalent fuel saving ratio (EFSR) is the comparison of EFC, reflecting the energy consumption
comparison. The HEB equipped with the ASPF strategy can achieve 23.2% EFSR compared with the
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HMB. However, it can only achieve 15.4% and 19.8% EFSR with the PF1 and PF2 strategy, respectively.
The ASPF strategy can improve EFSR by 7.8% and 3.4% with respect to the PF1 and PF2 strategy, which
indicates that the proposed strategy is more effective.

6. Conclusions

An adaptive smoothing power following (ASPF) control strategy based on an optimal efficiency
map for a series tracked HEB has been proposed by considering its operation characteristics in this
research. The three problems of increased fuel consumption presented in previous control studies to
be solved by this strategy, including frequent fluctuation of the engine working points, deviation of the
genset working points from the pre-set target trajectory due to a lack of response, and interference of the
hydraulic pump consumed torque, were analyzed in detail. The whole HEB system simulation model
with a novel transient fuel consumption model based on BPNN was established. The HEB HIL platform
was then developed to evaluate the real-time performance and the effect of the strategy in a practical
application. The methodology of the proposed control strategy is based on fuzzy control theory,
real-based control, and the optimization method. The method of effect verification is incorporated on
the basis of the adoption of a validated simulation model and an HIL test platform.

The ASPF strategy was compared with two strategies: a power following strategy in a preliminarily
practical application (PF1) and a typical power following strategy based on the engine minimum fuel
consumption curve (PF2). The results show that (1) the ASPF strategy can significantly reduce the
fluctuation and pre-set trajectory deviation of the engine and generator working points; (2) the EFSR
can be improved by about 7.8% and 3.4% with the ASPF strategy compared with the PF1 and PF2
strategy; and (3) the ASPF strategy is able to perform well in a real controller. It can be concluded that
the proposed strategy can be effective and efficient in practical online HEB applications. The results
also show that the discovered problems indeed exist and the corresponding control strategies are valid
in HEB.

Filed tests of the HEB with the ASPF strategy will be carried out to further advance the real
application value in our future research. The limitation of the ASPF strategy in real applications relative
to previous work is that it should obtain the pressure signal of the hydraulic pump as the input for
calculation, so a pressure sensor should be placed in the outlet of the hydraulic pump. Nevertheless,
the proposed strategy and the problems solved and focused on in this paper are significant references
for other types of HECMs. Moreover, future study will also explore comparisons of the ASPF online
strategy and the optimization algorithm-based theoretical offline strategy to evaluate its potential
for improvement.
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Nomenclature

Variables

α slope angle,
β filter coefficient
η efficiency, %
μ ground deformation resistance coefficient
ξ rotary mass coefficient
ρ density, g/L
τ time constant
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ϕ track slip rate, %
ω angular speed, rad/s
be specific fuel consumption, g/(kWh)
B fuel consumption rate, L/h
c specific heat capacity, J/(kg·°C)
C capacitor, F
f function
F force, N
g gravitational acceleration, m/s2

I current, A
J rotational inertia, kg·m2

m mass, kg
n speed, r/min
p pressure, Pa
P power, W
q displacement, ml/r
Q flow, L/min
r radius, m
R correction factor
Re resistance, Ω;
s Laplace operator
SOC state of charge
t time, s
T torque, Nm
Tem temperature, °C
U voltage, V
ν velocity, m/s
Subscripts

a air
b bulldozing
bp back propagation neural network
cl current limit
cmd command
coul coulombic
ds drive system
e engine
em electric machine
est estimated
fu fuel
g generator
h heat
hi high
hp hydraulic pump
in input
ini initial
lo low
m mechanical
s steady state
sc supercapacitor
t transient state
ul voltage limit
veh vehicle
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Superscripts

br braking process
chg charging process
dis discharging process
dr driving process
Abbreviations

ASPF adaptive smooth power following
BPNN back propagation neural network
CAN control area network
DOM degree of membership
DP dynamic programming
ECMS equivalent consumption minimization strategy
EFC equivalent fuel consumption
EFSR equivalent fuel saving ratio
ESU energy storage unit
FC fuel consumption
GA genetic algorithm
HEB hybrid electric bulldozer
HECM hybrid electric construction machinery
HEV hybrid electric vehicle
HIL hardware in loop
HMB hydro-mechanical bulldozer
MPC model predictive control
PF power following
PMP Pontryagin’s minimum principle
PSO particle swarm optimization
SDP stochastic dynamic programming
TCP/IP transmission control protocol/ internet protocol
VCU vehicle control unit
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Abstract: With the rapid development of electric vehicles (EVs), one of the urgent issues is how to
deploy limited charging facilities to provide services for as many EVs as possible. This paper proposes
a bilevel model to depict the interaction between traffic flow distribution and the location of charging
stations (CSs) in the EVs and gasoline vehicles (GVs) hybrid network. The upper level model is a
maximum flow-covering model where the CSs are deployed on links with higher demands. The lower
level model is a stochastic user equilibrium model under elastic demands (SUE-ED) that considers
both demands uncertainty and perceived path constraints, which have a significant influence on the
distribution of link flow. Besides the path travel cost, the utility of charging facilities, charging speed,
and waiting time at CSs due to space capacity restraint are also considered for the EVs when making
a path assignment in the lower level model. A mixed-integer nonlinear program is constructed, and
the equivalence of SUE-ED is proven, where a heuristic algorithm is used to solve the model. Finally,
the network trial and sensitivity analysis are carried out to illustrate the feasibility and effectiveness
of the proposed model.

Keywords: electric vehicles; public charging station; bilevel model; range constraint

1. Introduction

The market share of new energy vehicles without fossil fuels has been increasing rapidly in recent
years, especially electric vehicles (EVs), which provide better performance, higher efficiency, and
zero emissions [1,2]. To promote the usage of EVs, governments around the world have successively
issued a series of active policies to provide subsidies for EV purchases and to deploy public charging
infrastructures at convenient locations [2,3]. However, the market acceptance of EVs seems to fluctuate
with the decreasing subsidy. On the one hand, limited driving range, insufficient public charging
infrastructures, and longer charging time are the main reasons for at-home charging. On the other
hand, the deployment of EV charging stations may induce more trips [4,5], that is, demands between
each origin to destination (OD) pair that respond to the available fast charging are elastic, so does the
route choice. Therefore, it is especially important to study how to effectively and reasonably deploy EV
public charging stations within the hybrid network of rapidly increasing EVs and dominated gasoline
vehicles (GVs), which should help reduce the range anxiety of EV users and maximize the coverage
rate of EVs.

According to previous studies, a variety of factors affect the location of charging stations,
including, among others, preference and travel choice behavior of users [6,7], travel demand of
users [8], information of the en-route energy consumption of EVs [9–12], information of the remained
range of EVs [13,14], charging speed and demand of battery [7,15], road environment [5,16], land
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supply [17], elastic charging demands [18]. However, it is not practical to build a complicated location
model and to solve the location problem by incorporating so many macro and micro factors into the
planning and decision making of EV charging stations. This paper mainly studies the uncertainties
due to the choice behavior of EV and GV users under elastic demands and uncertain path constraints.
A bilevel model is proposed in this paper, where the upper model deals with a maximum flow-covering
(MFC) problem, while the lower model is a stochastic user equilibrium model with elastic demands
(SUE-ED). It is worth noting that factors, such as road congestion, charging speed, range limit of EVs,
and capacity of charging stations, are already considered in users’ travel choices. The lower model
considers the elastic demands and the distance constraints of EVs, which have a significant influence on
route choice and the distribution of link flow. Finally, a generalized Lagrangian function is constructed
to prove the equivalence between the stochastic user equilibrium model and the elastic demand model.

The remainder of this paper is structured as follows: Section 2 reviews the relevant literature.
Section 3 affirms the problem hypothesis, analyzes three charging paths of the EVs, and gives the
symbolic description used in the article. Section 4 establishes a bilevel model. Sections 5 and 6 introduce
the algorithms used to solve the model and numerical analysis applying to the Nguyen–Dupuis
network, respectively. Finally, the research results and future research directions are discussed in
Section 7.

2. Literature Review

The conventional and dominant three types of location optimization models include the point demand
model [19,20], the flow demand model [20–23], and the multi-objective optimization model [24–27].
The P-Median model assumes that “charging demand is generated in the road network node” and is
widely used as one of the point demand models. The flow demand model is formulated on the basis
of the Flow Capturing Location Model (FCLM). For the first time, some researches proposed the Flow
Refueling Location Model (FRLM), where mileage limitations were explicitly considered in facility location
issues [28–31]. One branch of FRLM aims to maximize the demand coverage by locating a fixed number of
charging facilities, which is called the maximum coverage location problem. Although the multi-objective
optimization models have the advantage of addressing more complicated experimental requirements,
they are not good at dealing with the uncertainty planning problem [32].

In a hybrid network with both EVs and GVs, the layout of EV charging stations and the distribution
of EV flow affect mutually. Elastic demands in a hybrid network result in many more uncertainties.
Most of the previous studies used the User Equilibrium Model (UE) to locate charging facilities. In these
studies, Xu et al. dealt with the user equilibrium problem in a hybrid transport network with battery
switching stations and road grade constraints [33]. Jing et al. gave a comprehensive discussion of the
equilibrium network model [34]. Jiang et al. introduced the path distance constraints into the UE
model [13]. Zheng et al. proposed a bilevel model where the upper layer minimized travel costs, and
the lower layer aimed to find the path-constrained EVs equalization flow [35]. The bounded rationality
of EV users led to much more complicated energy consumption [7,36,37], and, therefore, route choice
behavior reflected more unobserved heterogeneity, which resulted in various elastic demands.

The network design problem with elastic demands, where the induced or transferred OD demand
is the subject of responses in traveler itinerary choices to enjoy the improvement of new infrastructure,
have several formulations with various motivations. Ge et al. [38] is one of the early attempts to
consider both the proportion of EVs and the charge rate of EVs when determining the elastic charging
demands from the total number of vehicles on road connections. The elastic demand was formulated
based either on feedback of congested travel and congested station on route choices [39] or on the
assumption that charge demand between OD pairs follows a nonlinear inverse cost function without
considering the pre-generating paths and charging combinations [40].

It should be noted that it is hard to consider all these constraints simultaneously, say, the elastic
demand of the road network, the capacity of the charging stations, and the range limit of EVs by
using the SUE-ED model in location problems of public EV charging stations. In this study, a novel
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bilevel public charging station location model that combines a flow-capturing location model and a
multi-objective optimization model is proposed.

3. Problem Assumptions and EV Paths Analysis

The proposed location model has two optimization objectives. The upper layer employs an
improved maximum coverage model to maximize the coverage of the total EV flow by deploying a
given number of charging stations on the links where the EV flow is the largest. The charging stations
can serve more EV users by deploying charging facilities on the links where most EV drivers pass,
which is an effective way to improve the utilization rate of public charging facilities and alleviate
range anxieties of electric vehicle drivers [4]. The lower layer uses an SUE-ED model with incomplete
information. The assignment result of SUE is a decisive factor for the placement of the charging stations.
There is an inherent difference in the driving behavior of each user (EV users and GV users), in the
hybrid network. In particular, range limit, charging time, and location of charging facilities have an
important impact on the path choose behaviors of EV users.

3.1. Notations

i: The set of traveler types in the network. i presents an element, mainly including EVs and GVs.
When specific instructions are needed, subscripts g and e are used to indicate variables or parameters
related to GVs and EVs, respectively;
W: The set of OD pairs. w is an element of the set;
R w: The set of paths between all OD pairs;
p: The number of charging stations subject to the budget;
U: The utility value of the charging stations, resulting in a reduction in travel cost;
K·U: The waiting cost in charging stations, where K is a constant coefficient;
lwk : Length of path k between OD pair w;
lri
k : Length of path k between node r and I;

li j
k : Length of path k between node i and j;

l js
k : Length of path k between node j and s;

Re: The range limit of EVs;
ε: Charging power. Unit: hour/mile;
tw
ck: The minimum charging time;

va: Traffic flow on link a, including EVs and GVs, so va = vae + vag;
ta(vag, vae): Actual travel time through link a;
t0
a : Free travel time through link a;

Ha: Capacity of link a;
xa: Binary parameter. If the charging facility is on link a, xa = 1, otherwise xa = 0;
δw

ak: Binary parameter. If the path k crosses the link a, δw
ak = 1, otherwise δw

ak = 0;
q w

i : Elastic travel demand of type-i traveler between OD pair w;
qw

i : Maximum potential demand of type-i traveler between OD pair w;
f w

ki: Traffic flow of type-i traveler on path k between OD pair w;
p w

ki: The probability that type-i traveler chooses the path k between OD pair w;
c w

k : The actual travel time of the path k between OD pair w, and c w
k =

∑
ta( v a)δw

ak;
cw

ki: The generalized travel cost of type-i traveler on path k between OD pair w;
C wi: The expected perceived travel cost of the type-i traveler between OD pair w;
D wi(·): The traffic demand function of the type-i traveler between OD pair w;
cw(
→
x ): Vector of the actual travel cost of all paths between OD pair w;

θi: a non-negative parameter that characterizes the uncertainty of type-i traveler’s understanding of
the path travel time.
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3.2. Propose Assumptions

This paper focus on a hybrid network, denoted as G = (N,A), where N is the set of nodes, A is the
set of links. W is used to represent a set of OD pairs, and w is an element, w ∈W. R w represents the set
of paths between w. The main differences between GVs and EVs are the limitation of travel distance
and the composition of travel costs. Without loss of generality, the following assumptions are made:

(a) There are two types of users in the mixed network: GVs and EVs, where EVs have an identical
range limit;

(b) The travel demand of GVs and EVs between each OD pair is elastic. And two types of vehicles
have incomplete information about the travel cost;

(c) Each EV is fully charged at its origin;
(d) The level of anxiety and risk-taking behaviors of EV drivers are not considered in this model;
(e) The charging time of electric vehicles is linearly related to mileage;
(f) The charging facilities will be placed in the middle of links whose EV flow ranks p;
(g) Deploying the charging facility on the road/path will increase the attractiveness of the route,

which is called the utility of the charging facilities U, reducing the path travel cost;
(h) Charging facilities have a fixed charging capacity. It is assumed that the waiting cost is proportional

to the attraction value, expressed by K·U.

3.3. Analysis of EV Paths

When performing SUE-ED traffic assignment, the GVs can choose any route because of no range
limit. However, the selection of feasible path sets is required before the distribution of EV flow.
To describe the three types of EV paths more clearly, the concept of sub-path is described as follows.

Suppose that the origin is r and the destination is s in a pair OD w, and there are two charging
stations i, j, which are also regarded as nodes, located in the arc of the path k (Figure 1). When kri, kij,
kjs no longer includes other charging facilities except i, j, they are called sub-paths [41].

Figure 1. Description of the sub-path.

Based on the relationship between the travel mileage limit Re and the sub-path distance, the three
travel paths of EVs are discussed, as shown in Table 1:

Scenario 1. A travel path that can be completed without charging. When lwk ≤ R e, the EV
drivers can reach the destination without charging. The generalized travel cost is cw

ke = cw
k (no charging

stations) or cw
ke = cw

k −U (with charging stations).

Scenario 2. A travel path that cannot be completed after charging. When lri
k ≥ Re or li j

k ≥ Re or

l js
k ≥ Re, the path k is an infeasible path. And the generalized path travel cost becomes infinite (cw

ke = ∞)
and the probability that the drivers select the path is zero.

Scenario 3. A travel path that can be completed after charging. The path k is defined as a feasible
path, if lwk ≥ Re and lri

k ≤ Re and li j
k ≤ Re and l js

k ≤ Re. The drivers can complete the trip by charging
at least once and the minimum charging time is tw

ck = ε . . . (lwk − Re). The generalized travel cost is
expressed as cw

ke = cw
k + tw

ck −U + K·U = cw
k + tw

ck + (K − 1)U, consisting of four parts: travel time,
charging time, charging facilities utility, and charging stations’ waiting cost.

For GVs, the general path travel cost is cw
kg = cw

k .
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Table 1. Three travel paths of electric vehicles (EVs).

Scenarios Conditions Travel Cost

1. A path that can be completed without charging lwk ≤ Re cw
ke = cw

k
2. A path that cannot be completed after charging lri

k ≥ Re or li j
k Re or l js

k Re cw
ke = ∞

3. A path that can be completed after charging lwk ≥ Re and lri
k ≤ Re and li j

k ≤ Re and l js
k ≤ Re cw

ke = cw
k + tw

ck + (K − 1)U

4. Establish a Double-Layer Model

In this section, a bilevel optimization model for the location of charging facilities is proposed.
The upper level model determines the location of the charging facilities by selecting the top p links.
The lower level model calculates users’ generalized travel cost, and randomly allocates the flow
demand between the OD pairs to the filtered paths through known charging facilities location.

4.1. Upper Level Problem

The upper model is designed to maximize the total covered EV link flow by deploying a given
number of charging facilities. The EV flow is covered when the charging facility is on the link. That is

Max
∑

a
vaexa (1)

Subject to
∑
a∈A

xa = p (2)

Equation (1) is the objective function of the upper model, and Equation (2) is the budget constraint
indicating the number of charging stations p in a given network.

4.2. Lower Level Problem

The Bureau of Public Road (BPR) function in the lower model is employed [42].

ta(vag, vae) = t0
a

{
1 + 0.15× (vag + vae

Ha
)

4}
(3)

Since U, tw
ck, k are parameters that are independent of the equilibrium flow of the link, the Jacobian

matrix [43] in the lower layer problem is as follows:

∂cw
kg

∂vae
=
∂cw

ke
∂vag

= 0.6
∑

t0
aδ

w
ak

(vag + vae)
3

Ha4
(4)

It proves that the Jacobian matrix is symmetrical, and the lower layer model can be established as
a convex function problem. It is assumed that all types of travelers make path selection in a random
manner. According to the random utility theory, the probability that type-i traveler chooses the path k
between OD pair w is:

p w
ki =

exp(−θic
w
ki)∑

k∈ R w exp(−θic
w
ki)
∀k, w, i (5)

Assume that elastic travel demand q w
i of type-i traveler is a strictly monotonically decreasing

function of the expected minimum travel time between OD pair w, and with an upper bound.

q w
i = D wi( C wi) ≤ qw

i ∀w, i (6)

According to the discrete selection theory [44,45], define C wi as:
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C wi(cw(
→
x )= E

[
min

k∈ R w

{
cw

ki

}
| cw(

→
x )
]
= − 1
θi

ln
∑

k∈ R w

exp(−θic
w
ki) ∀w, i (7)

For the type-i traveler, its SUE condition can be expressed as:

f w
ki = q w

i p w
ki ∀k, w, i (8)

In the mixed network, SUE-ED problem can be described by the equivalent mathematical
programming model:

Min Z(x, f , q) =
∑

a∈A
∫ va

0 ta(w)dw +
∑

i∈I
1
θi

∑
w∈W

∑
k∈ R w f w

ki(ln f w
ki − 1)

−∑i∈I
1
θi

∑
w∈W

∑
k∈ R w q w

i (ln q w
i − 1)−∑i∈I

∑
w∈W

∫ q w
i

0 D−1
wi (w)dw

(9)

Subject to : q w
i =

∑
k

f w
ki, ∀w, i (10)

f w
ki ≥ 0, ∀k, w, i (11)

q w
i ≥ 0, ∀w, i (12)

vai =
∑
w∈W

∑
k∈Rw

f w
kiδ

w
ak, ∀a, i (13)

Re−li j
k ≥ 0, ∀k (14)

Equation (10) is the flow conservation constraint. Equation (11) is the non-negative constraint
of path flow for type-i travelers. Equation (12) is the non-negative constraint of type-i traveler’s OD
flow demand. Equation (13) is the correlation between link flow and path flow. The novelty of this
problem is that the introduction of sub-paths in the Equation (14) can generate a feasible set of paths in
advance from the finite paths between each OD pair. The superscripts i and j include the origin r and
the destination s of all OD pairs in Equation (14).

It is necessary to prove the equivalence between the solution of the proposed program Equation (9)
and the solution of the SUE-ED model. The generalized Lagrangian function [46] of the mathematical
model is constructed as follows:

L = Z +
∑

i

∑
w
λwi(q w

i −
∑
k∈Rw

f w
ki) −

∑
i

∑
w

∑
k

μw
ki f w

ki−
∑
i∈I

∑
w∈W

νwiq w
i −
∑

w

∑
k

α
i j
ke∗(Re−li j

k ) (15)

λwi, μw
ki, νwi, α

i j
ke are the Lagrange multipliers.

If li j
k ≤ Re α

i j
ke = 0

If li j
k ≥ Re α

i j
ke ≥ 0

(16)

According to the Kuhn Tucker conditions [47], Equation (15) must satisfy the following conditions
at the extreme point:

∂L
∂ f w

ki
= 0, μw

ki f w
ki = 0, μw

ki ≥ 0 ∀k, w, i (17)

∂L
∂q w

i
= 0, νwiq w

i = 0, νwi ≥ 0 ∀w, i (18)
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The partial derivative of f w
ki for Equation (15) is derived as follows:

∂L
∂ f w

ki
=
∑

a
ta(va)δ

w
ak +

1
θi

ln f w
ki−λwi−μw

ki = 0 ∀k, w, i (19)

Note that if f w
ki = 0, then ∂L

∂ f w
ki

does not exist. The above formula is only valid when f w
ki > 0. So μw

ki = 0.

f w
ki = exp

[
−θi(c

w
ki − λwi)

]
= exp

[
−θic

w
ki

]
· exp[−θiλwi] (20)

q w
i = exp (−θiλwi)

∑
k∈Rw

exp(−θic
w
ki) (21)

p w
ki =

exp(−θic
w
ki)∑

k∈ R w exp(−θic
w
ki)
∀k, w, i (22)

Equation (22) shows that type-i traveler follows the Logit model to select the travel path, which
satisfies the SUE-ED condition described in Equation (8).

Calculate the partial derivative of q w
i for Equation (15) as follows:

∂L
∂q w

i
= − 1

θi
ln q w

i −D−1
wi (q

w
i )+λwi−νwi = 0 ∀w, i (23)

Because ln q w
i should exist, so νwi = 0. Then derive from Equation (21):

θiλwi = ln q w
i − ln

∑
r∈Rw

exp
[
−θic

w
ri

]
(24)

Comparing Equation (23) and Equation (24), the inverse function of the flow demand function is
as follows:

D−1
wi (q

w
i ) =−

1
θi

ln
∑
r∈Rw

exp
[
−θic

w
ri

]
∀w, i (25)

Then q w
i = Dwi(Cwi). This shows that Equations (9)–(14) can be used to represent a multi-user

SUE problem under elastic demand. The BPR function ta(va) is a strictly monotonically increasing
function of the link flow va. The objective function is a strict convex function about the link flow
vector v and the path flow vector f. At the same time, the constraints of Equations (9)–(14) are linear
equality constraints and non-negative constraints, so its solution space is a convex set. According to the
optimization theory, the strict convex function defined on the convex set only has one optimal solution.

5. Solution Method

The proposed bilevel model is an NP-hard (non-deterministic polynomial hard) problem because
the lower level model is a mixed-integer nonlinear program with nonconvex path choosing, subject to
uncertainties in elastic demands, where it is difficult to find a polynomial time complexity algorithm [48].
Thus, a heuristic method is employed to solve the problem of SUE-ED and MFC in an iterative manner.
The detailed processes in Figure 2 are as follows:
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Figure 2. Framework of the bilevel model to solve the optimal location of charging stations (CSs).

Step 1: Input the road network parameters, such as the length of the link and the capacity of the
links, and find all the paths between the OD pair w, and record them as the initial path set.

Step 2: Initialize. There is no charging facility in the road network and relax the range limit of
EVs. Based on the travel time of the zero-flow link ta(0) = t 0

a , calculate the effective path impedance
c w

k , and obtain the initial link flows Vag(1) and Vae(1). Let the upper generation counter z = 1.
Step 3: Sort all the links flow of EVs in ascending order to find the top p ranked links, and arrange

the charging facilities in the middle of the p links. Then increase the upper iteration counter by 1.
Step 4: Perform SUE-ED traffic distribution on the network with the location of the charging

facilities obtained by step 3. The detailed steps are as follows:
Step 4.1: Check feasible paths and update the path set. If the length of any sub-path is greater than

Re, remove the path from the initial set of paths. The program stops if there is no feasible path between
any OD pair. If there is at least one feasible path between each OD pair, proceed to the next step.

Step 4.2: Carry out random loading of traffic flow in the network with charging facilities.
Calculate the generalized path travel cost cw

ke, elastic flow demand between OD pairs, the probability
that the path is selected to obtain updated road link flows Vag(2) and Vae(2). Then set the iteration
counter n = 1.

Step 4.3: Repeat the random loading of step 4.2 to obtain additional link flow {yag}, {yae}.
Step 4.4: Use the predetermined step size sequence {αn}: a = 1/n, n = 1,2, . . . ,∞.
Step 4.5: Calculate the current flow of links by Method of Successive Average [49].
Vn+1

ag = Vn
ag + ( 1

n )(yn
ag − Vn

ag); Vn+1
ae = Vn

ae + ( 1
n )(yn

ae − Vn
ae).

Step 4.6: If the convergence condition is met

√∑
a (v

n+1
a −vn

a )
2∑

a vn
a

≤ ω, whereω indicates the convergence

accuracy, then proceed to step 5. {Vn+1
ag }, {Vn+1

ae } are the sets of balanced link flow for the GVs and EVs,
respectively. Otherwise, set n = n + 1 and go to step 4.3.

Step 5: Repeat step 3 and update charging facilities’ location. The program stops until the location
of the charging facilities is no longer changed; that is, the maximum coverage flow remains stable;
otherwise, go to step 4.
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6. Numerical Analysis

The model is applied to the Nguyen–Dupuis network [32,45] for a case study in this section,
which has been widely used in transportation network researches in the past decades. Due to the small
scale of the Nguyen–Dupuis network, the paths can be enumerated to better analyze the relationship
between the location of the charging station and the feasible path and the traffic volume of the section.
At the same time, the elastic demand between OD pairs, the effects of charging speed, range limitation,
charging facilities utility, and waiting cost on the location of charging facilities were evaluated. The test
network (shown in Figure 3) consisted of 13 nodes, 19 segments, 25 paths (shown in Table 2), and
4 OD pairs (1, 3), (1, 2), (4, 3), (4, 2). The traveler’s OD demand function uses a linear function.
The familiarity of the two types of travelers to the network was measured by the parameters θe and θg,
respectively. The parameters were set as follows during the trial calculation. qw

e ( C we) = 400− 7 C we,
qw

g ( C wg) = 400− 7 C wg, θe = 0.1, θg = 0.1, U = 5, Re = 20, ε = 1, K = 0.5, p = 3. The trial results are
shown in Table 3.

  

Figure 3. Nguyen–Dupuis network.

Table 2. Path compositions and lengths in the Nguyen–Dupuis network.

OD Pair Path Number Path Composition Length

(1,2)

1 1-5-6-7-8-2 29
2 1-12-8-2 32
3 1-5-6-7-11-12 33
4 1-12-6-7-8-2 35
5 1-5-6-10-11-2 38
6 1-12-6-7-11-2 39
7 1-5-9-10-11-2 41
8 1-12-6-10-11-2 44

(1.3)

9 1-5-6-7-11-3 32
10 1-5-9-13-3 36
11 1-5-6-10-11-3 37
12 1-12-6-7-11-3 38
13 1-5-9-10-11-3 40
14 1-12-6-10-11-3 43

(4,2)

15 4-5-6-7-8-2 31
16 4-5-6-7-11-2 35
17 4-9-10-11-2 37
18 4-5-6-10-11-2 40
19 4-5-9-10-11-2 43

(4,3)

20 4-9-13-3 32
21 4-5-6-7-11-3 34
22 4-9-10-11-3 36
23 4-5-9-13-3 38
24 4-5-6-10-11-3 39
25 4-5-9-10-11-3 42
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Table 3. The charging facility locations and Electric Vehicle (EV) flows

Link Node
1 2 3 4 20

Location EV Flow Location EV Flow Location EV Flow Location EV Flow Location

(1,5) × 367.5 × 219.3
√

197.4 × 172.5 ×
(4,5) × 364.9 × 195.4 × 172 × 143.7 ×
(4,9) × 164.5 × 54.8 × 27.4 × 0 ×
(5,6) × 538.5

√
350.1

√
337.1

√
316.2

√
(5,9) × 193.9 × 64.6 × 32.3 × 0 ×
(6,7) × 499.7

√
337.3

√
363.7

√
380

√
(7,8) × 196.7 × 180.5 × 210.3 × 233.2 ×
(8,2) × 248.7 × 197.8 × 219

√
233.2

√
(1,12) × 196.7 × 100.5 × 83.2 × 63.8 ×
(11,3) × 380.1 × 200.4 × 175.2 × 146.8 ×
(12,6) × 144.8 × 83.2 × 74.6 × 63.8 ×
(12,8) × 51.9 × 17.3 × 8.7 × 0 ×
(13,3) × 157.1 × 52.4 × 26.2 × 0 ×
(6,10) × 183.7 × 95.9 × 48 × 0 ×
(7,11) × 302.9 × 156.8 × 153.4 × 146.8 ×
(9,10) × 201.4 × 67.1 × 33.6 × 0 ×
(9,13) × 157.1 × 52.4 × 26.2 × 0 ×
(10,11) × 385.1

√
163 × 81.5 × 0 ×

(11,2) × 308 × 119.5 × 59.7 × 0 ×

Table 3 shows the results of 20 iterations. The total coverage of the charging stations was 0, 906.7,
919.8, 924.9 . . . 929.5. In the first iteration, only six paths were available among the four OD pairs,
thereby causing a change in the probability of path selection. It is not difficult to find that the EV link
flow tended to be zero in the infeasible paths, and the EV flows gradually reached equilibrium in the
links with charging facilities at last. The final locations of the charging facilities were (5,6); (6,7); (8,2).
The changes in the location of charging stations (CSs) and feasible paths are listed in Table 4. After the
first iteration, the feasible paths for the EVs were reduced because of range limitations. Among the
four OD pairs, only six paths were left to choose, which led to a change in the probability of path
selection, so the charging facility location also changed. The reason for the change in CSs from (5,6);
(6,7); (1,5) to (5,6); (6,7); (8,2) is mainly due to the fact that there were three paths, including link (8,2),
but just one path including link(1,5). In particular, only one feasible path, including the link (8,2), was
left in the OD pair (4,2), so all EV users could only select this path.

Table 4. The changes in the location of charging stations (CSs) and feasible paths.

OD Pair
Location 1 Location 2 Location 3

(5,6); (6,7); (10,11) (5,6); (6,7); (1,5) (5,6); (6,7); (8,2)

(1,2) Three paths, including 1,4,5 Two paths, including 1,4 Two paths, including 1,4
(1,3) Three paths, including 9,11,12 Two paths, including 9,12 Two paths, including 9,12
(4,2) Two paths, including 15,18 One path, 15 One path, 15
(4,3) Two paths, including 21, 24 One path, 21 One path, 21

The elastic demand analysis between OD pairs (1,3) is shown in Figure 4. Traffic demands are
mainly affected by travel costs. The maximum demand for both electric cars and gasoline were set as
400. At the beginning, there were no CSs on the network, and the range limit of EVs was relaxed, so the
flow demands of EVs and GVs were the same, 265.81. In the second iteration, the reduction in travel
demand for EVs and GVs was mainly due to the increase in travel costs caused by the increased link
flow. For EVs, the feasible paths were less than GVs because of the range limit, and the travel cost was
not only affected by the link flow as GVs, but also affected by the utility of charging facilities, charging
speed, and waiting cost at charging stations. Therefore, the travel demand of EVs was much lower
than GVs, which inspired us to increase the range of EVs and the accessibility of charging facilities to
promote the travel demand and development of EVs. The elastic fluctuation of flow demands affect the
distribution of link flow and further affect the travel cost and the location of charging facilities, which
will react to the travel demand. In the continuous iteration and mutual influence, the final equilibrium
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was reached. The change trend of elastic demand in other OD pairs was consistent with the OD pair
(1,3), which was matched with the actual travel demand.

 

Figure 4. The flow demands of origin-destination (OD) pair (1,3).

The results of sensitivity analysis about range limits, charging speed, charging facilities utility,
and charging stations waiting cost are shown in Figures 5–8.

In Figure 5, the impact of EV range limit on the locations of charging facilities is revealed. When the
range limits change, the charging facilities were located differently. As the range limit increased, there
were more feasible paths within a certain range, and the EV covered flow first increases and then
decreased, and finally increases when Re = 45.

 

Figure 5. The sensitivity analysis of the range limit.

Then the effect of charging speed on the location of the charging facilities is examined in Figure 6.
Formula tw

ck = ε·(lwk −Re) indicates that the charging speed directly affects the charging time and
general travel cost, which results in different charging facility layouts. Different values of ε can present
different charging methods. ε = 0.1 means fast charging and ε = 10 means slow charging. EV drivers
tend to choose a path with a long travel distance without charging facilities, rather than a path with a
very slow charging speed.
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Figure 6. The sensitivity analysis of charging speed.

In Figure 7, the utility of the charging facilities reflects the attractiveness of the link for EV users.
The greater the utility value, the higher the level of anxiety for EV users, so they are more likely to
choose a path with charging facilities. If there are many types of EVs in the network, the utility value
may not be very large for EVs with large battery capacity.

 

Figure 7. The sensitivity analysis of charging facilities’ utility.

The relationship between the charging stations waiting cost coefficient K and the charging station
position is shown in Figure 8. When 0 < K < 1, the charging cost is reduced. When K > 1, the charging
cost increases, and the total coverage of the electric vehicle begins to decrease. When deploying a fast
charging station, a slightly larger capacity should be considered to reduce the occurrence of K > 1.
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Figure 8. The sensitivity analysis of waiting cost coefficient K.

7. Conclusions

This paper studies the deployment of public charging stations in a hybrid network to maximize
the service efficiency of the charging facilities. A bilevel model was proposed to depict the interaction
between the mixed link flow and the location of the charging stations. The link flow obtained by the
lower SUE-ED model is the key to determine the location of the CSs. In the upper level model, the CSs
were arranged on the link flow ranking p to achieve the maximum coverage. Four important factors
were taken into accounts in the lower level SUE model, including the range limit of EVs that affected
the path choice, the elastic travel demand closely related to the distribution of link flow, the road
congestion effect, and the capacity of charging facilities in travel costs. These four elements interact
with each other and continuously iterate to reach equilibrium, which was more consistent with the
actual travel situation. A hybrid integer nonlinear programming method based on the method of
successive average (MSA) was constructed to prove the equivalence and the uniqueness of the SUE-ED
model with range constraints. Finally, a network trial was conducted to examine the impact of elastic
demand between OD pairs, the range limit, charging speed, the charging facilities’ utility, and waiting
cost on the location problem.

It should be noted that the actual road network systems are very diverse, especially in urban
areas, and significantly differ from the example of the Nguyen–Dupuis Network. More realistic factors
are required to be considered in the future when designing the location of charging stations, not
only by technical and operational factors but also by social factors. And assumptions can be relaxed
appropriately in future work. The nonlinearity of the charging time, the uncertainties in EVs energy
consumption, as well as the bounded rationality of EV travelers, should be considered.
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Abstract: Compared with conventional vehicles, hybrid electric vehicles (HEVs) have the advantage
of high-energy conversion efficiency, which can have better fuel economy and lower emissions.
The main issue of HEVs is how to develop an energy management strategy to achieve significantly
better fuel efficiency. In this research, the Equivalent Consumption Minimization Strategy (ECMS)
was applied to optimize the performance of fuel consumption in the Advanced Hybrid System-II
(AHS-II). Based on FTP-75 Test Procedure defined by the U.S. Environmental Protection Agency
(EPA), a backward simulation module was established. The baseline simulation module with the
rule-based control strategy was validated with the original fuel consumption data. Then, the module
with ECMS followed the same control rules of engine on/off and mode selection, and the fuel
consumption of ECMS was compared with the simulation results of the baseline model. The fuel
economy improvements of ECMS in urban, highway driving pattern, and composite fuel economy
were up to 8.5%, 7.7%, and 8.1%, respectively. The simulation results showed that the difference of
motors’ working efficiency was only 1.2% between ECMS and baseline rule-based control strategies.
The main reason of fuel consumption improvement was the engine operation chosen by ECMS,
which provided better power distribution.

Keywords: hybrid electric vehicles; equivalent consumption minimization strategy; power-split hybrid

1. Introduction

Climate change and the sustainable development of energy are the most serious international
issues in the 21st century. The hybrid electric vehicle (HEV) is one of the key technologies for vehicle
energy saving. Combining with the internal combustion engine (ICE) and high efficiency electric
motor, hybrid electric vehicles have better fuel economy than traditional vehicles. The HEVs are also
more achievable than electric vehicles (EVs) under current limitations of battery.

With ICE and electric motors, the operating modes to control engine and motors are necessary
designs for the hybrid power system, and the switching between the modes would change its power flow
and the operation of the components. A planetary gear set (PGS) is often applied to the configuration
of HEV. The most representative design is Toyota Prius released in 1997. In 2005, the Advanced
Hybrid System-II (AHS-II), also known as the two-mode hybrid system, was developed by General
Motors. AHS-II offers an additional set of electric-continue-variable-transmission (eCVT) mode of
operation, and significantly reduce the energy loss in high speed [1]. Arata et al. [2] analyzed two
different power-split hybrid-electric vehicle (HEV) powertrains using backward-looking simulations,
and compared the Toyota Hybrid System II (THS-II) and the General Motors Allison Hybrid System II
(GM AHSII).

Fuel economy and lower pollution emissions are critical issues. Vehicle manufactures are investing
in energy management strategy (EMS) to ensure that the system components operate in their safe
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working range, and, at the same time, to maintain a high energy conversion efficiency to obtain
better fuel economy and lower pollution emissions. The EMS can be divided into two categories,
rule-based control strategy (RB) and optimization control strategy. Each of these two categories
can be further divided into two subcategories. RB is subdivided into fuzzy control and heuristic
control, while the optimization strategy is subdivided into global optimization and real-time or online
optimization control [3,4]. RB does not require lengthy numerical calculation time [5,6], and can
simultaneously monitor a number of parameters, which are usually associated with engine on/off
control, and engine and motor operating points [7,8]. However, the fuel consumption is not optimized.
For optimization control strategy, the most representative strategy for global optimization is dynamic
programming (DP). However, the algorithm requires the information of full driving time, it is difficult
to apply for a real vehicle control [9,10]. Chen et al. [11] utilized online control rules but based
on offline optimization results of DP for a plug-in HEV to prolong driving range up to 2.86% and
reduce the energy consumption up to 5.77%. For real-time optimized control strategy, Equivalent
Consumption Minimization Strategy (ECMS) [12] aims at optimal power distribution (between engines
and motors) and ensures that the battery pack has sufficient power. Compared to RB, ECMS can have
a better fuel economy [13]. Zeng et al. [14] proposed an adaptive simplified-ECMS-based strategy
along with particle swarm optimization (PSO) algorithm to optimize PHEV system. The method
effectively shortened the calculation time and improved fuel consumption by 16.43%, compared to the
Charge Sustaining-Charge Depleting (CS-CD)-based strategy. Dong [15] developed a real-time optimal
energy management approach for HEVs and PHEVs using an adaptive coefficient tuning strategy,
and validated results using both Model-in-Loop (MIL) and HIL environment. Lu et al. [16] introduced
the weighted sum method and no-preference method to solve the multiobjective optimization problem
of plug-in electric vehicles and validated with ADVISOR software. Xu et al. [17] developed a fuzzy
control strategy for parallel hybrid electric vehicle. The control strategy was adjusted with GA. It was
verified that GA could effectively improve the efficiency of the engine and fuel consumption.

This study implemented the AHS-II two-mode system as the transmission structure to establish a
Simulink vehicle model, and applied ECMS for EMS to achieve optimal fuel economy.

2. Models of Hybrid Electric Vehicle

Two simulation models with the AHS-II two-mode hybrid system were established. One is the
baseline model with the rule-based control which would be validated with manufacture official data to
verify the accuracy of vehicle model. The other is the optimized vehicle model with ECMS to achieve a
better EMS control and optimize fuel efficiency.

2.1. Introduction of Hybrid Powertrain System

The AHS-II two-mode hybrid powertrain consists of a planetary gear, a compound planetary gear,
four clutches, an internal combustion engine, and two motor/generators, MG1 and MG2, as shown
in Figure 1. The architecture can produce effects which are similar to the continuously variable
transmission (CVT). Therefore, it is also known as electrical continuously variable transmission (eCVT).
The symbols R, S, and C represent the ring gear, the sun gear, and the carrier, respectively, and the
subscripts 1 and 2 represent the compound planetary gear set and the simple planetary gear set.
When the vehicle travels on different road conditions, the powertrain system can operate between two
eCVT modes and four fixed-gear modes.
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Figure 1. AHS-II two-mode powertrain architecture.

2.2. HEV Simulation Model

The backward calculation dynamic model of the HEV system was implemented using
Matlab/Simulink, as shown in Figure 2. The US FTP-75 (EPA Federal Test Procedure) urban and
highway drive cycles were applied as the road conditions for simulation, as shown in Figures 3 and 4.
According to the known driving speed, the vehicle dynamic model calculated the required vehicle
acceleration and driving torque, and through the energy management control module, the operating
mode of the system and the output powers of engine and motor/generators, MG1 and MG2, were
determined. The speed and torque of the two motor/generators were determined by the gear ratio
of the transmission module. According to the speed and torque of the motor/generators, the battery
module calculated the state of charge (SOC) of the battery pack. Finally, the fuel consumption was
accumulated by ICE module through an engine two-dimensional lookup table.

Figure 2. Two-mode powertrain simulation model.

Figure 3. FTP-75 urban driving cycle.
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Figure 4. FTP-75 highway driving cycle.

2.3. Vehicle Dynamic Module

According to the driving cycle, the vehicle speed was received, and the road load of vehicle model,
including rolling resistance, aerodynamic drag, grade resistance, was calculated by Equations (1)–(4).
Further, the AHS-II output shaft required torque was obtained. The vehicle parameters are shown in
Table 1.

FLoad = Fr + Fw + Fg, (1)

Fr = frMg cosα, (2)

Fw =
1
2
ρA f CDV2, (3)

Fg = Mg sinα, (4)

where FLoad, Fr, Fw, and Fg are vehicle road load, rolling resistance, aerodynamic drag, and grade
resistance, respectively, and fr, M, g, α, ρ, Af, CD, and V are rolling resistance coefficient, vehicle
mass, gravity, road slope, air density, vehicle front area, aerodynamic drag coefficient, and vehicle
speed, respectively.

Table 1. Vehicle parameters for dynamic simulation.

Item (Unit) Value

Mass (kg) 1600
Radius of the tire (m) 0.352

Vehicle frontal area (m2) 2.642
Rolling resistance coefficient 0.01
Gravity acceleration (m/s2) 9.81

Aerodynamic drag coefficient 0.386
Air density (kg/m3) 1.29

2.4. Controller Module

In this study, two sets of controllers were established, the rule-based control module for baseline
HEV model and the Equivalent Consumption Minimization Strategy (ECMS) module for the optimized
HEV model. These control modules were combined with the engine switch strategy to further
determine the operating time of the ICE. The individual controllers were built with Matlab functions.

Based on the torque required for the vehicle driving and the battery SOC, the rule-based controller,
heuristic method (if-then-else), determined the speed and torque of ICE. The ESCM with object function
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developed the working state of the engine. After determining the status of ICE, the mode switch
control module would switch between different eCVT and fixed-gear modes.

2.5. Transmission Module

The transmission includes two planetary gear sets, two motor/generators, and four clutches.
Based on the vehicle driving condition, the mode switch module would determine the mode of
operation, mode 1 for first eCVT mode and mode 2 for second eCVT mode. For mode 1, the motor
speeds and torques of MG1 and MG2 were simulated by Equations (5)–(8). Equations (9)–(12) were for
mode 2 operation.

ωMG1 =
1
i1
ωe − (1− i1)(1 + i2)

i1i2
ωout, (5)

ωMG2 =
1 + i2

i2
ωout, (6)

TMG1 = −i1Te, (7)

TMG2 = −(1− i1)Te +
i2

1 + i2
Tout, (8)

ωMG1 = − i2
1− i1 − i1i2

ωe +
(1− i1)(1 + i2)

1− i1 − i1i2
ωout, (9)

ωMG2 =
1

1− i1 − i1i2
ωe − i1(1 + i2)

1− i1 − i1i2
ωout, (10)

TMG1 = −i1Te +
1

1 + i2
Tout, (11)

TMG2 = −(1− i1)Te +
i2

1 + i2
Tout, (12)

where,

i1 =
RS1

RR1
, (13)

i2 =
RS2

RR2
, (14)

ωe, ωMG1, ωMG2, ωout, Te, TMG1, TMG2, and Tout are the rotational speeds and torques of the engine,
two motors, and transmission output. RR1, RR2, RS1 and RS2 are the radii of ring gear 1 and 2 and of
sun gear 1 and 2, respectively. i1, i2 are the radius ratio of sun gear to ring gear for gear train 1 and 2,
respectively.

In the simulation, the rotational inertia of engine, Ie; inertia of ring gear 1 and 2, IR1 and IR2; inertia
of carrier 1 and 2, IC1, and IC2; inertia of motor/generator 1 and 2, IMG1 and IMG2; and inertia of sun
gear 1 and 2, IS1 and IS2; are all considered. In mode 1 case, the general force-acceleration matrix can
be written as shown in Equation (15). Similarly, Equation (16) is the case of mode 2.

⎡⎢⎢⎢⎢⎢⎢⎢⎢⎢⎢⎢⎢⎢⎢⎢⎢⎢⎢⎢⎢⎢⎢⎣

.
ωe
.
ωout
.
ωMG1
.
ωMG2

F1

F2

⎤⎥⎥⎥⎥⎥⎥⎥⎥⎥⎥⎥⎥⎥⎥⎥⎥⎥⎥⎥⎥⎥⎥⎦
=

⎡⎢⎢⎢⎢⎢⎢⎢⎢⎢⎢⎢⎢⎢⎢⎢⎢⎢⎢⎢⎢⎢⎢⎢⎢⎢⎣

Ie + IR1 0 0 0 RR1 0

0 IC2 +
r2
tire

K f
2 m 0 0 0 −RR2 −RS2

0 0 IMG1 + IS1 0 −RS1 0
0 0 0 IMG2 + IC1 + IS2 −RR1 + RS1 RS2

RR1 0 −RS1 −RR1 + RS1 0 0
0 −RR2 −RS2 0 RS2 0 0

⎤⎥⎥⎥⎥⎥⎥⎥⎥⎥⎥⎥⎥⎥⎥⎥⎥⎥⎥⎥⎥⎥⎥⎥⎥⎥⎦

−1⎡⎢⎢⎢⎢⎢⎢⎢⎢⎢⎢⎢⎢⎢⎢⎢⎢⎢⎢⎢⎢⎢⎢⎢⎢⎣

Te

−
∑

Ftire
K f

rtire

TMG1

TMG2

0
0

⎤⎥⎥⎥⎥⎥⎥⎥⎥⎥⎥⎥⎥⎥⎥⎥⎥⎥⎥⎥⎥⎥⎥⎥⎥⎦
(15)
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⎡⎢⎢⎢⎢⎢⎢⎢⎢⎢⎢⎢⎢⎢⎢⎢⎢⎢⎢⎢⎢⎢⎢⎣

.
ωe
.
ωout
.
ωMG1
.
ωMG2

F1

F2

⎤⎥⎥⎥⎥⎥⎥⎥⎥⎥⎥⎥⎥⎥⎥⎥⎥⎥⎥⎥⎥⎥⎥⎦
=

⎡⎢⎢⎢⎢⎢⎢⎢⎢⎢⎢⎢⎢⎢⎢⎢⎢⎢⎢⎢⎢⎢⎢⎢⎢⎢⎣

Ie + IR1 0 0 0 RR1 0

0 IC2 +
r2
tire

K f
2 m 0 0 0 −RR2 −RS2

0 0 IMG1 + IS1 + IR2 0 −RS1 RR2

0 0 0 IMG2 + IC1 + IS2 −RR1 + RS1 RS2

RR1 0 −RS1 −RR1 + RS1 0 0
0 −RR2 −RS2 RR2 RS2 0 0

⎤⎥⎥⎥⎥⎥⎥⎥⎥⎥⎥⎥⎥⎥⎥⎥⎥⎥⎥⎥⎥⎥⎥⎥⎥⎥⎦

−1⎡⎢⎢⎢⎢⎢⎢⎢⎢⎢⎢⎢⎢⎢⎢⎢⎢⎢⎢⎢⎢⎢⎢⎢⎢⎣

Te

−
∑

Ftire
K f

rtire

TMG1

TMG2

0
0

⎤⎥⎥⎥⎥⎥⎥⎥⎥⎥⎥⎥⎥⎥⎥⎥⎥⎥⎥⎥⎥⎥⎥⎥⎥⎦
(16)

where
m = M +

Iwheel

r2
tire

. (17)

F1, F2, and Ftire are the forces acting on the sun gear, ring gear, and tire, respectively. Kf is the final axle
ratio, and rtire is the radius of tire. Iwheel is the total rotational inertia of the wheels [18].

2.6. Internal Combustion Engine Module

The ICE module of this study was represented by a lookup table. Figure 5 shows the
three-dimensional ICE fuel consumption rate. Through the controller module to determine the
engine running state, the corresponding engine speed and torque could determine engine fuel
consumption rate.

Figure 5. ICE fuel consumption rate.

2.7. Motor/Generator Module

In AHS-II powertrain, there are two electric motor/generators, MG1 and MG2, which have same
output power. The motor/generators are 60kW permanent magnet AC motors. In this study, MG1
and MG2 had same specifications. The motor/generators efficiency is a function of speed and output
torque, as shown in Figure 6. This module was modeled with a lookup table. The motor/generator
power calculation is shown in Equation (18).

PMG = ωMGTMGη
K
MG,

{
K = 1
K = −1

, (18)

where PMG, ωMG, and TMG are motor/generators power, speed, and torque, respectively. If the speed
and torque are in the same sign, the motor/generator works as a motor. If the speed and torque are in
different sign, the motor/generator works as a generator, which transforms the mechanical energy into
electricity and stores in the battery pack. ηMG is the efficiency of the motor/generator, and K is the
power flow of the motor/generator. K = 1 is motoring, and K = −1 is generating.
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Figure 6. The efficiency of motor/generator.

2.8. Battery Module

This study used a battery equivalent circuit, as shown in Figure 7, to establish the battery
module [13]. The model provides the information of the open circuit voltage, output voltage, battery
current, required power of battery, battery SOC, SOC changing rate, battery internal resistance,
and battery capacity. The battery was mainly to support the power required for the motor/generator
in order to keep the system in high fuel efficiency. The proposed model was adequate for the fuel
consumption optimization.

Figure 7. Battery equivalent circuit.

In Figure 7, Voc is the open circuit voltage, Req is the internal equivalent resistance, and VL is the
output voltage. The power output of battery can be represented in terms of the electric current, Ibatt,
as shown in Equation (19). The total output of battery, VocIbatt, includes the power required for the
system, Pem_batt, and the power consumed by the internal resistance of the battery, ReqI2

batt. The power
required can also represented in terms of motors’ power, as shown in Equation (20).

Pem_batt = VocIbatt −ReqI2
batt, (19)

Pem_batt = TMG1ωMG1η
K
MG1η

K
con + TMG2ωMG2η

K
MG2η

K
con, (20)

where ηMG1 and ηMG2 are the efficiency of the motor/generator 1 and 2, ηcon is the motor controller
efficiency. The battery SOC can be calculated by accumulating the charged and discharged current.
The relationship between battery SOC changing rate, battery capacity Qmax and current Ibatt is as follows:

S
.

OC(t) = − Ibatt
Qmax

. (21)
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From Equation (19), the battery current can be derived as follows:

Ibatt =
Voc +

√
V2

oc − 4ReqPem_batt

2Req
(22)

The open circuit voltage and internal equivalent resistance are function of SOC. From Equations (21)
and (22), the SOC rate can be obtained as follows:

S
.

OC(t) = −
Voc(SOC) +

√
V2

oc(SOC) − 4Rbatt(SOC)Pem_batt(t)

2Rbatt(SOC)Qmax
. (23)

The internal resistance of battery was based on the curve shown in Figure 8. A portion of the
battery power output was provided for the driving system, and the other was consumed by the internal
resistance. The efficiency of battery can be calculated, as shown in Equation (24).

ηbatt = Pm_batt/VocIbatt. (24)

Figure 8. Internal resistance of battery while charging/discharging.

In this study, the SOC of battery was limited in the range between 0.4 and 0.6 since the battery had
relatively less energy loss due to the battery internal resistance while considering for both charging
and discharging states.

3. Energy Management Strategy

3.1. Optimization

The objective of the optimization problem was to minimize the fuel consumption and satisfy the
following requirements for the HEV system: (1) To meet the demand of vehicle driving condition, and (2)
to be constrained within the operation limits of the system components, as shown in Equations (25)–(30).
The goal of the optimization, the cost function J, is expressed numerically in finite time, as shown in
Equation (25). For the hybrid powertrain system with charge-sustaining control, the initial battery
SOC and the final state should remain the same. In other words, the power loss of the system must be
compensated by the engine. The power required for the vehicle is provided through engine and motors,
as shown in Equation (26). Equation (27)–(30) define the SOC controlled limits, battery power output
limits, engine power output limits, and motor power output limits, respectively. The optimization
problem is defined as the following:
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Objective:

min =

{
J =

∫
t f
t0

.
m f c(t)dt

}
, (25)

Subject to
Preq(t) = Pe(t) + Pem(t), (26)

SOCmin ≤ SOC(t) ≤ SOCmax, (27)

Pem_batt_min ≤ Pem_batt(t) ≤ Pem_batt_max, (28)

Pe_min ≤ Pe(t) ≤ Pe_max, (29)

Pem_min ≤ Pem(t) ≤ Pem_max, (30)

where t, J, mfc(t), Pbatt, Pe, Pem, and Preq are time, cost function, engine fuel rate, battery power, electric
motor power, engine power, and vehicle power required, respectively. In this study, the SOC was
limited between 0.4 and 0.6. Battery power and electric motor power were constrained between −60 kW
and 60 kW. The engine power was between 0 kW and 157 kW.

3.2. Rule-Based Control Strategy

According to the understanding of the system architecture and the efficiency of each element, the
output energy of each driving element is defined based on the different road conditions. The basic
principle is to meet the driving force required during vehicle travelling, while the control rule should
keep the engine and motor/generators in the high operating efficiency range as long as possible to
achieve the best fuel consumption and the lowest emissions. This study applied a rule-based controller
for the baseline HEV model, and the heuristic was applied, as shown in Figure 9. The fuel economy of
this controller would be compared with the manufacture data to verify the accuracy the HEV model.
The rule-based strategy is listed in Table 2. Based on different SOC and required torque output, engine
operation conditions are provided.

 
Figure 9. Heuristic controller.
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Table 2. Rule-based strategy.

Required Torque
Engine Output

SOC < 0.4 0.4 ≤ SOC < 0.5 0.5 ≤ SOC ≤ 0.6

0–30 (Nm) 25 Nm
1400 rpm

25 Nm
1400 rpm

25 Nm
1400 rpm

30–50 (Nm) 45 Nm
1500 rpm

45 Nm
1500 rpm

25 Nm
1500 rpm

50–75 (Nm) 140 Nm
1700 rpm

140 Nm
1700 rpm

100 Nm
1700 rpm

75–100 (Nm) 150 Nm
1700 rpm

140 Nm
1700 rpm

130 Nm
1700 rpm

100–125 (Nm) 155 Nm
1800 rpm

145 Nm
1800 rpm

130 Nm
1800 rpm

125–150 (Nm) 170 Nm
1800 rpm

160 Nm
1800 rpm

160 Nm
1800 rpm

150–175 (Nm) 185 Nm
1900 rpm

180 Nm
1900 rpm

170 Nm
1900 rpm

175–200 (Nm) 180 Nm
2000 rpm

160 Nm
2000 rpm

140 Nm
2000 rpm

200–250 (Nm) 180 Nm
2100 rpm

160 Nm
2100 rpm

140 Nm
2100 rpm

250–300 (Nm) 180 Nm
2200 rpm

150 Nm
2200 rpm

130 Nm
2200 rpm

>300 (Nm) 235 Nm
2000 rpm

3.3. Equivalent Consumption Minimization Strategy

ECMS is one of the best optimization control strategies, and ECMS treats the energy storage
system, battery pack/supercapacitor as a buffered energy source. The loss of battery power during
travel must be recovered from the brake regeneration or the generator driven by the ICE. The cost
function of ECMS is shown in Equation (31), which contains the fuel consumption of the ICE and the
electricity energy consumption. Since the electricity power consumption and fuel consumption could
not be directly compared, electricity power consumption should be converted into the equivalent fuel
consumption by Equations (32) and (33).

J(t) =
.

m f c,eqv =
.

m f c(Pe(t)) +
.

meqv(Pem(t)), (31)

.
meqv(t) = γ · sdis

BSFC(t)·Pem(t)
ηbatt(Pem)ηem(Pem)

+(1− γ) · schg · ηbatt(Pem)ηem(Pem) · BSFC(t) · Pem(t),
(32)

γ =
1 + sign(Pem(t))

2
, (33)

where mfc, eqv is the summation of instant fuel consumption, meqv(t) is the equivalent fuel consumption
of electricity power, Pem is the output power of the motor, and sdis and schg are the equivalent factors
of discharging and charging, respectively. BSFC is the fuel consumption per unit ICE output energy.
ηbatt and ηem are the working efficiency of battery pack and motor, respectively.

3.4. Engine Switch Control Strategy

In this study, the engine switch was designed to avoid engine operating in high fuel consumption
regions and to avoid the overcharging and discharging of the battery pack. Since the battery has less
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energy loss due to the internal resistance while the SOC is within 0.4 and 0.6, the design strategy uses
this interval as SOC limits. In ECMS, the mode of operation should be determined first. Since the
mode 2 is applied to the higher speed, if the SOC does not exceed 0.6, the engine will continue to
operate to ensure that the battery system has enough power.

For mode 1 operation, when the vehicle speed is less than 20 km/h, the operating efficiency of
engine will be in poor condition. If the SOC is not lower than 0.45, the engine will be shut down and
vehicle is driven by electric motor to enhance fuel consumption performance. When the vehicle speed
is between 20 km/h and 40 km/h, and the SOC is greater than or equal to 0.55, the engine will be shut
down. When the vehicle speed is greater than or equal to 40 km/h, and the SOC is greater than or
equal to 0.6, the engine will be shut-down. If SOC is greater than 0.6 and engine remains off, the SOC
is monitored and checked until SOC is less than 0.55 and the process is reset to the starting block.
The control flowchart of the engine switch is shown in Figure 10. This control logic was applied on the
energy management strategies of both HEV models in this study.

 
Figure 10. Engine switch flowchart.

4. Simulation Results

4.1. HEV Baseline Model with Rule-Based Control Strategy

The rule-based control was applied on the baseline HEV model. With the urban and highway
driving simulation, fuel economies were 47 MPG (miles per gallon) and 39 MPG, and composite
fuel economy was 43 MPG. The simulation results and the manufacture official data are shown in
Table 3. The differences of urban, highway, and composite fuel economy were −2.1%, 5.4%, and 1.6%,
respectively, which were acceptable. The simulation model can be used to represent the original vehicle.
With this rule-based control model as the baseline, the average efficiency of MG1 and MG2 were
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monitored as well. The urban and highway efficiency values of MG1 were 0.83 and 0.85, respectively,
and those of MG2 were 0.85 and 0.84, as shown in Table 4.

Table 3. Comparison of fuel consumption between rule-based control model (RB) and factory data.

Item City Highway Composite

Rule Based (Baseline) (MPG) 47 39 43
Official Data (MPG) 48 37 42

Difference
(Rule Based–Official)/Official × 100% −2.1% 5.4% 1.6%

Table 4. Motor/generator efficiency in RB.

Item City Highway

MG1 (efficiency) 0.83 0.85
MG2 (efficiency) 0.85 0.84

4.2. HEV Optimization Model with ECMS

The ECMS was applied as optimization strategy for fuel economy simulation. The result is shown
in Table 5. With ECMS, the fuel economy of urban and highways driving cycles had improvements
around 8%, while the efficiencies of MG1 and MG2 were tracked as well, as shown in Table 6.
The average of urban and highway efficiency values of MG1 were 0.83 and 0.85, and those of MG2
were 0.85 and 0.83, respectively. The difference between the baseline and ECMS was the MG2 highway
efficiency, 84% vs. 83%, which was around 1.2% different. Under two different control strategies,
the motor/generator efficiencies were very much the same. That indicates the improvement of fuel
economy using ECMS was mainly due to the selection of the engine operating points.

Table 5. Comparison of fuel consumption between the baseline and equivalent combustion minimization
strategy (ECMS).

Item City Highway Composite

Baseline (MPG) 47 39 43.0
ECMS (MPG) 51 42 46.5

Improvement,
(ECMS-Baseline)/Baseline × 100% 8.5% 7.7% 8.1%

Table 6. Motor/generator efficiency in ECMS.

Item City Highway

MG1 (efficiency) 0.83 0.85
MG2 (efficiency) 0.85 0.83

Figure 11 to Figure 12 show the engine operating points of baseline and ECMS models. With ECMS
optimization, the distribution of the engine operating points in urban and highway driving cycles was
significantly smaller than that of the rule-based control strategy. With less engine power during the
driving cycles, the ECMS model had less fuel consumption, as shown in Figures 13 and 14.
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Figure 11. Comparison of engine operating points when driving in urban areas.

Figure 12. Comparison of engine operating points when driving on expressway.

Figure 13. Comparison of fuel consumption rate in urban cycle.
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Figure 14. Comparison of fuel consumption rate of highway cycle.

Figures 15 and 16 show the accumulation time of engine operation points in urban driving cycle.
The engine load with the rule-based control strategy had up to 42% of the engine running time when
operating in the less efficiency range, while the engine load with ECMS had 27% of the engine running
time in less efficiency range.

Figure 15. Engine operating time in urban driving cycle with baseline model.
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Figure 16. Engine operating time in urban driving cycle with ECMS optimization.

In highway driving cycle, as shown in Figures 17 and 18, the engine load with the rule-based
control strategy had a significant operating time ratio in the less working efficiency range, accounting
for about 22% of the engine operating time, while ECMS did not operate at all in the less efficiency
range. With respect to overall operating time, ECMS optimization had a longer running time when
operating in the better efficiency range, so HEV model with ECMS optimization could obtain better
fuel economy.

Figure 17. Engine operating time in highway driving cycle with baseline model.
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Figure 18. Engine operating time in highway driving cycle with ECMS optimization.

5. Conclusions

Energy management strategy is an important topic for hybrid electric vehicles. In order to
effectively improve the performance of fuel consumption, ECMS was selected for instant optimization
strategy to optimize the fuel consumption.

The AHS-II two-mode hybrid system was modeled, and a rule-based control was used as baseline
model and validated with the official fuel economy data. Then, the ECMS was applied for fuel economy
optimization. From the simulation of baseline model and ECMS optimization, the conclusions were
drawn as follows:

1. For baseline model with the rule-based control strategy, the fuel economy of the urban, highway,
and composite driving cycles were 47 MPG, 39 MPG, and 43 MPG. The official reported fuel
economy data of AHS-II are 48 MPG, 37 MPG, and 42 MPG for the urban, highway, and composite
driving cycle, respectively. The maximum difference of fuel economy between simulation and
vehicle official data is 5.4%, which indicates that the results of simulation model has good
correlation with those of the vehicle, and can be used to represent the original vehicle.

2. The fuel economies with ECMS optimization were 51 MPG, 42 MPG, and 46.5 MPG for urban,
highway, and composite driving cycles, respectively. Comparing ECMS optimization with the
rule-based control strategy, the improvements made were 8.5%, 7.7%, and 8.1%, separately.
The proposed ECMS optimization strategy provided a better fuel economy performance.

3. The efficiencies of the motor/generator 1 and 2 in the rule-based model were 0.83 and 0.85 for
city, and 0.85 and 0.84 for the highway driving cycles. Those in ECMS were 0.83 and 0.85 for
city, and 0.85 and 0.83 for highway, individually. The biggest difference between the baseline
and ECMS was only 1.2%. The improvement of fuel economy was mainly due to the selection
of the engine operating points which lead to a better fuel performance. ECMS could effectively
implement the best engine power distribution to achieve better fuel consumption.

4. In urban driving cycle, there was 42% of time that engine was operated in the less efficiency
region for the rule-based control strategy, while there was 27% with ECMS.

5. In highway driving cycle, there was 22% of the time that engine was operated in the less efficiency
region for the rule-based control strategy, while there were none for ECMS. Overall, ECMS
optimization had engine operated in better efficiency range and provided better fuel economy.
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Using vehicle dynamic simulation can help to quickly carry out the preliminary evaluation of
various energy management strategies, search for the appropriate optimization of energy management
strategies, and reduce R&D process time and cost. The proposed equivalent consumption minimization
strategy can be utilized to optimize the performance of fuel consumption.

Funding: This research received no external funding.

Conflicts of Interest: The author declares no conflict of interest.

Nomenclature

Af vehicle front area
AHS-II Advanced Hybrid System-II
CD aerodynamic drag coefficient
CVT continuously-variable-transmission
DP dynamic programming
ECMS Equivalent Consumption Minimization Strategy
EMS energy management strategy
EPA Environmental Protection Agency
eCVT electric-continue-variable-transmission
F1 force acting on sun gear
F2 force acting on ring gear
Fg grade resistance
FLoad vehicle road load
Fr rolling resistance
Fw aerodynamic drag
fr rolling resistance coefficient
Ftire force acting on tire
g gravity
HEVs hybrid electric vehicles
Ibatt battery current
IC1 rotational inertia of carrier 1
IC2 rotational inertia of carrier 2
Ie rotational inertia of engine
IMG1 rotational inertia of motor/generator 1
IMG2 rotational inertia of motor/generator 2
IR1 rotational inertia of ring gear 1
IR2 rotational inertia of ring gear 2
IS1 rotational inertia of sun gear 1
IS2 rotational inertia of sun gear 2
Iwheel total rotational inertia of the wheels
ICE internal combustion engine
J cost function
K power flow of the motor/generator (1: motoring; -1: generating)
Kf final axle ratio
M vehicle mass
MG motor/generators
MPG mile per gallon
meqv(t) equivalent fuel consumption of electricity power
mfc(t) engine fuel rate
mfc, eqv summation of instant fuel consumption
PHEV plug-in hybrid electric vehicle
Pbatt power output of battery
Pe output power of the engine
Pem output power of the electric motor
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Preq vehicle power required
PMG motor/generators power
PGS planetary gear set
Qmax battery capacity
Req internal equivalent resistance
RR1 radius of ring gear 1
RR2 radius of ring gear 2
RS1 radius of sun gear 1
RS2 radius of sun gear 2
RB rule-based control strategy
rtire radius of tire
SOC state of charge
sdis equivalent factors of discharging
schg equivalent factors of charging
Te torques of the engine
TMG motor/generators torque
TMG1 torques of the motor 1
TMG2 torques of the motor 2
Tout torques of the transmission output
t time
V vehicle speed
Voc open circuit voltage
α road slope
ηbatt working efficiency of battery pack
ηcon motor controller efficiency
ηem working efficiency of motor
ηMG efficiency of the motor/generator
ηMG1 efficiency of the motor/generator 1
ηMG2 efficiency of the motor/generator 2
ρ air density
ωe rotational speeds of the engine
ωMG motor/generators speed
ωMG1 rotational speeds of the motor 1
ωMG2 rotational speeds of the motor 2
ωout rotational speeds of the transmission output
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Abstract: This article describes a study that aimed to estimate the fuel-saving potential possessed
by the hybridization of conventional powertrains intended for heavy-duty vehicles based on diesel
and natural gas fueled engines. The tools used for this analysis constitute mathematical models
of vehicle dynamics and the powertrain, including its components, i.e., the engine, electric drive,
transmission, and energy storage system (ESS). The model of the latter, accompanied by experimental
data, allowed for an analysis of employing a supercapacitor regarding the selection of its energy
content and the interface between the traction electric drive and the ESS (in light of the wide voltage
operating range of supercapacitors). The results revealed the influence of these factors on both the
supercapacitor efficiency (during its operation within a powertrain) and the vehicle fuel economy.
After implementation of the optimized ESS design within the experimentally validated vehicle model,
simulations were conducted in several driving cycles. The results allowed us to compare the fuel
economy provided by the hybridization for diesel and gas powertrains in different driving conditions,
with different vehicle masses, taking into account the onboard auxiliary power consumption.

Keywords: heavy-duty vehicles; diesel engine; natural gas engine; hybrid powertrain; supercapacitor;
fuel consumption; mathematical modeling

1. Introduction

Engines fueled with natural gas are considered possible alternatives to diesel engines when used
in heavy-duty (HD) vehicles. Diesel engines, although efficient, have complicated issues regarding
exhaust emissions, which compel developers to resort to rather sophisticated solutions to conform with
regularly tightened emission requirements. Two components of exhaust gases may be highlighted
as problematic, namely the nitrogen oxides and the particulate matter. To reduce the emissions
of the former component to the level required by the present-day legislation, a selective catalytic
reduction system should be employed, which involves a complex chemical reactor with a closed-loop
control system and an onboard storage for the additional chemical agent (ammonia) [1]. Reducing
the particulate matter requires using filters, which also constitute complex systems that involve an
electronic control that regulates the process of regeneration [1]. It should also be noted that diesel engine
operating regimes having minima of the two mentioned exhaust components generally do not coincide,
which complicates the engine calibration [1]. In contrast, gas-fueled engines have drastically lower
raw emissions of particulate matter [2–4] and can operate with the stoichiometric air-to-fuel ratio [5,6],
which makes it possible to reduce emissions using less complex three-way catalytic converters [5] that
provide more efficient abatement at lower costs. Fuel costs are generally considerably lower for gas
(although this is not included in the scope of this work, which is only dedicated to the technical issues).
The complicating aspect of replacing diesel engines with gas engines is the necessity of having an
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onboard storage for the compressed or liquefied gas, which constitutes a complex system that has its
own cost, service, safety, and other issues. Therefore, whether to choose a gas-based vehicle or stay
conservative with a diesel-based option becomes a trade-off decision.

During the past few years, the National Research Center “NAMI” has been conducting an R&D
project in cooperation with one of the country’s major producers of heavy-duty vehicles. The project
was aimed toward developing a gas-fueled engine family derived from the diesel engine that was
newly developed by the aforementioned HD vehicle manufacturer. One can find the details on the
project and its results in References [7–9]. The main outcomes of the project were the gas-fueled engines
(see example in Figure 1) operating with the Otto and Miller thermodynamic cycles. The engines
were installed in vehicles intended for long-haul operations (also shown in Figure 1) and tested in
road conditions.

Figure 1. The developed gas engine at a test bench (a) and a heavy-duty (HD) vehicle equipped with
the developed liquefied gas system (b).

The present work aimed to provide further elaboration of powertrains equipped with the developed
gas engines, specifically on the prospects of their hybridization. The primary motivation behind
this was to compare the fuel economy improvements that can be achieved by the hybridization of a
diesel-based powertrain and a gas-based powertrain. It is assumed that such a powertrain modification
could be relevant for those HD vehicles, whose operating schedules include a considerable share of city
and suburban haulage since the major effect of HD powertrain hybridization is expected in conditions
allowing for intensive use of regenerative braking, which is the most efficient tool for increasing the
fuel economy of vehicles with large masses [10].The published studies (see, for example, [11–14]) have
demonstrated that hybrid HD vehicles having a gross mass ranging 16 to 36 tons possess a significant
fuel-saving potential in city driving conditions, especially in the case of full hybridization, which offers
up to 35% fuel consumption reduction. The mild degree of hybridization is able to provide moderate
fuel savings of about 10%.

The fuel economy of powertrains, which use different kinds of fuels, cannot be compared directly.
One can evaluate the energy content of the consumed fuel [15], or the CO2 emissions of compared
vehicles [12,15], or the economic aspect, i.e., fuel price [12,15,16]. This work employed another approach
stemming from the goal of hybridization, namely to reduce the fuel consumption relative to the baseline
powertrain. This allows for comparing the percentages of vehicle fuel economy obtained for each
considered powertrain rather than the absolute values of fuel consumption. The study was conducted
by means of simulations based on mathematical models validated using experimental data.

The layout of the article has the following structure. The next section (Section 2) substantiates
the choice of the hybrid powertrain design to be considered in the study. Section 3 describes the
mathematical models of the vehicle and the powertrain components. It is followed by a section
(Section 4) overviewing the control strategy implemented within the hybrid powertrain model.
The driving cycles employed in the simulations are presented in Section 5. The models of conventional
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vehicles equipped with all the considered engines are validated in Section 6. The model analysis of the
powertrain hybridization is presented in Section 7. Finally, Section 8 contains conclusions drawn from
the conducted study and outlines further research.

2. Hybrid Powertrain Design

2.1. Selection of the Hybrid Powertrain Topology

Internal combustion engines (ICEs) intended for HD vehicles are remarkably efficient in a wide
range of operating modes. Brake-specific fuel consumption (BSFC) becomes significantly higher
only at small loads, which, in a hybrid electric vehicle (HEV), may be avoided by electric driving
or, in the case of insufficient battery energy, by additional loading of the ICE. The concept of the
optimal operating line (OOL), i.e., the locus of operating points having a minimum BSFC for a given
power, is undoubtedly efficient in light duty applications where ICEs have a significant BSFC gradient;
however, in the case of HD engines, the OOL is not as clear. In the first place, it requires employing
a continuously variable transmission (CVT), which in the case of HD vehicles, can be either electric
(corresponding to a series HEV topology) or electromechanical (the power-split topology). Both options
(frequently called e-CVTs [17]) imply using two electric machines, which complicates the transmission
and makes it more expensive. Generally, e-CVTs have a lower efficiency than stepped mechanical
transmissions, and using them only makes sense if OOL tracking provides an increase of the ICE
efficiency, which is significantly higher than the effect of impairing the efficiency using an e-CVT.
In the case of an HD engine, OOL tracking may increase its efficiency only slightly, and considering
a relatively low e-CVT efficiency, the overall fuel-saving effect will most likely be small or, in some
cases, even negative [13]. This, together with the first aspect (complex and expensive transmission),
makes e-CVT-based topologies hardly affordable, especially when it comes to issues of producing and
owning such vehicles.

The parallel topology (Figure 2) can be derived from a conventional transmission (with an
automated stepped gearbox) through moderate design changes. It implies placing an electric machine
(EM) between the ICE shaft and the gearbox input shaft. It is advisable to place the automated clutch
between the ICE and the EM to disconnect the former from the transmission and therefore allow the
vehicle to be driven solely by the electric machine. The energy storage system (ESS) is connected to the
traction electric drive using a DC link shown by the dotted line in Figure 2. The direct mechanical
connection established between the ICE and the EM when the clutch is locked allows for the efficient
transmission of power from the ICE to the ESS when it is necessary to replenish the latter or to load the
former to avoid non-efficient operating regimes.

Figure 2. Parallel hybrid powertrain topology with a stepped automated gearbox. EM: Electric machine,
ESS: Energy storage system, ICE: Internal combustion engine.

Placing the EM before the gearbox allows for providing a considerable range of electric driving
(in terms of both speed and tractive force) without oversizing of the electric machine, which usually
takes place in the topologies where the EM is connected to the driving wheels through a reduction gear
that has a constant speed ratio. On the other hand, losses in the gearbox reduce the efficiency of the
transmitting power from the EM to the driving wheels and backwards (regenerative braking).
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Taking into account the above considerations and the previous studies performed by the authors
(see, for example [18]) and other researchers [13,14], it was decided that for this study, the parallel
topology would be selected for the analysis of powertrain hybridization.

2.2. Selection of the Powertrain Components

While the set of internal combustion engines to be employed in the studied powertrains was
defined (i.e., the diesel and two gas engines), the electrical components were to be selected or designed.
Considering the available technical resources and the objectives of the study, units available “from
the shelf” were preferred over theoretical ones. In particular, the prototype traction electric drive was
acquired from one of the commercially available hybrid units intended for HD vehicles. When used in
an HEV with the gross weight considered in this work (35–44 tons), the power and torque characteristics
of the electric drive (see Section 3.4 for details) correspond to an intermediate solution between the full
and mild hybrids.

Two options for the engine control at vehicle stops were considered, namely idling and switching
the engine off and starting it back when the vehicle resumes moving (i.e., the start–stop feature).
The latter option was assumed to be implemented using an “enhanced” starter rather than the traction
electric drive to prevent impairing the vehicle dynamics.

The energy storage system (ESS) is one of the key components in a hybrid powertrain, which
defines the amount of regenerated braking energy and the vehicle performance in the pure electric
driving mode. The prevailing ESS technology in the field of hybrid and pure electric vehicles are
accumulator cells, which are lithium-ion for the most part [19]. Their specific energy capacity and
power, which have noticeably increased over the years [20])], along with their moderate prices make
them well-suited for passenger and light-duty commercial vehicles. Their known vulnerability to high
and low temperatures (capacity and efficiency drop, accelerated degrading) can be alleviated using
appropriate temperature management [19], at least in hybrid vehicles, where engine heat can be utilized
for that purpose. The cycle life of typical lithium-ion cells, although relatively short (a typical value is
around 3000 cycles, but may be lower), is nevertheless admissible for electric vehicles since they employ
large battery packs that allow for traveling up to a few hundred kilometers per charge–discharge cycle.
Hybrid vehicles, especially non-plugin vehicles, have significantly smaller batteries, which compels
developers and producers to resort to more advanced (and expensive) accumulator cells that have
higher power densities and longer cycle lives.

When it comes to the hybridization of heavy-duty vehicles, the following specifics of long-haul
vehicle applications have to be taken into account while selecting the ESS type. Due to the large mass
of such vehicles, the ESS should be able to deliver and consume high amounts of power (over 100 kW)
continuously. An HD vehicle usually has a long service life and is operated intensively (on an everyday
basis), which entails a large mileage from hundreds of thousands to even millions of kilometers.
Throughout the service period, the number of overhauls should be minimal. The replacement of
powertrain components, especially expensive ones, is undesirable (the operating life of the powertrain
and its major components is to be equal to that of the vehicle). Additional expenses brought about by
introducing advanced powertrain technologies should be (at least) compensated for by the economic
effect provided by those technologies (e.g., reduced fuel consumption). Climatic operating conditions
of the heavy-duty vehicle fleet vary greatly, including both extremely cold and warm regions.

To provide a longer cycle life of accumulator-based solutions, one should use “shallow”
charge–discharge cycles. Together with the requirement for higher power, this implies that large
batteries are to be used in HD vehicles. As a result, even for hybrid applications, which offer a relatively
small pure electric driving range, the battery tends to be oversized due to the necessity in meeting both
the power and cycle life requirements.

A known alternative for high-power ESSs are supercapacitors (SCs), which the literature claims as
a promising technology for heavy-duty vehicles [11,21–24]. One has to admit that the characteristics
of supercapacitors include both substantial advantages and adversities. Among the former, one
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can provide high operating currents and, consequently, a high power density [25,26]. A single SC
cell having a nominal voltage of 3 V can operate continuously with currents up to 300 A and, for a
limited time, over 1000 A. The cycle life of supercapacitors is outstandingly higher than that of
lithium-ion accumulators and exceeds 1 million cycles [25,26]. Additionally, supercapacitors have
a wide operating range of low temperatures, which can reach −40 ◦C. For example, when used in
engine-cranking applications, an SC can start an engine smoothly in a −25 ◦C ambient temperature [26].
Thus, supercapacitors do not impose the same strict requirements regarding the low-temperature
management as accumulators do. On the other hand, the following shortcomings of supercapacitors
should be taken into account. Their energy density is far lower (about 95% lower on average) than
that of lithium accumulators. The prices for a kWh of supercapacitors are at least 20 times higher than
those of the typical lithium cells. For advanced, high-power, long-life accumulators used in compact
batteries of hybrid vehicles, this price ratio may be smaller, although not drastically. Like lithium-ion
accumulators, supercapacitors are vulnerable to high-temperature degradation; therefore, they require
effective cooling systems [25]. Yet another feature may be counted as both positive and negative,
namely the proportionality between the supercapacitor voltage and its state of energy. On the one
hand, this allows an ESS management system to determine the state of energy using simple voltage
monitoring. In contrast, lithium-ion accumulators, especially the LiFePO4-type accumulators, require
battery management systems to have sophisticated algorithms for the indirect determination of the
state of charge [27] due to its substantial independence from the accumulator voltage. On the other
hand, the said proportionality results in a wide operating range of the supercapacitor voltage is much
wider than that of lithium-ion accumulators, which raises the question of matching this range with the
operating voltage of the traction electric drive. One known solution is employing a DC–DC converter
that keeps the input voltage of the electric drive at a reference level, while the supercapacitor voltage
travels through its operating range [24,28,29]. This ensures that the traction drive will be able to
deliver its rated power independently (to a certain extent) of the ESS voltage. The complication of
this approach is, obviously, the need for a high-power buck–boost converter, which entails additional
costs, weight, occupied space, and finally, yet importantly, power losses due to voltage transformation.
One can expect a 95% peak efficiency at most from such a converter, which is rather noticeable for the
powertrain energy balance considering that the major power flow will be transmitted through this
converter. Another solution is a direct DC connection between the supercapacitor and the traction
drive inverter [29]. This makes the operating characteristics of the drive variable and needs to be
addressed in the control algorithm of the powertrain. In the described study, both solutions were
compared in terms of the resulting fuel economy and ESS efficiency.

For commercial vehicles, all the mentioned virtues of supercapacitors—high power, long cycle life,
and wide operating temperature span—are particularly advantageous. When considering the drawback
of low energy density, one can conclude that unlike for pure electric vehicles, for non-plugin hybrids,
this is not a critical issue, although the large weight of HD vehicles, of course, does require a proportional
energy content of the ESS that can recuperate the bulk of the braking energy. The supercapacitor cost,
however, is an issue that raises concerns regarding the additional expenses entailed by hybridization.
Since the amount of regenerated energy that can be stored within the ESS is the decisive factor of fuel
economy (in the case of HD vehicles), the ESS capacity is a result of a trade-off between lower fuel
expenses and higher ESS costs. Therefore, establishing the influence of the ESS energy content on the
fuel economy becomes an additional objective of the study.

The prototype of the supercapacitor-based ESS used for this study has been taken from the
powertrain of a hybrid city bus that belonged to a limited series produced earlier. The ESS in that bus
has an electric capacitance of 28 F and a maximum voltage of 650 V, providing an energy content of
1.6 kWh. The maximum continuous current is 300 A for both discharging and charging. Considering
the voltage operating range of 300–640 V, the maximum power delivered by the SC amounts to
90–195 kW. To obtain the characteristics of the prototype supercapacitor, several field experiments
were conducted involving the mentioned hybrid bus. During those tests, the supercapacitor current
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and voltage were being measured and logged while the bus was being driven through predetermined
velocity patterns.

3. Mathematical Models

3.1. Vehicle Dynamics

Simulations aimed at the calculation of the fuel economy and assessment of the powertrain
operation usually replicate vehicles moving through driving cycles that model real-world driving
conditions. Cycle schedules do not include the driving trajectory, and, thus, when modeling, the vehicle
motion is considered linear. Furthermore, there were additional assumptions that were made in this
work to derive the vehicle dynamics model. The tire slip is neglected due to the assumption that the
maximum adhesion coefficient is high, and thus, a sufficient tractive force is exerted with a small slip.
The model also neglects the dynamics of wheel vertical forces and variations of the wheel radii. Given
these assumptions, the model of the vehicle linear motion can be presented as the dynamics of a single
lumped mass:

.
v =

Tw/rw − F f − Fair − Fα
mv + n·Iw/r2

w
, (1)

where v is the vehicle velocity; mv is the vehicle mass; Tw is the torque at the driving wheels; rw is the
wheel radius; Iw is the wheel inertia; n is the number of wheels on the vehicle (including the trailer’s
wheels); and Fair, F f , and Fα are the resistance forces.

The rolling resistance force is calculated using the following formula: F f = mv·g· f , where g
is the acceleration due to gravity and f is the dimensionless coefficient of tire-rolling resistance.
When identifying the model parameters from the coast-down test results, it was found that the function
f (v) was satisfactorily approximated using the known quadratic expression: f = f0 + kv·v2 [30], where
f0 is the rolling resistance coefficient at near-zero velocity and kv is the factor of the velocity-dependent
growth of the rolling resistance. The rolling resistance force calculated with these formulae was
assumed to be equal (i.e., averaged) for all the tires of the vehicle.

A well-known empirical formula is used for calculating the aerodynamic resistance force:

Fw = 0.5·Cx·A·ρ·v2, (2)

where Cx is the air drag coefficient of the vehicle, A is the vehicle frontal area, and ρ is the air density.
The grade resistance force Fβ is a projection of the vehicle gravity force vector onto the road plane,

which is calculated as follows: Fβ = mv·g·sin(β), where β is the road inclination angle (positive for an
ascending slope).

3.2. Internal Combustion Engines

The powertrain model elaborated in this work used the quasi-static approach for the simulation
of the internal combustion engines. The engine characteristics were obtained experimentally in
steady operating regimes and then implemented in the form of lookup tables. During simulations,
the characteristics were interpolated using dynamic values of the engine rpm and the torque command
calculated using the model. The required characteristics of the engines were obtained via laboratory
dynamometer tests. In those tests, several parameters were measured and logged, namely the shaft
speed, shaft torque, and fuel consumption, which were then employed for modeling purposes.

Figure 3 shows the BSFC map of the diesel engine and its maximum torque curve denoted as
“Max. trq.” The main performance parameters of this engine confirmed using the tests were as follows:
rated power 331 kW (at 1900 rpm) and 1985 Nm maximum torque (at 1300 rpm).
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Figure 3. Brake-specific fuel consumption (BSFC) map of the diesel engine.

Similar maps were built from the dynamometer test data for the gas engines (Figure 4). The main
performance parameters of these engines were also confirmed: gas Otto’s cycle—rated power 326 kW
(1900 rpm), maximum torque 1900 Nm (1300 rpm); gas Miller’s cycle—rated power 384 kW (1900 rpm),
maximum torque 1950 Nm (1400 rpm).

Figure 4. Brake-specific fuel consumption maps of the developed gas engines: (a) Otto’s cycle and (b)
Miller’s cycle.

One can notice that the engine with the Otto’s cycle has a steeper gradient for the BSFC than that
of the Miller-cycle engine, especially at low loads. This suggests that a wider part of the engine map
should be excluded (if possible) from operating regimes through hybridization in the case of the Otto
engine. It can also be seen that the Miller-cycle engine has an apparent torque dip at low shaft angular
speeds, which should be compensated for using the additional torque of the electric machine (i.e.,
the “torque boost” feature).

3.3. Transmission

The transmission model was derived under the assumption that all its shafts were rigid (i.e., shaft
torsional stiffness was neglected). Both the conventional stepped transmission and the transmission
of the parallel hybrid topology have three operating regimes defined by the automated clutch state:
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whether it is disengaged, slipping, or engaged. In the first and the second states, the ICE shaft
has a separate degree of freedom, which, for the hybrid transmission, yields the following system
of equations: ⎧⎪⎪⎪⎪⎨⎪⎪⎪⎪⎩

Ie· .
ωe = Te − Tclutch·sgn(ωe −ωem),

Tw =
(
Tclutch·sgn(ωe −ωem) + Tem −Iem· .

ωem
)
·uGB·ηsgn(T)

GB ·u0·ηsgn(T)
0 ,

ωem·rw = v·uGB·u0,
(3)

where ωe and ωem are the shaft speeds of the ICE and electric machine, respectively; Te and Tem are
the shaft torques of the ICE and electric machine, respectively; Tclutch is the clutch torque; Ie and Iem

are the inertias of the ICE and electric machine, respectively; uGB and u0 are the ratios of the gearbox

and final drive, respectively; and ηsgn(T)
GB and ηsgn(T)

0 are the efficiencies of the gearbox and final drive,
respectively. The efficiencies are raised to the power of the torque sign function in order to take into
account both traction and braking torques entering the transmission.

The term sgn(ωe −ωem) introduces a relation between the direction of the clutch torque and the
speed differential of the input and output parts of the clutch. When the clutch becomes fully engaged,
the separate equation of the ICE shaft dynamics, as well as the torque Tclutch, can be excluded from the
transmission model, thus eliminating one degree of freedom.

To derive the model of the conventional transmission from the system (Equation (3)), one should
exclude the terms associated with the electric machine and replace the angular speed ωem with that of
the gearbox input shaft.

3.4. Electric Drive

The electric drive, just like the internal combustion engines, was modeled using experimental
static maps. Laboratory tests allowed for obtaining the torque and efficiency characteristics of the
traction electric drive (electric machine + inverter) for two voltage levels, namely 650 V and 450 V,
which covered the bulk of the prototype supercapacitor operating range. Between these voltages,
the characteristics were interpolated, and were extrapolated below 450 V. The main parameters of the
electric drive obtained from the experimental data are summarized in Table 1.

Table 1. The main performance parameters of the traction electric drive.

DC Voltage (V)
Motor Mode Generator Mode

Max. Power (kW) Max. Torque (Nm) Max. Power (kW) Max. Torque (Nm)

450 90 1100 100 1100

650 135 1100 165 1100

Figure 5 shows the efficiency map and the maximum torque characteristics of the electric drive in
motor mode.

Given the electric machine torque (commanded by the control system) and the shaft speed
(calculated by the transmission model), as well as the supercapacitor voltage uSC calculated via its
model, one can obtain the electric drive current iem,dc at the DC side:

iem,dc =
Tem·ωem

uSC·ηsgn(Tem)
em

, (4)

where ηsgn(Tem)
em is the electric drive efficiency, taking into account the torque direction (positive for the

motor mode). The current calculated with this formula is used by the SC model as the input signal.

234



Energies 2020, 13, 2072

Figure 5. Efficiency map and torque characteristics of the electric drive (motor mode).

3.5. Energy Storage System

The following considerations were taken into account when choosing the approach to mathematical
modeling of the supercapacitor. Chemical processes within the SC lie beyond the scope of the research.
At the current stage, temperature effects are also neglected under the assumption that the powertrain
operates within a moderate range of temperatures, which imposes no substantial effect upon the
supercapacitor characteristics. The operating parameters of the SC relevant for the powertrain modeling
in this study were the current, voltage, efficiency, and energy content. These considerations suggest
using equivalent circuit modeling, which is a widely employed approach for the analysis of ESS not
as electrochemical systems but rather electrical components of the powertrain. References [25,31,32]
describe an equivalent circuit for the supercapacitor in the form of a “ladder” with each “step”
consisting of a capacitor and a resistance. Depending on the required model fidelity, one can use
different numbers of “steps,” which in the simplest case, would be a single one. The comparison
performed in this work with the involvement of experimental data has shown that a reasonable
trade-off between model accuracy and complexity is provided by a circuit consisting of three “steps,”
as shown in Figure 6.

Figure 6. Equivalent circuit for a supercapacitor.

In this scheme, r1, r2, and r3 are the internal resistances; c1, c2, and c3 are the capacitances; and uSC
and iSC are the voltage and current at the supercapacitor electric terminals.

From the equivalent circuit, one can derive the following equation system using Kirchhoff’s
current and voltage laws: ⎧⎪⎪⎪⎪⎪⎨⎪⎪⎪⎪⎪⎩

uSC = u1 =

∫
iSCdt−c2u2−c3u3

c1
,

.
u2 =

u1−u2−(u2−u3)r2/r3
c2r2

,
.
u3 = u2−u3

c3r3
,

(5)

where u1, u2, and u3 are the voltages within the sub-circuits corresponding to each “step” of the “ladder.”
The initial conditions can be obtained for this model from the assumption of equality between

the voltages of all the capacitors, which takes place when no load is applied and transient processes
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have ended: u1 = u2 = u3 = uSC,init. Substituting this condition into the first equation of the system
(Equation (5)) yields the initial condition for the integral term:∫

iSCdt = uSC,init(c1 + c2 + c3). (6)

The term c1 + c2 + c3 is the total capacitance of the “ladder.” Identification of the model parameters
using experimental data showed that the best accuracy for voltage calculation was obtained when the
sum c1 + c2 + c3 was equal to the rated capacitance cSC of the modeled SC. Furthermore, this provided
a correct calculation of the supercapacitor energy content with no need for ad hoc corrections.

Figure 7 shows the results of modeling that simulated two experiments involving the supercapacitor
installed within the powertrain of the hybrid city bus mentioned in Section 2. The bus was driven in
the pure electric mode through velocity patterns consisting of accelerations and decelerations. The top
plots demonstrate the supercapacitor current logged during the experiments (positive for charging).
The current was used as the input signal for the equivalent circuit model, which responded with
the calculated voltage. The latter is shown in the bottom plots (denoted as “Model”) along with the
measured voltage (“Experiment”). The identification of the model parameters was performed using
the criterion of the minimum root mean square error (RMSE) of voltage calculation. The parameter
set satisfying this criterion is listed in Table 2. The RMSEs obtained with these parameters amounted
0.7–3% in about a dozen experiments.

Figure 7. Comparison of the supercapacitor simulation results with the experimental data.

Table 2. Supercapacitor equivalent circuit parameters.

r1 (Ω) r2 (Ω) r3 (Ω) c1 (F) c2 (F) c3 (F)

0.17 0.35 1.8 12 8 8

The equivalent circuit includes the internal resistances, which not only provide a voltage drop,
but also introduce the dissipation of energy, and therefore, allow for calculating the capacitor efficiency.
To do this, it is necessary to determine the power dissipated at the resistances.
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The current through the resistance r1 is equal to that at the SC terminals, i.e., i1 = iSC. While deriving
the system (Equation (5)), one can find that the current through the second resistance is equal to
.
u2c2 +

.
u3c3. The current in the third “step” is equal to

.
u3c3. Therefore, the total power loss is:

PSC,loss = r1i2SC + r2
( .
u2c2 +

.
u3c3

)2
+ r3

( .
u3c3

)2
. (7)

The supercapacitor net power PSC = iSC·uSC. The total power drawn from the SC or received by it
is a sum of the net power and the loss power, taking into account the signs thereof. These considerations
result in the following expression for the SC efficiency:

ηSC =

( |PSC|
|PSC| − sgn(PSC)·PSC,loss

)−sgn(PSC)

. (8)

Note that PSC is positive for charging.
Figure 8 demonstrates the simulation results for yet another one of the mentioned field tests,

in which the supercapacitor was discharged with the maximum continuous current and then charged
back to the initial voltage. Three upper plots show the voltage, current, and net power of the SC,
respectively. The fourth plot demonstrates the components of power dissipation associated with the
three internal resistances of the equivalent circuit. One can see the clear differences in the dynamics of
these components. The first term is the major contributor to the power dissipation. The dynamics
of this term is defined by the dynamics of supercapacitor loading (i.e., dynamics of the iSC current).
The second and third terms constitute processes with slower dynamics and lower amplitudes. The SC
efficiency (the bottom plot) diminished along with the voltage, while the loading current remained
constant, as well as the power dissipation at the resistance r1. However, the power losses at the
two other resistances grew due to dynamics of the currents at the capacitors c2 and c3. Analysis of
the obtained results suggests that when using the considered supercapacitor as the ESS in a hybrid
powertrain, one should avoid a deep discharge (i.e., below 450 V), either using the control strategy or
via supercapacitor sizing or, most likely, both.

Figure 8. Model analysis of the power losses and efficiency of the supercapacitor.
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It is worth noticing the interval of transition between discharging and charging (in the vicinity of
the 14th second), where the power dissipation at r1 drops down to zero while the powers at r2 and
r3 continue to attenuate at the rates defined by the parameters of the corresponding “steps” of the
equivalent circuit. After the load removal, the capacitors c1, c2, and c3 exchange energy between each
other until their voltages become equal. This process is accompanied by the dissipation of energy at
the resistances r2 and r3. If no external load is present during these periods of voltage stabilization,
the efficiency of the SC becomes negative. However, in the estimation of the SC mean efficiency, such
energy losses may be assigned to the preceding operating interval, which allows for avoiding an
unnecessary introduction of the negative efficiency.

An alternative way of determining the supercapacitor efficiency (the average for a certain operating
period) stems from the fact that the equivalent circuit model incorporates the power dissipation,
and the supercapacitor voltage calculated by it reflects the actual state of energy (at least under no-load
conditions). Therefore, one can integrate the net power PSC and multiply it by the average efficiency,
which is calculated to bring the integrated energy level to that of the equivalent circuit model by the
end of the operating cycle. This can be expressed as the following equation:

η̃
sgn(iSC)
SC

∫ t−end

0
PSCdt = 0.5cSC·u2

SC,t−end, (9)

where η̃SC is the average efficiency of the SC during the given period, t − end is the end time of the
period, and uSC,t−end is the SC voltage at the end of the period.

3.6. Onboard Power Consumers

The main onboard power consumers of an HD vehicle are the air brake compressor, power steering,
air conditioner compressor, engine oil and coolant pumps, engine fan, and electrical accessories. In a
conventional powertrain, most of these are powered mechanically by drives connected to the engine
shaft. Those of them not having disconnecting mechanisms, consume some power even in the idle
state. In the literature [13,33], one can find typical ranges of the consumed power for each of these
components as a function of the engine shaft speed as well as their operating cycles based on the
recommendations of the SAE J1343 standard [34]. An operating cycle is defined by two numbers,
namely Δt being the averaged period of the operating cycle and α being the fraction (i.e., percentage)
of the operating cycle when the component is engaged. Table 3, based on the information from
References [13,33], summarizes the power and duty cycle data for the auxiliaries included in the model
of the conventional powertrain. In this table, “A/C” stands for the air conditioning and “Electrical acc.”
denotes the low-voltage electrical accessories. The columns “Min. power” and “Max. power” contain
the ranges of power consumption corresponding to the engine rpm range, which was from 500 rpm
(the lower power value) to 2000 rpm (the higher power value).

Table 3. Power and duty cycle parameters of the auxiliary loads in a conventional HD powertrain.

Auxiliary Component
Min. Power

(kW)
Max. Power

(kW)
Δt (s)

α (%)
(Urban

Driving)

α (%)
(Highway
Driving)

Air brake compressor 0.35–1.2 1–3.5 100 30 5

Power steering 0.3–1.2 3–10.5 100 60 10

A/C compressor 0 1–5.3 150 50 50

Engine fan 0 16.7 200 10 5

Electrical acc. 0.6 0.6 - - -
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The power feeding the electrical accessories is drawn from the engine shaft through the
alternator, whose efficiency, obtained from the known literature [35,36], was taken into account
in the elaborated model.

The engine coolant and oil pumps are not listed in Table 3 since in this work, they were considered
as parts of the engine system. Their power demand is taken into account by the fuel consumption
characteristics of the engines since the latter underwent the bench tests with the said auxiliaries
installed. The coolant and oil pumps were also considered identical for both the conventional and the
hybrid powertrains.

In a hybrid powertrain, the electrified auxiliary components are regulated independently from
the engine operating regime, therefore consuming the exact amount of power required for their
operation [13]. Table 4, based on the information from [13], shows the average power and operating
cycle data for the auxiliaries assumed to be electrified in the hybrid powertrain. Besides the conventional
auxiliaries, the cooling system of the high voltage components was taken into account (denoted as
HV cooling).

Table 4. Power and duty cycle parameters of the auxiliary loads in the hybrid HD powertrain.

Auxiliary Component
Power (kW)

(Urban
Driving)

Power (kW)
(Highway
Driving)

Δt (s)
α (%)

(Urban
Driving)

α (%)
(Highway
Driving)

Air brake compressor 1.7 2.2 100 5 5

Power steering 5.5 3 100 60 10

A/C compressor 2.5 3.3 150 50 50

Engine fan 2.4 5.5 200 4 4

Electrical acc. 0.6 0.6 - - -

HV cooling 0.3 0.3 100 56 10

A DC–DC converter was considered as the interface between the low voltage auxiliary system
and the high voltage traction system.

4. Hybrid Powertrain’s Control Strategy

This section gives a brief overview of the control strategy developed for the hybrid powertrain
model, highlighting its essential structure and operating principles.

If the modeled HEV is equipped with the start–stop feature, the control algorithm of the latter is
quite simple: when the vehicle stops, the engine shuts down; the engine starts again when the vehicle
resumes moving (i.e., velocity crosses the minimum threshold). When the ICE is on, the powertrain
can operate in one of the two basic modes, namely the electric mode or the hybrid mode, which is
illustrated in Figure 9. The former implies for the ICE to be in the idling state having the corresponding
torque Te,idle, while the electric machine drives and decelerates the vehicle; the EM torque is a function
of the accelerator (acc.) and brake pedal signals. In the hybrid mode, both the ICE torque and the
electric machine torque are functions of the accelerator and brake signals, as well as the supercapacitor
current iSC and voltage uSC.

In Figure 9, several conditions (C1–C6) are assigned to the transition arrows, as well as the logical
relations between these conditions (i.e., “and” and “or” operators). The conditions are detailed in
Table 5.
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Figure 9. A simplified diagram of the hybrid powertrain operating modes.

Table 5. Basic conditions for the transitions between the hybrid powertrain modes.

Condition No. C1 C2 C3 C4 C5 C6

Expression v > vup acc. > acc.up no gear shift v < vlow acc. < acc.low gear shift

The parameters vup, vlow, acc.up, and acc.low specify the upper and lower thresholds for the vehicle
velocity and accelerator signals. The default values of vup and vlow are 25 km/h and 15 km/h, respectively.
The default values of acc.up and acc.low correspond to 50% and 10% of the maximum ICE torque.
These values are used when the ESS voltage stays near its maximum (650 V). When the voltage lowers,
the thresholds decrease to engage the ICE earlier and to reduce the electric machine traction torque,
preventing an excessive consumption of the supercapacitor energy.

Besides the electric mode, the engine becomes disconnected from the transmission upon gear
shifting. During a shift, the electric machine provides gear synchronization.

The hybrid mode implies the torques of the ICE and the electric machine should be combined.
When the SC voltage drops below the lower threshold (the default value is in the range of 500–550 V),
the ICE begins delivering an excessive power consumed by the electric machine whose torque becomes
a function of the SC voltage drop (the deeper the discharge, the higher the torque). When the driver’s
torque request exceeds the maximum ICE torque, the electric machine provides the “torque boost”
in accordance with the map shown in Figure 10 using the example of the diesel-based powertrain
(the resulting curve of the hybrid unit’s maximum torque is denoted “Hybrid max. trq”). Like the
thresholds of the velocity and accelerator signals, the boosting torque constitutes a function of the
ESS voltage.

Figure 10. Superimposed torque characteristics of the hybrid unit and its components.
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5. Driving Cycles

Several driving cycles intended for heavy-duty vehicles were employed in the simulations to
represent the variety of possible driving conditions. These included urban and suburban cycles, which
constitute the major interest of the study, as well as highway cycles.

The driving cycles employed in the simulations are shown in Figure 11. The GOST cycles are
road-performed (rather than using a chassis-dynamometer) schedules provided by a national standard
named the GOST. All the driving cycles, except for the WHVC, imply level roads.

Figure 11. Driving cycles employed in the simulations. (a,b) velocity and road slope of the World
Harmonized Vehicle Cycle (WHVC), (c) the West Virginia University city cycle (WVUCITY), (d) the
West Virginia University suburban cycle (WVUSUB), (e) the GOST city cycle (GOST city), (f) the GOST
highway cycle (GOST highway).

6. Validation of the Conventional Vehicle Model

In the R&D project mentioned in the introduction, several road tests were conducted in the GOST
driving cycles involving vehicles equipped with the developed diesel and gas engines. Furthermore,
by way of comparison, a vehicle equipped with a production gas-fueled engine was tested in the same
driving conditions. The logged parameters were the vehicle velocity, engine rpm, and fuel consumption.
The logs allowed for simulating the tests and validating the model of the conventional vehicle.

The baseline vehicle was an articulated road train (tractor-trailer) intended for long haulage.
It was equipped with a manual 16-speed mechanical gearbox with two ranges, the high and low, with
eight gears each. In normal driving conditions, the former is usually preferred over the latter. The test
mass of the vehicle was 44,000 kg (equals to the tractor-trailer gross mass).

Prior to the driving cycle tests, coast-down experiments were performed to estimate the rolling
and air resistance forces. Analysis of the coast-down results and the vehicle’s technical specification
available from the manufacturer allowed for identifying the parameters of the model of vehicle
dynamics (Equation (1)), which are specified in Table 6.
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Table 6. Parameters of the model of vehicle dynamics.

mv (kg) rw (m) Iw (kg·m2) Cx A (m2) f0 kf

44,000 0.492 20 0.58 7.9 0.0045 (1.5–2) × 10−6

Table 7 shows the fuel economy data obtained using the field experiments and simulations, as well
as the simulation errors, for the vehicles equipped with the three mentioned engines.

Table 7. Comparison between the experimental and calculated fuel economy for the vehicles equipped
with the conventional powertrains.

Driving
Cycle

(GOST)

Fuel Economy, Diesel
(L/100 km)

Fuel Economy, Gas-Otto
(m3/100 km)

Fuel Economy, Gas, Prod.
Engine (m3/100 km)

Exp. Model Error (%) Exp. Model Error (%) Exp. Model Error (%)

City 58.3 58.5 0.34 74.38 72.4 2.66 61.6 67.38 9.38

Highway 35.8 37.5 4.75 46.98 46.09 1.89 43.3 42.96 0.79

The higher error for the production gas engine in the city cycle resulted from the unknown
experimental velocity data, which compelled to use the velocity log from another vehicle’s test. Despite
the same driving schedule, the velocity profiles most likely had certain differences since the accuracy of
road-performed cycles strongly depends on the driver’s behavior, which obviously cannot be repeated
precisely from test to test.

In general, the model was considered to have sufficient accuracy for performing further simulations
with the hybrid vehicles.

7. Model Analysis of the Powertrain Hybridization

Considering the main objective of the study and having analyzed the specifics of the devised
hybrid powertrain design, the simulation program was formulated as the following sequence of tasks:

1. Estimate two approaches to match the electric drive voltage to that of the supercapacitor, namely
by employing a DC–DC converter and directly interfacing the two devices.

2. Estimate the powertrain characteristics with different ESS energy contents.
3. Having selected the “optimal” solution regarding the ESS energy and the electrical interface, use

this solution in comparative simulations estimating the fuel consumption of the conventional and
hybrid powertrains. Calculate the fuel economy of the HEVs relative to the conventional vehicles.

4. Estimate the influence of the vehicle mass on the relative fuel economy.

The simulations were conducted in identical driving conditions for all the studied powertrains.
The compared variants of HEVs shared the same adjustments of the control system with slight
variations due to differences in the characteristics of the engines. The gearbox shift map, which was
common for both the conventional and the hybrid powertrains, was defined in a way similar to that
employed within the Vecto software tool [36].

Figure 12 shows an example of simulation results obtained in the urban part of the WHVC driving
cycle for the HEV equipped with the Otto-type gas engine that had the start–stop feature. (“EM”
denotes the variables related to the electric machine).
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Figure 12. Hybrid powertrain operating variables calculated in the World Harmonized Vehicle Cycle
(WHVC) (fragment).

Since the considered hybrid powertrain had no external ESS charge feature, the condition of the
energy balance should be pursued in the simulated driving cycles. This means that the ESS energy
level at the end of the cycle has to be equal to that observed at the beginning of the cycle. This ensures
that no ESS energy is spent without replenishing it and no fuel is consumed to excessively charge the
ESS. Originally, since the HEV’s control system was not intended to achieve the precise energy balance
within a specified time interval, an ad hoc adjustment was introduced, which gradually “pulled” the
ESS state of energy toward the initial value when approaching the end of the driving cycle. With the
energy balance condition achieved, the fuel economy of the HEV relative to the conventional vehicle
was calculated as follows:

FE =
FCconv. − FChyb.

FCconv.
× 100%, (10)

where FCconv. and FChybr. are the fuel consumptions (L/100 km or m3/100 km) of the conventional and
hybrid vehicles, respectively.

The average auxiliary power consumption was calculated from the simulations of all the employed
driving cycles. For the conventional vehicle, it amounted 6–7 kW for the urban and suburban
conditions and 2–4 kW for the highway schedules. For the hybrid vehicle, it was lower (due to the
engine-independent control), with 3.5–4 kW and 1–2 kW, respectively.

Tasks 1 and 2 formulated at the beginning of the section were solved simultaneously. To do this,
two sets of simulations were conducted, one of which implemented the direct connection between
the ESS and the electric drive, while the other involved a DC–DC converter as the interface. Each set
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included simulations with different numbers of supercapacitors, ranging from one (1.6 kWh) to four
(6.4 kWh). When employing more than one SC unit, the electrical connection between the units was
assumed to be parallel. When modeling the variant with a DC–DC converter, the latter maintained the
electric drive input voltage at a constant 640 V. The efficiency of the converter was assumed to be 95%
(the actual value would most likely be lower).

Figure 13 demonstrates the ESS voltage time histories calculated for the urban/suburban part of
the WHVC driving cycle. From the plots, it is clear that using a larger ESS allows for decreasing both
the depth of the discharge and the voltage amplitude. Note that this effect is the most pronounced
when adding the second SC unit.

Figure 13. Supercapacitor voltage dynamics depending on the ESS energy content.

Table 8 summarizes the results of the simulations for the HEV equipped with the Otto-type gas
engine and having the start–stop feature. The data were obtained in the WHVC urban/suburban cycle.
Other powertrain variants were also estimated and showed similar results.

Table 8. Influence of the ESS energy content and the DC interface on the HEV fuel economy.

ESS–Traction
Drive

Interface

Powertrain Type

Conv.
Hybrid,

ESS 1.6 kWh
Hybrid,

ESS 3.2 kWh
Hybrid,

ESS 4.8 kWh
Hybrid,

ESS 6.4 kWh

FC FC FE FC FE FC FE FC FE

Direct link
82.6

65.98 20.12% 62.9 23.8% 61.82 25.16% 61.54 25.50%

DC–DC 70.2 15% 66.95 18.9% 65.7 20.46% 64.98 21.33%

FC in m3/100 km.

The results show an evident drawback of employing the DC–DC converter, which is a decrease
of the fuel economy effect by 4–5%. The lowest fuel savings were obtained when using one SC unit.
Although the DC–DC converter prevents the electric drive power from diminishing, therefore keeping
the potential of regenerative braking at the maximum level, the SC is discharged below the threshold
of the favorable efficiency. Additional losses are introduced by the DC–DC converter itself. As a result,
the positive effect of the maximum electric drive power available throughout the driving cycle is not
able to outweigh the adverse effect of the lowered system efficiency. However, the simulations with the
higher ESS energy contents show that keeping the SC efficiency at a good level does not eliminate the
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effect of the diminished fuel economy. Moreover, despite the increased ESS efficiency, the fuel economy
difference between the two interface options changes negligibly. This suggests that the critical factor is
the power loss within the DC–DC converter rather than in the supercapacitor.

Figure 14 shows the average supercapacitor efficiency and the relative fuel economy of the HEV as
a function of the ESS energy content, where the plots have resulted from the driving cycle simulations.
The efficiency plot denoted “Equiv. circ.” was derived using Equation (8), while the second plot, “Const.
eff.,” was calculated using Equation (9). The difference between the plots stems from the extra-low
load regimes where the efficiency of the SC may become negative (see Section 3.5). If those regimes are
lumped into the bulk of the power losses, the line “Equiv. circ.” lifts toward the second line, eventually
coinciding with it. The effect of adding the third and fourth SC units is not so appreciable, while the
cost of an ESS having that size may be rather high, outweighing the fuel savings.

Figure 14. Influence of the ESS energy content on the supercapacitor efficiency and relative fuel economy.

Solving tasks 1 and 2 allowed us to formulate the “optimal” solution regarding the ESS design:
it should consist of two SC units having a total energy content of 3.2 kWh and interfacing with the
traction electric drive via a direct DC link. This solution was used in the simulations relating to
task 3. The results thereof are presented in Figure 15 in the form of histograms showing the relative
fuel economy provided by the hybrid powertrains based on all the mentioned ICEs in different
driving cycles.

Figure 15. Calculated fuel economy of the HEV relative to the conventional vehicle: (a) city and
suburban cycles, the start–stop was disabled; (b) city and suburban cycles, the start–stop was enabled;
and (c) highway cycles.
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In general, the hybridization provided a similar fuel economy effect for both the diesel-based and
gas-based powertrains. The average differences of the relative fuel economy between the gas-based
HEVs and the diesel-based HEV are listed in Table 9.

Table 9. Average hybridization effect of the gas-based powertrains relative to the diesel-based powertrain.

Driving Schedule Start–Stop
Feature Status

Gas Engine

Otto’s Cycle Miller’s Cycle Production Engine

City/suburban Disabled + 0.7% −0.6% −0.7%

City/suburban Enabled + 3% + 1.2% + 0.7%

Highway n/a + 0.5% 0 −0.5%

The most pronounced effect of the hybridization is observed with the Otto gas engine. In the
conventional powertrain, the Otto-cycle engine is up to 5% less effective than the two other gas
engines, while the hybrid powertrain allows this engine to reach the absolute fuel economy values of
its counterparts.

The fuel economy effect provided by the hybridization mainly depends on two factors: driving
schedule and employing the start–stop feature. The former relates to the characteristic called the
kinetic factor [10]. It expresses the share of “acceleration–deceleration” driving that directly determines
the intensity of using regenerative braking, which in turn, is the major factor of a heavy-duty HEV’s
fuel economy. From the simulation results without the start–stop feature (i.e., when regenerative
braking is the decisive factor of the fuel economy), one can conclude that among the used driving
cycles, the city/suburban part of the WHVC has the highest kinetic factor.

The effect of introducing the start–stop feature is particularly pronounced for the gas-based HEVs,
especially in the driving cycle containing the highest share of stops, namely the WVUCITY cycle.
This is due to the ratio of the idle fuel consumption rate to the maximum fuel rate of the gas engines
being approximately two-fold that of the diesel. In other words, the gas engines have a larger share of
the idle consumption, which makes its elimination an effective measure to increase the fuel economy.
In the absence of the start–stop feature, the same WVUCITY cycle had a 6.2–9.5% lower fuel economy
effect, which emphasized the “start–stop” nature of this particular driving schedule.

In the highway cycles, the hybridization provided lower fuel savings, as expected, especially in
pure highway regimes represented by the GOST cycle. The highway part of the WHVC cycle is less
homogeneous regarding velocity variations, which provide more possibilities to retrieve and reuse the
vehicle kinetic energy, resulting in higher fuel savings. It is also worth noting that the work in [14]
shows the positive effect of regularly undulated roads with respect to the highway fuel economy due
to the larger amount of regenerated energy.

The final task of the study was to estimate the influence of the vehicle’s mass on the fuel economy.
To do this, the vehicle mass was lowered to 35 tons (with a proportional decrease of the auxiliary power
consumption). The resulting variations of the fuel economy relative to that of the initial (44 tons) vehicle
are shown in Table 10. In general, the relative fuel economy changes negligibly. An unambiguous effect
only shows in the case of the Otto gas-based powertrain, which, again, benefited from the hybridization
more than its counterparts did.

Table 10. Variations of the average fuel-saving effect due to the decreased vehicle mass.

Driving
Schedule

Start–Stop
Feature Status

Engine

Diesel Gas, Otto Cycle Gas, Miller Cycle Gas, Prod. Engine

City/suburban Disabled −0.1% + 0.7% + 0.4% + 1.2%

City/suburban Enabled + 1% + 1.3% −0.3% + 0.2%

Highway n/a −0.2% + 0.1% −0.9% 0
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8. Conclusions and Future Work

The conducted study allowed for drawing the following conclusions:

• The hybridization of gas-engine-based powertrains provided a fuel economy similar to that of
diesel-based powertrains. A pronounced effect of hybridization was obtained in city and suburban
driving conditions, as expected, due to a large share of acceleration–deceleration sequences,
allowing for the regeneration of a considerable amount of the vehicle’s kinetic energy. The relative
economy amounted 18–28% using the start–stop feature and 15–20% without it (depending on the
driving cycle’s kinetic factor and the vehicle’s mass). Highway driving does not offer significant
opportunities for decreasing the fuel consumption through hybridization. However, an economy
of 8–10% can be achieved in the conditions with a sufficiently variable velocity, such as in the
highway part of the WHVC.

• The highest potential regarding the hybridization was shown by the gas engine based on Otto’s
thermodynamic cycle. Eliminating the low load regimes using the hybrid functions allows for
this engine to achieve the same level of absolute fuel consumption as its gas-fueled counterparts
do have, while in the conventional powertrain, this engine shows the lowest fuel economy of all
the considered gas-fueled variants.

• The sufficient ESS energy content for the vehicles having a gross mass of 35–44 tons is 3–3.5 kWh.
This allows for operating within the supercapacitor voltage range that ensures high values of the
average efficiency, i.e., 95% and above (provided that the HEV control system can keep the voltage
within that range).

• If the above conditions concerning the ESS energy content and the control system functionality
are satisfied and the traction electric drive performance remains sufficient during ESS voltage
transients, one can avoid using a DC–DC converter to interface the ESS and the traction drive. This,
in turn, will prevent a significant deterioration of the powertrain efficiency caused by the converter.

• The results of the study have also provided a framework for future research, which includes solving
of the following tasks: estimation of the hybridization effect with respect to exhaust emissions;
further elaboration of the powertrain design and controls; estimation of the HEV’s properties in
wider driving conditions, including actual trips logged by GPS-based measurement systems.
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BSFC Brake-specific fuel consumption
DC Direct current
EM Electric machine
ESS Energy storage system
FC Fuel consumption
FE Fuel economy
HD Heavy-duty
HEV Hybrid electric vehicle
ICE Internal combustion engine
OOL Optimal operating line
SC Supercapacitor
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Abstract: This study investigates the potential of improving the energy efficiency and reducing the
lifecycle costs of electric city buses with multispeed gearboxes. A two-speed dual clutch gearbox
and a continuously variable transmission were studied and compared to a reference fixed gear
ratio powertrain. A novel two-level optimization model was introduced. The top level involves an
exhaustive search algorithm and quasi-static vehicle dynamic model for optimizing the two-speed
gearbox gear ratios, utilizing efficiency maps for the electric motor and the inverter. The second level
is an integer programming model, which finds an optimal gear shifting policy subject to constraints on
hysteresis and gear shifting induced losses. The model was applied with a standard driving cycle and
additionally with three measured cycles acquired from a prototype battery electric city bus operating
on a daily schedule on a suburban route in Espoo, Finland. The results showed that a two-speed
gearbox reduced energy consumption by 2–3.2%, depending on the driving cycle characteristics.
On the other hand, the continuously variable transmission was found to increase consumption by
1.9–4.0% due to large losses of the belt mechanism. It was concluded that the two-speed gearbox is
a cost-effective investment for electric city buses characterized by operation profiles with frequent
acceleration and braking events.

Keywords: electric vehicle; city bus; gearbox; transmission; optimization; energy efficiency

1. Introduction

In recent years, electric city buses (ECB) have experienced exponentially growing production rates
and deployment to the public transportation systems of many cities around the world, as the lifecycle
cost has decreased below traditional diesel bus levels in many routes and operating conditions [1].
In 2018, the global ECB fleet grew by 32% and reached 425,000 units worldwide [2]. The major
advantage of ECBs is the higher energy conversion efficiency of the powertrain compared to diesel
buses. ECBs are also locally emission-free, whereas diesel buses emit harmful particles that stay
trapped between buildings, causing significant damage to human health in urban environments [3].

Although battery and charging technologies have developed at a fast pace in recent years, limited
range is still a challenge with electric vehicles in general, because energy density of batteries is 25–100
times less than in liquid hydrocarbon fuels [4]. Increasing the battery capacity extends the range,
but the size, weight, and cost set upper bound on the battery capacity. This limitation puts an emphasis
on efficiency and optimal component selection in ECBs. Improved efficiency translates to an increasing
rate at which ECBs displace diesel buses in cities’ transportation systems, leading to reduced emissions
and cleaner air.

The traction motor is the key component of an electric powertrain, and enabling the motor to
operate at its highest efficiency region improves energy efficiency. Traction motors used in ECBs need
to provide sufficient torque for acceleration and climbing inclined roads, while the maximum power
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output needs to be sufficient for high speed cruising. A motor with a wide speed range fulfills these
requirements, and there is no absolute need for a multispeed gearbox as in ICE-powered vehicles [5].
However, in a traction application, a motor uses a wide speed range and thus is not operating at
optimal efficiency [6]. ECB provides a promising application for a multispeed gearbox, because the
vehicle operation consists of frequent braking and acceleration events that use a wide torque and
speed range of the motor, which has been shown to result in reduced efficiency with a single gear
drivetrain [7]. By contrast, electric vehicles that operate mostly at constant speed, such as long distance
buses and trucks, can be equipped with a single speed reduction gear. The gear ratio is selected to
operate the motor at the high-efficiency design point at nominal vehicle speed.

1.1. Previous Work

The literature on the advantages of a multispeed gearbox in electric vehicles is extensive, although
it is primarily focused on light-duty vehicles. To the knowledge of the authors, there are no studies
that investigate multispeed gearbox options for electric city buses.

Wu et al. [8] developed a simulation model in Autonomie to study the impact of a two-speed
gearbox (AMT) on the fuel economy of an electric car. Dynamic programming was applied to the
optimization problem—A 4.2% reduction in energy consumption in city driving was observed.

Ren et al. [9] reported a simulation study using a backward modeling approach (wheels to motor)
and a comparison of different gearbox options in terms of the energy consumption of EVs. The reference
was the original single-speed transmission, which was compared to continuous variable transmission
(CVT) and multispeed gearbox with two, three, and four speeds. The authors observed that the losses
of the multispeed gearbox cancel the improvement in energy efficiency for the NEDC cycle. For the
other five cycles studied, the improvement in efficiency varied from 5.3% to 12.4%. The authors also
point out that in addition to a possible improvement in energy efficiency, the acceleration performance
of the vehicle improves. Specifically, the acceleration time from zero to 100 km/h was reduced from
18.6 s to 12.4 s with a two-speed gearbox.

A similar study of powertrain efficiency comparison was completed by Bottiglione et al. [10].
The gearbox efficiency and increase in vehicle mass were taken into account. The compared gearbox
options were infinitely variable transmission (IVT) and CVT with toroidal technology. Single and
two-speed transmission were also considered. Both IVT and CVT had two different configurations.
The planetary gear in the IVT was assumed to work with 100% efficiency. The simulations were run for
the Urban driving cycle (UDC) and the Japanese 10–15 cycle (J10-15). For both cycles, the IVT and CVT
were found superior to the two-speed gearbox, with the largest consumption improvement reaching
16.7%. The authors concluded that the energy efficiency of EVs could be significantly improved by
optimizing the torque dependent efficiency of CVT and IVT.

Gao et al. [11] focused on the potential of a two-speed gearbox for EVs. The study included
simulation and optimization of gear ratios and shift control. The gearbox efficiency was considered
equal to the single-gear alternative, and the overall efficiency of the powertrain was assumed to be 96%.
The reported results were in agreement with those discussed previously. One notable difference was
that the largest energy savings were achieved in the NEDC cycle, which in [9] was found to produce
the least savings potential. The authors also mentioned the improved performance of the EV with a
two-speed gearbox, i.e., better acceleration and top speed. Their modeling efforts highlight the friction
losses due to the clutch in the gear change and the effect of a gear change smoothness to the friction
losses. Calm gear shift which is comfortable for the passengers with no torque interrupt generates
substantial losses in comparison to more rough and rapid change.

In addition to simulation studies, Spanoudakis et al. [12] discussed a prototype for an experimental
test of the potential of a two-speed gearbox for improving the efficiency of an ultralight vehicle for
urban environment transportation. The power source in the test vehicle was a hydrogen fuel cell.
The gear selection was manual, and the test drive was conducted on a simple oval test track. The results
showed that energy savings of 3.4% were reached in comparison to the single-speed gearbox and most
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of the energy savings were achieved during the acceleration phases of the test run. The energy savings
potential is higher in city driving conditions with frequent accelerations and decelerations compared
to highway driving.

In the realm of heavy-duty vehicles, Tan et al. [13] reported a study on an iron mine electric dump
truck gear ratio optimization using particle swarm optimization algorithm. For a typical working cycle
in a mine, energy consumption was found to be reduced by 6.1% with the gearbox and optimized
ratios compared to the reference powertrain, which had only a single-speed reduction gear. The study
is limited with respect to the conclusions that can be established for ECBs because the operation cycle
of the electric dumb truck has significantly less variation than that of a city bus.

1.2. Goals and Scope

Even though the feasibility of multispeed gearboxes has been previously studied for EVs and
fuel cell vehicles, the feasibility of this concept for ECBs has not been investigated before. A separate
feasibility study is required, since the driving cycles, vehicle structure and powertrain design of an
ECB are different by definition from that of an EV. This study seeks to contribute to the literature by
providing answers to the following research questions:

• How does the driving cycle impact the benefit of a multispeed gearbox?
• What is the optimal gear shifting policy of a two-speed dual clutch gearbox?
• Does an energy consumption advantage achieved with a multispeed gearbox translate to a lifecycle

cost advantage as well?

A simulation model is constructed to study these three aspects of feasibility. The simulation
model considers longitudinal dynamics and hence speed, voltage and current signals from real-world
operation were measured from a prototype ECB operating in the city of Espoo, Finland. The signals were
collected with 1 Hz sampling rate on all driving cycles. The collected dataset presents an opportunity
to evaluate the feasibility of a multispeed gearboxes in real-world conditions. The availability of
representative driving cycles is considered a valuable contribution in this work, since in previous
research standard driving cycles have been used extensively, as described in the previous section.
The standard driving cycles are appropriate estimates of driving behavior but cannot capture the
complexities and variation of real-world driving. A detailed explanation of the data is provided in
Sections 2.4 and 2.5.

Considering new vehicle design, it would be worthwhile to take into account the interaction
between the installed two-speed gearbox and the electric motor configuration. The simulation and
optimization models developed in this work are in a general form, supporting motors of different sizes,
so they can be applied to the motor sizing problem as well although this is not directly addressed in
this work.

2. Vehicle Powertrain Model

2.1. Multispeed Gearbox Options for Heavy Duty Vehicles

Multispeed gearbox configurations for EVs constitute automatically shifted multispeed gearboxes,
including two-speed gearboxes, and continuously variable transmissions [14]. Hydraulic automatic
transmission is considered infeasible for the ECB application due to very low efficiency [15].
Additionally, gearbox designs that are still in the development stage, such as a planetary gear
two-speed gearbox presented in [16], are considered out of scope.

CVT permits the electric motor to operate at the ideal point continuously. Power is transmitted by
friction via a chain that runs between two axially adjustable taper discs. The diameter of the discs can
be varied. Another CVT configuration is a toroidal variator. In this design the variable gear ratio is
achieved by swiveling the friction gears.
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The major drawback of CVT is the poor efficiency, compared to gear transmission. The traditional
CVT that is used with internal combustion engine vehicles has efficiency of less than 85% but with
EVs a simpler construction without a torque converter is feasible. Thus, efficiency of over 93% can be
achieved [17].

Superior efficiency is achievable with gearboxes that have a discrete number of gear ratios.
A greater than 95% efficiency and less than 150 millisecond gearshifts are reported for a two-speed
dual clutch gearbox in [18] with 450 Nm maximum input torque and 13,000 rpm maximum speed.
A single speed gearbox with the same performance specifications is reported to have two percentage
points higher efficiency.

An automatic multispeed gearbox requires actuation for gear shifts. This is commonly implemented
with an electrohydraulic actuator. A gear shift loss model for automatic manual transmission is
presented in [19]. In this single clutch model, the losses consist of partially lost traction during clutch
disengagement and engagement due to slipping, and the total loss of traction during the shifting phase.
The clutch slipping is unavoidable, because engagement and disengagement must occur smoothly.

The primary power loss sources are clutch drag, gear churning, gear meshing and bearing
seals [14]. Additional losses incur from energy consumption of a pumping cooling and lubricating
fluid to the gearbox housing in the case of a wet clutch design. A dry clutch does not have a need for
oil pumping, but can sustain lower torques.

The traction loss that occurs in shifting results in the vehicle velocity tracking loss compared to a
vehicle equipped with a single speed reduction gear [19]. This loss needs to be compensated by an
increased power output after the shifting event.

Based on a preliminary analysis, this work focuses on two gearbox alternatives that are estimated
to have the most potential in an electric city bus. The first is a two-speed dual clutch gearbox (Figure 1)
and the second is a traditional belt CVT without a torque converter. The model for the two-speed
alternative includes both design (gear ratios) and operation (shifting policy) optimization levels.
By contrast the CVT model simply selects, at each time step, the gear ratio that represents the highest
efficiency operating point of the motor and the inverter.

Figure 1. Two-speed dual clutch gearbox layout.

2.2. Quasi-Static Modeling of Vehicle Dynamics

EV and ECB powertrain models have been presented in detail in previous work [20–22].
A comprehensive physics-based dynamic ECB model is presented and validated with measurement
data in [22]. The model was found accurate but computationally intensive, which limited the usefulness
of the model for powertrain design.
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Quasi-static, or backward progressing, modeling provides a computationally light alternative
to dynamic models that make use of differential equations to describe the system. A quasi-static
approach is feasible in research and design applications where fast transients are not the central focus.
The backward modeling approach means that the input to the model is a specific driving cycle, which
is a presentation of the vehicle speed as a function of time. The powertrain load computation flows
from the wheels towards the power source, such as a traction motor.

Discrete time is used instead of continuous time for the numerical computation. In each step,
the system is interpreted as a static system. This approach is suitable for slow phenomena, such as
energy consumption on a driving cycle. Because this approach is computationally light, a large number
of topology and component size options can be explored in a short time. This is fitting to the multispeed
gearbox selection problem, which requires a search for optimal gear ratios.

The following assumptions are included in the modeling:

• Energy consumption is computed from the inverter input terminals
• Constant efficiency is applied for the powertrain components other than the motor and the inverter
• The motor is used for regenerative braking within its torque limits while the rest of the braking

demand is provided with the mechanical disc brakes if needed
• Regenerative braking is never limited by a fully charged battery
• The motor control electronics provide sufficient response to gear change induced step changes in

motor reference speed
• The road profile has zero altitude variation
• Only forward motion and longitudinal forces influence the energy consumption
• Auxiliary power for heat and air conditioning is discarded

The modeled ECB dynamics, gear changing policy, and gear ratio optimization models are
introduced in Sections 2.2–2.4. A specific configuration of the model, in which parameter values from
the case study are applied, is discussed in Section 3.

2.3. Vehicle Dynamics

The computation starts from the driving cycle vdc(k), which gives the target speed for each time
step k. The computation flows from the driving cycle to the inverter (Figure 2).

Figure 2. Signal flow in the vehicle model.

Vehicle speed and acceleration are computed by

vvh(k) =

⎧⎪⎪⎨⎪⎪⎩ vdc(k)
2 , k = 1

vdc(k)+vdc(k−1)
2 , k > 1

(1)

avh(k) =

⎧⎪⎪⎨⎪⎪⎩ vdc(k)
h , k = 1

vdc(k)−vdc(k−1)
h , k > 1

(2)
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where vvh(k) is the vehicle speed, avh(k) is acceleration, and h is the time step duration, which is
constant for the cycle. Wheel axle angular speed and acceleration at the wheel are given by dividing
corresponding vehicle speed and acceleration with the tire radius according to

ωwh(k) =
vvh(k)

rwh
(3)

αwh(k) =
avh(k)

rwh
(4)

where ωvh(k) is axle angular speed, αvh(k) is the axle angular acceleration, and rwh is the tire radius.
The torque on the axle τwh(k), required for thrusting the vehicle forward at a given speed and
acceleration, is determined by the tractive force Fx(k), which is the sum of the forces acting on the
vehicle body.

Rolling resistance, aerodynamic drag and inertia forces as well as the resulting axle torque are
given by

Fx(k) = Mgcr +
cwρAvvh(k)

2

2
+ Mavh(k) (5)

τwh(k) = Fx(k)rwh (6)

where M is the vehicle mass, g is gravitational acceleration, cr is the rolling resistance coefficient, cw is
the aerodynamic drag coefficient, ρ is air density, and A is the frontal area of the vehicle. In the next step
of the calculation flow, the torque and speed of the rear wheels are conveyed to the motor. The gearbox
gear ratio determines the conversion, and in the case of the motor torque, the rotational inertia must
also be taken into account. The motor speed ωm(k) and the torque τm(k) are given by

ωm(k) = ωwh(k)i (7)

τm(k) =
τwh(k)
iηtrηgb

+ αwh(k)iIm (8)

where i is the total gear ratio, ηtr is the transmission efficiency, ηgb is the gearbox efficiency and Im is
the motor moment of inertia. Finally, the motor input power requirement Pm,in is computed by

Pm,in(k) =
ωm(k)τm(k)

ηm(ωm(k), τm(k))ηinv(ωm(k), τm(k))
(9)

where ηm(ωm(k), τm(k)) is the motor efficiency function, and where the arguments are the motor speed
and torque. Likewise, ηinv(ωm(k), τm(k)) is the inverter efficiency function. In the case of regenerative
braking, the efficiencies in Equations (8) and (9) become multipliers instead of dividers.

2.4. Optimal Shifting Policy

The shifting policy for the two-speed gearbox is optimized with an integer programming model.
The objective is to minimize energy consumption for the driving cycle by assigning the gear that
translates to the most efficient motor operating point, taking into account the efficiency loss of shifting
events and hysteresis. The optimization model is formulated as

minimize
yt,y′t

T∑
t=1

(
Ct −Ctyt + C′tyt + Sy′t

)
(10)

yt − yt+1 − y′t ≤ 0, ∀t ∈ {1, . . . , T − 1} (11)

− yt + yt+1 − y′t ≤ 0, ∀t ∈ {1, . . . , T − 1} (12)
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M∑
m=0

y′t+m − 1 ≤ 0,∀t ∈ {1, . . . , T −M} (13)

yt, y′t ∈ {0, 1}. (14)

The objective function in Equation (10) to be minimized is the vehicle energy consumption for the
cycle, composed of the sum of the consumptions of each time step t in the set {1,..,T}. The consumption
for each step has three components: the vehicle propulsion, the actuator energy for the shifting
procedure, and the friction loss. The first component, motor propulsion energy demand, is represented
by the parameters Ct (C’t), for the low (high) gear. The gearbox has in this case only two gear ratio
options to select from, and either one is active at each step, which allows for modeling the gear selection
with a single binary variable yt. The formulation in Equation (10) includes this binary variable to
switch on and off the consumption parameter that corresponds to the active gear selection at each step.
Both the actuator energy and the friction loss are included in the parameter St, which contributes to
the objective function at step t. The shifting event at that step is indicated by the binary variable y’t
receiving a value of one.

Equations (11)–(13) define the downshift, upshift, and hysteresis constraints, respectively.
The downshift constraint in Equation (11) forces the binary variable y’t, which indicates a shifting event,
to equal one when the gear indicator binary variable yt changes from one to zero in consecutive time
steps. The logic in the constraint Equation (12) is the same as in Equation (11), but the functionality
applies to upshifting instead of downshifting.

The hysteresis constraint Equation (13) sets a limit to the shifting frequency. A gear shift is allowed
after M time steps have passed since the previous shifting event. The constraint formulation utilizes
the binary variable y’t, which receives a value of one when an upshift or downshift occurs in step t and
zero otherwise.

The resulting objective function value is returned to the gear ratio optimizer function,
which compares the consumption to the previous lowest value and replaces it in the case that
the current run returns the lowest value.

2.5. Gear Ratio Optimization

The two-speed gearbox gear ratios function as an input to the vehicle dynamic model and the
shifting policy optimization model. The gear ratios are iterated through such that each combination is
covered from a range for both gears. Before the gear ratio optimization is initiated, the search scope is
determined by setting the starting and ending gear ratios and the increment. For example, a search
between ratios 3.0 and 8.0 with a 0.1 increment is represented by the set {3.0, 3.1, . . . , 7.9, 8.0}. In the
following representation, the gear ratio choice set, which contains a sequence of gear ratios, is denoted
with list 1 for the first gear and list 2 for the second gear.

Figure 3 shows the exhaustive search process for the gear ratios that produce the lowest
consumption for a specific driving cycle. The process consists of an inner loop for the low gear
ratio range and an outer loop for the high gear ratio range of the two-speed gearbox. The cycle energy
consumption block in the chart constitutes the vehicle dynamics model, described by Equations (1)–(9)
and the gear shifting optimization model in Equations (10)–(13). The energy consumption is therefore
computed for each combination of gear ratios from the ranges that are selected at the beginning of the
process. Finally, the lowest consumption, represented by the stored value, and the corresponding gear
ratios are returned.
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Figure 3. Flow chart of the gear ratio optimization process.

3. Numerical Case Study

The case vehicle examined in this work is a fully electric city bus operating on a predetermined
suburban route with a fast-charging station at one end of the route. The vehicle was first deployed
for continuous operation at the beginning of 2016. The electric motor is a 180 kW permanent magnet
synchronous machine (PMSM) and the energy storage system consists of a lithium-titanate (LTO)
battery with 690 V nominal voltage and 55 kWh capacity. The bevel type differential has a ratio of
7.0. The curb weight is 10,500 kg and the maximum allowed payload is 5500 kg, which limits the
passenger capacity to 78, assuming that the mean passenger mass is 70 kg. A constant 1500 kg load
from 18 passengers and the driver was assumed in the case study. Increased mass from the multispeed
gearbox options was considered negligible.

3.1. Parameter Values

The parameter values for the case study are presented in Table 1. All the values for the reference
single speed transmission are from the work of Vepsäläinen et al. [23], who developed a dynamic
simulation model for the case study vehicle. The model has been validated previously based on
measurements from multiple electric city buses operating in Finland. In the present work auxiliary
power was discarded since it would make no difference for powertrain comparisons.

The motor efficiency map model was based on the work of Mahmoudi et al. [24] for PMSM motors.
The map that was modeled based on their work was modified by changing the loss coefficients to match
the specifications of the case vehicle, which has 180 kW maximum rating motor with 2000 Nm and
314 rad/s limits for torque and speed. Figure 4a shows the motor efficiency map and Figure 4b shows
the inverter map. Appendix A presents the equations and parameters values for drawing the maps.
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Table 1. Parameter values for the numerical case study.

Parameter Description Value Unit

M Vehicle total mass 12,000 kg
rwh Tire dynamic radius 0.43 m
g Gravitational acceleration 9.81 m/s2

cr Rolling resistance coefficient 0.01 -
cw Aerodynamic drag coefficient 0.6 -
A Frontal area 6.2 m2

ρ Density of air 1.27 kg/m3

i Differential gear ratio 7.0
ηtr Differential efficiency 0.95 -
ηgb,2s Two-speed gearbox efficiency 0.99 -
ηgb,CVT CVT efficiency 0.95 -

Im Motor moment of inertia 0.63 kg m2

S Shifting energy loss 0 J
M Shifting time delay 1–30 s
h Simulation step size 1 s

Figure 4. (a) Motor efficiency map; (b) Inverter efficiency map.

The potential of a multispeed gearbox to increase energy efficiency originates from the option
to convert between torque and speed, which moves the motor operating point along a power level
contour. The instantaneous motor torque and speed are determined by power demand, gear ratios,
and gear selection. The advantage that comes from shifting the point along the curve depends on
the efficiency characteristics of the motor and the inverter as well as the power level. Figure 5 shows
efficiencies on four power levels for the case vehicle motor and inverter combination.
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Figure 5. Combined efficiency of the motor and the inverter at different power contours.

The transmission and the gearbox efficiencies were assumed to be constant throughout the study.
Efficiency of the reference transmission that was comprised of a differential and a final drive only
was 0.95. Efficiencies of 0.99 and 0.95 were used for the two-speed and CVT gearboxes, respectively.
The total efficiency of the transmission for the multispeed gearbox configurations was computed by
multiplying the gearbox and the differential efficiencies. Due to the lack of experimental data that
authors are aware of, the value of the shifting loss parameter S was set to zero.

3.2. Driving Cycle Data Acquisition

The studied vehicle, shown in Figure 6a, was equipped with an online data acquisition system.
Speed and GPS coordinate measurements, and the corresponding timestamps, were acquired from
this system. The speed signal was obtained from the anti-lock brake system (ABS) sensors with 1 Hz
sampling rate.

The suburban bus route examined is line 11 in Espoo, Finland, shown in Figure 6b. This 10.4 km line
is a typical suburban bus line consisting of commutes between local business and residential centers,
featuring short urban sections and periods with higher speed limits. The route includes a multilevel
stack interchange, which causes the route profile and total distance to vary according to the direction of
driving. All the cycles in line 11 considered in this work start from Friisilä terminus and end at Tapiola,
excluding the drive from the terminus to the fast-charging station nearby. As all the cycles have the
same direction, the distances are the same as well.

Suburban bus routes are characterized by a large variation in speed profiles between cycles due
to daily and hourly passenger and traffic level variation. To account for this, the speed profile of the
bus was measured in three distinctly different traffic intensity levels from the line 11. These cycles
in line 11 in Espoo are denoted by the abbreviation E11 and extensions LT, MT, and HT are applied,
respectively, for the low, medium, and high traffic instances. Two additional cycles are included for
comparison. First, the standard Braunschweig bus cycle is commonly used in academic research and
in emission testing. Second, a combined cycle E11-C, which has the three E11 cycles in consecutive
order, was constructed. Table 2 shows the cycle features and Figure 7 shows the speed profiles.
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Figure 6. (a) The case study ECB operating in Espoo, Finland; (b) The bus route 11 in Espoo. Map data
is by OpenStreetMaps.
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Table 2. Braunschweig (BR) and three Espoo 11 (E11) cycle characteristics.

Feature E11-LT E11-MT E11-HT BR

Distance (km) 9.96 9.96 9.96 10.9
Duration (s) 1349 1487 1957 1741
Stops per km 0.70 2.01 2.91 2.57

Max. speed (km/h) 44.4 58.4 53.8 58.26
Avg. driving speed (km/h) 28.4 28.5 28.5 30.48
Max. acceleration (m/s2) 1.37 1.41 1.41 2.41
Max. deceleration (m/s2) 1.79 2.00 1.36 3.59
Avg. acceleration (m/s2) 0.31 0.53 0.43 0.55
Avg. acceleration (m/s2) 0.30 0.50 0.37 0.72

Figure 7. Three measured driving cycles from Espoo line 11 and the Braunschweig standard
reference cycle.

The altitude profile of the route E11 included a variation of 14 m between the extreme points,
and a road grade change of at most one degree per meter. However, in this work the altitude changes
were discarded.

3.3. Lifecycle Costs

Lifecycle costs of electric city buses consist of capital, operation and technology replacement
costs [1]. Capital costs consist of only the bus purchase cost, as the salvage value at the end of service
life is assumed to be zero and the charging device costs are not included. Operation costs include
charged electrical energy and maintenance cost. Technology replacement cost is the cost of replacing
the battery system after it has reached the end of its useful life. Table 3 describes the lifecycle costs
applied in this work.
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Table 3. Lifecycle cost parameters.

Description Value

Bus purchase cost without a battery and transmission (€) 340,000
Single speed (final drive) transmission (€) 10,000

Two-speed dual clutch transmission (€) 12,000
Battery cost (high power LTO) (€/kWh) 800

Battery useful life (cycles) 10,000
Battery maximum calendar life (years) 10

Maintenance cost (€/km) 0.2
Electricity cost (€/kWh) 0.155

Service life (years) 16
Annual operation (h) 4000

The electricity price is the average price from 28 EU member states for non-household consumers
in the first six months of 2019 and includes all taxes and levies [25]. The other cost parameter values,
other than the two-speed gearbox, are from the work of Lajunen [1] and Fries et al. [26]. The service life
of the bus is 16 years, while the LTO battery maximum calendar life is only ten years. This indicates
that the battery must be replaced at least once.

Transmission complexity and cost are related to the maximum input torque, gear ratio and
number of gears. Regarding the additional cost to the transmission due to a two-speed gearbox in all
electric vehicles, Ruan et al. [17] present an estimate of 20% based on a statistical model built from a
comprehensive transmission cost dataset. This translates to a 2000 € cost margin for the electric bus in
the case study in the present work.

3.4. Building and Solving the Model

For the model with a two-speed gearbox, the gear ratios were determined. The optimization
objective was to minimize the energy consumption of the vehicle. This process was executed for
different cycles separately because the optimal gear ratios and shifting policy vary between cycles.

The gear ratio search range of the two-speed gearbox was split at the single speed differential
gear ratio of the reference model in order to retain the vehicle acceleration and top speed performance.
The reference single speed ratio was 7.0 and, therefore, the first gear ratio in the two-speed gearbox
was set to be larger than 7.1 and the second gear smaller than 7.0. In the gear ratio optimization
process, ratios from 2.0 to 7.0 and from 7.1 to 20.0 were covered, for the low and high gear, respectively.
Increment for the iteration was set to 0.1.

The simulations were carried out for five driving cycles: The standardized city bus cycle
Braunschweig, and three measured cycles from Espoo bus line 11. In addition to the measured cycles
E11-LT, E11-MT, and E11-HT, the combined cycle E11-C was used.

The vehicle dynamics, powertrain and gear ratio optimization models were formulated with
the Python programming language. The integer programming model was formulated algebraically
using Gurobi Python interface functions, and solved with Gurobi 8.1 solver with the default settings.
The used solver is based on the branch-and-bound algorithm and comes with additional acceleration
techniques, such as cutting planes and preprocessing.
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4. Results and Discussion

The results of the simulations are first presented graphically for the reference and the two-speed
gearbox case to illustrate optimal gear shift scheduling and efficiency improvement by motor and
inverter operation point shifting. Then, differences in energy consumption between the reference and
the two-speed gearbox and CVT alternatives are presented numerically to address the first research
question. In the final section, a comparison of lifecycle costs of the powertrain alternatives shows that
the two-speed gearbox is the cost optimal solution on the standard Braunschweig driving cycle.

Figure 8 shows the two-speed gearbox induced efficiency improvement in terms of motor
operating points on the E11-MT cycle, which had the highest energy consumption on the Espoo 11
route. The most notable effect of the two-speed gearbox is that the operating points were shifted
towards lower motor speeds and higher torques in the positive torque region. In the negative torque
region during regenerative braking the full speed range of the motor was utilized. More generally,
the operating point pattern variation between propulsion and braking is larger for the two-speed
gearbox compared to the reference.

Figure 8. Comparison of operating points of the motor (E11-MT).

The Espoo 11 reference cycle is characterized by a high number of stops and subsequently a high
number of acceleration and braking events. With the two-speed gearbox, regenerative braking is
frequently executed with the first gear (high gear ratio) resulting in lower torque and higher speed of
the motor compared to the second gear. This is evident from the negative torque region in Figure 8.
Additionally, Figure 9 shows clearly that high gear ratios are favored for decelerations with both
multispeed gearbox options.

Tables 4 and 5 show numerical values of energy consumption for each of the five studied routes,
comparing the reference two-speed gearbox and CVT alternatives. The gear shift time limit parameter
was set to one second in all the simulations that are reported in the tables.

264



Energies 2020, 13, 2117

Figure 9. Illustration of optimal gear ratio selection policy for the CVT (a) and the two-speed gearbox
with five second minimum gap between changes (b). The speed profile is a 200 second section from the
E11-LT driving cycle.

Table 4. Energy consumption advantage achieved with the two-speed gearbox in five driving cycles.
All energy consumption related numerical values are reported in units of Wh/km.

Cycle Eref EGB ΔE ΔE(%) i1 i2

E11-LT 523.1 512.3 −10.8 −2.1 5.0 17.2
E11-MT 596.5 584.6 −11.9 −2.0 6.8 19.9
E11-HT 551.6 534.2 −17.4 −3.2 6.4 19.9
E11-C 557.0 545.0 −12.0 −2.2 6.3 19.9

BW 627.4 611.7 −15.7 −2.5 6.8 19.2

Table 5. Energy consumption comparison between the CVT and the reference powertrains. Positive
ΔE value represents consumption disadvantage with CVT.

Cycle Eref EGB ΔE ΔE(%)

E11-LT 523.1 533.6 10.2 1.9
E11-MT 596.5 620.4 23.9 4.0
E11-HT 551.6 561.9 10.3 1.9
E11-C 557.0 571.8 14.8 2.7

BW 627.4 644.9 17.5 2.8

With the two-speed gearbox the results show increased combined efficiency of the motor, inverter
and the gearbox in all the E11 cycles, resulting in lower energy consumption. On the contrary, the CVT
results in increased consumption in all the cases. Although the CVT reaches higher efficiency operating
points of the motor and the inverter due to continuous gear ratio adjustment, this advantage is undone
by the losses in the belt system.
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Overall, the two-speed gearbox could improve energy efficiency by 2.0 to 3.2%, depending on the
driving cycle and the powertrain characteristics. Energy consumption decreased most on the E11-HT
cycle with the two-speed gearbox and inversely increased least with the CVT. This cycle has higher
speed variation than the other E11 cycles. The Braunschweig cycle is also characterized by high speed
variation and shows a significant 2.5% consumption decrease. On all the cycles the CVT performed
worse than the two-speed option.

The difference in optimal gear ratios across all the cycles is small, with the optimal ratios found on
the higher ends of the ranges for both the low and high gears on all the E11 cycles. Due to the optimal
ratios located at the end of their ranges, the gap between the ratios is wide. Subsequently, the motor
control needs to respond to large changes in the reference speed.

The relationship between the two-speed gearbox shifting time delay (gap) parameter M and
the energy consumption is presented in Figure 10 for the E11-LT, E11-HT and Braunschweig cycles.
The pattern is similar in E11-LT and E11-HT, showing consumption increasing roughly linearly with
the shift gap values between 1 and 20 s. For the E11-LT cycle, all of the consumption advantage of
the two-speed gearbox is lost when the shift gap value reaches 20 s. On the other hand, increasing
the shift gap from one to ten seconds has only a marginal influence on the consumption with the
Braunschweig cycle.

Figure 10. Energy consumption as a function of the minimum shift gap parameter value. The dashed
horizontal lines represent the reference consumptions.

Table 6 shows the tradeoff between capital, operation and technology replacement costs.
Only comparison between the reference single-speed and the two-speed option are shown, as the
CVT didn’t show any efficiency improvement. Importantly, the savings in charging cost and battery
investment and replacement costs achieved with two-speed gearbox option exceed the increased
investment cost of the transmission. The savings are distributed rather evenly between battery cost
and charging cost.

Table 6. Comparison of lifecycle costs between the reference and two-speed gearbox vehicles for
the Braunschweig cycle. Energy consumption advantage of the two-speed gearbox is translated
proportionally to battery capacity and cost.

Cost Item (€) Reference Two-Speed Δ

Purchase cost without battery and transmission 340,000 340,000 0
Transmission 10,000 12,000 2000
Maintenance 192,000 192,000 0

Battery 44,000 42,900 −1100
Battery replacement 44,000 42,900 −1100
Lifetime electricity 90,288 88,031 −2257

Total −2457
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5. Conclusions

The results of this work point towards a marginal potential of a two-speed gearbox utilization
to improve ECB energy efficiency. The developed gearbox gear ratio and shifting policy two-level
optimization model was found to be a practical and useful tool for vehicle powertrain design.
The computational of the two-level optimization time was only a few seconds with a standard desktop
computer for a typical 30 min driving cycle with one second time step duration.

The motor and inverter losses were found to depend on the driving cycle characteristics, and the
simulation results suggest that powertrain efficiency was increased at higher power, which correlates
with higher speeds and frequency of acceleration and deceleration events. On the other hand, utilization
of motor and inverter operation point shifting along a power contour brings larger benefits on above
average vehicle speeds when power demand is low instead of high. This is most evident in Figure 5,
where the slope of the 20 kW power line is the steepest. The energy efficiency of an ECB can be
improved with a two-speed gearbox, but the best utilization requires the consideration of the optimal
motor-inverter-gearbox combination.

The PMSM motor in the case study vehicle was originally selected because it has high efficiency on
a wide speed and torque range, which is useful when the power is transmitted through a single speed
gearbox. However, a multispeed gearbox can favor other motor types, such as an induction motor,
that have narrow high efficiency region, but lower capital cost than PMSM. Although the focus of the
present work was energy efficiency, a two-speed gearbox also improves acceleration and top speed
performance. A smaller motor could then be installed to the bus while retaining acceleration and top
speed performance with the help of the two-speed gearbox. Further work is needed on the question of
how the motor and gearbox interact in terms of selecting the motor design and power rating.

Innovations in gearbox technology, with respect to lower losses, would increase the attractiveness
of the multispeed gearbox options for battery electric busses. This is evident from the large increase in
motor and inverter efficiency with the CVT, which is then more than canceled out by the losses of the
gearbox components. On the other hand, technology improvements in electric machines may lead to a
more even efficiency throughout the motor operating region and thus reduce the potential to improve
powertrain efficiency by operating point shifting. For instance, a prototype direct liquid cooled PMSM
shows variation in efficiency that is at most only five percentage points between the extremes [27].

In translating the reported energy consumption advantages to real vehicles, the limitations of
the modeling approach need to be considered. Lower efficiency of the multispeed gearbox options,
both during continuous operation and shifting, compared to the single speed reference, influence
the attractiveness of the gearbox alternative. Experimental tests, considerations on the increased
complexity, and extending the scope of the analysis to reliability, serviceability, and compatibility are
advised before final design decisions are made. In the end, the design decision comes down to the
relative economic value of the alternatives. The increased efficiency with the multispeed gearbox
options translate to lower electricity charging cost and battery investment cost but these advantages
may be partially canceled by higher investment and maintenance costs.

Compared to light duty electric vehicles, ECBs have more consistent driving cycles, and the
powertrains are dimensioned according to the nominal operation with only a small margin for excess
performance. This results in higher overall powertrain efficiency because operating points are close
to the motor and inverter maximum power rating, which provides the highest efficiency. Assuming
similar main component selection, such as PMSM motor, it can be assumed that the results of the
present work can be generalized to ECBs that operate in different, but similar urban routes.

Previous work on light-duty EV multispeed gearbox feasibility has found that the typical power
demand in these vehicles is only around 10% of the maximum rating [28]. Optimal gear ratio selection
and shifting of operation points in these low-power contours are different from the higher power
region, which explains the results in the present work differ from similar work for light-duty vehicles,
such as Nissan Leaf. This suggests that a separate analysis for different vehicle types and operating
environments is required.
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Nomenclature

Greek Symbols

αwh Angular acceleration
η Efficiency
ρ Density of air
τ Torque
ω Angular speed
Symbols

a Acceleration
A Vehicle frontal area
cr Rolling resistance coefficient
cw Aerodynamic drag coefficient
C Energy consumption with first gear
C’ Energy consumption with second gear
Fx Tractive force
g Gravitational acceleration
h Step size
i Gear ratio
Im Motor output shaft total moment of inertia
k Index of time step in vehicle dynamic model
M Vehicle total mass
N Number of consecutive time steps before gear shift is allowed
P Power demand
r Tire dynamic radius
S Gear shift energy consumption penalty
t Index of time step in gear change model
T Number of time steps
vdc Driving cycle speed
vvh Vehicle speed
y Binary variable to indicate which gear is active
y’ Binary variable to indicate if gear change was executed
Subscripts

dc Driving cycle
gr Gearbox
inv Inverter
m Electric motor
tr Transmission
wh Wheel axle
Abbreviations

BW Braunschweig driving cycle
CVT Continuously variable transmission
E11 Espoo, Finland bus route 11
ECB Electric city bus
EV Electric vehicle
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HT High traffic
IVT Infinitely variable transmission
LT Low traffic
LTO Lithium-titanium oxide
MT Medium traffic
NEDC New European driving cycle
PMSM Permanent magnet synchronous machine
UDC Urban driving cycle

Appendix A

This section presents the motor/generator and the inverter efficiency functions that were applied
to compute the maps featured in Figure 4. Modelling of the motor/generator efficiency is based on the
work in [24], but with substantially different parameter values due to the different motor characteristics.

Motor/generator efficiency is defined by:

Pm,loss(τm,ωm) =
I∑

i=1

ai

( |τm|
τm,max

)mi
(
ωm

ωm,max

)ni

(Pbase_loss − bi) (A1)

ηm(ωm, τm) = max
{
ηm,min,

ωmτm

ωmτm + Pm,loss(τm,ωm)

}
(A2)

where ai, bi, mi, ni, and Pbase_loss are parameters in the motor power loss function Pm,loss(ωm, τm).
The max function in (A2) gives a lower limit ηm,min of the motor/generator efficiency. In the numerical
case study, the parameter ωm,max is 314, τm,max is 2000, Pbase_loss is 11000 and ηm,min is 0.5. The other
parameters that are indexed over i = 1 . . . 10 are given in Table A1.

Table A1. Numerical case study parameter values for the motor power loss function.

i ai bi mi ni

1 −0.003 0 0 0
2 0.520 0 0 1
3 0.020 0 1 0
4 −1.022 −4000 1 1
5 1.300 0 2 1
6 0.103 0 2 0
7 −0.334 0 0 2
8 0.450 0 3 0
9 0.500 0 1 2
10 0.120 4000 0 3

The inverter efficiency is computed similarly as the engine/generator, but with only three terms in
the weighted sum. The formulation is:

Pm,loss(τm,ωm) =
I∑

i=1

ai

( |τm|
τm,max

)mi
(
ωm

ωm,max

)ni

(Pbase_loss − bi) (A3)

ηm(ωm, τm) = max
{
ηm,min,

ωmτm

ωmτm + Pm,loss(τm,ωm)

}
(A4)

where c1, c2 and c3 are parameters of the power loss function (A3) and receive values 5 × 10−4, 0.5 and
2.0, respectively, in the numerical case study. Additionally, the lower threshold of the inverter efficiency
ηinv,min is set to 0.8.
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Abstract: This research focused on real-time optimization control to improve the fuel consumption
of power-split hybrid electric vehicles. Particle swarm optimization (PSO) was implemented to
reduce fuel consumption for real-time optimization control. The engine torque was design-variable
to manage the energy distribution of dual energy sources. The AHS II power-split hybrid electric
system was used as the powertrain system. The hybrid electric vehicle model was built using
Matlab/Simulink. The simulation was performed according to US FTP-75 regulations. The PSO design
objective was to minimize the equivalent fuel rate with the driving system still meeting the dynamic
performance requirements. Through dynamic vehicle simulation and PSO, the required torque value
for the whole drivetrain system and corresponding high-efficiency engine operating point can be
found. With that, the two motor/generators (M/Gs) supplemented the rest required torques. The
composite fuel economy of the PSO algorithm was 46.8 mpg, which is a 9.4% improvement over the
base control model. The PSO control strategy could quickly converge and that feature makes PSO a
good fit to be used in real-time control applications.

Keywords: hybrid electric vehicle; power-split; fuel economy; particle swarm optimization

1. Introduction

Since the industrial era, the demand for fossil fuels has increased and the burning of fossil fuels has
led to an increase in global carbon dioxide emissions, which has also increased global warming. The
National Oceanic and Atmospheric Administration (NOAA) conducted a network sampling of carbon
dioxide concentration based on 40 regions around the world. The survey found that since 1979, the
global atmospheric carbon dioxide concentration has risen sharply. With a carbon dioxide concentration
of 336 ppm in 1979, the global atmospheric carbon dioxide concentration has reached 414 ppm in
March 2020. According to Taiwan’s CO2 emissions survey by the Environmental Protection Agency
of the Ministry of Administration, the energy sector’s CO2 emissions accounted for approximately
10.5% of total fuel combustion emissions, industry accounted for 47.8%, transportation accounted
for 14.6%, services accounted for 13.4%, residential emissions accounted for 12.6%, and agriculture
accounted for 1.1% [1]. It is clear that transportation emissions are the second-largest source, after
industrial emissions.

Due to carbon dioxide emissions, major car manufacturers currently commit to the development
of new energy to replace gasoline, including electric energy, solar energy, biomass energy, etc. Many
automobile manufacturers are optimistic about electric energy since it can be practically used in mass
production. With low fuel consumption and exhaust emissions, hybrid electric vehicles (HEVs) have
been attracting widespread public attention in recent years. Hendrickson et al. [2] presented the GM
two-mode, front-wheel-drive hybrid powertrain, detailing the mechanical structure and operating
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mode of this powertrain system. Meisel et al. [3] presented the power distribution of the hybrid
transmission in different modes and four fixed-gear ratios in detail. They also compared the differences
between the Toyota THS-II gearbox and the GM two-mode gearbox, aiming at energy loss and engine
fuel consumption. The advantages of the GM two-mode power system were clearly explained. For
the hybrid electric vehicle architecture, the control strategy of the vehicle is critical and is mainly to
allocate energy and improve energy efficiency. Many energy management strategies for hybrid electric
vehicles have been proposed. They can be divided into two main types: those with 1 a rule-based
strategy, and those with 2 an optimization strategy. Torres et al. [4] focused on rule-based controls. The
benefits of these controls were rapid rule design and easy implementation. Schouten et al. [5] applied
fuzzy logic in HEV control strategies. The rules were judged based on the accelerator and brake pedal
signals, battery state of charge (SOC), and motor speed. This optimization method heavily relied on
the experience and intuition of the engineers.

The optimization strategy for vehicle fuel economy simulation can be categorized into two
areas, global optimization and real-time local optimization. The global optimization algorithm
requires completing the whole driving cycle in order to obtain the best fuel economy. This makes it
difficult to apply on real road scenarios. Genetic algorithms (GAs) are one of the global optimization
algorithms. Montazeri et al. [6] applied GA optimization in parallel HEVs, where the engine torque and
battery SOC were design variables with the objective of minimizing fuel consumption and emissions.
Dynamic programming (DP) is another typical global optimization algorithm. Wu et al. [7] presented
the application of DP on electric buses and used DP to explore energy management strategies for
range-extended electric buses (REEBs). Zheng et al. [8] applied stochastic DP in plug-in hybrid vehicles
to achieve a global optimization. Wang et al. [9] implemented the DP algorithm in a plug-in HEV
(PHEV) and showed a 20% improvement in fuel consumption. DP analyzes the whole driving cycle,
searching for minimum fuel consumption to get the global optimum. It provides an improvement for
fuel economy; however, it takes a lot of time for the whole simulation and process. An alternative way
is to utilize the optimum patterns obtained from pre-calculated DP, such as rule-based (RB) control. RB
can be adapted for real-time applications; however, the fuel economy of RB might not be as good as
DP’s due to the instant change in actual scenarios.

For real-time applications, optimized fuel consumption needs to be carried out quickly for each
time step. Local optimization can be suitable for the applications. The equivalent consumption
minimization strategy (ECMS) does not require long calculation and is one control algorithm fitting
for real-time fuel consumption optimization. Paganelli et al. [10] presented the application of the
equivalent consumption minimization strategy (ECMS) in parallel HEVs. They managed the power
distribution to minimize fuel consumption, which includes the actual fuel consumed by the engine
and an equivalent fuel converted from the electrical energy consumed by motors. Their simulation
maintained the battery SOC in a reasonable range by applying a penalty function to ensure battery life.
Particle swarm optimization (PSO) is another real-time control algorithm for vehicle fuel consumption.
Chen et al. [11] discussed the application of particle swarm optimization (PSO) on HEVs. They
optimized the engine output power as an energy management strategy. Wu et al. [12] applied PSO
to plug-in HEVs. The main goal of their study was to optimize the control strategy to achieve
the best fuel economy. For charge depleting (CD) mode, restrictions were imposed to optimize
the PSO. Abido et al. [13] applied PSO to the energy flow control problem of buses. The main
goal was to minimize fuel consumption and improve voltage stability. Wang et al. [14] applied a
particle-swarm-optimization-based nonlinear model predictive control strategy on a series-parallel
hybrid electric bus to optimize the fuel consumption. Chen et al. [15] discussed the application of PSO
on plug-in HEVs (PHEVs). In terms of vehicle speed, fuzzy logic judgments were added. Then, the
PSO determined the upper and lower limits of the required engine power to obtain the optimal result.
Chen et al. [16] implemented improved particle swarm optimization (IPSO) in HEVs. The difference
from the original PSO was mainly to add the value of a poor function. This function would cause the
PSO particles to speed-up to find the best solution. Beside ECMS and PSO, there are other control
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algorithms to achieve better fuel economy. Zheng et al. [17] applied Pontryagin’s minimum principle
to optimize a parallel plug-in hybrid electric bus. Feng et al. [18] combined an artificial neural network
model and a fuzzy-logic controller to optimize the fuel consumption of a hybrid electric mining truck.
Comparing the differences between PSO and genetic algorithms (GAs), GAs remove the worst position
at one time, and PSO keeps the worst particles, judging the best solution according to the position
of each particle [18]. In addition, GAs mainly process the replication, mating, and mutation, which
requires a large amount of calculation [19]. Relatively speaking, since the information transmission
between PSO particles and the interaction mechanism between particles is relatively simple in PSO,
the amount of calculation is lower and the delivery time can be shortened. With the advantages of
quick convergence, the PSO algorithm is suitable for real-time control applications for vehicle fuel
consumption optimization. This research applied PSO for real-time optimization control.

In 2018, global battery electric vehicle (BEV) and HEV sales exceeded 5.1 million, a significant
increase of 63% from the previous year. BEVs and HEVs will become the first choice for the public
in the future. The two-mode hybrid (TMH) system was the power system applied in this research.
A basic rule-based control was implemented as the base model with an initial energy management
strategy, and the simulation result was compared to the manufacturer data. Then, the PSO control
strategy was added to optimize fuel consumption and explore the reasons for improvement. This
paper investigated a TMH system that had power-split hybrid functionality.

2. Modeling

In this research, a simulation model was created with Matlab/Simulink that included a vehicle,
TMH transmission system, internal combustion engine (ICE), motor/generators (M/Gs), battery, and
controller, as shown in Figure 1. With the United States FTP-75 (EPA Federal Test Procedure) of urban
and highway driving cycles, the vehicle model could estimate the torque and power required for
driving. The controller module (Controller) determined the transmission mode switching and the
optimal output torques of the engine and M/Gs. The transmission module simulated the torques and
speeds of the two motor/generators. The battery module would simulate the battery’s state of charge
(SOC) and battery charge and discharge status. These modules are presented in the following sections.

Figure 1. Simulink model of two-mode power-split hybrid system.

2.1. Vehicle Model

U.S. FTP-75 (EPA Federal Test Procedure) was employed in this model. The vehicle model
estimated the required driving torque according to the vehicle speed from the driving cycles. The
driving resistance forces included aerodynamic resistance, rolling resistance, and grading resistance.

The FTP-75 driving cycles include urban and highway sections. The total distance traveled in the
urban cycle is 17.77 km, the total time is 1874 s, the average speed is 34.1 km/h, and the highest speed
is 91.2 km/h, as shown in Figure 2. The total distance of the highway cycle is 16.5 km, the total time is
765 s, the average speed is 77.7 km/h, and the maximum speed is 96.4 km/h, as shown in Figure 3.
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Figure 2. US EPA FTP75 urban driving cycle.

Figure 3. US EPA FTP75 highway driving cycle.

2.2. Transmission Model

In this research, the two-mode hybrid transmission, 2MT70, was implemented as the hybrid
electric powertrain system. The entire powertrain was composed of several main components, as shown
in Figure 4, which included a simple planetary gear set, a compound planetary gear set, four sets of
clutches, two electric motors/generators, an IC engine, and a battery [20].

Figure 4. Driveline configuration of two-mode hybrid power system.

2.3. Internal Combustion Engine Model

The internal combustion engine (ICE) module mainly cooperated with the brake-specific fuel
consumption (BSFC) lookup table according to the engine speed and torque to find the corresponding
fuel rate. The total fuel consumption of the driving cycle was obtained through integration. A V-6
3.6-L engine efficiency chart is shown in Figure 5.
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Figure 5. Internal combustion engine’s efficiency chart.

2.4. Electric Motor/Generator Model

The electric motor/generator (M/G) modules obtain the operating efficiency of the electric motor
through a three-dimensional lookup table based on the current speed and torque. Two 60 kW permanent
magnet AC motors were constructed. The efficiency diagram is shown in Figure 6. The power of the
M/G was calculated as Equation (1).

PMG = ωMGTMGη
k
MG (1)

PMG, ωMG, and TMG are the power, speed, and torque of the electric motor/generator, respectively. ηMG
represented the efficiency of M/G. If the values of the torque and the speed were positive or negative at
the same time, the M/G was consuming power and performing as an electric motor. If the values of
the speed and torque were of the opposite sign, the M/G was charging and running as a generator. k
represents the energy path. If M/G operated as an electric motor, k was −1. If it operated as a generator,
k was +1.

Figure 6. Motor/generator’s efficiency chart.
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2.5. Battery Model

The electric power required by the M/Gs was provided by the battery, and the total power of the
battery was estimated through the motor’s power and efficiency, as presented in Equation (2).

Pbatt = TMG1ωMG1η
k
MG1η

k
c1 + TMG2ωMG2η

k
MG2η

k
c2 (2)

Pbatt is the power of the battery, ηc is the efficiency of the electric converter, TMG is the M/G torque,
ωMG is the speed of the M/G, ηMG is the efficiency of the M/G, and k indicates the energy path. k = −1
indicates that the battery was discharged, and k = 1 indicates that the battery was charged.

The battery module was composed as an equivalent circuit, including open circuit voltage and a
battery pack, as shown in Figure 7. Ibatt represents the battery current, and Pbatt is the battery output or
input power.

Figure 7. Diagram of battery equivalent circuit.

The relationship between battery SOC and current Ibatt is as follows.

S
.

OC = − Ibatt
Qmax

(3)

Qmax is the ampere-hour capacity of the battery at the current rate Ibatt. The battery current, open circuit
voltage, and internal resistance would vary according to the battery power. The relationship between
battery output or input power and current is presented as follows.

Pbatt = VOCIbatt − I2
battRbatt (4)

Ibatt = −
VOC −

√
V2

OC − 4PbattRbatt

2Rbatt
(5)

S
.

OC = −
VOC −

√
V2

OC − 4
(
TMG1ωMG1ηk

MG1η
k
c1 + TMG2ωMG2ηk

MG2η
k
c2

)
Rbatt

2RbattQmax
(6)

where Voc is the battery open circuit voltage and Rbatt is the battery’s internal resistance.

2.6. Controller Model

2.6.1. Rule-Based Controller

The controller module had three main functions: the first one was the control of switching mode,
which decided the timing of switching between the first and the second mode according to the driving
cycle; the second one was based on the driving condition and battery SOC to determine the controlled
engine speed and engine torque according to the rules established in the controller; the third one was
engine state control logic. To achieve fuel saving, the engine would be turned off when it was not
required to provide driving power.
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2.6.2. PSO Controller

This controller module also had three main functions: the first one was to decide the time of
switching, which was the same as the rule-based controller; the second one was to determine the
engine speed, which was based on the drive resistance and battery SOC, and the engine torque, which
was estimated by the particle swarm algorithm; the third one was the engine state control, which was
determined by the PSO controller. The only exception was if the vehicle traveled at very low speed
and the engine was turned off—then the rule-based control was used.

3. Energy Management Optimization

3.1. Particle Swarm Algorithm

Particle swarm optimization (PSO) is a group-based optimization search method [21,22]. The
advantage is that it has a fast convergence speed and fewer parameter settings. The swarm movement
of birds was simulated. Birds usually maintain a specific formation when they travel as a group, and
individuals will maintain a certain distance from each other. The search technology of PSO is mainly
to simulate the social behavior of birds foraging. When birds are searching for food, individuals will
understand the relationship between themselves and food. At the same time, the closest individual
to food in the flock is also observed. So, when searching for food, the best path can be found based
on these two points. Assume that food is considered as the global best solution in the function and
the distance between each individual in the flock and the food is used as the objective degree of the
function. Then, the process of each individual in the flock seeking food can be the process to search for
the optimized solution. This concept is the foundational idea of the PSO algorithm.

The detailed calculation steps of the PSO algorithm are as follows: xi
t and vi

t are defined as the
position and flight speed of the i-th particle in the particle group at time t, respectively. The model of
the PSO algorithm can be divided into speed update function and position update function as follows.

The main process steps of PSO are:

1. Initialize the position and velocity of each particle using random numbers.
2. Use the objective function to calculate the objective value for each particle.
3. Compare the current objective value with the best position of the particle, Pbest. If the currently

searched objective value is better than Pbest, the new objective value and position will be applied
to update the value of Pbest.

4. Compare the currently searched objective value with the best value in the group, gbest. If the
currently searched value is better than gbest, use the new value and position of the particle to
update gbest.

5. Change the speed and position of the particles according to Equations (7) and (8).

vt
i = ω ∗ vt−1

i + c1 ∗ rand() ∗
(
pi − xt−1

i

)
+ c2 ∗ rand() ∗

(
gi − xt−1

i

)
(7)

xt
i = xt−1

i + vt
i (8)

where xi
t is the position of the i-th particle at time t, vi

t is the speed of the i-th particle at time t, pi
is the best position that the i-th particle has traveled to, gi is the best position that all particles have
traveled to, c1 is the weight of one’s own experience to make particles closer to the best solution of the
individual, c2 is the weight of the group’s experience to make the particles closer to the best solution of
the group, ω is the inertia weight, which affects the range and speed of convergence, and rand() is a
random value used to maintain the diversity of group movement directions.

3.2. PSO Algorithm Applied to Hybrid Electric Power System

This research implemented PSO to find the minimum instantaneous fuel consumption at each
driving moment. The process of the PSO algorithm is described as follows.
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1. Initialization: This research applied engine torque as the initial particle position. The initial
flying speed was randomly generated. To avoid exceeding the operational range of engine torque
during the algorithm search process, the constrained equations were included in the simulation.
The engine torque constrained condition is shown in Equation (9). Since the PSO algorithm did
not have a practical mechanism to control the speed of the particles, the constrained condition
was set for the speed Equation (10). During the particle search process, the battery SOC must
be ensured to avoid over-charging and over-discharging. The constrained equation for the SOC
upper and lower limits is shown in Equation (11).

TE,min < TE < TE,max (9)

vt
i,min < vt

i < vt
i,max (10)

SOCt
i,min < SOCt

i < SOCt
i,max (11)

where TE is the engine torque, vi is the particle speed, and SOCi
t is the battery state of charge at

time t, TE,min is the lower limit of engine torque, TE,max is the upper limit of engine torque, vi,min is
the lower limit of particle speed, vi,max is the upper limit of particle speed, SOCt

i,min is the lower
limit of the SOC, and SOCt

i,max is the upper limit of the SOC.
2. Apply the objective function: In order to improve the performance of the system, a suitable

objective function was designed to allow particles to search for the objective value. The lowest
instantaneous equivalent fuel consumption was the best solution of this optimization problem.
So, instantaneous equivalent fuel consumption was applied as the objective function as in
Equation (12).

Fobj =
.

meq + β =
.

me(TE,ωE) + W(SOC)
.

mb + β (12)

where
.

meq is the sum of the instantaneous equivalent fuel consumption,
.

me(TE,ωE) is the
instantaneous fuel consumption of the engine,

.
mb is the equivalent fuel consumption of

the battery’s electrical energy, β is a penalty value to avoid the particle searching process
violating restrictions, and W(SOC) is the weight factor to prevent the power of the battery from
being depleted.

The instantaneous fuel consumption of electric power was calculated by Equation (13). The
battery power consumption was converted to the equivalent fuel consumption,

.
mb, by the engine BSFC

corresponding to the engine torque and speed.

.
mb =

(
ζdischarge ∗ BSFC ∗ PMG

ηbatt∗ηMG
+ ζcharge ∗ BSFC ∗ PMG ∗ ηbatt ∗ ηMG

)
1000 ∗ 3600

(13)

where
.

mb is the conversion of battery power consumption into equivalent fuel consumption, BSFC is
the BSFC corresponding to engine torque and speed, PMG is the electric motor power, ηbatt is the battery
operating efficiency, ηbatt is the electric motor working efficiency. ζdischarge is the battery discharge factor,
and ζcharge is the battery charge factor.

3. Select and memorize: Each particle would remember the corresponding objective value and
compare it with the value obtained by the particle at the previous moment. After determining the
best value, Pbest, of each particle, the values of all particles were compared to determine the best
value in the group, gbest. With the best value, gbest, of the group, the corresponding engines best
torque could be received.

4. Modify particle’s speed and position: Each particle’s TE was moved to the next position according
to Equations (7) and (8).

5. End rule: Set the convergence conditions. If the convergence conditions were not met, steps 2–4
until the particle search met the convergence conditions.
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3.3. Formulation of PSO Algorithm

3.3.1. Initialization and Parameter Setting

Initially, four particles were generated randomly. In this research, vehicle performance was
improved by optimizing the instantaneous fuel consumption and the engine torque was applied as the
particle’s position. The particles’ initial position and speed were assigned as follows.[

xt
1 xt

2 xt
3 xt

4

]
=
[

Tt
E,1 Tt

E,2 Tt
E,3 Tt

E,4

]
=
[

0 10 20 30
]

(14)[
vt

1 vt
2 vt

3 vt
4

]
=
[
−1 −2 2 4

]
(15)

The lower speed limit, vt
i,min, and upper speed limit, vt

i,max, were set between (–10–10). If the value
of the speed vector was too large, it would cause the particles to jump out of the area with a good
solution. If the value of the speed vector was too small, it would cause the particles to fall into the local
minimum value. For the better solution, the particle speed was usually set to 10–20% of the search
range [18]. The learning factors were both set as 2.

3.3.2. Evaluate Each Particle

The objective value of each particles position was measured. In the initial state, random particles
were first moved by the random speed and the updated position of the particles was compared
with the initial random position to obtain the local optimal position, Pbest. Then, based on their own
experience and group experience among the particles, the particles moved to the new positions. To
avoid unreasonable particle positions and over-charge or over-discharge of the battery, some constraints
were set as follows.

0 < TE < 220 (16)

0.4 < SOC < 0.6 (17)

3.3.3. Evaluate the End of Searching

If the position distances between the particles were less than 0.01, the search result was converged
(Equations (18)–(21) and the optimal solution was reached. To prevent the searching time from being
too long, an extra setting was added. If the particle search time was greater than 0.5 s, the current best
value was directly taken as the optimal torque of the engine.∣∣∣TE,1 − TE,2

∣∣∣ < 0.01 (18)∣∣∣TE,2 − TE,3
∣∣∣ < 0.01 (19)∣∣∣TE,3 − TE,4
∣∣∣ < 0.01 (20)∣∣∣TE,4 − TE,1
∣∣∣ < 0.01 (21)

4. Simulation Results and Discussion

4.1. Vehicle Parameters

The model for this research was implemented with Matlab/Simulink. The parameters of the
vehicle are shown in Table 1. A V6 3.6 L engine was applied in this research. This engine had a
manufacturer configuration for a midsize power-split HEV, and it was compatible with the power of
M/Gs applied in this vehicle. The power-split HEV was designed with this engine in order to maintain
the performance as the original ICE version. The additional M/Gs provided the HEV with better
acceleration and gradeability.
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Table 1. Vehicle parameters.

Engine

Engine Type V6, SI
Displacement 3.6 (L)
Peak torque 300 Nm
Peak speed 6000 rpm

EM characteristics
Type Permanent magnet motor

Maximum power 60 kW
Maximum speed 10,000 rpm
Peak efficiency 0.92

Peak torque 190 Nm
Battery

Type Lithium–ion
Capacity 1.5 kWh

Vehicle characteristics
Vehicle mass 1600 kg
Radius of tire 0.352 m

Vehicle front area 2642 m2

Rolling resistance coef. 0.01
Aerodynamic drag coef. 0.386

4.2. Charge and Discharge

In this research, the working range of the battery’s SOC was set between 0.4 and 0.6, which could
effectively extend the battery’s service life. At the same time, the battery’s internal resistance was low
in this working range, regardless of the state of charge or discharge, as shown in Figures 8 and 9.

Figure 8. Relation between battery state of charge (SOC) and internal resistance during battery discharge.

Figure 9. Relation between battery SOC and internal resistance during battery charge.

4.3. Simulation Results

EPA FTP-75 driving cycles were applied in the simulation. The urban and highway driving curves
are shown in Figures 2 and 3, respectively. Rule-based simulation results are shown in Table 2. The
fuel economy (FE) of urban and highway simulations were 46.28 mpg and 39.11 mpg, respectively,
and the composite FE was 42.74 mpg. The formula for composite FE is shown in Equation (22) As
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shown in Table 2, the difference between the composite FE of the rule-based simulation and that of the
manufacturer data was 0.9%, which was within the allowable range. Therefore, the rule-based control
model was applied as a base model to evaluate the optimization simulation of the PSO algorithm.

Composite FE =
1

0.55
CIty FE + 0.45

Highway FE

(22)

Table 2. Vehicle parameters.

Item Urban Highway Composite

Rule-based 46.28 mpg 39.11 mpg 42.74 mpg
Manufacturer 48 mpg 37 mpg 42.34 mpg

Rule-based control and PSO simulation results are presented in Table 3. In the urban driving cycle,
the FE of the rule-based simulation was 46.28 mpg, and the FE of the PSO simulation was 51.79 mpg.
PSO showed a 12% improvement over rule-based control. In the highway driving cycle, the FE of the
rule-based simulation was 39.11 mpg, and the FE of the PSO simulation was 41.85 mpg. PSO showed a
7% improvement over rule-based control. For composite FE, rule-based control was 42.74 mpg and
PSO was 46.78 mpg. PSO showed an improvement of 9.4% compared to rule-based control.

Table 3. Comparison of fuel economy.

Urban Highway Composite

Rule-based 46.28 mpg 39.11 mpg 42.74 mpg
PSO 51.79 mpg 41.85 mpg 46.78 mpg

Improved 12% 7% 9.4%

To understand the reasons for the improvements with the PSO algorithm, the instantaneous fuel
consumption of the rule-based control and PSO models were compared, as shown in Figures 10 and 11.
Figure 10 shows the urban simulation results; the instantaneous fuel consumption of the PSO was
generally smaller than that of the rule-based controller. The switching timing for the engine to turn
on/off depended on the required engine torque and battery SOC. In rule-based control, the results were
obtained from the pre-set rules/tables. In PSO, the algorithm searched for better fuel consumption
under the desired engine torque. Therefore, the fuel rate of PSO was smaller and engine-switch timing
was different from rule-based control. Figure 11 shows the instantaneous fuel consumption for the
highway driving cycle. It can be seen that the maximum instantaneous fuel consumption was 2.6 g/s
for rule-based control and 2.3 g/s for PSO. PSO would affect the engine switch timing and engine
operating points. The fuel consumption of PSO was better than that of the rule-based control.

Figure 10. Comparison of instantaneous fuel consumption in the urban driving cycle.
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Figure 11. Comparison of instantaneous fuel consumption in the highway driving cycle.

Figures 12 and 13 are comparisons of engine speeds on urban and highway driving cycles,
respectively. The engine speeds of PSO and rule-based control were mainly determined by driving
resistance and SOC. According to the simulation results of the two methods, most of the engine speeds
in urban areas were around 1400 to 2000 rpm. The improvement in fuel consumption was affected by
engine torque.

Figure 12. Comparison of engine speed in the urban driving cycle.

Figure 13. Comparison of engine speed in the highway driving cycle.

Figures 14 and 15 are comparisons of engine torque in urban and highway driving cycles,
respectively. It can be seen that the engine torque in PSO was less than that in rule-based control. The
peak torque values in urban driving cycles decreased from 250 Nm in rule-based control to 160 Nm in
PSO. The reason that PSO algorithm provided a better fuel consumption is mainly due to the engine
torque being reduced. In the highway driving cycle, the improvement of fuel consumption was because
of different engine operating points and engine running time.
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Figure 14. Comparison of engine torque in the urban driving cycle.

Figure 15. Comparison of engine torque in the highway driving cycle.

Figures 16 and 17 provide the electric conversion loss from the motor/generator to charge the
battery. It can be clearly seen that the conversion loss was higher with rule-based control in both
driving cycles, which was one of the reasons that PSO could improve the fuel consumption.

Figure 16. Comparison of electric conversion loss in the urban driving cycle.

Figures 18 and 19 show the engine operating points of rule-based control and PSO in urban areas
and the highway driving cycle, respectively. In the urban driving cycle, the engine torque of PSO
operating points was mainly in the 50–170 Nm range. Compared to the operating points of rule-based
control, the trend of overall PSO engine power decline also led to an improvement of fuel consumption.
In rule-based control, some of the engine operating points were around 170–240 Nm, which is in a
high-efficiency range. It did not require such a large amount of engine power to drive the vehicle, so
the excess engine power would be transferred to the generator to charge the battery. That resulted in
an increase of conversion loss. Furthermore, the stored energy in the battery would not stay in the
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battery very long and would soon be used for driving. This resulted in a second conversion loss and
would affect the fuel economy.

Figure 17. Comparison of electric conversion loss in the highway driving cycle.

Figure 18. Comparison of urban engine operating points.

Figure 19. Comparison of highway engine operating points.

On the highway driving cycle, most of the PSO engine operating points were in the range of
75–120 Nm, which is in a better efficiency range of the engine. The engine operating points of rule-based
control were scattered throughout a wider range. Some points were around 200 Nm, which is in a
high-efficiency region; however, the vehicle did not require such a large amount of engine power. The
excess engine power would charge the battery and cause an electric conversion loss. The stored energy
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in the battery would be applied for driving. This resulted in a second conversion loss. It affected the
fuel economy.

Figures 20 and 21 show the comparison of electric motor torque of M/G1 in urban and highway
driving cycles, respectively. M/G1 was mainly driven by the engine in mode one. In the urban driving
cycle, M/G1 was mostly in the charge condition. In the highway driving cycle, the powertrain mainly
stayed on mode two. M/G1 worked as a driving motor and provided power to drive the vehicle.

Figure 20. M/G1 torque in the urban driving cycle.

Figure 21. M/G1 torque in the highway driving cycle.

Figures 22 and 23 were the torque of M/G2 in the urban and highway driving cycles, respectively.
In the urban driving cycle, the positive torque output time of the PSO algorithm was longer than that
of the rule-based control. With the optimization process of the PSO, the vehicle would have more time
driven by electric motors to save fuel and improve vehicle fuel economy.

Figure 22. M/G2 torque in the urban driving cycle.
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Figure 23. M/G2 torque in the highway driving cycle.

The battery SOC in urban and highway driving cycles are shown in Figures 24 and 25, respectively.
Through the driving cycles, the initial SOC and the SOC at the end of the cycles remained very close.
During the driving cycle the battery was charged and discharged, and the battery energy at the end of
the cycle remained at the same level as at the beginning. All of the driving energy was provided by
the engine.

Figure 24. Battery SOC in the urban driving cycle.

Figure 25. Battery SOC in the highway driving cycle.

5. Conclusions

This research focused on the real-time control algorithm to improve the fuel economy of a
two-mode, power-split hybrid electric vehicle. The vehicle model was built with Matlab/Simulink.
The fuel economy simulation results of the base model with rule-based control were close to the fuel
economy data provided by the original manufacturer, which confirmed the reliability of the vehicle
model. Particle swarm optimization (PSO) was implemented as a real-time optimization control
with the goal of reducing fuel consumption. The minimum instantaneous fuel consumption was the
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objective of PSO. The engine torque was the design variable. PSO was to set up a group of sprinkled
particles to search for the best solution. The particles were dispersed in a reasonable working area
of the engine, and the value of the objective function was calculated for each particle position. The
objective function of each particle and the instantaneous fuel consumption was compared, and the
particle position was updated based on better results of the group. The above action was repeated until
the particles converged, and the objective value of the particle was the current minimum instantaneous
fuel consumption. The following conclusions were obtained based on the simulation results.

1. Urban cycle fuel economy: The result of rule-based simulation was 46.28 mpg; the result of PSO
simulation was 51.79 mpg; PSO showed a 12% improvement over rule-based control.

2. Highway cycle fuel economy: The result of rule-based simulation was 39.11 mpg; the result of
PSO simulation was 41.85 mpg; PSO showed a 7% improvement over rule-based control.

3. Composite fuel economy: The result of rule-based simulation was 42.74 mpg; the result of PSO
simulation was 46.78 mpg; PSO showed an improvement of 9.4% compared to rule-based control.

4. Compared with the rule-based control, PSO could more effectively control the engine on/off
switch timing and the engine operating points. With the lower engine torque selected by the
PSO algorithm, the engine power and fuel consumption were reduced. With less charging and
discharging of the battery, the energy conversion loss was smaller with the PSO algorithm and
the vehicle would spend more time driven by electric motors to save fuel and improve vehicle
fuel economy.

5. The rule-based control requires long-term accumulated experience to set the rule table. Compared
with rule-based control, PSO could find the minimum instantaneous fuel consumption at each
moment, achieve real-time control, and improve the fuel economy of power-split HEVs.
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Abstract: Electric vehicles (EVs) are being increasingly adopted because of global concerns about
petroleum dependence and greenhouse gas emissions. However, their limited driving range results in
increased charging demands with a stochastic characteristic in real-world situations, and the charging
demands should be attributed toward charging stations in time-varying road networks. To this
end, this study proposes guidance strategies to provide efficient choice for charging stations and
corresponding routes, and it includes the time-varying characteristic of road networks in problem
formulation. Specifically, we propose two route guidance strategies from different perspectives
based on the charging demand information. The first strategy focuses on the effects of the number
of EVs on the charging stations’ operation, and the reachable charging stations with the fewest
vehicles are selected as the heuristic suggested ones. The other strategy considers the travel cost of
individual drivers and selects the charging stations nearest to the destination as heuristic suggested
ones. Both strategies ensure that the selected charging stations can be reached in a time-varying
road network. In addition, we carry out a simulation analysis to investigate the performance of the
proposed route guidance strategies and introduce relevant insights and recommendations for the
application of the strategies under various scenarios.

Keywords: electric vehicles; route guidance strategies; stochastic charging demands; time-varying
road network

1. Introduction

Dependence on petroleum contributes to a serious environmental and energy problem.
The transportation sector is one of the major economic industries that contribute to energy consumption
and greenhouse gas emissions. The International Energy Agency found that the transportation sector
contributes 28% of global energy consumption and 23% of global greenhouse gas emissions [1].
Electric vehicles (EVs), which are highly energy-efficient, are recognized as a promising solution
to alleviate the problem of fossil fuel dependency and increasing greenhouse gas emissions,
especially if the energy used for their charging is obtained from a renewable energy source [2].
However, unlike conventional internal combustion engine vehicles, EVs have a relatively short driving
range because of their limited battery capacity, thus requiring drivers to recharge their vehicles often to
reach their destinations. Insufficient charging infrastructure often causes difficulties in finding charging
stations, thus resulting in the range anxiety of EV drivers [3]. Range anxiety can be effectively alleviated
by providing guidance information for EV charging based on specific service platforms, such as a smart
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charging service. Drivers could file charging demands to the charging service provider and receive
recommended charging stations through their mobile devices [4]. Guidance strategies should be
developed in consideration of charging demand information to determine the recommended charging
stations and corresponding travel routes. The traffic condition on a road network also affects the route
choice of EVs from departure points to charging stations, because the traffic volume would vary as
time progresses in real-world situations, due to the factors such as rush hour, which is regarded as the
time-varying characteristic for a road network [5]. Such a characteristic would influence vehicle driving
state and should be considered in the route guidance strategies. The stochastic characteristic intrinsic
to the charging demands substantially affects the strategies, thus further increasing the difficulty
of dealing with charging demands. Large-scale charging behaviors with stochastic characteristics
considerably affect the operation efficiency of charging stations. Therefore, given the widespread
adoption of EVs, solving stochastic charging demands in complex real-world situations is a critical
issue for the current and future global transportation system.

Directing EVs to suitable charging stations is an important and fundamental problem for the
adoption of EVs in urban transportation systems. As introduced in Section 2, the traditional methods
of route guidance for EVs mainly focus on the problems with deterministic charging demands in a
static road network. Although several studies considered the impacts of a time-varying road network
on the driving state of vehicles, less attention was paid to the stochastic characteristics intrinsic to
charging demands. Therefore, a route guidance method that can be used to deal with stochastic
charging demands and that takes into account the time-varying road network is expected. To fill the
gap, this study develops route guidance strategies for stochastic charging demands in a time-varying
road network from two different perspectives. The performance of the route guidance strategies is
explored by considering their effects on the operation efficiency of charging stations. Both strategies
can direct EVs with stochastic charging demands to reachable charging stations by considering the
time-varying traffic conditions on the routes.

This study makes the following unique contributions: firstly, the stochastic characteristic of
charging demands is investigated given the situation with large-scale adoption of EVs. A route
guidance problem with stochastic charging demands is formulated by combining the time-varying
road network. A dynamic recursive equation is developed to obtain the EV number in charging
stations, which varies as time progresses. Secondly, to address stochastic charging demands, two route
guidance strategies are established, and the operation efficiency of charging stations and travel cost
of individual drivers are considered in the strategies. In actual situations, the operation efficiency of
charging stations could be affected by the number of EVs in them, because the sustainable number of
EVs for a charging station is limited and the queuing time is increased as vehicle number increases.
Therefore, we use the number of EVs in charging stations as the matric to reflect the operation efficiency
of charging stations. In addition, the travel cost of individual drivers is generally composed of travel
time, energy consumption, and charging cost. These travel cost components are closely correlated
with driving distance. Thus, the driving distance is employed to reflect the integration of travel cost
components. The reachability of the selected charging stations can be ensured by both strategies in
a time-varying road network. Lastly, the proposed strategies are applied in simulation examples to
provide guidance for stochastic charging demands in a time-varying road network. The performance
of the two strategies is compared in different simulation scenarios, and application recommendations
in terms of the strategies are presented based on the simulation results.

The remaining portions of this paper are arranged as follows: in Section 2, the literature review
is presented. In Section 3, the route guidance problem is formulated by considering the stochastic
charging demands in a time-varying road network. In Section 4, the metrics regarding the charging
station selection are analyzed from two different perspectives, and the route guidance strategies are
presented. In Section 5, the simulated results are presented to compare the performance of the proposed
strategies. Lastly, the conclusions and future studies are discussed in Section 6.
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2. Literature Review

EVs are a potential solution to environmental and energy problems because they have high
energy efficiency and can be charged by using renewable energy source. Thus, the traveling and
charging problems of EVs attracted increasing interest from the scientific community. Given the limited
driving range of EVs, several studies attempted to find optimal routes for EVs on the basis of the
framework of the constrained shortest path problem [6–8]. However, charging behavior was not
involved in the methods. Considering the charging demands incurred by EV travels, Wang et al. used
geometric approaches and designed an algorithm for route guidance by considering the charging
demand information from drivers [4]. Driving direction and distance were used as choice indicators for
optimal charging stations. Sweda et al. proposed two heuristic methods for making adaptive routing
and recharging decisions for EVs [9]. Charging costs were involved in the solution. In addition to
charging processes, Qin and Zhang and Said et al. considered the effects of queuing time on charging
station selection [10,11]. Queuing theory was used to optimize the route guidance. Several studies
combined driving time, charging time, and queuing time to discuss charging and route optimization for
EVs [12–14]. Wang et al. incorporated energy constraints during travel and proposed an energy-aware
routing model for EVs [15]. Cao et al. and Liu et al. considered the effects of charging costs on
charging station selection to investigate EV charging problems [16,17]. Yagcitekin and Uzunoglu
developed a smart route guidance strategy based on double-layer optimization theory [18]. Sun and
Zhou compared the effects of different factors on route selection of EVs by using a cost-optimal
algorithm [19]. The trade-off between traveling cost and time consumed was obtained to guide drivers
in traveling and charging. Wang et al. integrated drivers’ intended traveling and charging choices [20].
A multiobjective model was established to provide guidance for EV charging; the objectives include
minimized traveling time, charging costs, and energy consumption. In view of the environmental
effects for EV adoption, many studies aimed to search for energy-efficient routes for EVs under different
situations [21–25]. However, the aforementioned methods for route guidance are mainly based on
problems in a static road network, in which the time or energy consumed in each link is constant.
Consequently, the effects of traffic condition on driving state are ignored, which makes the solution
unrealistic in complex situations with respect to urban road networks.

In view of this, Alizadeh et al. incorporated time-varying traffic conditions in the traveling and
charging problems for EVs to improve the accuracy of route guidance schemes [26]. An extended
transportation graph was used to find the optimal routes. Yi and Bauer proposed a model to investigate
the effects of traffic condition on energy cost of EVs [27]. The primal–dual interior point algorithm was
used to construct the optimal paths. Zhang et al. proposed a multiobjective routing model for EV travel,
in which the effects of traffic condition on travel time, driving distance, and energy consumption were
considered [28]. The ant colony optimization algorithm was employed to search for optimal routes.
Jafari and Boyles incorporated route reliability in the solution for an EV traveling problem under a road
network with time-varying traffic condition [29]. Daina et al. explored the EV charging problem by
considering uncertain traffic conditions on the basis of random utility theory [30]. The trade-off among
driving distance, charging time, and costs for charging selection was analyzed. Huber and Bogenberger
utilized real-time traffic information to investigate the time-varying characteristic of traffic conditions
and their effects on the EV driving state [31]. Several works introduced network equilibrium theory
to explore the optimization models for EV charging and traveling [32–35]. They modeled changing
traffic conditions by changing the number of vehicles in each link. However, most existing methods
assume that the charging demands of EV drivers are predetermined and overlook their stochastic
characteristics. In real-world situations, charging demands with variable information may be made
at different periods, and the charging service providers are unable to know the information before
they receive the charging demands. Therefore, the previous methods are unable to solve stochastic
charging demands in complex real-world situations.

Furthermore, to address stochastic charging demands, Hung and Michailidis proposed a route
guidance strategy based on the queuing modeling framework, in which charging demands occur in
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accordance with a general process during a time period [36]. Nevertheless, the study did not consider
the time-varying characteristic of road networks. EVs were assumed to operate with a constant
speed in the road network. Energy consumption, which considerably influences the reachability of
charging stations, was also ignored in the method. To our knowledge, few studies investigated the
route guidance methods of EVs by comprehensively considering stochastic charging demands and a
time-varying road network.

Overall, even though the previous studies made achievements in route guidance for EVs, there are
still some limitations, as mentioned above. To further clarify the existing studies, we summarize the
aforementioned references with respect to their considerations, as listed in Table 1 (considered factors
are marked as “

√
”; otherwise, unconsidered factors are marked as “×”). In view of the limitations,

two heuristic-based strategies for route guidance are proposed and introduced in the following sections,
which aim to deal with stochastic charging demands in a time-varying road network.

Table 1. Previous studies with respect to their considerations.

References
Considerations

Charging
Behavior

Time-Varying Road
Network

Stochastic Charging
Demands

[6–8] × × ×
[4,9–25]

√ × ×
[26–35]

√ √ ×
[36]

√ × √

3. Problem Description

During trips, EV drivers often need to recharge their vehicles to reach their destinations,
thus resulting in charging demands in a road network with EVs. The charging demand information is
assumed to include drivers’ travel destinations and the remaining energy of vehicles. Travel destination
is one of the critical factors in drivers’ travel demand. The remaining energy of EVs can be directly
obtained through built-in vehicle dashboards. When EV drivers notice that the remaining energy of
their vehicle may be insufficient to reach their destinations, they send the information of charging
demands to the charging service provider by using their mobile devices. When receiving charging
demands from EV drivers, the charging service provider needs to determine the suitable charging
station for each charging demand according to the given information. Note that charging demands in
real-world situations have uncertainty and variability by time. That is, the charging demands received
in different periods may contain different information about travel destinations of drivers and the
remaining energy of EVs. Specifically, both travel destinations and remaining energy have uncertainty
from the perspective of the charging service provider, because they derive from the individual travel
demands of drivers and operation state of EVs, respectively, thus preventing the charging service
provider from predicting the detailed information of charging demands in advance. In situations
with large-scale charging demands, multiple charging demands during identical periods often have
different information on travel destinations and remaining energy. In actual situations, the charging
service provider can obtain the information on EV and charging station locations by using positioning
devices. EV drivers do not need to send the location information to the charging service provider,
whether the charging demands occur or their detailed information is not predetermined at different
periods. Thus, the charging demands in a road network have a significant stochastic characteristic as
time progresses. To realize problem formulation, the time is discretized into finite time slots normalized
to integral units. Let {1, . . . , t, . . . , T} denote the set of time slots, where T is the total number of the
time slots. With the identical duration for each time slot, the time horizon increases as T increases.
The charging demand that occurs in node i and at time slot t is denoted by Ct

i , which is a binary
variable in the problem formulation. Its value is equal to 1 if there exists a charging demand that occurs
in normal node i (i = 1, . . . , m) at time slot t; otherwise, it is equal to 0. For each charging demand
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(Ct
i = 1), its information includes the travel destination and remaining energy, which are denoted

as dt
i and et

i , respectively. The travel destination dt
i and remaining energy et

i from different charging
demands may vary. The charging service provider cannot understand or predict Ct

i before time slots t.
Thus, the decision-making for all the charging demands needs to be determined based on the traffic
condition at corresponding time slots.

The stochastic characteristic of charging demands is one of the challenges in situations with
large-scale adoption of EVs. Traffic conditions in a road network also affect the driving speed and
energy consumption of EVs, thus affecting their traveling and charging process [37]. Traffic conditions
often have time-varying characteristic in real-world situations because of environmental factors [38].
Consequently, the energy and time that are spent while traversing the same links may vary at different
time slots. The time-varying characteristic of a road network should be considered to improve the
effectiveness of route guidance schemes. The road network structure and EV operating characteristics
are combined, and the time-varying road network is defined as G = (V, A, τt

a, Et
a), where V and A denote

the sets of nodes and links, respectively. In set V, two types of nodes, namely, normal and charging
station nodes, exist. The latter has the ability to charge EVs. For problem formulation, set V is assumed
to consist of m normal nodes and n charging station nodes. τt

a and Et
a in G denote the driving time and

energy consumption on link a at time slot t, respectively, where a ∈ A. In every time slot, the values of
τt

a and Et
a randomly change within a reasonable range, which reflects the time-varying characteristic of

the road network. The conventional optimization problems with time-varying networks often assume
that the links remain stable for the duration of a time slot [39]. For the problem of route guidance for
EV charging, the assumption signifies the constant driving time and energy consumption during a
separate time slot. The assumption conforms to the traffic condition characteristic in an actual road
network if the duration for each time slot is relatively short. Therefore, we follow such an assumption
in the route guidance problem for EV charging.

The route guidance problem for EV charging is formulated by combining stochastic charging
demands and time-varying road networks. The charging demands are assumed to occur in the normal
nodes only. The charging station nodes could not generate charging demands. Such an assumption
is reasonable, because drivers seek help from the charging service provider only when they have
difficulty finding nearby charging stations. The guidance strategies aim to help EV drivers from
normal nodes select heuristic suggested charging station nodes based on specific objectives. The binary
decision variable in the problem formulation is denoted by xt

i j, which is equal to 1 if the charging
demand generated in normal node i (i = 1, . . . , m) at time slot t is assigned to charging station node j
( j = 1, . . . , n); otherwise, this variable is 0. In every time slot, all the normal nodes in a road network
have the potential to generate charging demands. However, whether the charging demands occur or
not in every time slot is an uncertain event. In order to reflect such a characteristic of charging demand
occurrence, the possibility of the charging demand occurring in node i at each time slot is denoted as
λi(0 ≤ λi ≤ 1), as shown in Equation (1).{

Pr(Ct
i = 1) = λi

Pr(Ct
i = 0) = 1− λi

, t ∈ {1, . . . , T}, j ∈ {1, . . . , m}, (1)

where Pr (Λ) represents the possibility of the occurrence of event Λ.
Note that, given the definition of charging demand occurrence as shown in Equation (1), we assume

that each normal node is able to generate at most one charging demand following a specific possibility
during a time slot. The assumption conforms to the characteristic of charging demand occurrence in
actual situations if the duration for each time slot is relatively short. Moreover, to reduce the complexity of
problem formulation, we assume that the charging demand occurrence for each node follows a uniform
distribution. For example, the possibility of charging demand occurrence for node i has a uniform value
λi as time progresses, which does not have a time-varying characteristic and is influenced by the node
location. Although node i has a constant possibility λi for every time slot, the travel destination and
remaining energy from the charging demands may vary at different time slots.
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When addressing the charging demands at each time slot, the first step is to ensure that the
remaining energy can enable the EVs to reach the target charging stations. In a time-varying road
network, the energy consumption between normal and charging station nodes may vary at different
time slots. Thus, before charging stations are selected, the energy consumption on the routes should
be observed, and only the reachable charging stations can be considered as candidates, as shown in
Figure 1.

 

Figure 1. Reachable and unreachable charging stations (CS).

In Figure 1, the energy consumptions between node 1 and CS 1 at time slots t1 and t2 are different.
The green check mark indicates that the EV can traverse the route, and the red cross indicates that
the EV cannot do so because it has insufficient remaining energy. The figure indicates that the
reachability of the same charging station may vary at different time slots because of the time-varying
traffic conditions on the road network. The driving time on the routes may also change at different
time slots, thus determining the suitable time slots as the EVs reach charging stations. The charging
service provider is assumed to know the information about the traffic conditions on all the links at the
beginning of each time slot, acquiring such information through either real-time traffic information
from the transport sector or short-term traffic flow prediction [40]. The basic framework for the
stochastic route guidance problem in a time-varying road network is presented in Figure 2.

Figure 2. Stochastic route guidance problem in a time-varying road network.

In Figure 2, τt
(1,CS1)

is the driving time from node 1 to charging station node CS 1 under the traffic
condition at time slot t. The energy consumption between node 2 and charging station node CS 1
at time slot t is denoted by Et

(2,CS1)
. The charging demands that occur in nodes 1, 3, and m at time

slot t are denoted as Ct
1, Ct

3, and Ct
m, respectively. The objective of the problem is to provide guidance

for every charging demand by considering the traffic condition at time slot t. The recommended
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charging station nodes would be selected for the charging demands based on specific route guidance
strategies. In the figure, the decision for charging station selection is denoted as xt

(1,1)
= 1, xt

(3,2)
= 1,

and xt
(m,n)

= 1. For instance, xt
(1,1)

= 1 indicates that the charging demand that occurs in node 1 is

assigned to the charging station node CS 1. How to determine the value of xt
i j at each time slot t is the

critical issue to solve the route guidance problem for EV charging in a time-varying road network.
This issue should be considered from two aspects. Firstly, the route guidance strategies satisfy the
charging demands of EV drivers; that is, an EV should be able to reach the selected charging station
under its current remaining energy. For this reason, the relationship between remaining energy and
traffic condition needs to be considered. Secondly, the charging behavior has significant effects on the
operating state of charging stations, especially in a situation with large-scale adoption of EVs. In every
time slot, multiple charging demands may occur in a road network, and the charging stations may
have to accept multiple EVs. Given the limited charging rate, the number of EVs in a charging station
increases as the time slots pass. However, mass EV charging significantly affects the operating state of
charging stations; that is, it may prolong the queuing time and even present a potential burden on local
power systems [41–43]. Therefore, aside from drivers’ charging demands, the number of EVs at each
charging station is another important factor that needs to be considered by route guidance strategies.

We attempt to develop a dynamic recursive equation based on the operation characteristics of
charging stations to explore the change trend of EV number in charging stations under the situation
with large-scale stochastic charging demands. St

j denotes the number of EVs that complete charging
and leave charging station j at time slot t. Without loss of generality, the problem assumes that at
most one EV can leave a charging station after completing charging at each time slot. The assumption
conforms to the actual operating situation in charging stations if the duration for each time slot is
relatively short. The possibility of the event that an EV leaves the charging station j after completing
charging at each time slot is denoted as μ j(0 ≤ μ j ≤ 1), as shown in Equation (2).⎧⎪⎪⎨⎪⎪⎩ Pr(St

j = 1) = μ j

Pr(St
j = 0) = 1− μ j

, t ∈ {1, . . . , T}, j ∈ {1, . . . , n}. (2)

The parameter μ j can reflect the charging levels of the chargers in charging station j. During the
actual charging processes, the chargers with different charging levels have different charging rates for
EVs [44]. Under the definition of St

j and μ j, the duration between two adjacent events of an EV leaving
charging station j follows a geometric distribution [45]. The EV number in charging station j at time
slot t is denoted by Ut

j. The dynamic recursive equation for Ut
j is

Ut
j =

⎧⎪⎪⎪⎨⎪⎪⎪⎩
ϕ j, t = 1, j ∈ {1, . . . , n}
max{Ut−1

j +
m∑

i=1

t−1∑
t′′=1

Ct′′
i xt′′

i j − St−1
j , 0}, t ∈ {2, . . . , T}, j ∈ {1, . . . , n} , (3)

where ϕ j represents the initial EV number in charging station j within a specific time horizon, and t′′ is
the time slot when the charging demand from node i occurs. In the equation, the time slots t′′ and t
satisfy the following relationship:

t = t′′ + τt′′
(i, j). (4)

Equation (4) indicates that the EV with charging demand Ct′′
i can reach charging station j after the

driving time τt′′
(i, j). Note that, in the equation, the driving time τt′′

(i, j) is defined as the number of time
slots with identical duration.

For the problem formulation, the probability variables λi and μ j are introduced to simulate the
events of charging demand occurrence and EVs leaving charging stations during the time horizon.
However, in real-world situations, the charging service provider could receive the charging demand
information and know the number of vehicles that are leaving charging stations at the beginning of
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each time slot. Therefore, the probability variables λi and μ j do not appear in the dynamic recursive
equation. Without loss of generality, the problem assumes that the routes with minimum energy
consumption are selected as the travel routes between departure points and charging station nodes.
Another assumption is that EV drivers can reach their destinations by charging their vehicles only
once, because EVs with a single charge often have sufficient energy to reach their destinations in an
urban road network [46].

4. Route Guidance Strategies for Stochastic Charging Demands in a Time-Varying Road Network

Charging station selection decisions at each time slot should be made on the basis of specific
strategies to solve the stochastic charging demands in a time-varying road network. In this section,
we attempt to develop the heuristic-based route guidance strategies for charging station selection from
two different perspectives. Firstly, the strategy considers the effects of stochastic charging demands
on charging stations. Secondly, the other strategy aims to select charging stations based on the travel
cost of EV drivers. The effectiveness and comparison of the two strategies are discussed in Section 5.
Note that charging vehicles by using a renewable energy source, instead of coal power, would improve
the energy efficiency of EVs. In this way, the performance of strategies may be influenced if the source
of energy to charge EVs is considered, which is not discussed in this study.

4.1. Assumptions

To facilitate problem formulation, several assumptions are made as mentioned in Section 3. In this
section, we summarize the assumptions to develop the route guidance strategies as follows:

Assumption 1. The charging demand information considered in the route guidance strategies is assumed to
include drivers’ travel destinations and the remaining energy of vehicles.

Assumption 2. It is assumed that travel time and energy consumption for each link are constant during a
separate time slot. Such an assumption conforms to the traffic condition characteristic if the duration for each
time slot is relatively short.

Assumption 3. The charging demands are assumed to occur in the normal nodes and the charging station
nodes cannot generate charging demands. Such an assumption is reasonable because drivers seek help from the
charging service provider only when they have difficulty finding nearby charging stations.

Assumption 4. Each normal node is assumed to generate at most one charging demand following a uniform
distribution during a time slot. Meanwhile, it is assumed that at most one EV can leave a charging station after
completing charging at each time slot. The assumptions conform to the actual situations if the duration for each
time slot is relatively short.

Assumption 5. The charging service provider is assumed to know the information about the travel time and
energy consumption on all the links at the beginning of each time slot.

Assumption 6. Without loss of generality, it is assumed that the routes with minimum energy consumption are
selected as the travel routes between departure points and charging station nodes.

Assumption 7. It is assumed that EV drivers can reach their destinations by charging their vehicles only once,
because EVs with a single charge often have sufficient energy to reach their destinations in an urban road network.
For the routes from origins to charging stations, EV drivers prefer to focus on reachability rather than distance.

Assumption 8. Every charging demand is assumed to have at least one reachable charging station in a road
network to guarantee a solution. For the special situation in which no reachable charging station exists, extra cost
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may be incurred in transporting the vehicles, such as through trailer services, which is not discussed in the route
guidance strategies.

4.2. Route Guidance Strategy Based on Vehicle Balance in Charging Stations

In real-world traveling situations, several charging demands may be simultaneously made in
road networks. In every time slot, the heuristic suggested charging stations need to be selected for
all charging demands. Reachability is the most critical factor for charging station selection in an EV
trip. Furthermore, compared with the increasing number of EVs, charging infrastructure is often
insufficient. Given the limited charging technology at present and for the foreseeable future [47,48],
increasing charging demands and insufficient charging infrastructure may lead to queuing in charging
stations. The increasing number of EVs in charging stations affects the charging stations operation.
Mass EV charging may increase the operating burden of charging stations, and the queuing time
in charging stations may increase as the vehicle number increases. The number of vehicles at each
charging station should be considered when addressing stochastic charging demands to ensure the
operation efficiency of charging stations. However, in the actual situation, the chance of being selected
for charging stations differs if the number of EVs in charging stations is overlooked. For example,
the charging stations located in central areas may accept more EVs with charging demands than other
stations. Neglecting the number of EVs in charging stations would increase the number of EVs in the
charging stations located in central areas.

In this study, we define the charging service system as stable if all charging stations have a
sustainable number of EVs in every time slot. In real-world situations, the sustainable number of EVs
that could be queued in a charging station is limited due to resource constraints. Thus, balancing
the vehicle number at different charging stations effectively reduces the negative influence of mass
EV charging on charging stations, which refers to keeping the number of EVs at different charging
stations at a relatively similar level. For this reason, the route guidance strategy based on vehicle
balance in charging stations is established. An effective method to realize this goal is to direct an EV
to the reachable charging station with a minimum number of vehicles during the time slot. In this
way, the charging stations with fewer EVs have more chances to accept charging demands. It is also
worth noting that such a strategy may increase the travel cost of individual drivers in some cases,
especially for the drivers who can select a closer charging station with extra capacity for charging.
However, this strategy is focused on the long-term transportation scenario, and it is able to ensure the
stability of charging service system in the situation with a long time horizon. In addition, even though
the suggested charging station is not the nearest one, its reachability could be ensured based on
Assumption 7. The performance of the strategy is discussed in Section 5. To simplify the description,
the route guidance strategy based on the vehicle balance in charging stations is represented by the
charging station balance (CSB) strategy.

As mentioned in Section 3, the charging service provider would receive charging demands in
every time slot. The energy and time consumed to traverse each link, that is, Et

a and τt
a, are known

at the beginning of each time slot. The output of the CSB strategy includes heuristic suggested
charging stations, corresponding routes and driving time for the charging demands at every time slot.
The operating steps of the CSB strategy are detailed as follows:

1. At the beginning of time slot t, on the basis of the information of Et
a, the minimum energy

consumption between all the nodes with Ct
i and charging station nodes is calculated by using

shortest path algorithms [49]. The minimum energy consumption between charging demand
node i and charging station node j is denoted as Et

(i, j), which is then recorded along with
corresponding routes.

2. For each Ct
i at time slot t, Et

(i, j) is compared with et
i . If et

i ≥ Et
(i, j), then charging station j is denoted

as reachable charging station j′. Otherwise, charging station j is regarded as unreachable and
then deleted from the candidate charging stations.
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3. For all the reachable charging stations j′ of Ct
i , the EV number in charging station j′ at time slot t

is checked. The results are denoted as Ut
j′ .

4. For each Ct
i , the EV number Ut

j′ in all reachable charging stations j′ at time slot t is compared.
The node with the heuristic suggested charging station is denoted by j∗, which needs to satisfy
the following condition:

j∗ = arg min
j′
{Ut

j′ }. (5)

The values of decision variable xt
i j can be determined as follows:

xt
i j =

{
1, j = j∗
0, j � j∗ . (6)

If multiple charging stations with the same and minimum EV number exist, then one is randomly
selected as the heuristic suggested charging station for Ct

i .

5. The driving time on the minimum energy routes between nodes with Ct
i and corresponding

heuristic suggested charging station nodes j* is calculated and recorded. The results are denoted
as τt

(i, j∗).

6. Before the end of time slot t, the heuristic suggested charging stations j*, driving time τt
(i, j∗),

and corresponding routes for charging demand Ct
i are output.

Figure 3 illustrates the flowchart of the CSB strategy.

 
Figure 3. Flowchart of the charging station balance (CSB) strategy.

4.3. Route Guidance Strategy Based on the Travel Cost of Individual Drivers

EV drivers are the decision-makers for travel activities and the service objectives of smart charging
services. Therefore, the travel demands of EV drivers should be considered when planning the selection
strategy of charging stations. On the premise of charging station reachability, EV drivers often want to
reduce their travel cost as much as possible. Travel cost is generally regarded as the optimization criterion
for choosing travel routes [50,51]. Travel cost minimization is one of the critical factors for travel demands.
Travel cost has multidimensional components during an EV trip, such as travel time, energy consumption,
and charging cost [20]. The driving time and energy consumption are closely correlated with the driving
distance, with the former being typically proportional to the driving distance with a constant driving speed
and the latter having a significant linear relationship with driving distance [52], as well as a significant
influence on charging cost; hence, the charging cost would be affected by the driving distance. The driving
distance can be used to reflect the integration of travel cost components. Thus, driving distance is
minimized to establish the route guidance strategy based on drivers’ travel demands.

Unlike driving time and energy consumption, driving distance is a static factor in a time-varying
road network. Adopting driving distance as a selection criterion can utilize such an advantage and
avoid complicated prediction. The driving distance from charging stations to destinations is considered
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in the route guidance strategy. For the routes from origins to charging stations, we assume that EV
drivers prefer to focus on reachability rather than distance as mentioned in Assumption 7. As a matter
of fact, the driving distance from origins to charging stations is unable to fully reflect the travel direction
consistency between charging stations and destinations, but it could be reflected by the driving distance
from charging stations to destinations to a certain extent [53]. Furthermore, such an assumption could
reduce computing burden and ensure the feasibility of solution. Thus, the driving distance between
origins and charging stations is not involved in the strategy. To simplify the description, the route
guidance strategy based on the travel cost of individual drivers is represented by the shortest driving
distance (SDD) strategy.

As mentioned above, the SDD strategy aims to identify all reachable charging stations, and it directs
EVs to the ones with nearest to their destinations. Similar to the CSB strategy, the output of the SDD
strategy also includes heuristic suggested charging stations, corresponding routes, and driving time for
all charging demands at every time slot. The operating steps of the SDD strategy are detailed as follows:

1. At the beginning of time slot t, the minimum energy consumption between all the nodes with
Ct

i and charging station nodes is calculated on the basis of the information of Et
a. The minimum

energy consumption between charging demand node i and charging station node j is denoted as
Et
(i, j), which is recorded along with corresponding routes.

2. For each Ct
i at time slot t, Et

(i, j) is compared with et
i . If et

i ≥ Et
(i, j), then charging station j is denoted

as reachable charging station j′. Otherwise, charging station j is regarded as the unreachable one
and is then deleted from the candidate charging stations.

3. For the reachable charging station j′ of Ct
i , the driving distance between dt

i and the node with
charging station j′ is calculated. The results are denoted as l( j′,dt

i )
.

4. For each Ct
i , the driving distance between dt

i and reachable charging station j′ is compared.
j∗ denotes the node with the heuristic suggested charging station. The minimum driving distance
between dt

i and heuristic suggested charging station j′ needs to satisfy the following condition:

l( j∗,dt
i )
= min

j′
{l( j′,dt

i )
}. (7)

The values of decision variable can be determined on the basis of Equation (6). If multiple charging
stations with the same and minimum driving distance exist between them and dt

i , then one is
randomly selected as the heuristic suggested charging station for Ct

i .

5. The driving time on the minimum energy routes between nodes with Ct
i and corresponding

heuristic suggested charging station nodes j* is calculated and recorded. The results are denoted
as τt

(i, j∗).

6. Before the end of time slot t, the heuristic suggested charging stations j*, driving time τt
(i, j∗),

and corresponding routes for the charging demand Ct
i are output.

The flowchart of the SDD strategy is given in Figure 4.

 
Figure 4. Flowchart of the shortest driving distance (SDD) strategy.
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5. Simulation Analysis

5.1. Scenario Description

The simulation examples for a time-varying road network are designed to explore the performance
of the SDD and CSB strategies. The structure of the road network is designed based on the Sioux
Falls network, which is often adopted to simulate travel optimization problems [54–56]. The network
consists of 24 nodes and 76 links, as shown in Figure 5. The road network comprises eight nodes with
charging stations, which are marked as CS 1 to CS 8. The other nodes, numbered 1–16, are the normal
ones without charging stations, which may generate charging demands in every time slot.

 
Figure 5. Sioux Falls road network for the simulation example.

Each charging station node in the road network has parameter μ j to reflect the charging levels
of the charging station, where j = {1,2, . . . ,7,8}. For the normal nodes, each one has parameter λi to
reflect the stochastic characteristic of charging demand generation, where I = {1,2, . . . ,15,16}. Tables A1
and A2 (Appendix A) list the values of μ j and λi, respectively. The simulation example assumes that
the initial number of EVs at each charging station is equal to zero, that is, ϕ j = 0, for each charging
station j in the road network.

The information for each charging demand Ct
i includes the travel destination dt

i and remaining
energy et

i , which are randomly generated in the simulation example. In every time slot, the travel
destination dt

i is randomly selected from other normal nodes in the road network if a charging demand
occurs in a specific normal node. Moreover, the remaining energy et

i varies within a given interval,
and we suppose that its value ranges from 7.2 kWh to 16.8 kWh by referring to the battery capacity of
EVs. In general, EVs with a 24-kWh battery are widely used in unban transportation systems [33].
The energy consumption on each link in a time-varying road network varies as time slot passes.
The simulation example randomly determines parameter Et

a from given intervals for link a at time slot
t to reflect such a characteristic. The value intervals of the energy consumption Et

a on each link a are
listed in Table A3 (Appendix A).

Similar to the energy consumption Et
a, the driving time on each link a also has a time-varying

characteristic. Similar to parameter Et
a, the values of parameter τt

a in every time slot are randomly
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determined based on given intervals for each link a. The value intervals of driving time τt
a on each link

a are listed in Table A4 (Appendix A). The number of time slots represents the driving time on each
link given that the time is slotted into the time slots with identical duration. Without loss of generality,
the duration for each time slot is not constrained in the simulation example. In the real-world situation,
the duration for time slots could be valued according to actual requirements.

Table A5 (Appendix A) lists the length of each link a, which is denoted by la (km), in the road
network. Considering the structure characteristic of road networks, the links with a symmetric relation
have the same length.

5.2. Simulation Results and Analysis

On the basis of the example scenario, the SDD and CSB strategies are applied in the route guidance
problem with stochastic charging demands in a time-varying road network. The total number of time
slots is set as T = 102, T = 103, T = 104, T = 105, and T = 106 to analyze the performance during different
time horizons. The SDD and CSB strategies can ensure the reachability of selected charging stations
for the charging demands in every time slot, as mentioned in Section 4. The charging demands of EV
drivers can be satisfied by both strategies. Therefore, the simulation example focuses on the effects
of the proposed strategies on the operation efficiency of charging stations. The number of EVs in a
charging station is a critical factor that reflects the operation state of the charging station. Figure 6
presents the average number of EVs at each charging station during different time horizons T under the
proposed strategies, which is computed by averaging over all time slots over the entire number of EVs.

In Figure 6, cases (a)–(h) respectively show the average number of EVs in CS 1–CS 8 during
different time horizons. The change trends of the average EV number during different time horizons
reflect the stability of charging stations under specific scenarios. Stability is an important criterion for
guaranteeing the operation efficiency of charging stations. If the average number of EVs in a charging
station has a flat change trend as the time horizon increases, then the charging station would operate
stably for the given scenarios [57]; otherwise, the average number of EVs in the charging station would
increase rapidly as the time horizon increases. The figure depicts that the SDD and CSB strategies can
stabilize the operation states for CS 1–CS 8 under the example scenario, because the number of EVs
in all charging stations has flat change trends as time horizon T varies. Although fluctuation trends
exist when the time horizon ranges from T = 102 to T = 104 for several charging stations under specific
strategies, such as CS 2 under the SDD strategy, CS 3 under the CSB strategy, and CS 5 under both
strategies, all charging stations could reach a stable state after the time horizon T = 104. A comparison
of the average EV number in CS 1–CS 8 with a stable state shows a difference between the SDD and
CSB strategies. For the SDD strategy, the average number of EVs in CS 5 is greater than that in other
charging stations because the vehicle balance of charging stations is not considered. The average EV
number under the CSB strategy has a similar trend in all charging stations.

 
(a) CS 1 (b) CS 2 

Figure 6. Cont.

303



Energies 2020, 13, 2287

 
(c) CS 3 (d) CS 4 

 
(e) CS 5 (f) CS 6 

 
(g) CS 7 (h) CS 8 

Figure 6. Average electric vehicle (EV) number at each charging station during different time horizons T.

Although the average EV number is a critical reflection of the stability of each charging station,
it cannot perfectly represent the actual number of EVs in every time slot. The EV number in charging
stations at different time slots may vary during the time horizon. As time slots pass, there exists the
obvious difference between the maximum and minimum numbers of EVs in a charging station. If the
EV number in a selected charging station is relatively large, then the drivers would be reluctant to
charge their vehicles by using it at the corresponding time slot. This condition would negatively
influence the implementation efficiency of the route guidance service. Therefore, during the time
horizon T, the maximum number of EVs at each charging station is often regarded as the bottleneck
in the application of route guidance strategies under real-world situations. Figure 7 presents the
maximum number of EVs at each charging station during different time horizons T based on the
simulation example to compare the performances of the SDD and CSB strategies.
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(a) Time horizon T = 102 (b) Time horizon T = 103 

 
(c) Time horizon T = 104 (d) Time horizon T = 103 

 
(e) Time horizon T = 106 

Figure 7. Maximum EV number at each charging station during different time horizons T.

The maximum number of EVs at each charging station under the SDD and CSB strategies is
depicted in Figure 7, where cases (a)–(e) illustrate the results during different time horizons, ranging
from T = 102 to T = 106, respectively. In case (a), the maximum number of EVs in CS 1–CS 8 under
the SDD strategy is less than that under the CSB strategy. However, when the time horizon T = 103,
as shown in case (b), the EV number in CS 5 under the SDD strategy is larger than that under the
CSB strategy. In case (c), the SDD strategy enlarges the maximum number of EVs in most charging
stations, especially in CS 5, compared with case (b). The extreme gap of maximum EV number among
the charging stations is equal to 32. By contrast, the maximum number of EVs under the CSB strategy
has a moderate degree of change for all charging stations. The maximum number of EVs in CS 3 and
CS 5 in particular has a decreasing trend unlike case (b). The extreme gap of maximum EV number
among the charging stations is equal to 7. When the time horizon T = 104, as shown in case (d),
the maximum number of EVs under the SDD strategy increases for all charging stations, and the
maximum EV number in CS 5 and CS 7 is larger than that under the CSB strategy. The extreme gap in
the maximum EV number among the charging stations under the SDD and CSB strategies is equal to 41
and 7, respectively, thereby indicating a visible difference in vehicle balance among different charging
stations between the two strategies. In case (e), the maximum EV number in CS 5, CS 6, and CS 7 under
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the SDD strategy is larger than that under the CSB strategy. The extreme gap of maximum EV number
among the charging stations reaches 48 under the SDD strategy. By contrast, the maximum number of
EVs presents a balanced state for different charging stations under the CSB strategy. The extreme gap
of maximum EV number among the charging stations is equal to 7.

A comparison of the performances of the SDD and CSB strategies based on the simulation example
shows that the CSB strategy has an advantage in vehicle balance among different charging stations,
especially in the situation with a long time horizon. Thus, using the CSB strategy would avoid the
negative influence of the large number of EVs in a charging station. Unlike the CSB strategy, the SDD
strategy would enlarge the gap of the number of EVs at different charging stations as the time horizon
increases, thereby affecting the operation efficiency of the charging stations that have relatively more
vehicles. However, in the situation with a short time horizon, the SDD strategy, which considers
the travel cost of EV drivers, could address stochastic charging demands because of the unobvious
difference in the performance of the two strategies in such a situation. In summary, the CSB strategy is
suitable to be applied in long-term transportation scenario due to its ability to stabilize the charging
service system. By contrast, the SDD strategy fits the short-term transportation scenario to reduce the
travel cost of individual drivers.

5.3. Parameter Analysis for Scenario Characteristics

When discussing the route guidance problem for stochastic charging demands, in addition to
time horizon, the scenario characteristics have significant effects on the performance of the proposed
strategies. For problem formulation, parameterλi andμj are used to present the stochastic characteristics
of charging demands and processes, respectively, as mentioned in Section 3. Such parameters can also
reflect the scenario characteristics in terms of the EV scale and charging level. For instance, a large
parameter λi represents a large EV scale in node i. A large parameter μj illustrates a high charging
level of the charging station in node j. Parameters λi and μj are set as different values to explore the
performance of route guidance strategies under different scenario parameters. The values of parameter
λi for all normal nodes i are set as identical value λ to highlight the effects of parameter values on the
simulation results. The values of parameter μj for all charging station nodes j are also set as identical
value μ. The time horizon is set as T = 106 for all parameter scenarios. Figure 8 presents the maximum
number of EVs at each charging station under the SDD strategy as parameters μ and λ vary. The value
of λ is set as 0.1, 0.2, 0.3, 0.4, and 0.5. The value of μ is set as 0.6, 0.7, 0.8, 0.9, and 1.0. A parameter
scenario consists of a pair of parameters λ and μ. Thus, a total of 25 parameter scenarios are considered.

In Figure 8, cases (a)–(h) respectively illustrate the maximum EV number in CS 1–CS 8 under the
SDD strategy for the different parameter scenarios. In several parameter scenarios, the maximum EV
number in a specific charging station may exceed its sustainable limit, which indicates that the charging
station is unstable. For such a scenario, we let the maximum EV number be equal to zero in the figure.
The threshold of sustainable number of EVs for all charging stations is set as 120. In case (a), as parameter
μ increases, the maximum EV number in CS 1 presents a decreasing trend. This phenomenon indicates
that the maximum EV number reduces as the charging level of the charging station increases. By contrast,
as parameter λ increases, the maximum number of EVs in CS 1 has an increasing trend, which indicates
that the maximum EV number increases as the EV scale increases in the road network. Among all
parameter scenarios, the peak and lowest values of the maximum EV number are equal to 2 and 29,
respectively. In case (b), as the scenario parameters change, the change trend of the maximum EV number
in CS 2 is similar to that in CS 1. However, unlike case (a), unstable parameter scenarios exist in case
(b). Among all stable parameter scenarios, the peak and lowest values of the maximum EV number
equal 3 and 82, respectively. In cases (c)–(h), the change trend of the maximum number of EVs in CS
3–CS 8 is also similar to that in CS 1. Similar to CS 2, the unstable state would exist in CS 3–CS 8 under
specific parameter scenarios. Among all stable parameter scenarios, the lowest values of the maximum
EV number in CS 3–CS 8 are all equal to 4. Comparatively, the peak values of the maximum EV number
in CS 3–CS8 are respectively equal to 103, 41, 95, 58, 69, and 67. For a transportation system, the charging
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service is unstable until all charging stations can reach stability. Therefore, if at least one unstable charging
station exists in the road network under a parameter scenario, then the SDD strategy cannot be applied in
the parameter scenario. The parameter scenarios that cannot support the SDD strategy can be determined
based on such a criterion. The parameter pairs of the unstable scenarios include (λ = 0.3,μ = 0.6),
(λ = 0.3,μ = 0.7), (λ = 0.4,μ = 0.6), (λ = 0.4,μ = 0.7), (λ = 0.4,μ = 0.8), (λ = 0.4,μ = 0.9),
(λ = 0.5,μ = 0.6),(λ = 0.5,μ = 0.7), (λ = 0.5,μ = 0.8), (λ = 0.5,μ = 0.9), and (λ = 0.5,μ = 1.0).
For all the stable parameter scenarios in each case, a significant change trend can be observed as the
parameters vary, which indicates that the SDD strategy is sensitive to the change in scenarios.

 
(a) CS 1 (b) CS 2 

 
(c) CS 3 (d) CS 4 

 
(e) CS 5 (f) CS 6 

 

(g) CS 7 (h) CS 8 

Figure 8. Change trends of the maximum EV number at each charging station under the SDD strategy,
where λ is the possibility of charging demand occurrence in normal nodes at each time slot, and μ is
the possibility of an EV leaving the charging station after completing charging at each time slot.
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On the basis of the parameter scenarios and the time horizon mentioned above, the CSB strategy
is further applied in the route guidance problem with stochastic charging demands. As parameters μ
and λ vary, the maximum EV number at each charging station is obtained, as shown in Figure 9.

 
(a) CS 1 (b) CS 2 

 
(c) CS 3 (d) CS 4 

 
(e) CS 5 (f) CS 6 

 
(g) CS 7 (h) CS 8 

Figure 9. Change trends of the maximum EV number in each charging station under the CSB strategy,
where λ is the possibility of charging demand occurrence in normal nodes at each time slot, and μ is
the possibility of an EV leaving the charging station after completing charging at each time slot.

In Figure 9, cases (a)–(h) respectively present the maximum number of EVs in CS 1–CS 8 under
the CSB strategies for the different parameter scenarios. In case (a), the maximum number of EVs
in CS 1 broadly presents a flat increasing trend as parameter μ decreases and parameter λ increases.
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For several individual scenarios, a moderate fluctuation occurs as the parameters vary. The results
indicate that a change in scenarios has relatively limited effects on the CSB strategy compared with
that on the SDD strategy. Among all parameter scenarios, the peak and lowest values of the maximum
EV number in CS 1 are equal to 7 and 20, respectively. In cases (b)–(h), the maximum number of EVs in
CS 2–CS 8 shows a similar change trend to that in CS 1. Among all parameter scenarios, the lowest
values of the maximum EV number in CS 2–CS 8 are respectively equal to 9, 10, 11, 10, 9, 11, and 10.
Comparatively, the peak values of the maximum EV number in CS 2–CS 8 are equal to 26, 30, 32, 30, 28,
29, and 27, respectively. Unlike the SDD strategy, the CSB strategy can stabilize the state of CS 1–CS 8
for all parameter scenarios, thus indicating its advantage in charging station stability.

A comparison of the simulation results in Figures 8 and 9 indicates that, for the SDD and CSB
strategies, the maximum EV number increases as parameter μ decreases and parameter λ increases,
with different change trends. Given the implication of parameters μ and λ, the simulation results
conform to the operation state of charging stations in real-world situations.

6. Conclusions

In this study, a route guidance problem was formulated by combining the time-varying road
network and stochastic charging demands. To address the problem, we proposed two heuristic-based
route guidance strategies from two different perspectives, namely, the SDD and CSB strategies. The SDD
strategy uses the driving distance as the optimization criterion based on the travel cost of individual
drivers. By contrast, the CSB strategy selects the charging stations with the minimum EV number based
on the vehicle balance in charging stations. Despite their differences, both strategies can guarantee the
reachability of selected charging stations in a time-varying road network. Simulation experiments
were implemented to explore the performances of the SDD and CSB strategies. The results indicate
that the CSB strategy has an advantage over the SDD strategy in avoiding the negative influence of
mass EV charging on the charging station operation, especially in the situation with a relatively long
time horizon.

Furthermore, the parameter analysis was carried out through changing the scenario parameters in
the simulation experiments. The results present the different performances of SDD and CSB strategies
as parameter scenarios vary. For the SDD strategy, the maximum EV number at different charging
stations had a significant gap and ranged from approximately 30 to 100. By contrast, for the CSB
strategy, the maximum EV number at different charging station exhibited a moderate degree of change
and mainly ranged from 25 to 30. Moreover, the SDD strategy may be unable to stabilize the charging
service system in some heavily loaded scenarios (i.e., low μ and high λ), but the CSB strategy can
stabilize the charging service system for all parameter scenarios. However, if the charging service
is in lightly loaded scenarios (i.e., high μ and low λ), the SDD strategy could be employed due to
its similar effects on charging stations with the CSB strategy and consideration of the travel cost of
individual drivers.

Each normal node is assumed to generate at most one charging demand in every time slot
to simplify the problem formulation. Such an assumption is reasonable if each time slot has a
relatively short duration. However, as the scale of EVs increases in the urban transportation system,
multiple charging demands may occur simultaneously in the same location on road networks,
thereby significantly complicating the solving processes for the stochastic charging demands. On the
basis of the proposed strategies, a distribution rule regarding the number of charging demand occurrence
will be further explored in future work and considered to improve the route guidance strategies.
Furthermore, other evaluation metrics, such as waiting time, trip length extension, and energy efficiency,
will be introduced in a future study.
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Appendix A

Table A1. Value of parameter μ j for each charging station node.

Charging
Station

μj
Charging

Station
μj

Charging
Station

μj

CS 1 0.74 CS 4 0.90 CS 7 0.94
CS 2 0.84 CS 5 0.78 CS 8 0.90
CS 3 0.94 CS 6 0.87

Table A2. Value of parameter λi for each normal node.

Normal
Node

λi
Normal
Node

λi
Normal

Node
λi

Normal
Node

λi

1 0.31 5 0.20 9 0.18 13 0.57
2 0.62 6 0.13 10 0.27 14 0.35
3 0.32 7 0.50 11 0.15 15 0.52
4 0.69 8 0.25 12 0.26 16 0.67

Table A3. Value intervals of energy consumption Et
a for link a at time slot t.

Link a Et
a (kWh) Link a Et

a (kWh) Link a Et
a (kWh)

1–CS 1 (2.64, 5.76) 9–7 (2.16, 4.8) CS 1–2 (1.68, 4.08)
1–4 (3.6, 5.04) 9–11 (2.16, 5.04) CS 2–3 (3.6, 6.96)

2–CS 1 (2.4, 4.8) 10–CS 4 (2.64, 5.52) CS 2–4 (2.88, 6.48)
2–3 (1.92, 4.56) 10–12 (1.44, 4.08) CS 2–5 (3.6, 4.8)
3–2 (3.12, 4.32) 10–CS 7 (2.64, 4.56) CS 3–2 (2.88, 6)

3–CS 4 (1.44, 3.84) 11–9 (2.16, 3.6) CS 3–CS 4 (2.88, 5.28)
3–CS 2 (1.2, 4.32) 11–CS 7 (1.2, 4.56) CS 3–14 (2.16, 4.8)

4–1 (2.16, 3.6) 11–16 (1.44, 3.36) CS 4–3 (1.2, 4.8)
4–CS 2 (2.4, 5.28) 12–10 (2.16, 4.8) CS 4–7 (2.64, 6)

4–6 (3.12, 6.48) 12–13 (2.4, 4.8) CS 4–10 (3.12, 6.72)
5–CS 2 (2.88, 5.28) 12–CS 8 (1.92, 4.8) CS 4–CS 3 (2.88, 4.8)

5–6 (2.4, 3.6) 13–CS 7 (3.36, 5.04) CS 5–6 (1.2, 3.12)
5–7 (1.68, 3.6) 13–12 (2.64, 4.56) CS 5–7 (1.44, 3.36)
6–4 (1.44.5.04) 13–15 (1.68, 4.56) CS 5–8 (3.12, 5.04)
6–5 (2.16, 3.6) 13–16 (1.44, 5.04) CS 5–9 (2.4, 5.04)

6–CS 5 (2.16, 5.28) 14–CS 3 (3.12, 5.04) CS 6–6 (2.16, 4.08)
6–CS 6 (3.6, 5.52) 14–CS 8 (2.88, 6.24) CS 6–8 (1.92, 5.52)

7–5 (3.6, 5.52) 15–13 (1.92, 5.28) CS 7–7 (1.68, 4.56)
7–CS 4 (1.92, 4.32) 15–CS 8 (1.2, 4.56) CS 7–10 (3.6, 6.72)
7–CS 7 (3.36, 5.52) 15–16 (2.16, 5.28) CS 7–11 (2.16, 3.84)

7–9 (2.64, 6.24) 16–8 (2.4, 4.08) CS 7–13 (1.44, 2.88)
7–CS 5 (2.4, 4.32) 16–11 (2.4, 6) CS 8–12 (2.4, 3.6)
8–CS 6 (3.36, 4.8) 16–13 (3.36, 6.72) CS 8–14 (1.2, 3.84)
8–CS 5 (3.12, 4.8) 16–15 (3.6, 6.96) CS 8–15 (2.64, 5.28)
8–16 (2.4, 3.84) CS 1–1 (2.16, 5.28) 2–CS 3 (2.16, 4.32)

9–CS 5 (1.2, 4.32)
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Table A4. Value intervals of driving time τt
a for link a at time slot t.

Link a τt
a Link a τt

a Link a τt
a

1–CS 1 (2, 5) 9–7 (1, 2) CS 1–2 (1, 3)
1–4 (1, 4) 9–11 (1, 2) CS 2–3 (1, 2)

2–CS 1 (2, 3) 10–CS 4 (1, 2) CS 2–4 (2, 4)
2–3 (1, 2) 10–12 (1, 2) CS 2–5 (1, 3)
3–2 (2, 3) 10–CS 7 (2, 4) CS 3–2 (1, 2)

3–CS 4 (2, 3) 11–9 (1, 2) CS 3–CS 4 (1, 3)
3–CS 2 (1, 4) 11–CS 7 (2, 4) CS 3–14 (1, 2)

4–1 (1, 2) 11–16 (1, 2) CS 4–3 (1, 2)
4–CS 2 (2, 4) 12–10 (2, 3) CS 4–7 (1, 3)

4–6 (1, 2) 12–13 (1, 2) CS 4–10 (1, 3)
5–CS 2 (1, 2) 12–CS 8 (1, 4) CS 4–CS 3 (1, 2)

5–6 (1, 2) 13–CS 7 (1, 3) CS 5–6 (1, 2)
5–7 (2, 3) 13–12 (1, 2) CS 5–7 (1, 2)
6–4 (1, 2) 13–15 (2, 3) CS 5–8 (1, 2)
6–5 (1, 2) 13–16 (1, 2) CS 5–9 (1, 2)

6–CS 5 (1, 3) 14–CS 3 (2, 4) CS 6–6 (1, 3)
6–CS 6 (1, 2) 14–CS 8 (2, 3) CS 6–8 (2, 3)

7–5 (1, 2) 15–13 (2, 3) CS 7–7 (1, 3)
7–CS 4 (2, 5) 15–CS 8 (2, 5) CS 7–10 (1, 3)
7–CS 7 (2, 4) 15–16 (1, 2) CS 7–11 (1, 2)

7–9 (1, 2) 16–8 (1, 3) CS 7–13 (1, 2)
7–CS 5 (1, 3) 16–11 (1, 2) CS 8–12 (2, 3)
8–CS 6 (2, 5) 16–13 (1, 3) CS 8–14 (1, 2)
8–CS 5 (2, 4) 16–15 (2, 3) CS 8–15 (1, 2)
8–16 (1, 2) CS 1–1 (1, 2) 2–CS 3 (1, 3)

9–CS 5 (2, 3)

Table A5. Length la of link a in the road network.

Link a la (km) Link a la (km) Link a la (km)

1–CS 1 23 9–7 15 CS 1–2 11
1–4 12 9–11 10 CS 2–3 10

2–CS 1 11 10–CS 4 14 CS 2–4 10
2–3 10 10–12 11 CS 2–5 11
3–2 10 10–CS 7 12 CS 3–2 17

3–CS 4 20 11–9 10 CS 3–CS 4 12
3–CS 2 10 11–CS 7 12 CS 3–14 22

4–1 12 11–16 16 CS 4–3 20
4–CS 2 10 12–10 11 CS 4–7 10

4–6 12 12–13 12 CS 4–10 14
5–CS 2 11 12–CS 8 10 CS 4–CS 3 12

5–6 10 13–CS 7 11 CS 5–6 11
5–7 12 13–12 12 CS 5–7 11
6–4 12 13–15 10 CS 5–8 10
6–5 10 13–16 16 CS 5–9 11

6–CS 5 11 14–CS 3 22 CS 6–6 12
6–CS 6 12 14–CS 8 12 CS 6–8 12

7–5 12 15–13 10 CS 7–7 18
7–CS 4 10 15–CS 8 11 CS 7–10 12
7–CS 7 18 15–16 10 CS 7–11 12

7–9 15 16–8 30 CS 7–13 11
7–CS 5 11 16–11 16 CS 8–12 10
8–CS 6 12 16–13 16 CS 8–14 12
8–CS 5 10 16–15 10 CS 8–15 11
8–16 30 CS 1–1 23 2–CS 3 17

9–CS 5 11

311



Energies 2020, 13, 2287

References

1. International Energy Agency. Global EV Outlook 2017; IEA: Paris, France, 2017.
2. Rezvani, Z.; Jansson, J.; Bodin, J. Advances in consumer electric vehicle adoption research: A review and

research agenda. Transp. Res. Part D Transp. Environ. 2015, 34, 122–136. [CrossRef]
3. Melliger, M.; Van Vliet, O.; Liimatainen, H. Anxiety vs. reality—Sufficiency of battery electric vehicle range

in Switzerland and Finland. Transp. Res. Part D Transp. Environ. 2018, 65, 101–115. [CrossRef]
4. Wang, Y.; Bi, J.; Zhao, X.; Guan, W. A geometry-based algorithm to provide guidance for electric vehicle

charging. Transp. Res. Part D Transp. Environ. 2018, 63, 890–906. [CrossRef]
5. Gendreau, M.; Ghiani, G.; Guerriero, E. Time-dependent routing problems: A review. Comput. Oper. Res.

2015, 64, 189–197. [CrossRef]
6. Artmeier, A.; Haselmayr, J.; Leucker, M.; Sachenbacher, M. The shortest path problem revisited: Optimal

routing for electric vehicles. In Annual Conference on Artificial Intelligence; Springer: Berlin/Heidelberg,
Germany, 2010; pp. 309–316.

7. Storandt, S. Quick and energy-efficient routes: Computing constrained shortest paths for electric vehicles.
In Proceedings of the 5th ACM SIGSPATIAL International Workshop on Computational Transportation
Science, Redondo Beach, CA, USA, 7–9 November 2012; ACM: New York, NY, USA, 2012; pp. 20–25.

8. Neaimeh, M.; Hill, G.; Hübner, Y.; Blythe, P.T. Routing systems to extend the driving range of electric vehicles.
IET Intell. Transp. Syst. 2013, 7, 327–336. [CrossRef]

9. Sweda, T.; Dolinskaya, I.; Klabjan, D. Adaptive routing and recharging policies for electric vehicles. Transp. Sci.
2017, 51, 1326–1348. [CrossRef]

10. Qin, H.; Zhang, W. Charging scheduling with minimal waiting in a network of electric vehicles and
charging stations. In Proceedings of the Eighth ACM International Workshop on Vehicular Inter-Networking,
Las Vegas, NV, USA, 19 –23 September 2011; ACM: New York, NY, USA, 2011; pp. 51–60.

11. Said, D.; Cherkaoui, S.; Khoukhi, L. Queuing model for EVs charging at public supply stations. In Proceedings
of the 2013 9th International Wireless Communications and Mobile Computing Conference (IWCMC),
Sardinia, Italy, 1–5 July 2013; IEEE: Piscataway, NJ, USA, 2013; pp. 65–70.

12. Yang, S.; Cheng, W.; Hsu, Y.; Gan, C.; Lin, Y. Charge scheduling of electric vehicles in highways. Math. Comput.
Model. 2013, 57, 2873–2882. [CrossRef]

13. De Weerdt, M.; Stein, S.; Gerding, E.; Robu, V.; Jennings, N. Intention-aware routing of electric vehicles.
IEEE Trans. Intell. Transp. Syst. 2015, 17, 1472–1482. [CrossRef]

14. Zhang, Y.; Aliya, B.; Zhou, Y.; You, I.; Zhang, X.; Pau, G.; Collotta, M. Shortest feasible paths with partial
charging for battery-powered electric vehicles in smart cities. Pervasive Mob. Comput. 2018, 50, 82–93.
[CrossRef]

15. Wang, T.; Cassandras, C.; Pourazarm, S. Energy-aware vehicle routing in networks with charging nodes.
IFAC Proc. Vol. 2014, 47, 9611–9616. [CrossRef]

16. Cao, Y.; Tang, S.; Li, C.; Zhang, P.; Tan, Y.; Zhang, Z.; Li, J. An optimized EV charging model considering
TOU price and SOC curve. IEEE Trans. Smart Grid 2011, 3, 388–393. [CrossRef]

17. Liu, C.; Wu, J.; Long, C. Joint charging and routing optimization for electric vehicle navigation systems.
IFAC Proc. Vol. 2014, 47, 2106–2111. [CrossRef]

18. Yagcitekin, B.; Uzunoglu, M. A double-layer smart charging strategy of electric vehicles taking routing and
charge scheduling into account. Appl. Energy 2016, 167, 407–419. [CrossRef]

19. Sun, Z.; Zhou, X. To save money or to save time: Intelligent routing design for plug-in hybrid electric vehicle.
Transp. Res. Part D Transp. Environ. 2016, 43, 238–250. [CrossRef]

20. Wang, Y.; Bi, J.; Guan, W.; Zhao, X. Optimising route choices for the travelling and charging of battery electric
vehicles by considering multiple objectives. Transp. Res. Part D Transp. Environ. 2018, 64, 246–261. [CrossRef]

21. Wang, Y.; Jiang, J.; Mu, T. Context-aware and energy-driven route optimization for fully electric vehicles via
crowdsourcing. IEEE Trans. Intell. Transp. Syst. 2013, 14, 1331–1345. [CrossRef]

22. Abousleiman, R.; Rawashdeh, O.; Abousleiman, R.; Rawashdeh, O. A Bellman-Ford approach to energy
efficient routing of electric vehicles. In Proceedings of the 2015 IEEE Transportation Electrification Conference
and Expo (ITEC), Dearborn, MI, USA, 14–17 June 2015; IEEE: Piscataway, NJ, USA, 2015; pp. 1–4.

23. Strehler, M.; Merting, S.; Schwan, C. Energy-efficient shortest routes for electric and hybrid vehicles.
Transp. Res. Part B Methodol. 2017, 103, 111–135. [CrossRef]

312



Energies 2020, 13, 2287

24. Fiori, C.; Ahn, K.; Rakha, H. Optimum routing of battery electric vehicles: Insights using empirical data and
microsimulation. Transp. Res. Part D Transp. Environ. 2018, 64, 262–272. [CrossRef]

25. Fernández, R. A more realistic approach to electric vehicle contribution to greenhouse gas emissions in the
city. J. Clean. Prod. 2018, 172, 949–959. [CrossRef]

26. Alizadeh, M.; Wai, H.; Scaglione, A.; Goldsmith, A.; Fan, Y.; Javidi, T. Optimized path planning for
electric vehicle routing and charging. In Proceedings of the 2014 52nd Annual Allerton Conference on
Communication, Control, and Computing (Allerton), Monticello, IL, USA, 30 September–3 October 2014;
IEEE: Piscataway, NJ, USA, 2014; pp. 25–32.

27. Yi, Z.; Bauer, P. Optimal stochastic eco-routing solutions for electric vehicles. IEEE Trans. Intell. Transp. Syst.
2018, 19, 3807–3817. [CrossRef]

28. Zhang, S.; Luo, Y.; Li, K. Multi-objective route search for electric vehicles using ant colony optimization.
In Proceedings of the 2016 American Control Conference (ACC), Boston, MA, USA, 6–8 July 2016;
IEEE: Piscataway, NJ, USA, 2016; pp. 637–642.

29. Jafari, E.; Boyles, S. Multicriteria stochastic shortest path problem for electric vehicles. Netw. Spat. Econ.
2017, 17, 1043–1070. [CrossRef]

30. Daina, N.; Sivakumar, A.; Polak, J. Electric vehicle charging choices: Modelling and implications for smart
charging services. Transp. Res. Part C Emerg. Technol. 2017, 81, 36–56. [CrossRef]

31. Huber, G.; Bogenberger, K. Long-Trip Optimization of Charging Strategies for Battery Electric Vehicles.
Transp. Res. Rec. 2015, 2497, 45–53. [CrossRef]

32. Jiang, N.; Xie, C.; Duthie, J.; Waller, S. A network equilibrium analysis on destination, route and parking
choices with mixed gasoline and electric vehicular flows. EURO J. Transp. Logist. 2014, 3, 55–92. [CrossRef]

33. He, F.; Yin, Y.; Lawphongpanich, S. Network equilibrium models with battery electric vehicles. Transp. Res.
Part B Methodol. 2014, 67, 306–319. [CrossRef]

34. Xie, C.; Jiang, N. Relay requirement and traffic assignment of electric vehicles. Comput. -Aided Civ. Infrastruct.
Eng. 2016, 31, 580–598. [CrossRef]

35. Xu, M.; Meng, Q.; Liu, K. Network user equilibrium problems for the mixed battery electric vehicles and
gasoline vehicles subject to battery swapping stations and road grade constraints. Transp. Res. Part B
Methodol. 2017, 99, 138–166. [CrossRef]

36. Hung, Y.; Michailidis, G. Optimal routing for electric vehicle service systems. Eur. J. Oper. Res.
2015, 247, 515–524. [CrossRef]

37. Bi, J.; Wang, Y.; Sai, Q.; Ding, C. Estimating remaining driving range of battery electric vehicles based on
real-world data: A case study of Beijing, China. Energy 2019, 169, 833–843. [CrossRef]

38. Huang, Y.; Zhao, L.; Van Woensel, T.; Gross, J. Time-dependent vehicle routing problem with path flexibility.
Transp. Res. Part B Methodol. 2017, 95, 169–195. [CrossRef]

39. Neely, M.; Modiano, E.; Rohrs, C. Dynamic power allocation and routing for time-varying wireless networks.
IEEE J. Sel. Areas Commun. 2005, 23, 89–103. [CrossRef]

40. Polson, N.; Sokolov, V. Deep learning for short-term traffic flow prediction. Transp. Res. Part C Emerg. Technol.
2017, 79, 1–17. [CrossRef]

41. Cheng, L.; Chang, Y.; Huang, R. Mitigating voltage problem in distribution system with distributed solar
generation using electric vehicles. IEEE Trans. Sustain. Energy 2015, 6, 1475–1484. [CrossRef]

42. Xu, Z.; Su, W.; Hu, Z.; Song, Y.; Zhang, H. A hierarchical framework for coordinated charging of plug-in
electric vehicles in China. IEEE Trans. Smart Grid 2015, 7, 428–438. [CrossRef]

43. Esfahani, M.; Yousefi, G. Real time congestion management in power systems considering quasi-dynamic
thermal rating and congestion clearing time. IEEE Trans. Ind. Inform. 2016, 12, 745–754. [CrossRef]

44. Gnann, T.; Funke, S.; Jakobsson, N.; Plötz, P.; Sprei, F.; Bennehag, A. Fast charging infrastructure for electric
vehicles: Today’s situation and future needs. Transp. Res. Part D Transp. Environ. 2018, 62, 314–329.
[CrossRef]

45. Li, B.; Eryilmaz, A. Non-derivative algorithm design for efficient routing over unreliable stochastic networks.
Perform. Eval. 2014, 71, 44–60. [CrossRef]

46. Franke, T.; Krems, J.F. Understanding charging behaviour of electric vehicle users. Transp. Res. Part F Traffic
Psychol. Behav. 2013, 21, 75–89. [CrossRef]
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Abstract: The shift-by-wire (SBW) system in vehicles aims to increase performance, safety, and comfort
during driving. Switched reluctance motors (SRMs) are simple, resilient, and require only minimum
maintenance; these factors make it a good option for use as an SBW actuator. Inherently, SRM
generates a higher torque ripple than other AC machines, which can lead to a deterioration of
its function. In this paper, a non-uniform air-gap rotor structure combined with the careful positioning
of holes near the pole surface is proposed to reduce the torque ripple. The finite element method
(FEM) is employed to analyze the electromagnetic characteristics of the design. The proposed motor
is manufactured, and experiments are done to verify the performance. The design alone can reduce
the torque ripple by 7% and flatten the torque waveform. The experimental result shows that
the proposed motor can achieve the desired performance. The estimated torque ripple from the
experiment is 26.65%.

Keywords: shift-by-wire (SBW); switched reluctance motor (SRM); non-uniform air-gap; rotor hole
placement; torque ripple; rotor structure

1. Introduction

Automotive x-by-wire systems have undergone a significant technological development over the
last few decades. The “x” refers to the function segment of a car, such as parking, shifting, and braking,
and varies widely. In shift-by-wire (SBW), the traditional mechanical connection between the gearshift
activator (e.g., shift lever) and transmission is replaced with electric components. There are four
common shifting modes—parking (P), reverse (R), neutral (N), and driving (D)—which the driver can
switch to easily. When a command is given, it activates the electronic control that rotates the actuator
to change the gear. SBW systems are easier to assemble and require less space, so there will is more
room for interior design. Moreover, it adds convenience and comfort in driving [1]. According to [2],
the three most important aspects in designing and manufacturing vehicle transmissions are their long
service life, low repair cost, and low production costs, each of which score 9.00, 4.89, and 4.59 out of
10 points, respectively. In other words, the robustness of the system is the most essential factor.

Switched reluctance motors (SRMs) satisfy the three top requirements. The structure is simple
and resilient. The core is doubly-salient with no permanent magnets, and the windings are only
wound on the stator in a concentrated way. Moreover, the end-coil length is short, and so the motor is
relatively small and compact overall. In terms of its structure, SRM is highly robust. SRM has been
reported to be used by Toyota and Lexus as the motor is reliable and highly responsive [3,4].

SRMs are singly-excited and inherently generate a high torque ripple compared to AC machines
running on sinusoidal voltage. Figure 1 shows a general 6/4 SRM drive system with an asymmetric half
bridge converter and ideal torque generation. As the name suggests, SRM generates only reluctance
torque and it pulsates according to the rotor position due to the switching operation and structure.
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In other words, the torque generation is based on the tendency of the rotor to be aligned with the
excited stator pole pair [5]. Therefore, the reduction of torque ripple is a major topic in SRM research.
The methods vary from design to control and simple to complicated approaches. From the design
perspective, it is common to change the stator and/or rotor pole shape to form either a non-uniform
air-gap or wide arc [6–8]. A unique semi-elliptical core is proposed in [9], in which both sides of each
rotor pole are somewhat rounded instead of being straight lines. Rounded rotor pole tips are also
presented as a design to reduce torque ripple in [10]. The inclusion of holes on the pole are also viable,
as shown in [11–15], but this is usually done to reduce the noise and vibration. Various hole shapes
have been studied; the effect of the height, width, and location of rectangular holes can be seen in [12].
Circular holes are preferred in [13], which prevent local saturation in the corners of square-shaped holes.
Small diamond-shaped holes are placed strategically in the stator yoke in [14] to enhance the oscillation
damping, leading to lower vibration. Triangular shapes are presented in [15] based on the flux path to
reduce the stress during excitation. In addition, multi-objective shape optimization using intelligent
algorithms (e.g., genetic algorithm, particle swarm, etc.) is usually implemented in the geometry
optimization process [16–18]. With this method, various losses and thermal factors can be considered
in combination to generate the optimum model. The inherent torque ripple of SRM is due to the
nonlinear coupling between the phase current, rotor position, and overlapping angle as well as the
complete machine geometry determined in the initial design process [17,19]. Therefore, to effectively
reduce the torque ripple, it is best to undertake both design alterations and a control strategy. However,
this study solely focuses on the design.

Figure 1. (a) General 12/8 switched reluctance motor (SRM) with parallel winding connection and
(b) constant current excitation.

In this paper, a rotor pole design combining a non-uniform air-gap and circular holes near the tip is
proposed to reduce torque ripple. The SBW system actuator is equipped with a cycloidal speed reducer
to increase the output torque up to hundreds of Nm. Depending on the gear ratio, many rotations
of the motor can only translate to one tooth being moved at the transmission gear. Smooth rotation
is necessary to ensure accurate movement and increase the reliability of the SBW. The selection of
a non-uniform angle and hole position is described. The finite element method (FEM) is used to
analyze the electromagnetic characteristics of the design. The proposed SRM was manufactured and
experiments were performed to verify the performance of the motor. Two simple Hall-effect sensors
mounted on the back of the motor frame are used as rotation angle sensors to ensure a compact design.
The simulation and experiment results show a reduction in torque ripple while maintaining the average
torque output.

A similar structure, with holes drilled on the corners of stator and rotor poles, is proposed in [20].
The stator poles have a small shoe-like design, and a conventional uniform air-gap was implemented.
The authors also suggested a tapered pole and skewed rotors. However, the rotor positioning method
is not clearly described, and the design optimization approach is complicated. A non-uniform air-gap
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is also used in [21], which also targets the SBW application, but the design is complex. The rotor pole
surface is castle-shaped using a plurality of concavities and convexities. A complicated structure is more
prone to possible manufacturing errors. The proposed design simply adopts an arched non-uniform
air-gap and two holes in the non-uniform air gap section. A hole placement method to modify the
torque profile is also presented. Since SRM has no permanent magnet, its torque magnitude depends
largely on the length of the air-gap. A non-uniform air-gap results in a larger gap length, and the
holes are positioned so that saturation level at the surface can be maintained while still reducing the
peak torque, leading to a lower torque ripple. Compared to previous literature, the proposed design is
simple and straightforward and can serve as a guideline for modifying the torque profile by design.

2. Design of Proposed SRM

2.1. Design Target and Parameters

For the SBW application, a three-phase 12/8 SRM topology is chosen. A greater pole number
is generally associated with higher torque, and a lower number corresponds to a higher rotational
speed [22]. In SBW, the motor is not running continuously, but only on command according to the driver.
The automotive voltage of 12 V is used as the input supply. The maximum current should be lower than
30 A to reduce the burden of the converter. Detailed specifications of the proposed motor are shown in
Table 1. Another important aspect of the application is bi-directional rotation: the SRM must be able to
rotate clockwise and counterclockwise to shift the gear back and forth. Most non-uniform air gap SRMs
cut a small part of the rotor/stator tip in the same way for every pole. However, this method disables
the bi-directional rotating capability since the inductance profile becomes asymmetrical. A solution to
this is presented below.

Table 1. Design parameters.

Parameters Value

Stator outer diameter (mm) 75
Stack length (mm) 18

Air-gap length (mm) 0.25
DC-link voltage (V) 12

Maximum phase current (A) 30
Rated speed (RPM) 1800
Rated torque (Nm) 0.24

2.2. Conventional 12/8 SRM

Common SRMs have a uniform air-gap, as shown in Figure 2a. The notations βs, βr, and βg denote
the stator pole arc, rotor pole arc, and the angular distance between the stator and rotor pole tips
when fully unaligned. Zero position is as determined in the figure as the position at which the rotor is
completely unaligned with the stator. The corresponding torque and inductance profiles can be seen in
Figure 2b. The inductance profile depends on the geometry of the motor and determines the torque
as follows:

Tph =
1
2

i2ph

dLph

dθ
(1)

where Tph, iph, Lph, and θ are the phase torque, current, inductance, and rotor position. Lph can be
obtained by one-phase excitation, and this value changes according to rotor position. Considering
the linear magnetic characteristic, in SRM, the torque is proportional to the square of current and the
change of inductance. The straight line is at 22.5◦, where both poles are perfectly aligned and both
left and right sides are identical to each other. This symmetry ensures bi-rotational rotation capability.
The average torque considering the positive torque area only is 0.324 Nm.
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Figure 2. Conventional 12/8 SRM: (a) 2D model and (b) characteristics.

The goal of this research is to reduce the torque ripple and shape the waveform close to an
ideal profile, as shown in Figure 1b, whereas square-shaped torque is generated with constant current
excitation. In Figure 2b, there is a protruding section between P and Q where the torque appears to
have some “overshoot” before flattening again at Q. The angular distance between P and Q is 6◦.

2.3. Non-Uniform Rotor Stucture

In order to retain the bi-directional rotating capability while maintaining a non-uniform air-gap, a
mirrored structure is presented in Figure 3a. The M-type design has the cutting part on the left side,
and the N-type design has this on the right side. The distribution is even for the rotor poles, meaning
that there will be four “Ms” and four “Ns” for a 12/8 SRM. A similar structure was shown in [21],
but instead of cutting/chipping a part of the tip, a castle-shaped pole was introduced. Compared
to [21], the proposed rotor will be much simpler. The rotor surface can be divided into two sections:
non-uniform and uniform. As can be seen in Figure 3b, the relationship can be expressed by the
equation below, where βnon and βuni are the arcs of non-uniform and uniform sections, respectively.
βnon is set to 6◦ based on previous observation.

βr = βnon + βuni (2)

Figure 3. Bi-directional non-uniform structure: (a) pole distribution and (b) modeling.

The cutting length, lnon, is measured from the pole tip vertically along the side. Therefore,
the maximum non-uniform air-gap length is the addition of conventional air-gap lg and lnon.

Inductance is at maximum when the poles are aligned. Considering counterclockwise rotation,
the air-gap increases gradually on the M-type pole. Generally, there are two ways to cut the pole:
line and arc. The straight (blue) and concave (red) lines in Figure 3b show the difference between
these approaches. Nevertheless, both cuts cause a slower increase of inductance compared to the
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conventional method. Because of this, the torque is also reduced during βnon, and instead of having
an “overshoot”, it appears much rounder. The βnon section ends at point Q, and the profile after
that is similar using either conventional or non-uniform methods. After alignment, the rotor pole
leaves the stator pole, and due to the “N” pole, the air-gap slightly increases, thus creating symmetry
in the profiles. This phenomenon is shown and compared in Figure 4. Compared to the straight
non-uniform gap, the arched cut preserves some convexity in torque, which results in a greater
positive area while still reducing the “overshoot” and creates a more similar feature to the ideal profile.
As a result, the average torque is higher than that of the straight cut. The values of the average torque
with the same current excitation are 0.324, 0.315, and 0.319 for conventional, straight, and arched cuts,
respectively. Because the torque drops by 2.8% in a straight cut and 1.5% in an arched cut, the latter is
chosen in this study.

Figure 4. Comparison of conventional and non-uniform air-gap models: (a) torque and (b) inductance.

2.4. Proposed Rotor Stucture

After choosing the appropriate non-uniform section, the next step is to flatten the curve to further
reduce the ripple. Figure 5 shows the design of the proposed rotor. βdisR, βdisH, and ldisH are the angular
distance of the first hole to the nearest pole edge, the angular distance between the holes, and the
distance from the pole surface. Note that the ldisH is constant regardless of the non-uniform part.
Two small holes are placed near the surface because the closer they are to the shaft, the less their effect
will be on torque development. Manufacturing accuracy is the only restriction in the model.

Figure 5. Proposed rotor structure: (a) pole distribution and (b) modeling.

In order to investigate this more deeply, the non-uniform, one-hole model is investigated.
The comparison of the torque and inductance of the four designs is shown in Figure 6. Two points,
R and S, mark the convex area that has to be straightened from the previous non-uniform-only structure
to achieve the ideal torque waveform shape. H1 is located at “R”. It can be seen that the simple
non-uniform and single hole models do not have distinct differences, as seen in the figure. However,
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the corner at “R” is slightly lowered in the single-hole design. The second hole and the H2 placement
create the rather square shape, which is discussed in Section 3. In any case, the symmetrical feature is
retained, and so bi-directional rotation is possible. In this study, both holes have the same diameter,
but it is possible to shape them in any way to create the desired waveform in accordance with the
general guidelines given here. The average torque of the one-hole and proposed model for the same
current excitation is 0.319 and 0.317 Nm, respectively. In other words, the proposed method has the
minimum torque compared to others, with a drop of 2.16% compared the conventional approach.

Figure 6. Comparison of the four models: (a) inductance and (b) torque.

3. Simulation Results

3.1. Flux Distribution

In this section, the flux paths from the stator to the rotor for points P, R, Q, and S are examined.
Only the “M” type is used as illustration since the “N” type will work in the opposite manner.
Both motors have the same core material, 50PN440, and the current is adjusted to obtain a similar
average torque output. The summary of the point positions is given below.

Figures 7 and 8 show the flux distribution of conventional and proposed motors as the rotor
rotates along the circumference passing the stator pole. Each figure from (a) to (d) presents points P, R,
Q, S, as described Figure 4, Figure 6, and Table 2. The subsection (e), however, is arbitrarily chosen to
observe why the proposed motor has a slightly wider torque positive area, as seen in Figure 6b.

Table 2. Selection of point location.

Point Definition

P Start of overlap between rotor and stator
R Start of “torque overshoot” corner
Q End of “torque overshoot” corner
S End of convexity of torque waveform

At point P, where the tips of the rotor and stator pole meet, no distinction can be made between
the two models other than that the flux is more concentrated at the pole tip for the conventional model.
This corresponds to Figures 4b and 6b, in which the value of torque is similar for the four models.

At point R, where the torque convexity corner starts, the stator and rotor overlap in the non-uniform
air-gap section. As a result, the flux density of the proposed design is lower, which leads to a lower
torque value. In contrast to the conventional type, the sharp increase in torque can be reduced by
avoiding high density or saturation in this area, thus obtaining a smoother slope.
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Figure 7. Flux density of conventional type: (a) point P, (b) point R, (c) point Q, (d) point S,
(e) 87% aligned.

Figure 8. Flux density of proposed motor: (a) point P, (b) point R, (c) point Q, (d) point S, (e) 87% aligned.
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After passing point R, the rotation comes to point Q, where the “torque overshoot” curve in
the conventional model ends. Relative to point R, the maximum density of the conventional type is
reduced here, and so is the torque value. However, this is not the case in the proposed model. The flux
density level on the surface of the overlapping section is only higher than that at point R. Therefore,
the torque value can be maintained. It can be seen in the figure that this is where the second hole plays
an important role in keeping the rotor surface flux density the same; changing the position and/or size
will affect the flatness of the torque.

Finally, the end of the convexity is at point S. Here, the average surface flux density in the
overlapping section is similar in both models, which explains the torque values in Figure 6b.
After point S, the 87% aligned position is chosen arbitrarily. The proposed model still has slightly
higher torque compared to the conventional one, resulting in a wider positive area. The reason for
this is shown in Figure 8e, where the average surface flux density of the proposed structure is higher
because of the positioning of the second hole. In conclusion, the generated torque is closely related to
the flux distribution in the overlapping region of the stator and rotor poles. Maintaining a similar flux
density level over the excitation period means keeping a constant torque value and thus lowering the
torque ripple.

3.2. Continuous Torque

Single-phase excitation alone cannot verify the reduction of the torque ripple. In this section,
continuous torque is observed when all phases are excited sequentially. First, the torque ripple equation
is given as a percentage of the average torque as follows:

Tripple =
Tmax + Tmin

Tavg
(3)

Figure 9a shows the continuous torque in the proposed SRM. Tmin occurs at conduction when
the exciting phase is turned off and the next phase is turned on. This switching action inevitably
creates the inherent high torque ripple in SRM. Reducing Tmax and increasing Tmin for the same
Tavg is an effective way to reduce the torque ripple. This is the main goal of the proposed structure.
However, as shown before, the average torque decreases with each modification. For the torque
ripple comparison, the current is adjusted so that the four models have the same average torque of
0.45 Nm. The result is presented in Figure 9b. The corresponding torque ripple is shown in Table 3.
The torque ripple is reduced by 7%, and the current of the proposed model is merely 0.5 A higher than
the conventional approach. It is shown that the torque of the proposed motor is much flatter at the top,
with a wider positive torque area, compared to other models. This confirms that the proposed design
can reduce the torque ripple with the same output capability.

Figure 9. Continuous torque: (a) conventional 12/8 SRM and (b) comparison.
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Table 3. Torque ripple comparison.

Design Phase Current (A) Torque Ripple (%)

Conventional 13.5 68.81
Non-uniform 13.7 65.16

Non-uniform, one-hole 13.8 64.27
Proposed 14.0 61.77

4. Experimental Results

After the verification of the reduced torque ripple, the proposed motor was manufactured
to evaluate its performance. The prototype of the proposed 12/8 SRM is shown in Figure 10.
The punch-holes were distributed into “M” and “N” types, as previously described. The black plate
attached on the rotor in Figure 10b contained small magnets. Two Hall-effect sensors were mounted on
the back of the motor frame which detected these magnets for rotor position information. Compared
to other encoder types, this method results in a much lighter and more compact system.

Figure 10. Manufactured motor: (a) stator and (b) rotor.

The experimental setup is shown in Figure 11a. The motor is mounted on a zig, and its shaft is
coupled with a torque sensor, the other end of which is coupled with an electric clutch. By controlling
the power of the electric clutch, the load torque could be induced to the motor. A 12 V power
supply—corresponding to the battery supply in vehicles—was used for the motor. Figure 11b shows
the overall connection diagram involved in the experiment. A microcontroller, TMS320F28335 from
Texas Instruments, was used to control the PWM (Pulse Width Modulation) signal to the asymmetric
converter and also read the position signal from the Hall sensors. The clutch model was an ZKG-50AN
from Mitsubishi. The power to the clutch was controlled manually by adjusting the voltage of a
separate DC power supply.

Figure 11. Experimental setup: (a) test bed and (b) connection diagram (eCAP—enhanced capture;
MCU—microcontroller unit).

The experiment was performed by implementing a 100% duty cycle of PWM, also known as
single-pulse control, as shown in Figure 12. The phase currents are also presented in the figure.
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The rated value of the proposed motor, which was 0.245 Nm at 1800 RPM, was achieved, as can be seen
in Figure 12a. A much higher torque could be obtained at the lower speed level of 600 RPM, at which
the motor was able to generate 0.70 Nm of output torque. Nevertheless, the maximum current was
under 30 A in any condition. Finally, the speed vs. torque and efficiency curves are shown in Figure 13.
The efficiencies at 1800 and 600 RPM were 70.7 and 32.5%, respectively. However, efficiency was not a
necessary requirement, since the motor only rotates for a short amount of time with each shift gear
command from the driver. The phase RMS (Root-Mean Square) current required to produce the torque
is given in Figure 13b. All values were under 15 A and thus met the design target. Therefore, it could
be confirmed that the proposed motor satisfies all the requirements presented in Table 1.

Figure 12. Experimental result: (a) 1800 RPM–0.245 Nm and (b) 600 RPM–0.70 Nm.

Figure 13. Performance curves: (a) speed vs. torque, efficiency and (b) speed vs. torque,
phase current RMS.

The calculation of the torque ripple is difficult to perform in real-time during an experiment.
Therefore, FEM can be used to estimate the actual torque. A dynamic simulation using the SRM circuit
configuration shown in Figure 1a could be set according to the experimental setup. The same control
properties (initial position, excitation angle, etc.) were applied in the simulation to obtain a similar
phase current to that of the experiment. Thus, the torque output of the experiment could be predicted.
The result is shown in Figure 14. The experimental and simulation phase currents are shown in the
top and middle plots, respectively. The resulting torque from the middle plot is shown at the bottom.
The torque ripple was calculated to be 26.65%.
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Figure 14. Comparison of phase currents and estimated torque.

5. Discussions

The effectiveness of the proposed design combining a non-uniform air-gap and hole placement
and its performance have been confirmed through FEM simulations and experiment. However,
an optimization algorithm was not performed, and it is possible that a more optimal model could
be designed. The closer the hole is to the surface, the greater the impact on the torque. If the hole is
too close, however, then the structure is at risk of breaking during operation. An additional mechanical
structural analysis could therefore also be useful. It is also feasible to only use one hole or more
than two holes to modify the torque waveform as required. The same principle should be applied,
maintaining the flux density on the surface. Another factor to be considered is that it is important to
discuss how accurate the motor prototype will be with the corresponding manufacturer; in this case,
this relates to the possible size of the hole and air-gap. Nevertheless, the viability of the proposed SRM
as an SBW actuator is shown in this study.

SRM has a large number of advantages because of its simple structure, but the implementation
of the motor in practical everyday use is still low compared to other machines. In [3,4], the authors
presented a 12/8 SRM for an actual SBW application; however, the improvement of the drawbacks of
SRM such as torque ripple were not clearly discussed and/or shown. Other than the design method
and analysis, it is hoped that this study can guide researchers and industries to utilize and improve
SRMs to make it competitive in the market.

Furthermore, various control methods can be applied to increase the performance. As can be seen
in the experimental results, the phase currents have a “tail” at the end before decreasing to zero. This is
due to the slightly long excitation time allowing more current to flow so that the desired torque can
be reached. Even a simple turn-on and turn-off angle control method can be implemented to further
reduce the torque ripple; however, this is beyond the scope of this paper.

6. Conclusions

In this paper, a rotor design to reduce torque ripple while maintaining the average torque value
and bi-directional rotation is proposed. SRM is a low-cost, robust motor but suffers from relatively
high torque ripple, which can hinder its performance. Low torque ripple and smooth operation are
necessary for shift-by-wire applications for safety and accuracy in moving the shifting gear.

A non-uniform air-gap is utilized to reduce the “torque overshoot” which occurs in the
conventional structure. This is then combined with the positioning of two holes, meaning that
the average flux density at the overlapping region of the stator and rotor poles can be kept close to
constant during the period of excitation. The rotor pole tip is cut in a mirrored way to maintain a

325



Energies 2020, 13, 2329

symmetrical property for bi-directional rotation. FEM is used to check the characteristics of the motor,
and it is shown that the torque ripple can be reduced by 7% for the same output power by modifying
the design alone.

A prototype motor of the proposed design was manufactured to verify its performance. It was
shown that the motor satisfied the requirement of 0.245 Nm of torque at 1800 RPM. Moreover,
the maximum current was kept below 30 A. The estimated torque ripple by matching the simulation
to the experimental result was shown to be low, at 26.65%. The efficiency at rated conditions was
70.7%, but this was not a requirement due to the designated application, which demands the motor
only to be run for a short amount of time and not to be in continuous operation. Both simulations and
experiments showed the viability of the proposed 12/8 SRM as an actuator for a shift-by-wire system.

SRM has no brushes and commutators, and so there is little—or no—problem with maintenance
compared to DC and universal motors. However, compared to permanent magnet motors, the power
density and efficiency are generally relatively low. SRM makes up for this with its low manufacturing
cost and high robustness (due to its simple structure). When efficiency is not the main issue and a
long lifespan and high robustness are prioritized, an SRM with a low torque ripple design is a good
actuator candidate that can meet the output requirements, as presented in this paper.

Author Contributions: Conceptualization, X.S.N.; Data curation, G.F.L.; Formal analysis, G.F.L.; Investigation,
G.F.L.; Methodology, X.S.N.; Supervision, J.-W.A.; Validation, J.-W.A.; Writing—original draft, G.F.L.;
Writing—review & editing, G.F.L. All authors have read and agreed to the published version of the manuscript.

Funding: This work was supported by “Human Resources Program in Energy Technology” of the Korea Institute
of Energy Technology Evaluation and Planning (KETEP), and was granted financial resources from the Ministry of
Trade, Industry & Energy, Republic of Korea. (No. 20184010201700), and Kyungsung University Research Grants
in 2020.

Conflicts of Interest: The authors declare no conflict of interest.

References

1. Smirra, K.; Ferstl, M.; Eiting, T. Mechatronics for “Shift by Wire”—A Technical Challenge; SAE Technical Paper
2007-01–1309; SAE International: Warrendale, PA, USA, 2007. [CrossRef]

2. Naunheimer, H.; Bertsche, B.; Ryborz, J.; Novak, W. Automotive Transmissions: Fundamentals, Selection, Design
and Application, 2nd ed.; Springer-Verlag: Berlin/Heidelberg, Germany, 2011. [CrossRef]

3. Kobiki, Y.; Inoue, Y.; Sekiguchi, S.; Itoh, T.; Kamio, S. Toyota’s New Shift-by-Wire System for Hybrid Vehicles;
SAE Technical Paper 2004-01–1112; SAE International: Warrendale, PA, USA, 2004. [CrossRef]

4. Nakade, Y.; Kamada, A.; Ueno, K.; Kume, M.; Sakaguchi, K. Shift-by-Wire System for Lexus RWD Vehicles.
SAE Int. J. Engines 2017, 10, 689–694. [CrossRef]

5. Ahn, J.-W.; Lukman, G.F. Switched Reluctance Motor Drives. Modeling Simul. Control Electr. Drives 2019,
275–324. [CrossRef]

6. Choi, Y.K.; Yoon, H.S.; Koh, C.S. Pole-Shape Optimization of a Switched-Reluctance Motor for Torque Ripple
Reduction. IEEE Trans. Magn. 2007, 43, 1797–1800. [CrossRef]

7. Hieu, P.T.; Lee, D.-H.; Ahn, J.-W. Design of 2-Phase 4/2 SRM for Torque Ripple Reduction. In Proceedings
of the 2012 15th International Conference on Electrical Machines and Systems (ICEMS), Sapporo, Japan,
21–24 October 2012; pp. 1–6.

8. Sheth, N.K.; Rajagopal, K.R. Optimum Pole Arcs for a Switched Reluctance Motor for Higher Torque with
Reduced Ripple. IEEE Trans. Magn. 2003, 39, 3214–3216. [CrossRef]

9. Jing, L.; Cheng, J. Research on Torque Ripple Optimization of Switched Reluctance Motor based on Finite
Element Method. Prog. Electromagn. Res. 2018, 74, 115–123. [CrossRef]

10. Salunke, N.A.; Patel, A.N.; Panchal, T.H. Torque Ripple Reduction of Switched Reluctance Motor by Changing
the Rotor Pole Tip Radius. IJRTE 2019, 8, 4256–4259. [CrossRef]

11. Zhang, H.; Wang, S. Topology Optimization of Rotor Pole in Switched Reluctance Motor for Minimum
Torque Ripple. Electr. Power Compon. Syst. 2017, 45, 905–911. [CrossRef]

326



Energies 2020, 13, 2329

12. Nakata, K.; Hiramoto, K.; Sanada, M.; Morimoto, S.; Takeda, Y. Noise Reduction for Switched Reluctance
Motor with a Hole. In Proceedings of the Power Conversion Conference-Osaka 2002 (Cat. No.02TH8579),
Osaka, Japan, 2–5 April 2002; Volume 3, pp. 971–976. [CrossRef]

13. Faiz, J.; Tahvilipour, F.; Shahgholian, G. Performance Improvement of a Switched Reluctance Motor.
In Proceedings of the 31st Progress in Electromagnetics Research Symposium (PIERS), Kuala Lumpur,
Malaysia, 27–30 March 2012; pp. 728–732.

14. Tekgun, D. Acoustic Noise and Vibration Reduction on Switched Reluctance Machines through Hole
Placement in Stator/Rotor Laminations. Master Thesis, The University of Akron, Akron, OH, USA, 2017.

15. Dickinson, P.G.; Sykes, P.A.; Fulton, N.N.; Durairaj, T.R. Reducing Stress in Electric-Machine Rotors by
Optimizing Holes. U.S. 9,246,363, 26 January 2016.

16. Hashemi, Z.; Zohrabi, F.; Mardaneh, M. A Multi-Objective Optimization of Switched Reluctance Motor
Using a Hybrid Analytic-ANFIS Model Considering the Vibrations. Iran. J. Sci. Technol. Trans. Electr. Eng.
2019, 43, 361–371. [CrossRef]

17. Zhang, S.; Li, S.; Harley, R.G.; Habetler, T.G. Performance Evaluation and Comparison of Multi-Objective
Optimization Algorithms for the Analytical Design of Switched Reluctance Machines. CES Trans. Electr.
Mach. Syst. 2017, 1, 58–65. [CrossRef]

18. Zhang, J.; Wang, H.; Zhu, S.; Lu, T. Multi-Physics Multi-Objective Optimal Design of Bearingless Switched
Reluctance Motor Based on Finite-Element Method. Energies 2019, 12, 2374. [CrossRef]

19. Schramm, D.S.; Williams, B.W.; Green, T.C. Torque Ripple Reduction of Switched Reluctance Motors by Phase
Current Optimal Profiling. In Proceedings of the PESC ’92 Record. 23rd Annual IEEE Power Electronics
Specialists Conference, Toledo, Spain, 29 June–3 July 1992; Volume 2, pp. 857–860. [CrossRef]

20. Liang, J.; Parsapour, A.; Moallem, M.; Fahimi, B.; Kiani, M. Torque Profile Optimization in Switched Reluctance
Motor. In Proceedings of the 2019 IEEE 28th International Symposium on Industrial Electronics (ISIE),
Vancouver, BC, Canada, 12–14 June 2019; pp. 414–419.

21. Nakayama, S.; Itoh, T.; Kimura, K. Switched Reluctance Motor. U.S. 7,948,145, 24 May 2011.
22. Krishnan, R. Switched Reluctance Motor Drives: Modeling, Simulation, Analysis, Design, and Applications;

CRC Press: Boca Raton, FL, USA, 2017.

© 2020 by the authors. Licensee MDPI, Basel, Switzerland. This article is an open access
article distributed under the terms and conditions of the Creative Commons Attribution
(CC BY) license (http://creativecommons.org/licenses/by/4.0/).

327





energies

Review

A Review on Energy Efficiency in Three
Transportation Sectors: Railways, Electrical Vehicles
and Marine

Morris Brenna 1, Vittorio Bucci 2, Maria Carmen Falvo 3,*, Federica Foiadelli 1,

Alessandro Ruvio 3, Giorgio Sulligoi 2 and Andrea Vicenzutti 2

1 Department of Energy, Politecnico di Milano, 20156 Milan, Italy; morris.brenna@polimi.it (M.B.);
federica.foiadelli@polimi.it (F.F.)

2 Department of Engineering and Architecture, University of Trieste, 34127 Trieste, Italy; vbucci@units.it (V.B.);
gsulligoi@units.it (G.S.); avicenzutti@units.it (A.V.)

3 DIAEE Electrical Engineering, University of Rome Sapienza, 00184 Rome, Italy;
alessandro.ruvio@uniroma1.it

* Correspondence: mariacarmen.falvo@uniroma1.it

Received: 15 March 2020; Accepted: 8 May 2020; Published: 9 May 2020

Abstract: The present paper is a review on efficiency issues related to three important sectors of the
transportation systems: railways, electrical vehicles, and marine. For the three sectors, the authors,
in reference of their knowledge and research area, show the results of a wide literature analysis,
in order to highlight which are the measures, in terms of technological solutions and management
techniques, which are recently investigated and implemented, for improving the three transportation
systems, from the point of view of efficiency. In particular, for the railway transportation sector,
a wide analysis is presented, detecting which are the main measures adopted for improving the
efficiency, related to the power systems for supplying trains and to the train traffic control, with a
focus on the storage system integration. For electric road vehicles the analysis is focused on the
plug-in electrical vehicles and on the infrastructure for their recharge, with an emphasis on how these
vehicles can support the grid, e.g., through Vehicle to Grid (V2G) applications. Finally, for the marine
transport service the review is related to the propulsion systems and on how the different solutions
can meet the objective of efficiency.

Keywords: electrical transport; electrical vehicle; energy efficiency; marine transport; railway

1. Introduction

The guideline suggested by European Commission in 2008 about climate and energy, in a horizon
20-20 context, focuses on the reducing the greenhouse gas (GHG) emissions and increasing the
production from renewable energy sources (RES) [1]. The main aspect taken into account, among the
first goals reported in [2,3], is the electrification of the transport sector [4].

Nowadays, the current world population of 7.3 billion is expected to reach 8.5 billion by 2030,
so the mobility demand for people and goods has already grown in many countries, and it will keep
growing, with heavy environmental impacts [5].

From this point of view energy savings solution will be increasingly necessary in order to reduce
more and more the energy demand required by the transport systems for the next future. However,
energy efficiency has been already increased in the last century thanks to the many technological
innovations that have occurred over time in the transport sector [6].

The present paper is a review on efficiency issues related to three important sectors of the
transportation systems: railways, electrical vehicles (EVs), i.e., cars, and marine. For the three
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sectors, the authors, in reference to their knowledge and research area, show the results of a wide
literature analysis, in order to highlight which are the measures, in terms of technological solutions
and management techniques, which are recently investigated and implemented, for improving the
three transportation systems from the point of view of the efficiency, in reference to their peculiarities.

In reference to the railway sector, considering that most of the rail-lines are electrified and use
electric trains, the review deals with the measures that can be adopted for improving the efficiency
of existing electrical systems, especially in reference to the electrical infrastructure for the supply
of the trains and to the management of the train traffic. A focus is reported also on the recent
measure of integration of storage systems in the railways system, as action in the direction of
efficiency improvement.

In reference to the on-road vehicles the analysis is focused on the plug-in electrical vehicles and
on the infrastructure for their recharge, with a focus on how these vehicles can support the grid, e.g.,
through Vehicle to Grid (V2G) applications.

In reference to the marine transport, the review is related to the propulsion systems and to how
the different solutions can meet the objective of efficiency.

It is worth stressing that the final objective is not to find a common metric for the assessment of
the efficiency and its improvement in relationship to the different solutions, but to find differences and
to cluster the possible measures that can be applied to the three transport sectors for improving the
efficiency, in terms of the functions of their peculiarities. It gives an idea of what has been already
done and which could be the margin of development to be explored.

This paper is organized in three parts, each dedicated to the single transportation
systems investigated.

2. Efficiency in Railway Transportation Sector

Railways are an energy efficient mode of transport for both passengers and freight. Passenger
railways cover an average value of 4.1 of toe per million passenger-km; the freights rails cover an
average value of 3.49 of toe per million passenger-km. It represents 2% of total transport energy
demand [7]. The construction of new railway lines, as the growing of the number of trains on the
lines increases, imposes that energy savings solutions are increasingly necessary to reduce the energy
demand in the future, considering both urban and suburban systems.

Energy efficiency has already improved in the last century thanks to the many technological
innovations that have occurred over time in the railway sector: from the first storage systems on board
trains (1903) to cover short distances, until today with the development of different types of electrified
lines both DC and AC (single and three-phase). The development of high efficiency electric engines and
the increasing progress in power electronics allowed reducing the energy demand by trains, also thanks
to braking energy recovery utilization. In electrical substation, from the ‘60s to today, the replacement
of mercury vapours rectifiers with silicon rectifying diodes in DC electrical substations, and the
continuous introduction of high performance electric machines for energy conversion, minimizing
the losses, have increased the efficiency of the systems. A continuous evolution concerned also
the better integration between train and infrastructure (pantograph/overhead lines and wheels/rails).
Evaluations about energy recovery, centred on the control of speed profile, taking into account timetable
optimization [8–10] and storage design systems [11], offer a best solution to reduce the system’s energy
consumption, in order to maximize the effectiveness of regenerative braking. The importance of
increasing recovering energy, especially when there is no train that can absorb it, or it is not possible to
install a reversible substation, is also discussed [11]. Several solutions have been carried out focusing
on trains, power plant design and timetable optimization, in order to decrease the energy dissipated
on braking rheostat. Regarding the trains driving performance, many solutions are proposed to
optimize driving style management and the design of super-caps on board. Several design solutions
have been carried out for the siting and sizing of storage systems in railways power plant and at last,
some proposal about optimal scheduling process have been formulated for timetable management.
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The results of a wide survey on the newest techniques of driving style management with timetable
optimization and on the solution of storage systems on board and stationary is summarized in the
next paragraph.

2.1. Efficiency Solutions Based on the Driving Style Management and Timetable Optimization

Energy-efficient driving management coupled with the optimization of timetable allows finding
optimal train speed profiles and departures to minimize the energy consumption and get the optimal
braking trend due to time delay, so as to maximize the recoverable energy in line. Researches start
from 1960, with timetable optimization and energy-efficient driving from the first suggested optimal
control model in 1968 made by Ishikawa [10].

Several timetable optimization methods have been proposed in recent years [10]. Albrecht in [12]
developed a new method based on dynamic programming, to manage running time of trains using an
optimal combination of headway and synchronization time, with the task of reducing power peaks
and energy consumption. Chen et al. [13] applied the genetic algorithm to optimize train scheduling;
particularly the goal was to reduce power consumptions, preventing the synchronous acceleration
of many trains. Ramos et al. [14] presented a method to maximize the braking energy recovery,
during off-peak hours maximizing the overlapping time between acceleration and braking of the
trains. Kim et al. [15] carried out a multi-criteria mixed integer programming, coordinating the train
departure times at the starting stations, so as to minimize the peak energy and maximize regenerative
energy utilization. Peña-Alcaraz et al. in [16] tested methods to synchronize the movement of trains
in the Madrid Metro Line 3 reaching a 3.52% energy saving. In [17,18] a comparison between to
real metro-lines in Italy and Spain is made in terms of energy savings that can be obtained by the
recovering of the braking energy of the trains. Yang et al. with several studies suggested a cooperative
scheduling model to schedule the accelerating and braking phases of nearby trains. In [19] a simulation
performed on real data obtained from the Beijing Metro Yizhuang Line shows a great improvement
in the overlapping time of around 22%. In [20] a stochastic cooperative scheduling model taking
into consideration the randomness of departure delay, for trains considering busy stations, shows a
percentage of save energy around 8%, compared with the cooperative scheduling approach reported
in [19]. In [21] the same authors offer a model to optimize the timetable, coordinating trains at the
same station to maximize the utilisation of recovery energy and reduce waiting time for the passengers.
The model reached an 8.86% energy saving, with a waiting time of 3.22% relevant to the current
timetable. In [22] a scheduling approach regarding effective speed profiles, to arrange arrivals and
departures of all trains, reaches a 6.97% reduction in energy consumption, in comparison with the
current timetable.

In [23] a model, based on a multidimensional state vector subspace for train operation, is presented.
A smart scheduling methodology useful for multi-train energy saving operation and an optimization
procedure based on a genetic algorithm and regenerative kinetic energy, to lowest total energy
consumption, is proposed in [23,24].

In [25] the train trajectory optimization is carried out, in order to define a better train target speed
profile, to minimize a cost function, including energy consumption and trains arriving on time for
all trains. The minimum energy consumption, under different departure headways, is calculated,
by using a heuristic algorithm in [26], reaching a reduction in energy consumption up to 19.2%.
Furthermore, several studies on driving style are carried out, to define eco-energy driving profile
strategies of the trains to couple with timetable optimisation. The motion stage of a train consists in
acceleration, cruising, coasting, and braking management. Generally, the speed profile of trains with
short travel distance or close intermediate stops, like in tram and metro systems, could not contain the
cruising phase.

In [27] a dual speed-curve optimization for energy-saving operation of high-speed trains is
proposed using two optimizations. An offline global and online local optimization, demonstrating
the increase in energy saving, compared with other well know existing methods that use one-time
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optimization processes. The main structures of the dual optimization method proposed include:
a global optimization to obtain better driving style; after, the speed trajectory is adjusted in real time by
local optimization. Additionally, regarding rolling optimization, a closed loop control is integrated with
a consistent optimization process that continuously corrects; at least global optimization is reachable
using a genetic algorithm, with characteristics and predictive control, with the local optimization
characteristics, to compensate for the limitations of a single optimization process [27].

In [28] the authors propose an integrated approach, consisting of both offline and online techniques.
The projected framework generates throttle sequences that lead to energy saving under the constraints
of trip time and computation time. This work leverages the fast-growing machine learning techniques,
so to extract the optimized driving behaviours of human drivers and encode the learned knowledge
into a parameter decision tree for fast online optimization. A case study on a given locomotive proved
the effectiveness of the proposed framework and an energy saving of 9.84% on different running
conditions can be achieved.

In [29] the authors includes a new method for speed curve definition and tracking control,
based on a random reinforcement genetic algorithm (GA) to avoid the local optimum and a sliding
mode controller developed for speed curve tracking with bounded disturbance.

An improved chicken swarm optimization algorithm for energy-saving for a train, by taking
minimum energy-consumption, accurate stopping and punctuality as optimization objectives is in [30]
without changing the existing equipment and infrastructure. Chicken swarm optimization is a global
optimization algorithm, which integrates the advantages of genetic, particle swarm and bat algorithms.

In [31], the authors introduce an optimization of train speed curve applied in a real case study
of the Taipei Mass Rapid Transit System for journeys from “Dingpu Station” to “Yongning Station”,
showing that operational energy consumption could be reduced up to approximately 58%. A real
driving method to reduce the traction energy demand is presented in [32]. In this case the authors
carry out theoretical optimal driving solutions thanks to a train simulation using an enhanced Brute
Force searching algorithm. A driver practical training system (DPTS) is created to help drivers practice
energy-efficient driving controls. A train speed trajectory optimization method associated with a driver
practical training system (DPTS) is the main goal. Thanks to the DPTS, traction energy consumption is
reduced by around 15%.

The authors in [33] propose a methodology that includes an objective function using cardinality
and square of the Euclidean norm functions. The optimization model proposed, allows defining
properly the utilization of the regenerative energy. To solve the convex relaxation counterpart of
the original NP-hard problem, a two-stage alternating direction method of multipliers is designed.
The procedure produces an energy-efficient timetable of trains.

Genetic algorithms have been used for a subway line in Milan and it is reported in [34]. The main
goal is to fulfil the transition from a traditional system to a driverless one. It shows an energy saving
increase equal to 32.89%.

2.2. Efficiency Solutions Based on Stationary and on Board Energy Storage Systems

Many studies about on board and stationary energy storage systems have been developed,
especially for DC railway systems, without a reversible substation, where it is not possible to drive
the surplus of regenerated energy back to the main AC power supply. Consolidated energy saving
solutions using reversible substation focused on different implementations are reported in [35–41].
The innovative technologies used to design energy storage systems are super-capacitor, battery,
or flywheel and IEC 62924:2017 standard fixed requirements and test methods. The International
Union of Railways (UIC) with the sub commission “Energy Efficiency”, creates a database where all
relevant railway energy-saving technologies should be analyzed, categorized, and evaluated [42,43].

Regarding on board energy storage systems, they are already in use by some rail transit companies.
The main advantages are the reduction of peak power, the stabilization of voltage, the loss reduction
and the possibility to operate catenary free [44]. Real applications of on-board storage systems are
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the Brussels, Madrid metro and Mannheim tramway lines. The percentage of energy saving reported
in [45–47] are 18.6%÷ 35.8%, 24% and 19.4%÷ 25.6%, respectively. To reach high integration with motor
drive control, some research studies are focused on the optimal design, sizing and control of on board
energy storage systems [48–52]. Focuses on stationary storage systems, the real implementation of
wayside Energy Storage System (ESS), show an increase in energy savings of up to 30%. The percentage
of energy saving by ESS moreover is influenced by system features and storage technologies. In [53]
it is highlighted that auxiliary battery-based substations could represent a feasible solution to store
the required energy for partly powering a train, supporting the electric substation during train
accelerations and to compensate for voltage drops. Numerous commercially available stationary
systems are available. Sitras SES (Static Energy Storage) system, marketed by Siemens, can reach up to
30% of energy saving using a super-capacitor technology that can offer 1 MW peak power for 20 ÷ 30 s,
with 1400 A DC discharging current. This system is in Germany (Dresden, Cologne, Koln and Bochum),
Spain (Madrid) and China (Beijing). The EnerGstor of Bombardier Company, based on supercaps,
is able to reach 20% ÷ 30% of reduction of energy demand [54]. Another system super-caps based
in Hong Kong and Warsaw metro systems [55] is developed, by Meiden and marketed by Envitech
Energy, with scalability from 2.8 to 45 MJ of storable energy.

3. Efficiency in Electrical Vehicles Transportation Sector

The growing awareness of environmental issues, social pressures towards a solution to climate
change that lead to a progressive disinvestment in fossil fuels [56] and the continuous technological
improvements of storage batteries, have now led car manufacturers all over the world [57–59] to invest
in new platforms for the construction of electric vehicles (EV). Electric vehicles, unlike those with
an internal combustion engine (ICE), have the advantage of avoiding local emissions of greenhouse
gases, or eliminating them if powered by renewable sources [60]. In fact, global emissions from electric
vehicles vary according to the power generation mode. If coal plants produce the energy, they produce
substantial global emissions that determine only local benefits of the use of electric vehicles [60].
Conversely, the use of alternative sources such as wind or photovoltaic allows a significant reduction
in global emissions, given their lower carbon intensity [60–64]. Nevertheless, even with electricity
generated from coal-fired power plants, the global emissions of an electric vehicle in the well-to-wheel
cycle are lower than those ones generated by an ICE vehicle [60]. Electric vehicles are nowadays
supported and encouraged by various governments around the world [65], also through measures
aimed at reducing the tax burden, setting up free parking lots dedicated to them and equipped with
charging infrastructures, the use of preferential lanes, access limited traffic areas, etc. [65]. An electric
vehicle, unlike an ICE vehicle, allows it to be recharged from the mains, now available everywhere.
However, ICE vehicles can refuel with a method dating back to the early 20th century. This refueling
process started from a pharmacy that sold petrol tanks, and it was done completely manually in
seconds. Electric vehicles were suffering from much longer charging times and the absence of public
infrastructure, which led to their substantial disappearance to the present day [66]. In modern electric
vehicles, the recharging process takes place mainly via an on-board charger; this mode requires a very
long charging time, which can reach several hours [66]. Most models of electric vehicles nowadays
support fast charging through dedicated infrastructures that allow, on average, to reach 80% of the
state of charge (SOC) in about 30 min [67]. Nevertheless, the charging power is still not comparable to
the refueling of a traditional ICE vehicle. Besides, fast charging, in addition to being more expensive,
leads to faster degradation of batteries if used frequently [67].

The impact of electric vehicles on electric transmission and distribution grids is still negligible
due to their low diffusion [61,68]. Their growing diffusion will inevitably cause an increase in the
demand for electricity which may both have a negative impact, but also have a beneficial effect on the
electricity system if well integrated [61,68]. Indeed, a further increase in the demand for electricity at
peak times, because it is not restricted [68], could lead to an overload of the electric system and the
underutilization of renewable sources [61,68]. It follows that leaving the decision on when to recharge
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without any coordination to individual users will inevitably lead to the need for further repowering
of the transmission and distribution grids, premature aging of the devices and a lower quality of the
energy supplied to the users [67,68].

Conversely, if recharges are coordinated among themselves with intelligent logic that also consider
the actual production from renewable sources, then the electrical system it will benefit by reducing the
percentage of fossil fuels in end uses [61,67,68].

To address these issues, new regulatory rules and management strategies are needed close to new
technological advancements for a suitable integration of electric vehicles in the current transmission
and distribution grids [69,70]. Some studies, but also common practice, have shown that on average
a vehicle is parked for 95% of its life and that the weekly trips are often just the journey homework.
It is from these considerations that the EVs can be seen not only as means of transport, but as active
elements able to play a role in the management of power lines. The EV, once connected to the electric
network, is therefore seen as an integral part of the system capable of supplying energy when demand
is high (by discharging the battery) and absorbing the surplus of energy produced when demand is
lower (by charging the battery) [71]. This practice is named Vehicle-to-Grid (V2G) and is based on
the bidirectional power flow, from the grid to the vehicle but also from the vehicle to the grid [72,73].
When operational and integrated with the network, it can bring significant benefits such as [74]:

• Creation of electrically autonomous islands;
• Lower dependence on foreign countries;
• Better exploitation of renewable energy sources;
• Reduction of emissions for the generation of electricity;
• Increase of power quality in the network;
• Economic benefits for the user who makes their car available for the network.

All this, however, is achievable only with the introduction of the smart grid concept. This requires
modernization of the transmission and distribution grids and the introduction of tools for measurement
and communication. The definition of a business model, clearly defining the players involved in the
value chain and fairly compensating the exploitation of EV batteries, is another crucial factor for the
diffusion of such a paradigm.

On a smaller sale, V2G concept can be applied also in the context of a building (vehicle-to-building
(V2B)) or of a home (vehicle-to-home (V2H)) [75]; the objective is to benefit from the exploitation of the
batteries of EVs when connected to a smart system. Back up and time-shift are two examples of the
possible advantages that a bidirectional interaction with EVs can bring. The higher self-consumption
rate of renewable energy production achievable thanks to the exploitation of batteries, along with their
lower operating costs with respect to conventional cars, represent the main driver for the integration of
EVs in smart home environments.

The number of electric vehicles is expected to grow sharply in the incoming decades and the
potential impact on the electric grid could be substantial. Of course, this aspect is not related to
generation and transmission, in which the effect is relatively small, but it affects the distribution
network in a significant way [76]. For the distribution system operator (DSO) the fluctuation of the
load due to the plug in of vehicles must be minimized in order to guarantee a good quality of service
for the final user. Moreover, these technical problems have to be matched with additional problematics
coming from the interaction between the EV user and the grid operator, since the service must be
convenient for both the grid and the owner of the vehicle.

The first mention of the vehicle to grid service was proposed by Amory Lovins in 1995, and then
developed by William Kempton [76]. The main idea is that the vehicle can be considered as a storage
system able to provide energy to the distribution network when parked which can be charged and
discharged according to the grid necessities and price of energy fluctuation.

V2G technology can offer a wide range of functions for the grid: load balancing,
harmonics suppressing, power quality improvement, peak load shaving, voltage sags reduction and
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interaction with Renewable Energy Sources (RES) [77]. The V2G concept is still at its first stages
and is becoming more and more important as the diffusion of electric vehicles increases. From the
literature [76], four key issue areas can be identified: a smart dispatching from the operator point of
view, a smart charging management from the vehicle point of view, the bi-directional charger and
the effect that the V2G service has on the vehicle’s battery. V2G functions have a great potential for
electric vehicles to become a tool for the electric grid, to manage power and energy storage applications.
The challenge in developing these functions is that it is always mandatory to remember that vehicles
have mobility as their primary mission and not storage system for the grid. This means that every
time the vehicle’s battery is used for providing services to the grid, the battery cannot be charged
and discharged in a way that does not guarantee to the vehicle owner a full availability of its own
car. Moreover, another critical aspect is the fact that using vehicle’s batteries for providing power to
and from the network contributes to the degradation of the battery, and so limitations on charge and
discharge cycle must be set.

The V2G modelling has to move through the day, simulating hour by hour a real life situation,
in which a certain number vehicle is generated according to a specific load profile and interacts with
energy requests needed by the photovoltaic park managed by the same aggregator [78]. It is important
that the fleet car has to be composed of many vehicles in order to aggregate a total power and energy
storage capacity able to deal with the fluctuation of power production during the all day. The figure
responsible of managing the vehicles fleet of this region is called aggregator [79].

To be more specific an aggregator is a market participant which aggregates in a unique offer the
distributed generation of a certain zone. The reason for the existence of this market figure is that single
distributed generation plants are usually of small size, which could be neglected in a big market like
the energy one. The aggregator will be in charge of collecting both distributed generation plants and
energy storage systems in a defined area. The aggregator can also be responsible for managing electric
vehicles charging and discharging processes in order to guarantee to its customers a fully charged
vehicle when the parking time is over while guaranteeing to its own aggregated photovoltaic plants
the possibility of storing and delivering extra power when requested. The extra power, which could
be managed using the fleet batteries, represents the variation in photovoltaic production, or other
renewables, for the next hour with respect to the forecasted production of the day ahead.

The reason behind this definition is that the energy market is called Day-Ahead-Market (DAM),
since each day the market trades the energy quantities that will be exchange during the next day.
The problem is that renewable system production can be predicted but with high errors if we consider
time windows of 24 h. From [79] it is possible to see that moving from 24 h ahead time windows to 1 h
before the event the error on the prediction is reduced from 24% to 12%. In [80] it is shown that with an
artificial neural network it is possible to predict, 24 h in advance, the irradiation during the day with an
error as low as 28%. Moreover, being RES market price takers since they bid at 0 €/kWh, they will be
always able to enter the market. However, the next day when the real production will change due to
the unpredictability of the source there will be a lack or a surplus of energy [81,82]. This means that in
the case of extra energy, part of it could be lost since the grid is already balanced thanks to the correct
behaviour of the system operator, while in case of a lack of energy, additional energy is requested to
traditional plants. Both these solutions act in the opposite way of a smart management of the electric
grid. Moreover, when a production plant is not able to provide the energy production set during the
day ahead market, it will be responsible for unbalancing the system, being subject to an unbalance
forfeiture that the owner has to pay to the transmission system operator.

Some Important Considerations

As previously described, local CO2 emissions for electric vehicles are negligible, instead they
contribute to global CO2 emissions. The latter depend on the manufacturing process of the batteries
and the vehicle, but the most significant component depends heavily on the way electricity is generated.
Indeed, for countries that use more renewable sources, CO2 emissions are significantly lower than
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the equivalent for an ICE vehicle. On the other hand, for those countries mainly based on fossil fuels,
the emissions are comparable to those produced by a very efficient ICE vehicle, as shown in Figure 1.

Figure 1. Life-cycle emissions (over 150,000 km) of electric and conventional vehicles in Europe in
2015 [83].

Using electric vehicles batteries for helping the grid, in managing power and energy unbalancing,
could be an interesting solution since it occurs without additional costs related to dedicated
storage systems.

Thanks to a full communication system between vehicles and their charging poles, it will be
possible to elaborate charging strategies in order to use the parked vehicles as a supporting storage
system for the grid. However, in order to have a high amount of energy available from the vehicles an
aggregator will be needed.

The aggregator will be a market participant that will collect many distributed generation plants
and storage systems in a certain area, in order to gather in a single figure a high amount of power
increasing its impact on the market.

As a final consideration it is important to consider that if the future vehicles will be provided
with batteries able to store a higher amount energy, each single vehicle will be able to exchange more
energy during a discharge with a depth of 50%. This means that in that case the number of vehicles
required will be even lower with respect to these simulations and the vehicle to grid function will be
even more performant.

4. Efficiency in Marine Transportation Sector

International maritime shipping is the most used means to transport goods and people. In fact,
global shipping is responsible of moving about 90% of the world trade, while cruise ships in 2017
allowed nearly 25 million of passenger to sail the oceans. Moreover, the availability, the low cost,
and the fuel efficiency of the maritime transport made possible the growth of industrial production in
emerging economies. These significant results were enabled by the ability of the shipbuilding industry
to respond promptly to the market demands, despite the unfavourable economic scenario in recent
years caused by the global economic crisis. In particular, at present ship designers and shipbuilders
are spending a lot of effort in increasing the performance of ships, by introducing new technologies on
board. Nevertheless, it is well known that shipbuilding industry is one of the hardest metal industries,
characterized by high levels of raw materials and energy consumption, hazardous materials exposure,
and potential risk of sea and air pollution [84]. In addition, shipping greatly contributes to the emission
of air pollutants (PM, SOx, NOx), sea pollutants (noise, thermal, discharges), and greenhouse gases.
In particular, the contribution of maritime transport to the latter is up to 3% of global emissions.
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However, maritime transport is still the most fuel-efficient means of shipping goods, as can be seen
from Figure 2. As an example, its CO2 emissions are nearly 100 times lower than airplanes when
considering the tons of goods transported over km, while presenting a similar operative range.

Figure 2. Comparison of typical CO2 emissions among goods transportation options.

The shipping and shipbuilding industries are governed by global international agreements,
promoted by the International Maritime Organization (IMO). In order to face the future environmental
challenges caused by the expected growth of world’s population and global economy, the IMO
decided to set technical and operational measures to reduce ships’ emissions, to be applied worldwide.
In particular, in July 2011 the IMO delivered a roadmap for the reduction of environmental footprint
of ships (Figure 3), by adopting the International Convention for the Prevention of Pollutions from
Ships (MARPOL), Annex VI, officially entered into force in January 2013 [85].

Figure 3. International Maritime Organization (IMO) roadmap for the reduction of ships’
environmental footprint.

Such a decision was the result of studies about the mitigation of ship emissions started in 2005 by
IMO. The resulting MARPOL annexes collect specific guidelines in this regard. In detail, MARPOL
labels specific sea regions as “special areas”, considering their oceanographic and ecologic importance,
as well as sea traffic and risk of environment contamination. For these areas, MARPOL impose strict
limits for air pollutant emissions, including volatile organic compounds (VOCs), nitrogen oxides
(NOx), polychlorinated biphenyls (PCBs), sulphur oxides (SOx), chlorofluorocarbons (CFCs) and heavy
metals. These substances are specifically addressed since they contribute to the creation of ozone at
ground level (VOCs and NOx), rain acidification (NOx and SOx), eutrophication or oxygen depletion
of inland and coastal waters (NOx), depletion of atmospheric ozone (CFCs), and the accumulation
of PCBs and heavy metals in the food chain. While an emission limit is enforced all over the globe,
in special areas stricter limits are imposed depending on their specific characteristics:
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• SECAs, Sulphur Emission Control Areas, where there are specific requirements regarding SOx
and PM emissions;

• NECAs, Nitrogen oxide Emission Control Areas where there are additional requirements regarding
NOx emissions

• PSSAs (Particularly Sensitive Sea Areas), as defined in IMO Resolution A.982(24), are characterized
by “unique or rare ecosystem, diversity of the ecosystem, vulnerability to degradation by natural
events or human activities, significance of the area for recreation or tourism, biological research
value, or historical value”.

4.1. Increasing the Efficiency of Ships

The most obvious way of limiting the environmental footprint is the reduction in fuel consumption,
which means increasing the overall efficiency of ships. Thus, the shipbuilding industry is continuously
working towards improving hull forms, engines, and propellers. Setting aside the hydrodynamic area,
the reduction of the ship’s pollutant emissions down to a level compliant with the above-depicted goals
can be reached by means of three strategies [86]. These are: the switch to a different, cleaner, fuel (e.g.,
low sulphur fuel oil, natural gas, methanol, etc.); the installation on board of equipment for exhaust
gas treatment (e.g., SCR, scrubbers, etc.); and the improvement of a ship’s electrification. The use
of other fuels can lead to different results, both on the pollutant emissions reduction and the overall
ship’s fuel consumption, depending on the specific fuel used. The second method is an application of
technical solutions already used in other fields, like automotive and land power generation, with some
specific modifications due to the particular marine environment. These two strategies have pros and
cons, but are both aimed at improving the internal combustion engines (ICEs) performance in terms
of pollutant emissions. Conversely, the electrification option implies substituting existing ICE with
electrical motors, thus providing: an increase in power output controllability and power density;
a reduction in noise, vibrations, heat, and maintenance complexity; more degrees of freedom for
arranging the engines in the engine room. Thus, similarly to what is happening in other transportation
modes, electrification is one of the most applied methods to improve ships’ efficiency and reduce
their environmental footprint [87]. Obviously, given the power required by a ship (as an example,
the propulsion system of a cruise liner can reach a power of tens of MW [88]), the primary source of
electric power is commonly a set of ICE powered generators. In particular, diesel generators are the
most used, but generators powered by gas turbines can be also found, typically in naval applications.
For these generators, the use of different fuels and the adoption of exhaust gas treatment are viable
options to reduce further the ship environmental impact. Other methods to generate electric power are
starting to be applied, like fuel cells. Regarding the latter, their use as main power sources is limited
to small crafts, while there are some experimental installations on board large ships of fuel cells as
auxiliary generators.

However, at present there is no viable option for totally powering a big ship without using fossil
fuels. Indeed, the significant energy density of fossil fuels is one of the enabling factors that make big
ships feasible, given their scope of work and their typical routes. To give an example, the very large
container and bulk carriers that are used to ship goods all around the world require a range of up to
7500 nautical miles to be usable (e.g., the route from the port of Singapore to the port of Trieste is circa
7100 nm long, and must be sailed without intermediate stops to avoid lengthening transport times,
and thus losing money). This means that such ships have up to 5000 m3 of fuel on board, which is
usually replenished only at the departure and arrival ports. Conversely, ships for local transport (in a
range of a thousand nautical miles) have nearly 1000 m3 of fuel on board, and the refuelling is done
only at the home port due to economic reasons (there are bilateral contracts and national taxation
differences among ports, making the refuel in other ports not economically convenient). Besides the
energy density of fossil fuels, which is still not in the reach of present energy storage systems and other
energy production systems, there is also the issue of the refuelling times. In fact, a ship’s refuelling is
usually done by means of tanker ships, that have tanks and pumps installed on board, dedicated to
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such a task. The tankers can refuel a large ship at nearly 500 m3/h, while smaller ships (the local
transport ones) are usually refuelled up to 250 m3/h, by using in both cases electric pumps that can reach
2–3 MW of power. These figures mean that a complete refuel can be achieved in 10 h for a large ship,
and 4 h for a small one (excluding all the logistic and preparation times). By assuming a volumetric
energy density of about 36 MJ/l for the fuel (that is nearly 10 MWh/m3), it is possible to calculate an
equivalent refuelling power of 5 GW for a large ship, and 2.5 GW for a small one. Even assuming that
it is possible to install on board an energy storage system capacity capable of delivering the required
autonomy, the required recharging power level is so high it may be unsustainable for actual port power
systems. For the tankers, these are refuelled in their port, with a speed that is very dependent on the
specific port operation. Thus, at present, the focus on ships is given to the increase of the overall fuel
efficiency of the ship, focusing on the different aspects stated above.

Considering only the propulsion system electrification, several different architectures can be
applied. The first is the series configuration, where the propellers are powered by electric motors,
and ICEs are used only to generate electric power (Figure 4). The second configuration is the parallel
one, also called hybrid propulsion system [89], where electric motors and ICEs are both connected to
the propeller (Figure 5).

Figure 4. Electric propulsion, series configuration.

Figure 5. Electric propulsion, parallel configuration.

For ships with ship services loads requiring a significant electric power (e.g., cruise liners),
the integrated power system (IPS) configuration is a viable option (Figure 6) [88]. In such a case,
the same set of ICE generators is used to power both the propulsion and the other loads through a
single power system [90]. Such a configuration allows obtaining a reduction in the total size of on-board
generators in respect to the use of separated sets of generators, one for each subsystem. Moreover,
the IPS architecture can exploit either the series or the parallel configuration for the propulsion system,
depending on the ship operative requirements. Nowadays, the evolution in power electronics is
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pushing forward the performance levels achievable from the electric drives, leading to the pervasive
presence of power electronics converters on board ships. These can be used to control electric motors,
manage power flows on the power system, and interface energy storage systems, leading to the so
called integrated power and energy system (IPES), shown in Figure 7 [91,92].

Figure 6. Integrated power system architecture.

Figure 7. Integrated power and energy System architecture.

The integration of energy storage systems is useful for further increasing the overall ship efficiency.
In fact, small ships can sail short routes on stored power only, while big ships can use energy storage
systems as a transitional source of power to be used in emergency, avoiding running additional
generators in some operative conditions. Moreover, storage systems can be used to perform peak
shaving, allowing installing on board smaller generators, with a consequent reduction of weights,
volumes, and overall fuel consumption [93].

In addition to the propulsion system electrification, also the replacement of mechanically driven
equipment (e.g., pumps, cranes, etc.) with electrically driven ones is a viable option to increase the
overall ship efficiency. The coupling of these new electric loads with power electronic converters
enables further improvement in efficiency, reliability, and performance, by removing mechanical
regulation equipment. Obviously, the introduction of these additional loads requires an increase in the
on-board generators’ power, further motivating the shift towards IPS or IPES configurations for ships.

4.2. The Issue of Designing Efficient Ships

The design of a ship is a complex process, because it is necessary to integrate different subsystems
in a reduced space with several constraints. In fact, each subsystem is needed for the correct operation
of the ship, but at the same time, it is in competition with the others for space and weight allocation.
Ship designers have to consider both naval architecture issues (e.g., stability, hull form, manoeuvrability,
structure, etc.), ship’s operative requirements, costs, efficiency, and so on. The ship designers must in
fact design a system of systems [94], where the optimal design solution for the overall ship is never
the sum of the optimal solutions for each subsystem design. In fact, in the shipbuilding industry the
most significant proof of concept is not related to the demonstration of a working technology. Instead,
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it is given by the demonstration of achievable results in improving ships’ key performance indicators
(KPI—such as space, weight, safety, and efficiency). Thus, a promising technology which is able to
increase the efficiency of a single subsystem may prove to be irrelevant for increasing efficiency in a
ship, or may worsen it either due to its effect on other subsystems or due to the ship’s specific operative
requirements. As an example, electric propulsion allows a significant reduction in fuel consumption
compared to mechanical propulsion mechanisms in ships with several different operative speeds,
thanks to the small loss of efficiency of electric drives at variable loads. Conversely, ships sailing for
long times at constant speed (e.g., tankers) achieve the lowest fuel consumption by using mechanical
propulsion, due to the high efficiency of low speed 2-stroke diesel engines when operated at their
optimal load point.

In such a context, integrating new technologies dedicated to the efficiency increase into an existing
ship is an engineering challenge, possibly being unfeasible or requiring an amount of modifications so
high as to make the obtainable gains not justifiable. Likewise, the design of a new ship able to exploit
new subsystems to achieve a more efficient operation is a complex task too. Ship designers have to
take into account the integration of the new technologies since the first stages of the ship design (i.e.,
the early stage design), to assure their correct on board exploitation [95–97]. Such an approach is
required, since the most impacting decisions about ship design are taken during the first stages of
the design process, and cannot be changed on later stages without deeply affecting costs and times.
For common ships’ designs, the previous knowledge base is, in general, sufficient for making a correct
guess about viable design solutions. Conversely, technologies with a significant impact on the ship’s
KPI may require proceeding with several tests before reaching a feasible design [98].

To overcome the need of making design choices based on uncertain data, tools are being created.
In fact, the advancements in information technology led to the creation of software tools, aimed at
easing the designers’ work [92,99,100]. These tools allow inferring the effect of the design choices
overall ship, already during the early stage design. Consequently, designers can compare different
solutions in terms of the ship’s KPI, possibly leading to the choice of the best overall design. Moreover,
such tools provide a means to assure the correct on board integration of innovative technologies,
thus ensuring the achievement of the expected efficiency increase, as well as other advantages [101].

Finally, it has to be highlighted that the pursuit of an increase in ships’ efficiency may have a
significant impact also on other applications. The most obvious case is the need to connect the ship to
the port electrical power system (i.e., shore connection [102,103]), for recharging on-board installed
energy storage systems or at least shutting off on-board generators. Such a practice can reduce the
pollutant emissions in the ports (which are commonly placed inside cities), as well as increase the
overall system efficiency (ship’s on board generators have a higher CO2 footprint in respect to the land
power grid). However, in order to use a shore connection a specific set of equipment is to be installed
on the berth, and the port power system may need to be refitted to support the additional load (e.g.,
a cruise ship requires up to a MW when at berth). Another example of the global impact of efficiency
increase methods can be made referring to the use of cleaner fuels. Indeed, besides the modifications
to ship’s engines and fuel treatment systems, it is required to create a dedicated supply chain for these
new fuels.

5. Conclusions

The paper includes a comprehensive review on efficiency issues related to three important
sectors of the transportation systems: railways, electrical vehicles and marine. The measures recently
investigated and implemented, for improving three transportation systems from the point of view of
efficiency, are reported and analyzed. Many actions deal with the application of devices, apparatus and
systems that can improve the efficiency acting on the infrastructure, but other several actions deal with
the suitable management techniques for existing systems, also with the aim of integrating them in a
wider system. The analysis pointed out that a common way to compare the increased efficiency of
the transportation system in the three analyzed sectors is to assess the percentage reduction of the
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CO2 emissions, thanks to the implementation of different electrification solutions of various means.
For the rail transport sector, these solutions are related to changes to an already existing electrical
infrastructure, that can be integrated with innovative devices (e.g., storage) and management systems
(e.g., traffic control), differently from the on road and maritime sectors, where the improvement of the
efficiency can be achieved through electrification actions of the vehicles and of the propulsion systems.

However, there are several different factors that make a direct comparison among the different
transportation systems a very complex work. First of all, railway, road, and marine sectors can be either
integrated or mutually exclusive transportation means. Indeed, for goods transportation at present
there is a good integration among them, which implies using ships for long-range transportation,
then railways for medium range transportation, and finally road vehicles for short range delivery.
This means that a complete assessment of the efficiency of the goods transportation framework
includes all of the above described systems, with ratios that depend on the specific start and finish point.
Conversely, the people transportation is caused by a different set of needs and aims, depending on the
transportation system. Road and railway transportation can be partially overlapped in this regard
(excluding locations that are not reachable by train only), while ships are used either for marine routes
that cannot be achieved by other means, or for leisure trips. This makes an efficiency comparison
among the three systems fully dependent on the specific type of application and route. A second
critical point in such a comparison is the strict dependency among the CO2 footprint of the recharging
energy, for grid connected vehicles. As depicted in this paper, different countries have different energy
mixes for producing the electrical energy, making it possible to compare these figures for short range
transportation only. As an example, the CO2 emissions of an electric truck that delivers a given set
of goods going through different countries is a composition of the amounts of emissions given by
the energy mixes used in the places where it stops for recharging. Moreover, given a single starting
point and a single arrival point, different routes can be taken, implying different energy consumption
and different recharging energy mixes. Thus, a single figure, able to provide a full assessment and
comparison of the efficiency among the presented transportation systems cannot be provided.

So, independently from the common metric for the assessment of efficiency and its improvement
(in relation to different solutions adopted in the three transport sectors), the main result of the review
reported in this paper has been collecting all the possible measures that can be applied to the three
transport sectors for improving the efficiency, in function, of their peculiarities. It contributes to the
idea of what has been already done within this field and what could be the margin of development to
be explored in the future.
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Abstract: This study develops a connected eco-driving controller for battery electric vehicles (BEVs),
the BEV Eco-Cooperative Adaptive Cruise Control at Intersections (Eco-CACC-I). The developed
controller can assist BEVs while traversing signalized intersections with minimal energy consumption.
The calculation of the optimal vehicle trajectory is formulated as an optimization problem under the
constraints of (1) vehicle acceleration/deceleration behavior, defined by a vehicle dynamics model;
(2) vehicle energy consumption behavior, defined by a BEV energy consumption model; and (3) the
relationship between vehicle speed, location, and signal timing, defined by vehicle characteristics
and signal phase and timing (SPaT) data shared under a connected vehicle environment. The optimal
speed trajectory is computed in real-time by the proposed BEV eco-CACC-I controller, so that a BEV
can follow the optimal speed while negotiating a signalized intersection. The proposed BEV controller
was tested in a case study to investigate its performance under various speed limits, roadway grades,
and signal timings. In addition, a comparison of the optimal speed trajectories for BEVs and internal
combustion engine vehicles (ICEVs) was conducted to investigate the impact of vehicle engine types
on eco-driving solutions. Lastly, the proposed controller was implemented in microscopic traffic
simulation software to test its networkwide performance. The test results from an arterial corridor
with three signalized intersections demonstrate that the proposed controller can effectively reduce
stop-and-go traffic in the vicinity of signalized intersections and that the BEV Eco-CACC-I controller
produces average savings of 9.3% in energy consumption and 3.9% in vehicle delays.

Keywords: eco-driving; battery electric vehicles; signalized intersections; energy-optimized vehicle
trajectories; vehicle dynamics model

1. Introduction

The United States is one of the world’s prime petroleum consumers, burning more than 20% of
the planet’s total refined petroleum, and the surface transportation sector alone accounts for around
69% of the United States’ total petroleum usage [1]. This presents the transportation sector with
three important challenges: availability of fuel to drive vehicles, emissions of greenhouse gases,
and vehicular crashes. It is, therefore, important to reduce petroleum consumption to make surface
transportation safer, more efficient, and more sustainable [2].

The advent of communication and information technology has enabled vehicle-to-vehicle and
vehicle-to-infrastructure connectivity, so that various data, such as signal phase and timing (SPaT),
vehicle trajectory, and velocity, can be transmitted and utilized. The advanced communication abilities
of connected vehicles ensures that information is updated at a very high rate, which enables researchers
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to develop connected transportation systems meeting safety, economy, and efficiency challenges [3].
Studies have shown that vehicles have high fuel consumption rates when approaching signalized
intersections because of vehicle acceleration/deceleration maneuvers during stop-and-go traffic [2,4].
Over the past few decades, researchers have worked on optimizing traffic signal planning to reduce
traffic delay and fuel consumption [5,6]. In recent years, a number of studies have focused on
developing eco-driving algorithms to help vehicles approach signalized intersections using connected
vehicle technologies. These eco-driving strategies aim to provide, in real-time, recommendations to
individual drivers or vehicles so that vehicle maneuvers can be appropriately adjusted to reduce fuel
consumption and emission levels [7–9].

Most of the studies in this area have been focused on developing eco-driving strategies for internal
combustion engine vehicles (ICEVs). For example, Malakorn and Park proposed to reduce vehicle
fuel consumption by minimizing vehicle acceleration maneuvers using a cooperative adaptive cruise
control system under a connected environment [10]. Another study [2] developed an optimal control
strategy by using dynamic programming and recursive pathfinding techniques, and the control logic
was validated by an agent-based modeling approach. In addition, a schedule optimization method
was proposed in [11] to search for “green-windows” so that vehicles can traverse multiple signalized
intersections by minimizing full stops. A further-improved approach was developed by Guan and
Frey to generate a brake-specific fuel map so that the optimized gear ratio can be computed to save
fuel levels [12].

In addition to the studies that focused on ICEVs, a few studies have investigated eco-driving
strategies for battery electric vehicles (BEVs) near signalized intersections. Using SPaT information
passed from connected infrastructure, an energy-optimized speed trajectory can be computed for BEVs
while traveling on signalized arterials, thus extending the BEV’s range. An eco-driving technique
for BEVs was developed in [13]. In that work, the vehicle trajectory control problem was formulated
as an optimization problem to minimize the summation of vehicle power, and Bellman’s dynamic
programming algorithm was used to compute the optimal solution. However, a simple energy model
was used in this study by assuming that the recharge efficiency is a constant value. Another BEV
eco-driving algorithm was proposed in [14]. A VT-Micro model-based energy consumption model
was developed for different BEV operation modes (including acceleration, deceleration, idling, and
cruising). Subsequently, an eco-driving model, which used the developed energy model, was proposed
for a single signalized intersection. Several example trips in the case study illustrate the proposed
eco-driving method’s ability to reduce energy consumption efficiently. However, the proposed energy
consumption model was a statistical model based on limited collected data, thus the accuracy may not
be sufficient for developing an optimal control strategy for dynamic vehicle maneuvers. Moreover,
the vehicle dynamics model was not considered in the constraints to compute the acceleration level, so
the calculation of the optimal solution may use an unrealistic acceleration level.

The same energy consumption model was used in [15] to develop a connected BEV eco-driving
system. A model predictive control logic was considered in the control system to force the vehicle
to follow the optimal speed trajectory as closely as possible. A field test with four participants
demonstrated an average of 22% energy savings for automated driving with the proposed eco-driving
system. However, a 2012 Ford Escape with a hybrid engine was used for the field test in this study,
and this vehicle was assumed to be representative of an actual BEV’s performance.

An analytical model to calculate a BEV’s optimum vehicle trajectory was proposed in [16], with
the goal of minimizing electricity usage with consideration of intersection queues. Furthermore,
an approximation model was proposed to increase computation efficiency for real-time applications.
A 47.5% energy savings was found when evaluating field data from a six-intersection corridor. However,
the objective function was the summation of energy consumption from the tractive force only, and the
braking force was assumed to be 100% transferable to battery power. In addition, the work in [17]
provided a solution to minimize BEVs’ energy consumption while traversing a sequence of signalized
intersections and always getting a green indication. A simple simulation network (AIMSUN) with five
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intersections was used in the case study. A sensitivity analysis with different market penetration rates
was tested to show a 10% energy savings for a 40% penetration rate. However, the computation of
energy consumption in this study did not consider regenerative braking.

There are several issues with the aforementioned studies of BEV eco-driving strategies: a lack of
realistic energy consumption models to accurately compute the instantaneous energy consumption
when BEVs travel through signalized intersections, and the lack of a vehicle dynamics model to
constrain vehicle acceleration maneuvers. In addition, although many previous studies developed
eco-driving strategies for ICEVs and BEVs, there is no comparison to demonstrate the differences in the
energy-optimal solutions for each. To address these issues, this study develops a connected eco-driving
controller for BEVs, called the BEV Eco-Cooperative Adaptive Cruise Control at Intersections
(Eco-CACC-I). The developed controller can assist BEVs negotiating signalized intersections by
minimizing their energy consumption. The calculation of optimal vehicle trajectory is formulated as
an optimization problem subject to the following constraints: (1) vehicle acceleration/deceleration
behavior, defined by a vehicle dynamics model; (2) vehicle energy consumption behavior, defined by a
BEV energy consumption model; and (3) the relationship between vehicle speed, location, and signal
timing, defined by vehicle characteristics and SPaT data shared under a connected vehicle environment.
The optimal speed trajectory is computed in real-time by the proposed BEV Eco-CACC-I controller so
that a BEV can follow the optimal speed while negotiating a signalized intersection. The proposed
BEV controller was tested in a case study to investigate its performance under various speed limits,
roadway grades, and signal timings. In addition, a comparison of the optimal speed trajectories for
BEVs and ICEVs was conducted to investigate the impact of vehicle engine types on eco-driving
solutions. Lastly, the proposed controller was implemented in microscopic traffic simulation software
to test its networkwide performance. The test results from an arterial corridor with three signalized
intersections demonstrate that the proposed controller can effectively reduce stop-and-go traffic in the
vicinity of signalized intersections, and that the BEV Eco-CACC-I controller produces average savings
of 9.3% in energy consumption and 3.9% in vehicle delays.

The remainder of this paper is presented as follows. The proposed BEV Eco-CACC-I system and
the vehicle dynamics and energy consumption models are described in the next section. Afterward,
the details of the proposed system testing on the case study section to investigate the impacts of
various factors on system performance are presented. This is followed by implementing the proposed
controller into microscopic traffic simulation software to quantify the networkwide impacts. The last
section provides conclusions and recommendations for future research.

2. Model Development

2.1. Eco-CACC-I for BEVs

In previous studies, an eco-driving system for gasoline-powered vehicles, named ICEV
Eco-CACC-I, was developed and tested under a simulated environment and real-world field
tests [18–21]. The ICEV Eco-CACC-I system computes real-time, fuel-optimized speed profiles
that vehicles can follow so that they can proceed through signalized intersections while consuming
minimum amounts of fuel. In the previous field test study, we implemented the developed eco-driving
system into a real-world automated vehicle as an adaptive cruise control system [19]. Note that
the developed Eco-CACC-I system does not directly optimize the collaboration between multiple
vehicles. Here, the term “cooperative” means the vehicles equipped with the developed system can
cooperate with signalized intersections under a connected-vehicle environment. During the previous
network-level simulation test, the recommended speed computed by the developed system was used
as a variable speed limit, which worked together with other constraints, such as the car following
model and collision avoidance constraint, to control vehicle speed [21]. The same control logic of the
previously developed algorithm was used in this study to develop an Eco-CACC-I controller that
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allows BEVs to drive smoothly through signalized intersections with minimal energy consumption
and thus extend their range.

The same control environment setup for ICEV Eco-CACC-I was used here to develop the BEV
Eco-CACC-I. The interested reader may read about the previous work in [19,21]. The control region
was defined as a distance upstream of the signalized intersection (dup) to a distance downstream
of the intersection (ddown) in which the BEV Eco-CACC-I controller optimizes the speed profiles of
vehicles approaching and leaving signalized intersections. Upon approaching a signalized intersection,
the vehicle may accelerate, decelerate, or cruise (maintain a constant speed) based on a number of
factors, such as vehicle speed, signal timing, phase, distance to the intersection, road grade, and
headway distance, etc. [2]. We assumed no leading vehicle ahead of the BEV so that we could
compute the energy-optimized vehicle trajectory for the BEV without considering the impacts of other
surrounding vehicles. The computed optimal speed was used as a variable speed limit, denoted by ve(t),
which is one of the constraints on the BEV longitudinal motion. When a BEV travels on the roadway,
there are other constraints to be considered, including the allowed speed constrained by the vehicle
dynamics model, steady-state car following mode, collision avoidance constraint, and roadway speed
limit. All of these constraints work together to control the vehicle speed. In this way, the proposed
system can also be used in the situation that the BEV follows a leading vehicle and the vehicle speed
can be computed by v(t) = min(v1(t), v2(t), v3(t), v4(t), ve(t)) using the following constraints:

(1) The maximum speed v1(t) allowed by the vehicle acceleration model for a given vehicle
throttle position;

(2) The maximum speed v2(t) constrained by the steady-state vehicle spacing in the
simulation software;

(3) The speed limit of v3(t) to avoid a rear-end vehicle collision; and
(4) The maximum speed v4(t) allowed on the road.

Within the control region, the vehicle’s behavior can be categorized into one of two cases: (1) the
vehicle can pass through the signalized intersection without decelerating or (2) the vehicle must
decelerate to pass through the intersection. Given that vehicles drive in different manners for cases 1
and 2, the BEV Eco-CACC-I strategies were developed separately for the two cases.

Case 1 does not require the vehicle to decelerate to traverse the signalized intersection. In this
case, the cruise speed for the vehicle to approach the intersection during the red indication can be
calculated by Equation (1) to maximize the average vehicle speed during the control region.

uc = min
(

dup

tr
, u f

)
(1)

When the vehicle enters the control region, it should adjust speed to uc according to the vehicle
dynamics model illustrated later in Equations (5) through (7). After the traffic light turns from red to
green, the vehicle accelerates from the speed uc to the maximum allowed speed (speed limit uf) by
following the vehicle dynamics model until it leaves the control region.

In case 2, the vehicle’s energy-optimized speed profile is illustrated in Figure 1. After entering the
control region, the vehicle with the initial speed of u(t0) needs to brake at a deceleration level denoted
by a, then cruise at a constant speed of uc to approach the signalized intersection. After passing the
stop bar, the vehicle should increase speed to uf per the vehicle dynamics model, and then cruise at uf
until the vehicle leaves the control region. In this case, the only unknown variables are the upstream
deceleration rate a and the downstream throttle fp. The following optimization problem was formulated
to compute the optimum vehicle speed profile associated with the least energy consumption.
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Figure 1. Optimum vehicle speed profile in case 2.

Assuming a BEV enters the Eco-CACC-I control region at time t0 and leaves the control region at
time t0 + T, the objective function entails minimizing the total energy consumption level as:

min
∫ t0+T

t0

EC(u(t))·dt (2)

where EC denotes the electric energy consumption at instant t using Equations (8) through (11).
The constraints to solve the optimization problem can be built according to the relationships between
vehicle speed, location, and acceleration/deceleration, as presented below:

u(t) :

⎧⎪⎪⎪⎪⎪⎪⎪⎪⎨⎪⎪⎪⎪⎪⎪⎪⎪⎩
u(t) = u(t0) − at

u(t) = uc

t0 ≤ t ≤ t1

t1 < t ≤ tr

u(t + t) = u(t) +
F( fp)−R(u(t))

m t

u(t) = u f

tr < t ≤ t2

t2 < t ≤ t0 + T

(3)

u(t0)·t− 1
2 at2 + uc(tr − t1) = dup

uc = u(t0) − a(t1 − t0)∫ t2

tr
u(t)dt + u f (t0 + T − t2) = ddown

u(t2) = u f
amin < a ≤ amax

fmin ≤ fp ≤ fmax

uc > 0

(4)

In Equation (3), function F denotes the vehicle tractive force calculated by Equation (6), and
function R represents all the resistance forces (aerodynamic, rolling, and grade resistance forces)
calculated by Equation (7). Note that the maximum deceleration was limited by the comfortable
threshold felt by average drivers [2]. The throttle value ranges between 0 and 1. To solve the
optimization problem, dynamic programming was used to list all the candidate solutions with the
associated electric energy consumption levels. This allowed calculation of optimal parameters for
upstream deceleration a and downstream throttle fp by finding the candidate solution associated with
the minimum energy consumption for vehicles passing the control region. To solve the proposed
optimization problem in real-time, an A-star search method was selected to ensure fast and efficient
computations. The A-star search method is one of the best and most popular path search methods
to find the lowest cost path using a heuristic function [22]. The deceleration and throttle levels are
considered as constant values in the A-star algorithm when computing the future cost. However,
given that the optimal solution is recomputed every decisecond, the acceleration/deceleration level
can also be updated every decisecond, thus producing a varying acceleration/deceleration maneuver.
In the proposed optimization problem, first, a constant throttle level was assumed (e.g., 0.6) to find the
optimal deceleration level, which corresponds to the minimal energy consumption for the entire trip
from ddown to dup. In this way, the starting speed (cruise speed uc) and the ending speed (speed limit
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uf) on the downstream roadway are known, so the optimal throttle level which corresponds to the
minimal energy consumption for the downstream trip can be located. The details of how the A-star
algorithm outperforms other pathfinding algorithms and the steps to implement the A-star algorithm
can be found in [22].

2.2. Vehicle Dynamics Model

The proposed BEV Eco-CACC-I system uses a vehicle dynamics model to compute vehicle
acceleration behavior. Here, vehicle acceleration is based on the vehicle dynamics model formulated
in [23,24], where acceleration level is related to throttle level and vehicle velocity. The vehicle dynamics
model is summarized as

u(t + t) = u(t) +
F(t) −R(t)

m
t (5)

F = min
(
3600 fpβηD

Pmax

u
, mtagμ

)
(6)

R(t) =
ρ

25.92
CdChA f u(t)2 + mg

cr0

1000
(cr1u(t) + cr2) + mgRg (7)

where F and R are the tractive and resistance forces on the vehicle (N); ηD (unitless) denotes the
drivetrain losses; β (unitless) represents the gear reduction factor (light-duty vehicle uses the value of
1.0); fp (unitless) denotes the throttle input from the driver; mta (kg) represents the vehicle mass on the
tractive axle; Pmax is the maximum engine power (kW); μ (unitless) denotes the adhesion coefficient
between the vehicle tire and road surface; ρ is the sea-level air density (kg/m3) at 15 ◦C temperature; Af
denotes the frontal area of the vehicle (m2); Cd (unitless) represents the drag coefficient; Ch (unitless) is
the correction factor for altitude; cr0, cr1, and cr2 are rolling resistance constant values (unitless); m (kg)
represents the mass of the vehicle; and G (unitless) denotes the road grade.

2.3. Energy Consumption Model for BEVs

The Virginia Tech comprehensive power-based electric vehicle energy consumption model
(VT-CPEM), developed in [25], was used in the proposed Eco-CACC-I system to compute instantaneous
energy consumption levels for BEVs. The model was selected here for three main reasons: (1) speed is
the only required input variable for this model, so it is easy to use to solve the proposed optimization
problem; (2) the model has been validated and has demonstrated its ability to produce good accuracy
compared to empirical data; and (3) the model can be calibrated to a specific vehicle using publicly
available data. The VT-CPEM is a quasi-steady backward highly resolved power-based model, which
only requires the instantaneous speed and the electric vehicle characteristics as input to compute the
instantaneous power consumed. The VT-CPEM model is summarized in the following equations.

EC(t) =
∫ t

0
PB(t)·dt (8)

PB(t) =

⎧⎪⎪⎨⎪⎪⎩
PW(t)
ηD·ηEM·ηB

+ PA ∀ PWheels(t) ≥ 0

PW(t)·ηD·ηEM·ηB·ηrb(t) + PA ∀ PWheels(t) < 0
(9)

PW(t) = (ma(t) + R(t))·u(t) (10)

ηrb(t) =
[
e(

λ
|a(t)| )
]−1

(11)

where EC (kWh) represents the energy consumption from time 0 to t; PW denotes the power at the
wheels (kW); PB is the power consumed by (regenerated to) the electric motor (kW); PA is the power
consumed by the auxiliary systems (kW); ηD and ηEM (unitless) are the driveline efficiency and the
efficiency of the electric motor, respectively; ηB (unitless) denotes the efficiency from a battery to
an electric motor; ηrb represents the regenerative braking energy efficiency (unitless), which can be
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computed using Equation (11); the parameter λ (unitless) has been calibrated (λ = 0.0411) in [25] using
empirical data described in [26]; and R(t) represents the resistance force (N) computed in Equation (7).

3. Case Study

The case study simulated the proposed BEV Eco-CACC-I algorithm to investigate the impact of
signal timing, speed limit, and road grade on the optimal solution.

In addition, two electric vehicles (a 2015 Nissan Leaf and a 2015 Tesla Model S) were considered
in the simulation test to see if a particular vehicle model with different weight and engine powers
affected the optimal solution. To compare BEV and ICEV optimal solutions, two ICEVs (a 2015 Honda
Fit and a 2015 Cadillac SRX) were used for the same simulation test.

3.1. Test Eco-CACC-I for BEVs

The simulated test road consisted of a single signalized intersection with a control length starting
200 m upstream and ending 200 m downstream of the intersection (total length of 400 m). An automated
connected vehicle, a 2015 Nissan Leaf equipped with the Eco-CACC-I system, was assumed to follow the
optimal speed profile calculated by the Eco-CACC-I algorithm in that 400-m distance. Combinations of
different speed limits (25, 30, 40, and 50 mph), signal indication offsets (15, 20, 25, and 30 s) and road
grades (+3% and −3%) were tested. Given that the test results for the Nissan Leaf under various speed
limits were very similar, the test results for the 25-mph speed limit alone are presented in Figures 2 and 3.

Speed Limit
25 mph

Uphill (3%) Downhill ( 3%)

20 s
Red Time

25 s
Red Time

30 s
Red Time

Figure 2. Nissan Leaf speed profile by BEV Eco-Cooperative Adaptive Cruise Control at Intersections
(BEV Eco-CACC-I) for a speed limit of 25 mph.
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Speed Limit
25 mph

Uphill (3%) Downhill ( 3%)

20 s
Red Time

25 s
Red Time

30 s
Red Time

Figure 3. Nissan Leaf BEV Eco-CACC-I energy consumption for a speed limit of 25 mph.

Figure 2 demonstrates the test results under a 25-mph speed limit for different signal timings
and road grade values. Note that the vehicle with an initial speed of 25 mph did not need to
slow down for the 15-s red indication, so the plots for this case were not included. Each image in
Figure 2 presents the sampling of numerous feasible solutions (speed profiles) for each combination of
parameters. For instance, the right bottom image in Figure 2 includes 29 curves. Each curve represents
a feasible solution when a vehicle approaches a signalized intersection with a certain deceleration
level (ai). The downstream throttle level was the optimal throttle corresponding to the minimal energy
consumption given the upstream deceleration level of ai. Each feasible solution is plotted in a different
color, and the optimal solution, which corresponds to the minimal energy consumption trajectory,
is presented in a bold red color. It should be noted that all the images in the left column in Figure 2 show
that the speed profile associated with the maximum deceleration level was the optimal solution for the
uphill direction. Furthermore, all the images in the right column in Figure 2 show that the speed profile
associated with the minimum deceleration level was the optimal solution for the downhill direction.

The corresponding energy consumption levels for each feasible solution (speed profile) are
presented in Figure 3. Note that the solution index in the x-axis represents the 1st solution, 2nd solution
. . . nth solution, ordered in ascending order by deceleration levels. All the images in the left column in
Figure 3 show that the upstream trip regenerated minimum electric power; much less battery power
was regenerated than was consumed. In this case, the cruise speed was the most important factor in
identifying the optimal solution, as higher cruise speeds associated with higher deceleration levels
result in less energy consumption for the entire trip. Consequently, the maximum deceleration level
corresponds to the optimal solution for a BEV driving in the uphill direction. All the images in the
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right column in Figure 3 illustrate that the upstream trip generated equal or slightly higher electric
power than the battery power consumed during the downstream trip due to the impact of gravity in
the downhill direction. In this case, the deceleration level was the most important factor in identifying
the optimal solution. Lower deceleration levels correspond to longer deceleration times and more
regenerative electric power upstream of the intersection, which can result in lower energy consumption
for the entire trip. Therefore, the minimal deceleration level corresponds to the optimal solution for a
BEV driving in the downhill direction.

The Nissan Leaf is a compact BEV with an 80-HP engine; to investigate the impact of engine size
on the optimal control strategy, a 2015 Tesla Model S with a much more powerful 283 HP engine was
also tested. The same simulation was conducted assuming a connected and automated Tesla Model
S equipped with the Eco-CACC-I controller. The simulation results were very similar to the Nissan
Leaf results. There were two main differences. First, downstream of the intersection, the Tesla could
accelerate to the maximum allowed speed (speed limit) much more quickly in the downhill direction
given that the vehicle is more powerful than the Nissan Leaf. Second, the energy consumption for
the Tesla Model S was higher since it weighs more. However, the energy consumption curves across
the solutions from minimum to maximum deceleration levels showed the same trends, so the same
optimal solution could be found for both vehicles. Given that the test results for the Nissan Leaf are
already illustrated, the plots for the Tesla are not presented here. According to the test results for the
two BEVs, the optimal solutions for the downhill and uphill directions can be summarized as follows:

• Downhill direction: The optimal speed profile corresponds to the minimum deceleration level in
the solution space.

� Upstream—lower cruise speed produces longer brake time and more regenerative energy.
� Downstream—lower cruise speed means more energy consumption downstream;

however, the benefit of energy regeneration upstream exceeds the additional needs
for energy downstream.

• Uphill direction: The optimal speed profile corresponds to the maximum deceleration level in the
solution space.

� Upstream—different from the solution for the downhill direction, the vehicle regenerates
minimum energy by decelerating in the uphill direction.

� Downstream—the vehicle needs the maximum cruise speed while proceeding through the
intersection so that the downstream trip requires less energy.

3.2. Eco-CACC-I for ICEVs

The Eco-CACC-I for ICEVs previously developed in [19,20] was considered in comparison with
the Eco-CACC-I for BEVs. In this model, the optimization problem was formulated using Equations
(2) through (4), and the same vehicle dynamic model used in Equations (5) through (7). Note that the
Virginia Tech comprehensive power-based fuel consumption model (VT-CPFM-1) was used in place of
the BEV energy model in Equations (8) through (11). More details of the Eco-CACC-I controller for
ICEVs can be found in [19,20].

The same simulation was conducted for a 2015 Honda Fit, which has an engine power and
weight similar to the 2015 Nissan Leaf. The test results are presented in Figures 4 and 5. Figure 4
shows the test results for a speed limit of 25 mph for different signal timings and roadway grades.
All the images in the left column in Figure 4 demonstrate that the speed profile with a deceleration
level in the middle area (between the minimum and maximum values) was the optimal solution
for the uphill direction. All the images in the right column in Figure 4 demonstrate that the speed
profile associated with the maximum deceleration level was the optimal solution for the downhill
direction. The corresponding energy consumption levels for each feasible solution (speed profile)
in the solution space are presented in Figure 5. Note that the solution index along the x-axis is also
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ranked and ordered in a descending manner based on the deceleration level. The energy consumption
unit is “liters” for ICEVs. In addition, unlike BEVs that regenerate energy while braking, ICEVs
always consume fuel during the trip. All the images in the left column in Figure 5 show that the
vehicle consumed more energy to reach a higher cruise speed in the uphill direction upstream of the
intersection. However, higher cruise speeds resulted in less energy consumption downstream of the
intersection. Therefore, the optimal solution for ICEVs driving in the uphill direction is somewhere in
the mid-range, depending on the vehicle’s specifications and roadway grade. All the images in the
right column in Figure 5 demonstrated that different deceleration levels did not change the ICEV’s
energy consumption while traveling downhill. Therefore, higher cruise speeds resulted in the same
level of fuel consumption upstream of the intersection. However, higher cruise speeds resulted in less
energy consumption downstream of the intersection. In this case, the deceleration level is the most
important factor in locating the optimal solution. Higher deceleration levels corresponded to lower
energy consumption for the downstream portion, while energy consumption remained the same for
the upstream portion. Therefore, the maximum deceleration level corresponds to the optimal solution
for ICEVs driving in the downhill direction.

Speed
Limit

25 mph
Uphill (3%) Downhill ( 3%)

20 s
Red Time

25 s
Red Time

30 s
Red Time

Figure 4. Honda Fit speed profile by ICEV Eco-CACC-I for a speed limit of 25 mph.
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Speed
Limit

25 mph
Uphill (3%) Downhill ( 3%)

20 s
Red Time

25 s
Red Time

30 s
Red Time

Figure 5. Honda Fit ICEV Eco-CACC-I fuel consumption for a speed limit of 25 mph.

The Honda Fit is a compact gasoline vehicle with a 97-HP engine. To examine whether ICEV
optimal solutions are general or engine specific, a 2015 Cadillac SRX with a much more powerful
engine of 230 HP was also tested. The same tests were conducted, assuming a connected automated
Cadillac SRX equipped with the Eco-CACC-I controller. The simulation results for the two ICEVs were
very similar. There were two differences. First, downstream of the intersection, the Cadillac could
accelerate to the maximum allowed speed (speed limit) faster in the downhill direction, given that it
had more engine power compared to the Honda Fit. Second, the energy consumption for the Cadillac
was almost double that of the Honda Fit due to its larger size. However, the energy consumption
curves across the solutions from minimum to maximum deceleration levels showed similar trends,
demonstrating that the ICEV optimum strategies appear to be general. According to the test results for
the two ICEVs, the optimal solutions produced by the Eco-CACC-I system for the downhill and uphill
directions can be summarized as follows:

• Downhill direction: The optimal speed profile corresponds to the maximum deceleration level in
the solution space.

� Upstream—different deceleration levels do not change the ICEV’s energy consumption
during braking, so higher cruise speeds consume a similar amount of fuel.

� Downstream—higher cruise speeds at the stop bar result in less energy
consumption downstream.
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• Uphill direction: The optimal speed profile corresponds to the maximum deceleration level in the
solution space.

� Upstream—unlike the downhill direction, the vehicle consumes more energy to reach a
higher cruise speed while traveling uphill.

� Downstream—higher cruise speeds result in less energy consumption downstream.
Therefore, the optimal solution sits in the mid-range, depending on the vehicle’s weight,
engine power, and roadway slope.

3.3. Test Results Analysis and Comparison

The test results indicate that the optimal solutions for BEVs and ICEVs are quite different.
The optimal solutions for BEVs and ICEVs when decelerating upstream of an intersection are
summarized in Table 1. For downhill roadways, BEVs require longer deceleration times to accumulate
more regenerative power to minimize overall energy consumption when traversing the intersection.
Conversely, ICEVs need the maximum deceleration level (minimum deceleration time) to minimize
overall energy consumption. For uphill approaches, BEVs need to minimize deceleration time to reach
the approach stop line at maximum speed, saving energy downstream while accelerating back to the
roadway speed limit. Contrarily, the optimum ICEV deceleration level is typically in the mid-range
to minimize overall energy consumption. The comparison demonstrates that the energy-optimum
solution for BEVs is different from that for ICEVs, as they consume energy differently. The findings in
the case study also prove that previous studies, which only considered the optimization of vehicle
acceleration and deceleration movements and ignored the specific vehicle energy model, may not
correctly compute the energy-optimal eco-driving solutions for different types of vehicles.

Table 1. Optimal solutions for BEVs and ICEVs Eco-CACC-I systems when the vehicle needs to
decelerate to traverse a signalized intersection.

Roadway Grade BEV ICEV

Uphill Maximum deceleration Mid-range deceleration

Downhill Minimum deceleration Maximum deceleration

3.4. Test Eco-CACC-I Controllers in Microscopic Traffic Simulation Software

The Eco-CACC-I controllers for BEVs and ICEVs were implemented in the microscopic traffic
simulation software INTEGRATION to evaluate their performance. The INTEGRATION software
is a trip-based microscopic traffic assignment, simulation, and optimization model that has the
capability of modeling networks of up to 3,000,000 vehicle departures. A more-detailed description of
INTEGRATION is provided in the literature [27,28].

A simulated traffic network, composed of three signalized intersections, as shown in Figure 6,
was used in this test. The major road has a free-flow speed of 40 mph, a speed at a capacity of 30 mph,
a saturation flow rate of 1600 veh/h/lane, and a jam density of 160 veh/km/lane. The total length of the
main direction roadway is 4000 m. The three traffic signals (1000 m apart) have the same signal timing
plan with a 60-s cycle length and 42-s phase length for the main street with 5-s intergreen time (yellow
and all-red time indication). The signal offsets are 0 s for all traffic signals. The traffic volume in the
main direction is set to be 400 veh/h/lane.

Given that the energy optimum solutions for ICEVs and BEVs are very different for the downhill
direction, here we set a −3% grade for the main direction road. We modeled a 2015 Nissan Leaf and a
2015 Honda Fit to represent BEVs and ICEVs in the simulation. Four scenarios, described below, were
used to compare the vehicle trajectories.
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• Scenario 1 (uninformed drive for ICEVs): All the vehicles were ICEVs, and no Eco-CACC controller
was activated. Each vehicle only followed the normal traffic rules (such as vehicle dynamics
model, car-following model, collision avoidance) while traversing the network.

• Scenario 2 (uninformed drive for BEVs): All the vehicles were BEVs, and no Eco-CACC controller
was activated. Each vehicle only followed the normal traffic rules (such as vehicle dynamics
model, car-following model, collision avoidance) while traversing the network.

• Scenario 3 (informed drive by ICEV Eco-CACC-I): All the vehicles were ICEVs, and the ICEV
Eco-CACC-I controller was activated when a vehicle was within a 200-m range (both upstream
and downstream) of the signalized intersection.

• Scenario 4 (informed drive by BEV Eco-CACC-I): All the vehicles were BEVs, and the BEV
Eco-CACC-I controller was activated when a vehicle was within a 200-m range (both upstream
and downstream) of the signalized intersection.

Figure 6. A simulated traffic network with three signalized intersections.

The vehicle trajectories near the first signalized intersection in the four scenarios are presented in
Figure 7. Figure 7a presents the speed trajectories of the uninformed drive for ICEVs. We can clearly
see that a total of nine vehicles came to a full stop upstream of the first intersection (as demonstrated
by the horizontal trajectory lines). Figure 7b presents the speed trajectories of an uninformed drive for
BEVs, which were very similar to the trajectories in (a) with nine fully stopped vehicles before the
intersection. Figure 7c presents the speed trajectories optimized by ICEV Eco-CACC-I. The findings in
Section 3.2 and Table 1 show that an ICEV equipped with an Eco-CACC-I controller quickly reduced
speed and then cruised at a constant speed to approach the intersection during red signal indication
when traveling in the downhill direction. The INTEGRATION simulation results in scenario 3 were
demonstrated to be consistent with our previous findings, and the vehicles produced very smooth
trajectories without having to come to a full stop, as shown in Figure 7c. In addition, the findings in
Section 3.1 and Table 1 showed that the proposed BEV Eco-CACC-I controller would suggest that the
vehicle decelerate mildly to maximize the deceleration time when traversing a signalized intersection
on a downhill roadway, which was consistent with the simulation results in scenario 4, as shown in
Figure 7d. The test results in the four scenarios proved that the microscopic traffic simulation with the
ICEV and BEV Eco-CACC-I controller enabled in the INTEGRATION software produced consistent
results to our findings in Table 1. In addition, the comparison of the simulation results in scenarios
2 and 4 showed that the BEV Eco-CACC-I controller produced average savings of 9.3% in energy
consumption and 3.9% in vehicle delay.
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(a) (b)

(c) (d)

Figure 7. Comparison vehicle speed trajectories by (a) uninformed drive for ICEVs; (b) uninformed
drive for BEVs; (c) ICEV Eco-CACC-I; (d) BEV Eco-CACC-I.

4. Conclusions and Future Work

A review of the literature shows that there are several issues in the BEV eco-driving strategies
developed from existing studies, including a lack of realistic energy consumption models to accurately
compute the instantaneous energy consumption when BEVs travel through signalized intersections,
and the lack of a vehicle dynamics model to constrain vehicle acceleration maneuvers. In addition,
although several previous studies developed eco-driving strategies for ICEVs and BEVs, there is no
direct comparison to demonstrate the differences in the energy-optimal solutions for each. To address
these issues, this study developed a BEV Eco-CACC-I controller. The developed controller can assist
BEVs while traversing signalized intersections with minimal energy consumption. The calculation of
the optimal vehicle trajectory was formulated as an optimization problem under the constraints of (1)
vehicle acceleration/deceleration behavior, defined by a vehicle dynamics model; (2) vehicle energy
consumption behavior, defined by a BEV energy consumption model; and (3) the relationship between
vehicle speed, location and signal timing, defined by vehicle characteristics and SPaT data shared under
the connected vehicle environment. The optimal speed trajectory was computed in real-time by the
proposed BEV Eco-CACC-I controller so that a BEV could follow the optimal speed while negotiating
a signalized intersection. The proposed BEV controller was tested in a case study to investigate
the performances under various speed limits, roadway grades, and signal timings. In addition,
a comparison of the optimal speed trajectories for BEVs and ICEVs was conducted to investigate
the impact of vehicle engine types on eco-driving solutions. The comparison results illustrate that
previous studies, which only considered the optimization of acceleration/deceleration and ignored the
specific vehicle energy model, may not correctly compute the energy-optimal eco-driving solution
for different vehicle types. Lastly, the proposed controller was implemented in microscopic traffic
simulation software to test its networkwide performance. The test results from an arterial corridor
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with three signalized intersections demonstrated that the proposed controller can effectively reduce
stop-and-go traffic in the vicinity of signalized intersections, and that the BEV Eco-CACC-I controller
produced average savings of 9.3% in energy consumption and 3.9% in vehicle delays.

Although the proposed controller was demonstrated to produce very positive energy and delay
savings for BEVs from the simulation tests, currently the developed Eco-CACC-I controller can only
optimize BEVs or ICEVs separately. In future work, an integrated optimization for different types of
vehicles will be considered in developing optimum solutions for mixed traffic conditions. In addition,
more simulation tests with various traffic volumes, market penetration rates, signal timings, etc.,
will be considered to test the proposed controller further.
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Abstract: Decarbonizing road freight transport is difficult due to its reliance on fossil fuel internal
combustion engine vehicles (ICEVs). The role of powertrain electrification in achieving deep
decarbonization in road freight transport was studied using a vehicle stock turnover model, focusing
on Japan. Twelve vehicle types were considered; combining four powertrains, ICEV, hybrid electric
vehicle (HEV), battery electric vehicle (BEV) and fuel cell electric vehicle (FCEV); and three vehicle size
classes, normal, compact and mini-sized vehicles. A scenario-based approach was used; considering
a Base scenario, and three alternative scenarios targeting powertrain electrification. Between 2012
and 2050, tank to wheel CO2 emissions decrease 42.8% in the Base scenario, due to the reduction of
vehicle stock, the improvement of vehicle fuel consumption and the adoption of HEVs. Diffusion of
FCEVs in normal vehicles and BEVs in compact and mini-sized vehicles achieves the largest tank to
wheel CO2 emissions reductions, up to 44.6% compared with the 2050 baseline value. The net cash
flow is positive over the whole time horizon, peaking at 6.7 billion USD/year in 2049 and reaching
6.6 billion USD/year by 2050. Powertrain electrification is not enough to achieve any of the CO2

emissions reduction targets in road freight transport.

Keywords: road freight transport; vehicle stock turnover model; deep decarbonization; road freight
vehicle; electric-drive vehicle

1. Introduction

1.1. Motivation of the Research

Road freight transport accounts for a significant share of global energy consumption in the
transport sector. Almost 45% of global transport energy consumption corresponds to freight transport,
with heavy-duty vehicles (HDVs) using more than half of that energy [1]. Furthermore, road freight
transport depends heavily on fossil fuels; with medium freight trucks and heavy freight trucks
accounting for 24% of global oil-based fuel consumption [2]. Diesel is the main fuel used in road freight
transport, accounting for 84% of all oil products used; and corresponding to half of the global diesel
demand [3].

Road freight vehicles are difficult to characterize due to the variety of vocational uses that requires
a large number of sizes and configurations. However, it is considered that goods delivery from
production sites to factories, industries and/or final retailers is one of the essential roles of road freight
vehicles [3]. Road freight vehicles consist of light-duty vehicles (LDVs), medium-duty vehicles (MDVs)
and HDVs; including but not limited to trucks. One additional difficulty for road freight vehicle
characterization is that criteria for vehicle size classification vary depending on the country or region.
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Despite the small share in road vehicles, MDVs and HDVs contribute disproportionally to mobile
greenhouse gas (GHG) and air pollutant emissions and fossil fuel use, due to high vehicle fuel
consumption, large annual traveled distances and long idling times [4]. In the European Union, HDVs
account for 30% of on-road CO2 emissions, despite representing only 4% of the road vehicle stock [5].
Similarly in the United States, MDVs and HDVs account for 26% of transport CO2 emissions [6].
Additionally, road freight vehicles produce half of particulate matter (PM) emissions and one third
of NOx emissions of the transport sector in cities [7]. In the United States, MDVs and HDVs are
responsible for 22%, 28% and 24% of transport sector PM2.5, NOx and CO emissions, respectively [4].
PM and NOx are associated with adverse health effects in human beings [8]; while exposure to low
CO concentrations causes health problems such as headaches and lightheadness [9]. Furthermore,
diesel exhaust gas is classified as carcinogenic to humans (Group 1) by the World Health Organization
(WHO) [10].

Decarbonization in road freight transport will be difficult to realize [11]. Global road freight
activity is expected to grow in the future, driven by economic development. For instance, heavy-duty
truck use is expected to increase 2.7%/year between 2000 and 2030 [12]. Increased road freight activity
and high dependence on fossil fuels will cause GHG emissions from road freight transport to keep
growing in the future; requiring coordinated efforts by shippers, logistics service providers and
policymakers to mitigate their growth [2].

Potential for energy consumption and CO2 emissions reduction through the improvement of
internal combustion engine efficiency and aerodynamics is significant and can be cost-effective [13].
However, in the long-term, advanced biofuels and electric-drive vehicles (EDVs) will be the main
option to achieve deep decarbonization in road freight vehicles [14]. Additionally, since the time scales
involved in road freight vehicle stock turnover are long, it is necessary to consider the dynamics of
technology diffusion in the vehicle fleet when assessing the role of powertrain electrification in the
decarbonization of road freight transport.

Compared with passenger LDVs, deployment of EDVs in road freight vehicles is still at an early
stage. While the global EDV stock in LDVs exceeded 5.1 million vehicles in 2018, EDV stock in the fleet
of light commercial vehicles reached 250000 vehicles; and medium-sized trucks sales were in the range
of 1000 to 2000 vehicles [15]. Considering that global road freight vehicle stock totaled approximately
186 million vehicles in 2015 [3], penetration of EDVs in road freight transport is almost negligible.

Nevertheless, EDV deployment in road freight vehicles is gaining momentum, with McKinsey
projecting that EDVs can account for 15% of global truck sales by 2030 [16]. Currently, several Original
Equipment Manufacturers (OEMs) are investing in the development of EDVs for road freight transport.
BYD introduced a battery electric class 8 truck and a battery electric refuse truck in 2017 [17]. Isuzu
presented the battery electric ELF EV truck at the 2017 Tokyo Motor Show [18]. Tesla announced plans
to manufacture battery electric semi-trucks by 2019, with UPS pre-ordering 125 vehicles [19]. Renault
plans to start selling battery electric 12–16 ton trucks to complement the line-up of battery electric 4.5
ton trucks in the market since 2010 [20]. Mitsubishi Fuso started mass production of the battery electric
eCanter in 2019 [21].

Regarding FCEVs, a Swiss consortium with participation of ESORO announced the development
of a 34 ton fuel cell truck [22]. Toyota is working on a fuel cell system for heady-duty trucks to be
used at the port of Los Angeles, United States [23]. Ballard and Kenworth have been testing a class 8
drayage fuel cell truck in the United States [24]. Nikola Motors plans to start selling Class 8 fuel cell
trucks by 2021 [25].

Compared with passenger LDVs, EDV adoption in road freight transport has several advantages,
especially at the early stages of deployment. Under some operating conditions, high annual traveled
distances for long-haul vehicles enable fast recovery of the incremental capital costs through lower
fuel costs [26]. In the case of BEVs, road freight vehicles follow fixed driving routines based on their
delivery routes, making range anxiety concerns less critical [27]. Furthermore, operation according to
a predetermined mobility demand makes the requirement for public charging modest [28]. In the case
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of FCEVs, known daily traveled distance and central refueling station use make fleet-based operation
attractive [4].

Nevertheless, EDV deployment in road freight transport also face barriers, such as diversity
in terms of vehicle sizes and vocational uses [4], larger weight and longer traveled distances [12],
and larger emphasis on economic profitability and reluctance to take risks regarding new automotive
technologies [29]. Even though several studies have demonstrated that under some operating conditions
EDVs are cost-effective [30–32], road freight vehicle fleet owners often focus on short payback times
rather than cost-effectiveness over the vehicle life cycle, which can affect EDV adoption. For example,
in the United States, the average payback time for large heavy-duty truck fleets is 24 months [33]; while
payback times as short as 6 months are reported for small heavy-duty truck fleets [34].

1.2. Review of the Existing Literature

There is a growing interest in research about EDV applications for road freight transport; with
most of the research assessing the performance of EDVs compared with internal combustion engine
vehicles (ICEVs) from energy consumption, CO2 emissions and/or cost perspectives.

On a single-vehicle basis, Zhao et al. [35] estimated energy consumption, CO2 emissions and cost
performance for a HEV, a BEV and a FCEV and compared them with a diesel-fueled ICEV for Class 8
trucks in the United States. Lee et al. [36] estimated energy consumption, GHG emissions and total
cost of ownership (TCO) for ICEV and BEV urban delivery trucks. Lajunen [37] evaluated energy
consumption for HEVs and compared them with ICEVs for HDVs in Finland. Gao et al. [38] assessed
several energy consumption reduction technology measures for ICEVs and HEVs for Class 8 trucks in
the United States. Lebeau et al. [39] assessed the cost-effectiveness of BEVs for freight transport in
Brussels, Belgium, focusing on light commercial vehicles and quadricycles. Zhao et al. [40] assessed
energy consumption and GHG emissions for ICEVs, HEVs and BEVs for Class 3–5 delivery trucks in
the United States. Kast et al. [4,6] assessed the performance of FCEVs in the MDV and HDV segments
in the United States. Sen et al. [31] estimated life cycle GHG and air pollutant emissions, costs and
externalities for ICEVs, HEVs and BEVs for Class 8 trucks in the United States. Lee and Thomas [31]
evaluated energy consumption, water use, GHG and air pollutant emissions for ICEVs, HEVs and
BEVs in medium-duty trucks in the United States. Zhao and Tatari [41] evaluated energy consumption
and GHG emissions for ICEVs, HEVs and plug-in hybrid electric vehicles (PHEVs) for refuse trucks in
the United States. Zhou et al. [42] assessed life cycle GHG emissions and TCO for ICEVs and BEVs for
Class 6 trucks in Toronto, Canada.

Other studies assessed the role of EDVs in road freight transport on a fleet basis without considering
vehicle stock turnover. Davis and Figliozzi [43] assessed the economic competitiveness of ICEVs
and BEVs for MDVs in the United States. Wikström et al. [28] evaluated BEVs and PHEVs for road
freight transport in Sweden from technological and social perspectives. Zhao et al. [27] estimated the
optimum penetration of HEVs and BEVs in a commercial delivery fleet of MDVs in the United States.
Christensen et al. [44] studied the suitability of BEV introduction for road freight transport in LDVs
and HDVs in Germany and Denmark. Though valuable, these studies did not capture the dynamics of
technology diffusion in the road freight vehicle fleet.

Regarding studies on a fleet basis that considered vehicle stock turnover, Li et al. [45] estimated the
most cost-effective pathways to reduce oil consumption in road freight transport in China, considering
ICEVs and HEVs; without considering BEVs and FCEVs. Askin et al. [26] analyzed the factors
that can influence deployment of advanced technologies in HDVs in the United States, considering
natural gas-fueled ICEVs and diesel-fueled HEVs; without considering BEVs and FCEVs. Oshiro and
Masui [46] studied the impact of EDV diffusion in road transport in Japan, focusing on HEVs and
FCEVs as powertrain options for HDVs; without considering fuel consumption evolution in time
and cost. Fridstrøm [47] evaluated the role of EDVs in GHG emissions reduction in road transport
in Norway, including freight transport; without considering the impact on cost. Talebian et al. [47]
studied the potential of BEVs and FCEVs to reduce GHG emissions in road freight transport in British
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Columbia, Canada; without considering the impact on cost. Mullholland et al. [48] assessed the CO2

emissions reduction potential of HEVs and BEVs in global road freight transport; without considering
FCEVs and the impact on cost.

The main characteristics of the most relevant studies regarding powertrain electrification in road
freight transport are summarized in Table 1. No research was found in the reviewed literature that
assesses the potential of powertrain electrification to reduce CO2 emissions in road freight transport
and the associated cost, considering the dynamics of technology diffusion.

Table 1. Main characteristics of previous studies regarding powertrain electrification in road freight
transport on a fleet basis.

Author Year
EDV

Stock Turnover
Effects Assessed

HEV BEV FCEV CO2 Emissions Cost

Davis 2013 � �

Wikström 2015 �

Zhao 2016 � � � �

Christensen 2017 �

Askin 2015 � � � �

Li 2015 � � � �

Oshiro 2015 � � � �

Fridstrøm 2017 � � � � �

Mulholland 2018 � � � �

Talebian 2018 � � � �

This study 2020 � � � � � �

1.3. Contribution

The objective of this research is to estimate the potential of powertrain electrification to reduce
road freight transport fossil fuel consumption and CO2 emissions, and the impact on cost. The road
freight vehicle fleet in Japan was chosen as the case study.

To the authors’ best knowledge, this is the first research that assesses the CO2 emissions reduction
potential and the associated cost of powertrain electrification in road freight transport on a national
scale, considering the dynamics of technology diffusion. The CO2 emissions reduction potential
estimated here corresponds to the upper boundary for CO2 emissions reductions achievable through
EDV deployment in the road freight vehicle fleet. Results from this research can help policymakers
understand the maximum contribution of powertrain electrification to reduce CO2 emissions from
road freight transport; and therefore, designing more effective policies for climate change mitigation
in the transport sector. Furthermore, results presented here also show the requirements in terms
of cost and supply of electricity and hydrogen needed to achieve powertrain electrification in road
freight transport.

1.4. Organization of the Article

The rest of the article is organized as follows: the mathematical formulation of the model and
the description of the scenarios are presented in Section 2; the results are presented and discussed in
Section 3; finally, the conclusions are presented in Section 4.

2. Methods

2.1. Formulation of the Vehicle Stock Turnover Model for the Road Freight Vehicle Fleet

This research focused on energy end-use in road freight vehicles. Other stages of the vehicle cycle
and the fuel cycle were not considered. Energy flows in the energy system are shown in Figure 1.
The energy system is made of four energy carriers, diesel, gasoline, electricity, and hydrogen; which
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are used in 12 vehicle types. The 12 vehicle types result from combining four powertrains, ICEV, HEV,
BEV, and FCEV; and three vehicle size classes, normal, compact and mini-sized vehicles.

Figure 1. Energy system diagram.

The criteria from the Japan Ministry of Land Infrastructure, Transport and Tourism (MLIT) [49]
were used for road freight vehicle size classification. These criteria divide road freight vehicles in
normal, compact and mini-sized classes according to the external dimensions and engine displacement.
It should be noted that according to MLIT’s classification, all mini-sized vehicles are LDVs. However,
not all LDVs belong to the mini-sized vehicle size class; and there are LDVs that belong to the compact
vehicle size class. MDVs belong to the compact and normal vehicle size classes; while HDVs belong to
the normal vehicle size class. The Gross Vehicle Weight (GVW) ranges for road freight vehicles in Japan
were extracted by analyzing MLIT data [50]; with GVW for mini-sized vehicles varying between 0.9
and 1.5 ton; compact vehicles between 1.6 and 3.4 ton; and normal vehicles between 2.8 and 59.1 ton.

The Long-range Energy Alternatives Planning system (LEAP) software was used to model the
energy system [51]; based on previous work developed by the authors in [52,53]. The model developed
can be classified as a dynamic bottom-up accounting energy-economics model. The description of
the main components of the model is presented below. For more details, the reader can examine the
previous references.

For a given fleet of vehicles type t and vintage v in a calendar year y, the vehicle fleet tank to
wheel (TTW) energy consumption is calculated by multiplying the vehicle stock N, the annual traveled
distance M and the vehicle fuel consumption R, as indicated in Equation (1):

ETTW,t,y,v = Nt,y,vMt,y,vRt,y,v (1)

The vehicle fleet TTW CO2 emissions are calculated by multiplying the fleet energy consumption
ETTW,t,y,v and the CO2 emission factor EFTTW,t,y of the fuel used by the vehicle type t in the calendar
year y, as indicated in Equation (2):

GTTW,t,y,v = ETTW,t,y,vEFTTW,t,y (2)

The vehicle fleet well to wheel (WTW) CO2 emissions are obtained similar to Equation (2),
replacing the TTW CO2 emission factor with the WTW CO2 emission factor.
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The economic assessment was performed using the relative cost of ownership (RCO), defined
as the sum of the capital cost, the operating and maintenance (O&M) cost and the energy cost, as
indicated in Equation (3):

RCOt,y,v = St,v=yccap,t,v=yCRF + Nt,y,vcOM,t,y,v + ETTW,t,y,vcene,t,y (3)

where S is the new vehicle sales, ccap is the vehicle capital cost, CRF is the capital recovery factor, cOM is
the annual O&M cost, and cene is the energy price.

It should be noted that Equations (1) and (2) are built under the assumption that annual traveled
distance and vehicle fuel consumption are constant for all vehicles of a given type and vintage during a
calendar year. In that sense, differences in vehicle usage across users cannot be captured in the model.
Regarding the economic evaluation, it was assumed that costs other than capital cost, O&M cost and
energy cost are identical for ICEVs and EDVs [54]; and therefore, excluded in the estimation of the
RCO in Equation (3). Road vehicle fleet energy consumption, CO2 emissions and RCO for a given
calendar year y are estimated by summing across all vehicle types and vintages existing in the road
freight vehicle fleet.

2.2. Road Freight Vehicles Characteristics

Due to the variety of vocational uses, there is a large number of road freight vehicle types. In
Japan, the MLIT reported fuel consumption data for 5272 road freight vehicle types [55], mainly ICEVs.
Considering this number of vehicle types in the vehicle stock turnover model is not practical. Therefore,
the structure of the road freight vehicle fleet was simplified, assuming there are only 12 vehicle types:
ICEVs, HEVs, BEVs, and FCEV, available in three vehicle size classes, normal, compact and mini-sized
vehicles. Additionally, based on the analysis of the same data from MLIT, it was assumed that all
normal ICEVs use diesel; and all compact and mini-sized ICEVs use gasoline.

In order to calibrate the model against historical data, 2012 was selected as the base year. It was
assumed that all road freight vehicles in the Base year were ICEVs. Each vehicle size class was
represented only by one ICEV, with vehicle fuel consumption close to the average value reported in
data from MLIT [56]. Mini-sized ICEVs were modeled as a Subaru Sambar with a GVW of 1.2 ton;
compact ICEVs were modeled as a Toyota Hiace with a GVW of 3.1 ton; and normal ICEVs were
modeled as a Fuso Canter with a GVW of 7.9 ton. Vehicle data for road freight EDVs were constructed
extracting relationships between ICEVs and EDVs from the existing literature.

Fuel consumption and capital cost for the road freight vehicles in 2012 and 2050 are shown in
Figure 2. Fuel consumption data for ICEVs in all vehicle size classes in 2012 were estimated using
data reported by MLIT [56]. Using ICEV fuel consumption as a reference, 2012 fuel consumption for
EDVs in the normal size class was estimated assuming the ICEV and EDV fuel consumption ratios are
identical to values reported in [35] for HEVs, and in [57] for BEVs and FCEVs. Fuel consumption in
2012 for EDVs in the compact size class and the mini-sized BEV was estimated considering the ICEV
and EDV fuel consumption ratios are identical to the values reported for normal LDVs in [53]. Fuel
consumption in 2012 for the mini-sized HEV and FCEV was estimated assuming the fuel consumption
ratios for ICEV and HEV and for ICEV and FCEV are identical to the values reported for LDVs in [58].

The capital costs for the normal ICEV, HEV and BEV were obtained from [40]; while the capital
cost for the normal FCEV was estimated as the capital cost for the HEV minus the capital cost of the
internal combustion engine plus the capital cost of the fuel cell, using data from [59,60]. Capital costs
in 2012 for compact and mini-sized road freight vehicles were assumed equal to values for passenger
vehicles reported in [53]. Fuel consumption and capital cost evolution between 2012 and 2050 were
assumed identical to the trends reported in the previous reference.

In order to estimate the RCO, vehicle capital costs were annualized over the vehicle service lives
using a discount rate of 10%; corresponding to the average value of the range for typical discount
rates for trucks reported in [30]. The same reference was used for the O&M costs for the normal ICEV,
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HEV and BEV, estimated in 0.124, 0.099 and 0.087 USD/km, respectively. O&M costs for compact
and mini-sized vehicles were considered identical, 0.056 USD/km for ICEVs and HEVs, and 0.057
USD/km for BEVs and FCEVs [61,62]. O&M costs for all vehicle types were assumed to remain constant
throughout the time horizon.

Figure 2. Main characteristics of the road freight vehicles: (a) fuel consumption; (b) capital cost.

Vehicle usage characteristics are presented in Figures 3 and 4. Annual traveled distance is reported
for public and private vehicles for each vehicle size class by MLIT [63]. The shares of public and
private vehicles in each vehicle size class were estimated using data from the Automobile Inspection &
Registration Association (AIRIA) [64]. These values were used to calculate the annual traveled distance
for each vehicle size class as the weighted sum of the annual traveled distances for public and private
vehicles. The median vehicle service life for each vehicle size class corresponds to the average value
reported by MOE [65]. Similar to Nishimura [66], survival profiles were estimated using the logistic
curve shown in Equation (4):

r = 1− 1

α+ e−β(a−ao)
(4)

where r is the vehicle survival rate, a is the vehicle age, a0 is the vehicle median service life, α is a
model parameter set to 1, and β is a growth parameter. The growth parameter βwas estimated equal to
0.180, 0.192 and 0.187 for normal, compact and mini-sized vehicles through model calibration against
historical data for the road freight vehicle stock.

Figure 3. Vehicle service lives and annual traveled distances.
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Figure 4. Vehicle survival profiles.

2.3. Road Freight Transport in Japan and Scenarios for Deep Decarbonization

Japan was selected as the case study, considering public acceptance of EDVs in the passenger LDV
fleet; as well as being home to major OEMs. Historical data for road freight vehicle fleet stock, energy
consumption and CO2 emissions for the years 2012 to 2016 were used to calibrate the model. Due to the
long time scales involved in vehicle stock turnover, the time horizon was set between 2012 and 2050.

In the year 2012, road freight vehicle stock totaled 14.8 million vehicles; with normal, compact and
mini-sized vehicles accounting for 15.3%, 24.8% and 60.0%, respectively [67]. The road freight vehicle
stock distribution by vintage was constructed using data from AIRIA [68]. Data correspond to normal
and compact vehicles. Due to data availability constraints, the same vehicle stock distribution was
assumed for mini-sized road freight vehicles. Since available data only cover 20 vintages, in contrast
with the 30 vintages considered in the model, the aggregated data for vintages 20 or older were
redistributed by extrapolating the tendency for vintages newer than 20 years, guarantying that the
sum of all vintages totaled 100%. The resulting vehicle stock distribution is shown in Figure 5.

Figure 5. Vehicle stock distribution.

Annual sales for road freight vehicles in 2012 totaled 0.79 million vehicles; with normal, compact
and mini-sized vehicles accounting for 17.4%, 28.9% and 53.7%, respectively [67]. Deployment of EDVs
in road freight vehicles is still at an early stage, with 25 BEVs and 12204 HEVs in 2012 [69]. For matter
of simplicity, it was considered that 2012 road freight vehicle stock and new vehicle sales were made
only of ICEVs.

A scenario-based approach was used to assess the role of powertrain electrification in the
decarbonization of the road freight vehicle fleet. Four scenarios, the Base scenario and three alternative
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scenarios for powertrain electrification were considered. All scenarios were defined in terms of the
share of the powertrains in the 2050 new vehicle sales, as shown in Table 2.

Table 2. Dominant powertrain in the 2050 new vehicle sales in each scenario.

Size Class
Powertrain

Scenario ICEV HEV BEV FCEV

Base
Normal � �

Compact � �
Mini � �

HBB
Normal �

Compact �
Mini �

HFF
Normal �

Compact �
Mini �

FBB
Normal �

Compact �
Mini �
� Partial dominance; � total dominance.

The Base scenario represents the continuation of current trends, with HEVs and ICEVs dominating
2050 new vehicle sales, 38.3% and 55.1%; while BEVs and FCEVs do not achieve significant deployment,
each of them accounting for 3.3% of the new vehicle sales [46]. New vehicle sales are shown in Figure 6.
The growth trends for the new vehicle sales for each vehicle size class were adjusted using data from the
Japan Ministry of Environment (MOE) [65] for future sales forecast, and from the Japanese Automobile
Manufacturers Association (JAMA) [70] for historical sales. It was assumed that new vehicle sales do
not vary across scenarios.

Figure 6. New vehicle sales.

The HBB, HFF and FBB scenarios correspond to alternative scenarios where powertrain
electrification is targeted by 2050. These alternative scenarios were built using a ‘silver bullet’
approach, where only one powertrain technology dominates each vehicle size class. Since normal
road freight vehicles are usually used to travel the longest distances, corresponding to trips between
cities often located in different prefectures, and are the heaviest, using BEV in this vehicle size class
would require large batteries to complete each trip without stopping, or more frequent stops for
battery charging; both of which increase the cost. Therefore, only HEVs or FCEVs were considered
as candidates for powertrain electrification in normal vehicles. In compact and mini-sized vehicles,
used typically for travels within cities that require shorter trips, powertrain electrification using BEVs
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and FCEVs was assessed. The HBB and HFF scenarios focus on mild decarbonization in normal
vehicles using HEVs and deep decarbonization in compact and mini-sized vehicles using BEVs or
FCEVs. The FBB scenario focuses on deep decarbonization across all vehicle size classes using FCEVs
in normal vehicles and BEVs in compact and mini-sized vehicles.

Market shares for EDVs in the alternative scenarios evolve as indicated in Figure 7.
These technology diffusion curves were estimated following the methods described in [71]. It was
assumed that 2020 is the initial year for HEV diffusion; while 2025 is the initial year for BEV and
FCEV diffusion. EDV diffusion was considered symmetrical, with a technology diffusion span of
30 years [72].

Figure 7. Technology diffusion profiles.

In order to compare the merit of each scenario in the decarbonization of the road freight vehicle
fleet, a score analysis was performed. The performance of each scenario in 2050 was assessed in terms
of the road freight vehicle fleet TTW energy consumption, WTW CO2 emissions and RCO. The scores
were estimated following the methods developed in [73] using Equation (5):

Score =
Maximum−Dataselected scenario

Maximum−minimum
100 (5)

2.4. Main Assumptions and Limitations

Alternative scenarios for powertrain electrification were built considering that each vehicle size
class is dominated only by one powertrain. Even though this assumption is not realistic, it allows
to estimate the maximum ‘technologically realizable’ CO2 emissions reduction potential of each
powertrain electrification strategy. In that sense, CO2 emissions reduction potential estimated here
corresponds to the largest possible CO2 emissions reductions of each strategy considering the dynamics
of technology diffusion. Since there are several barriers that prevent the deployment of EDVs in
road freight vehicles, the actual CO2 emissions reductions that can be achieved through powertrain
electrification are smaller. Furthermore, since EDV diffusion is considered independently from vehicle
RCO, road freight vehicle fleet energy consumption and CO2 emissions are not affected by changes in
the RCO. This is a limitation of the study, as vehicle RCO affects consumer choices of vehicle type and
therefore vehicle fleet energy consumption and CO2 emissions.

The composition of the Japanese road freight vehicle was simplified, assuming that each vehicle
size class-powertrain combination is represented by only one vehicle type. Therefore, the model cannot
capture the diversity of vehicle types existing in the real road freight vehicle fleet.

It was assumed that annual traveled distance and vehicle service life are identical for all vehicle
types within each vehicle size class. Daily travel patterns were not considered and only the average
annual traveled distance was used to characterize road freight transport activity. Vehicle service life
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and annual traveled distance were assumed to remain identical during the whole time horizon. Based
on the model calibration for road freight vehicle fleet energy consumption and CO2 emissions, it was
assumed that fuel consumption deteriorates as vehicles become older at a rate of 0.3%/year

As fuel production is outside of the scope of this research, fuel prices and CO2 emission factors
were considered exogenous to the vehicle stock turnover model. TTW and WTW CO2 emission factors
for gasoline and diesel in 2012 were obtained from [74,75]. These values were assumed to remain
constant over the time horizon, considering that TTW CO2 emissions are determined by the carbon
content in the fuel, and gasoline and diesel production processes are mature. Gasoline and diesel prices
in 2012 correspond to the values reported in [76]. Gasoline and diesel prices in 2050 were estimated
under the assumption that the ratio between fuel price and crude oil price remains constant between
2012 and 2050. Values for the 4DS scenario from the International Energy Agency’s (IEA’s) Energy
Technology Perspectives [77] were assumed for the crude oil price.

Electricity WTW CO2 emission factor in 2012 was the value reported by the IEA for the electricity
generation mix in Japan [78]. Electricity WTW CO2 emission factor in 2050 corresponds to the value of
the Nuclear Phase Out scenario from [79], which assumes electricity generation using 50% fossil fuels
and 50% renewable energy. Electricity price in 2012 was the historical value reported in [76]; while the
electricity price in 2050 was estimated based on the generation cost from [79] and network, retail and
other costs from [80]. Steam Methane Reforming (SMR) share in hydrogen production was assumed to
go from 100% in 2012 to 50% in 2050. The remaining hydrogen in 2050 is produced using 25% wind
electrolysis and 25% solar photovoltaic electrolysis. Prices in 2012 and 2050 were estimated based on
the share of each hydrogen production technology and the near term and future delivered hydrogen
cost for each technology from [81]. WTW CO2 emission factors in 2012 and 2050 were estimated
based on the share of each hydrogen production technology and the technology CO2 emission factor
from [75]. Fuel prices and CO2 emission factors are presented in Figure 8.

Figure 8. Fuel information: (a) Tank to wheel and well to wheel CO2 emission factors; (b) price.

3. Results and Discussion

3.1. Powertrain Electrification of the Road Freight Vehicle Stock

Results for the road freight vehicle fleet stock are presented in Figure 9. Differences between
modeling results and historical data for the years 2012 to 2017 [70] are lower than 2%. Vehicle stock
decreases in all scenarios from 14.7 to 12.3 million vehicles between 2012 and 2050. Compared with the
base year, there is a small shift from normal and compact vehicles to mini-sized vehicles; with the stock
share of mini-sized vehicles increasing to 66.6% and the stock shares of normal and compact vehicles
decreasing to 13.3% and 20.1%, respectively. In this research, the selection of the vehicle size in road
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freight transport is considered exogenously. However, opportunities to reduce energy consumption
and CO2 emissions can be unveiled by improving the selection of the vehicle size with a detailed
analysis that includes the load capacity utilization rate and the daily travel patterns. This is suggested
for future work.

Figure 9. Road freight vehicle fleet stock: (a) Base scenario; (b) HBB scenario; (c) HFF scenario; and (d)
FBB scenario.

By 2050, the share of ICEVs in the road freight vehicle stock decreases in all scenarios compared
with the 2012 values; reaching 54.2% in the Base scenario, 40.9% in the HBB and HFF scenarios, and
42.8% in the FBB scenario. The largest diffusion for HEVs occurs in the Base scenario, reaching 42.9%
of the vehicle stock by 2050. HEV diffusion is lower in other scenarios, accounting for 12.2% of the
2050 vehicle stock in the HBB and HFF scenarios, and 3.5% in the FBB scenario. Combining ICEVs
and HEVs, diesel- and gasoline-fueled vehicles represent more than 46% of the road freight vehicle
stock in all scenarios; evidencing the difficulty of reducing the dependence from fossil fuels in road
freight transport.

Compared with EDV diffusion in the new vehicle market share presented in Figure 7, diffusion of
EDVs in the road freight vehicle stock shown in Figure 9 is slower due to the time lag effect caused
by the vehicle service lives; as most of the new vehicles replace current vehicles in use only after
their service lives have finished. Long vehicle service lives are a barrier that prevents powertrain
electrification in the road freight vehicle fleet. In the case of Japan, vehicle service lives for road freight
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vehicles are longer than values reported for other countries. For instance, service lives for heavy-duty
trucks, medium-duty trucks, light-duty trucks, and mini-trucks in China are 12, 11, 9, and 8 years [82];
while in the United States, values between 7 and 10 years are reported for heavy-duty trucks [31],
and 10 years for medium-duty trucks [27]. Even though reducing the vehicle service life for road
freight vehicles might seem as a straight forward measure to accelerate penetration of EDVs in the
vehicle stock, EDV manufacturing requires more energy and can produce more CO2 emissions than
manufacturing ICEVs. Therefore, including vehicle cycle in the assessment of strategies for powertrain
electrification in road freight transport is recommended for future research.

It should be noted that the road freight vehicle fleet was simplified considering only one vehicle
type for each powertrain and vehicle size class combination. This is unrealistic, particularly for normal
vehicles, given the broad range of GVWs for normal vehicles according to the MLIT classification.
In that sense, a more detailed assessment of the normal road freight vehicle fleet is recommended.
Furthermore, it was not possible to consider road freight EDVs as one existing vehicle model due to
lack of data. Instead, vehicle data were constructed using different sources in the existing literature.
A more realistic characterization of the road freight vehicle fleet can be achieved by modeling each
vehicle type using vehicle modeling software such as Autonomie and PAMVEC. This is also suggested
for future work.

3.2. Power Electrification Potential for Decarbonization of Road Freight Transport

Results for TTW energy consumption along with historical data [16] are presented in Figure 10.
Differences between results for the Base scenario and historical data are lower than 4%. TTW energy
consumption in the Base scenario increases, reaching the peak at 1074 PJ/year in 2020, to decrease until
reaching 613 PJ/year by 2050. Drivers for TTW energy consumption reduction in the Base scenario are
vehicle stock reduction, vehicle fuel consumption improvement and HEV adoption. Since BEV and
FCEV diffusion is small, diesel and gasoline account for 99.0% of TTW energy consumption.

Figure 10. Road freight vehicle fleet tank to wheel energy consumption: (a) total energy consumption;
(b) fossil fuel consumption.

In the alternative scenarios, TTW energy consumption remains identical to the Base scenario until
EDV diffusion starts, 2020 in the HBB and HFF scenarios, and 2025 in the FBB scenario. By 2050, TTW
energy consumption is reduced 15.1%, 10.7% and 26.7% in the HBB, HFF and FBB scenarios, compared
with the baseline value. As fuel shift occurs in the alternative scenarios, reductions for fossil fuel
consumption are larger than reductions for energy consumption; up to 20.8% in the HBB and HFF
scenarios and 44.7% in the FBB scenario, compared with the 2050 baseline values.
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Powertrain electrification increases electricity and/or hydrogen consumption in road freight
transport. Electricity consumption and hydrogen consumption reach 3.3 and 2.6 PJ/year in the Base
scenario by 2050, respectively. In contrast, electricity consumption increases up to 39.7 PJ/year in the
HBB and FBB scenarios; while hydrogen consumption increases up to 66.6 and 73.6 PJ/year in the
HFF and FBB scenarios. Since the stock share and vehicle fuel consumption of ICEVs and HEVs are
larger than the values for BEVs and FCEVs, diesel and gasoline represent more than 74% of TTW
energy consumption in all alternative scenarios by 2050, despite the large increments in electricity and
hydrogen consumption.

Even though the fuel cycle is out of the scope of this research, CO2 emissions are presented
both on TTW and WTW basis, with the aim of providing more insights on the impact of powertrain
electrification on the road freight vehicle fleet. TTW CO2 emissions along with historical data [83]
are presented in Figure 11a. Differences between the modeling results for the Base scenario and
historical data are lower than 3%. In the Base scenario, TTW CO2 emissions increase until reaching
the peak in 2020 at 79.8 Mt-CO2/year; to decrease thereafter, until reaching 44.9 Mt-CO2/year by 2050.
Since BEV and FCEV diffusion is small and CO2 emission factors for diesel and gasoline are constant
throughout the time horizon, TTW CO2 emissions reduction is caused by the same drivers that cause
TTW energy consumption reduction: vehicle stock reduction, vehicle fuel consumption reduction and
HEV adoption.

Figure 11. Road freight vehicle fleet CO2 emissions. (a) Tank to wheel CO2 emissions; (b) Well to wheel
CO2 emissions.

TTW CO2 emissions can be reduced up to 20.1% in the HBB and HFF scenarios and 44.6% in the
FBB scenario, compared with the 2050 baseline value. The Japanese government aims to achieve two
CO2 emissions reduction targets: one for the medium-term, proposed at the 21st Conference of the
Parties (COP21), corresponding to 26% CO2 emissions reduction compared with the 2013 values by
2030; and one for the long-term, proposed in the Forth Basic Environmental Plan, corresponding to 80%
CO2 emissions reduction compared with the 1990 values by 2050. Results for the road freight vehicle
fleet TTW CO2 emissions show that none of the CO2 emissions reductions target can be achieved in
any of the alternative scenarios considering powertrain electrification. In that sense, meeting CO2

emissions reduction targets that involve proportional CO2 emissions reductions across all sectors in
road freight transport requires measures other than powertrain electrification.

WTW CO2 emissions are shown in Figure 11b. Compared with TTW CO2 emissions, WTW CO2

emissions are larger in all scenarios, since CO2 is emitted during the production of electricity and
hydrogen is included. In the Base scenario, WTW CO2 emissions decrease from 98.8 Mt-CO2/year
in 2012 to 56.9 MT-CO2/year in 2050. Even including the CO2 emitted to produce electricity and
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hydrogen, powertrain electrification yields lower WTW CO2 emissions than the Base scenario; with
maximum CO2 emissions reductions of 17.3%, 13.4% and 32.6% in the HBB, HFF and FBB scenarios,
respectively. Since WTW CO2 emissions are determined by the energy resources used to produce
electricity and hydrogen, it is necessary to focus on the simultaneous decarbonization of electricity and
hydrogen production to enhance CO2 emissions reductions from powertrain electrification in road
freight transport.

CO2 emissions reductions for powertrain electrification estimated in this research represent the
maximum ‘technologically realizable’ CO2 emissions reduction potential; and they correspond to the
upper limit of the CO2 emissions reductions achievable by replacing ICEVs with EDVs in road freight
transport. However, in practice, powertrain electrification in road freight transport will lead to lower
CO2 emissions reductions than estimated here due to barriers that prevent EDV diffusion such as
public acceptance, vehicle use diversity, short payback times, and risk aversion. It is recommended to
endogenize these barriers in future modeling of the road freight vehicle fleet.

3.3. Economic Impact of Powertrain Electrification on the Road Freight Vehicle Fleet

The evaluation of the economic impact of powertrain electrification on the road freight vehicle
fleet was performed in terms of the net cash flow; defined as the difference between the road freight
vehicle fleet RCO for a given scenario and the road freight vehicle fleet RCO for the Base scenario.
The net cash flows for the alternative scenarios are presented in Figure 12. Since penetration of EDVs
in the new vehicle sales is slow during the early stages of deployment, net cash flows for all alternative
scenarios remain close to zero until 2030. Differences become larger thereafter. The HBB scenario has
the largest net cash flows, with the peak outside the time horizon and reaching 9.6 billion USD/year
by 2050. The second largest net cash flows are obtained for the FBB scenario, peaking at 6.7 billion
USD/year in 2049, and reaching 6.6 billion USD/year by 2050. The lowest net cash flows are obtained
for the HBB scenario, peaking at 4.6 billion USD/year in 2049, reaching 4.5 billion USD/year by 2050.
It can be seen that the largest values for the net cash flow are obtained for scenarios with BEV diffusion.
Furthermore, if BEVs were to be deployed in compact and mini-sized vehicles, it is more cost-effective
to deploy FCEVs than HEVs in normal vehicles.

Figure 12. Net cash flow.

Powertrain electrification leads to lower energy consumption in the alternative scenarios than
in the Base scenario; with energy savings reaching 4.2, 4.6 and 7.6 billion USD/year by 2050 in the
HBB, HFF and FBB scenarios. However, incremental capital and O&M costs increase for all alternative
scenarios, reaching 13.8, 9.0 and 14.2 billion USD/year by 2050 in the HBB, HFF and FBB scenarios.
Since energy savings cannot outweigh capital cost increments when BEVs and FCEVs are deployed,
net cash flows remain positive during the whole time horizon in all alternative scenarios.
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3.4. Policy Implications

In order to obtain a complete perspective of the impact of powertrain electrification on the
road freight vehicle fleet, the performance of all scenarios was assessed in terms of TTW energy use,
WTW CO2 emissions and RCO. Scores for the Base scenario and the three alternative scenarios in
2050 are shown in Figure 13. Ideally, the goal is to reduce energy consumption and CO2 emissions
while reducing or maintaining the fleet RCO. However, as seen from the net cash flow, powertrain
electrification increases the road freight vehicle fleet RCO compared with the Base scenario. The Base
scenario is the top performer in terms of cost. Nevertheless, it has the lowest performance in terms of
energy use and CO2 emissions. In contrast, the HFF scenario has better performance in terms of CO2

emissions; however, cost performance is reduced by half compared to the Base scenario. The HBB
scenario can offer larger CO2 emissions reductions compared with the HFF scenario; nevertheless, it
has the lowest cost performance out of all scenarios. The best performance overall is obtained in the
FBB scenario, showing the largest energy consumption and CO2 emissions reductions, with a cost
performance between the HFF and HBB scenarios. Therefore, diffusion of FCEVs in normal vehicles
and BEVs in compact and mini-sized vehicles is recommended as the best strategy for powertrain
electrification in road freight transport in Japan.

Figure 13. Scenario scores in 2050.

In order to achieve powertrain electrification in road freight transport, it is important to incentivize
OEMs to accelerate the development and mass production of road freight EDVs. As road freight
vehicle owners often own several vehicles and are more focused on reducing cost than passenger LDV
owners [16], policies to incentivize powertrain electrification can have a faster acceptance in road
freight vehicles than in passenger LDVs. Therefore, it is also recommended to design measures to help
road freight vehicle fleet owners investing in EDVs. Additionally, diffusion of EDVs in road freight
transport can help improving social acceptance and developing infrastructure that can benefit EDV
diffusion in passenger LDVs. In that sense, the assessment of powertrain electrification strategies that
include passenger LDVs and road freight vehicles considering the dynamics of technology diffusion is
suggested for future research.

A large asymmetry was found between the vehicle stock distribution by size class and the CO2

emissions. Normal vehicles account for 13.3% of the road freight vehicle stock in all scenarios. However,
they account for more than 61% of TTW and WTW CO2 emissions. Considering normal vehicle stock
is the smallest among all road freight vehicle size classes and it is concentrated in few users, it is
recommended to prioritize normal vehicles when designing measures for powertrain electrification in
road freight transport.

3.5. Sensitivity Analysis

Since the time scales involved in technology diffusion in road transport are long, a time horizon
between 2012 and 2050 was selected to study the role of powertrain electrification in the decarbonization
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of road freight transport. However, using a long time horizon implies large uncertainties in the
parameters used to characterize the elements of the energy system. A sensitivity analysis was
performed to understand the impact of those uncertainties on the modeling results. The impact of
changes in fossil fuel price, hydrogen price, electricity price, annual traveled distance, new vehicle
sales, discount rate, BEV fuel consumption, FCEV fuel consumption, BEV capital cost, FCEV capital
cost, and technology diffusion span on the results for the FBB scenario was assessed. A variation
of ±20% was considered for all the parameters. Results of the sensitivity analysis for the TTW CO2

emissions and net cash flow are presented in Figure 14.

Figure 14. Results of the sensitivity analysis: (a) Tank to wheel CO2 emissions; (b) net cash flow.

TTW CO2 emissions are most sensitive to variations in annual traveled distance and technology
diffusion span, as they affect the stock of ICEVs in the road freight vehicle fleet. Other parameters
produce small or no variations on TTW CO2 emissions. This is a consequence of the ‘silver bullet’
approach used to determine the maximum ‘technologically realizable’ CO2 emissions reduction
potential of powertrain electrification, which considers EDV diffusion independent of the vehicle fleet
RCO. Linking EDV diffusion and cost in the vehicle stock turnover model of the road freight vehicle
fleet is recommended for future work.

The net cash flow is most sensitive to variations in annual traveled distance. Changes in the
discount rate, fossil fuel price, BEV capital cost, and new vehicle sales also affect significantly the
results for the net cash flow. Since the ICEV stock is larger than the EDV stock and fuel consumption is
higher for ICEVs than for EDVs, the net cash flow is more sensitive to variations in the fossil fuel price
than to variations in electricity and hydrogen price. In that sense, variations in fossil fuel price have a
larger impact on the economic competitiveness of EDVs than variations in hydrogen and electricity
price. Variations in the capital cost of FCEVs and BEVs change both the value and timing for the net
cash flow peak; with the effect of BEV capital cost being larger than the effect of FCEV capital cost.
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4. Conclusions

A vehicle stock turnover model of the road freight vehicle fleet was used to assess the role of
powertrain electrification in the decarbonization of road freight transport in the case of Japan between
2012 and 2050. Main conclusions are listed below:

1. Driven by the reduction of the vehicle stock, the improvement of vehicle fuel consumption and
the adoption of HEVs, energy consumption and CO2 emissions decrease around 42% between
2012 and 2050 in the Base scenario. In contrast, powertrain electrification can reduce TTW CO2

emissions up to 20.1% in the HBB and HFF scenarios and 44.6% in the FBB scenario, compared
with the 2050 baseline value; while maximum WTW CO2 emissions reductions are 17.3%, 13.4%
and 32.6% in the HBB, HFF and FBB scenarios. Despite the significant reductions in CO2 emissions,
powertrain electrification alone is not enough to achieve any of the CO2 emissions reduction
targets in road freight transport.

2. Despite aggressive deployment of EDVs, diesel- and gasoline-fueled vehicles account for more
than 46% of the vehicle stock and more than 74% of the road freight vehicle fleet TTW energy
consumption in all scenarios. This evidences the difficulty of reducing the dependence of fossil
fuels in road freight transport. In that sense, considering other measures to reduce CO2 emissions
in road freight transport along with powertrain electrification is suggested for future research.

3. The net cash flows are positive for all alternative scenarios considering powertrain electrification
during the whole time horizon. The HFF scenario has the lowest net cash flows, peaking at 4.6
billion USD/year in 2049 and reaching 4.5 billion USD/year by 2050. Scenarios where BEVs are
deployed have the largest net cash flows by 2050, 9.6 and 6.6 Billion USD/year for the HBB and
FBB scenarios, respectively.

4. Deployment of FCEVs for normal vehicles and BEVs for compact and mini-sized vehicles in the
Japanese road freight vehicle fleet is recommended. Since road freight vehicles are concentrated
in fewer owners than passenger LDVs, it is recommended to design policies to help road freight
vehicle fleet owners investing in EDVs. EDV diffusion in road freight transport can help improving
social acceptance of powertrain electrification and developing infrastructure that can benefit
EDV diffusion in passenger LDVs. Assessing powertrain electrification in passenger LDVs and
road freight vehicles considering the dynamics of technology diffusion is recommended for
future work.

5. A large asymmetry was found between the vehicle stock distribution by size class and the
CO2 emissions; with normal vehicles accounting for more than 61% of the TTW and WTW
CO2 emissions in all scenarios, despite representing only 13.3% of the vehicle stock. It is
therefore recommended to prioritize normal vehicles when designing measures for powertrain
electrification in road freight transport.
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Nomenclature

α Model parameter
β Growth parameter
a Vehicle age
a0 Vehicle median service life
AIRIA Automobile Inspection & Registration Association
BEV Battery electric vehicle
ccap Vehicle capital cost
cene Energy price
cOM Vehicle operating and maintenance cost
COP Conference of Parties
CRF Capital recovery factor
E Road freight vehicle energy consumption
EDV Electric-drive vehicle
EF Fuel CO2 emission factor
FCEV Fuel cell electric vehicle
G Road freight vehicle fleet CO2 emissions
GHG Greenhouse gas
GVW Gross Vehicle Weight
HDV Heavy-duty vehicle
HEV Hybrid electric vehicle
ICEV Internal combustion engine vehicle
IEA International Energy Agency
JAMA Japanese Automobile Manufacturers Association
LDV Light-duty vehicle
LEAP Long-range Energy Alternatives Planning system
M Annual traveled distance
MDV Medium-duty vehicle
MLIT Japan Ministry of Land, Infrastructure, Transport and Tourism
N Vehicle stock
OEM Original equipment manufacturer
O&M Operating and maintenance
PHEV Plug-in hybrid electric vehicle
PM Particulate matter
r Vehicle survival rate
R Vehicle fuel consumption
RCO Relative cost of ownership
S New vehicle sales
SMR Steam methane reforming
t Vehicle type
TCO Total cost of ownership
TTW Tank to wheel
v Vehicle vintage
WTW Well to wheel
y Calendar year
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Abstract: The usage of electric vehicle batteries to assist the main electric grid for the storage of energy
provided by intermittent sources should become an essential tool to increase the penetration of green
energies. However, this service induces additional usage on the cells and, therefore, could degrade
them further. Since degradation is path-dependent, it is of paramount importance to test the impact
of all the different grid applications on the batteries. In this work, we tested the additional usage
induced by using electric vehicle batteries for frequency regulation at moderate rates during rest or
charge and found no detrimental effect after around 2000 cycles on the cells.

Keywords: lithium-ion; dQ/dV; dV/dQ; frequency regulation; V2G; G2V; electric vehicle

1. Introduction

The Hawai’i Clean Energy Initiative endeavors to gain total oil independence by 2045 [1] for both
electricity generation and ground transportation. On the grid side, the energy portfolio will likely
include many intermittent resources such as wind and solar and will thus require significant energy
storage. The electrification of ground transportation could kill two birds with one stone by providing
oil-free vehicles and offer energy storage when the vehicles are not in use. The latter is referred to as
vehicle-to-grid (V2G) and grid-to-vehicle (G2V).

With incentives in place [2,3], the number of electric vehicles (EVs) in Hawai’i and the rest of
the world continues to rise and will collectively constitute a significant distributed energy storage
reservoir for the grid. EV batteries could provide ancillary grid services such as operating reserves,
power curtailment, frequency regulation, and voltage smoothing by allowing the network to give
(G2V) and take (V2G) energy when necessary [4,5]. The benefits and drawbacks to both the vehicle
owner and the energy provider of these strategies have been well-documented [6–18], and the main
obstacle was identified to be the additional usage on the cells [19–21], among other challenges [22].
Few experimental studies [23–28] attempted to account for the change in battery degradation resulting
from the implementation of these strategies. To accurately account for the change in usage, the path
dependence of degradation needs to be considered in the estimation [29]. Each of these ancillary grid
services can affect degradation differently, and certain conditions can lead to accelerated capacity
loss [30–32]. This accelerated capacity loss, sometimes termed “rollover failure” [33], is a significant
safety concern to the battery industry. However, solutions do exist, and it was shown in a previous
work [31] that, although this second stage of degradation cannot be predicted from capacity nor
the resistance evolution, it might be predicted from the investigation of the voltage response using
electrochemical voltage spectroscopies [29,34,35].

This work is a follow-up of our previous studies [25,26,36,37], in which we purchased a batch
of commercial cells to test the impact of different aspects of EV battery usage. Part 1 was devoted to
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the definition of the cell-to-cell variations of the full batch and the emulation of the electrochemical
behavior [36]. Part 2 focused on the capacity- and resistance-based analyses of cycle- and calendar-aging
experiments to assess the impact of bidirectional charging durability [25]. In Part 3, [26], the cycle and
calendar-aging degradation mechanisms were investigated using an incremental capacity analysis and
the features of interest (FOI) approach [38]. The analysis was used to quantify the different degradation
modes, determine the degradation path dependency, and challenge the Part 2 [25] capacity- and
resistance-based forecast. Finally, Part 4 was devoted to the study of the impact of different driving
cycles on the degradation mechanisms [37].

The next step of this EV battery degradation research, detailed here, is quantifying the consequences
of a distinct grid interaction: frequency response. This investigation elucidates the impact of frequency
regulation under several conditions, including a new approach of modulating the charge so that the
vehicle can perform grid applications without any additional battery usage.

2. Materials and Methods

In this work, a set of twelve Panasonic cylindrical 3350 mAh NCR 18650B batteries were selected
from a batch of 100. More details on these cylindrical 18650-size graphite/LiNixCo1-x-yAlyO2 (NCA)
cells, as well as the batch cell-to-cell variations analysis, can be found in previous works [25,26,36,37].
These cells are similar with the type of cells used in some EVs, such as the Tesla Model S [39,40].
The twelve cells chosen were within the outlier boundaries of the cell-to-cell variations distribution [36].
The experimental design for this study consisted of six test scenarios, with common conditioning and
reference performance tests (RPT) [41], replicated twice.

As described in previous publications [36,41], all cells were subjected to initial conditioning and
characterization tests before the beginning of the cycling experiment to verify the quality of cells.
Following the conditioning cycles at C/5 and C/2, and before the start of the duty cycle testing, an RPT
consisting of C/35, C/5, and C/3 full cycles was performed on all cells. The RPT procedure included
some remnant capacity measurements consisting of a C/50 top-off at the end of each regime, as well as
4-h rests before and after the remnant capacity measurements. The rate capability was calculated by
dividing the C/3 capacity by the C/25 capacity at each RPT. The resistance was derived from the ohmic
drop associated with the transition from a resting stage to a C/3 rate [41] 0.1 s after the application
of current.

Each duty cycle began with a C/2 full charge, as well as a constant voltage step with a 65-mA
limiting current followed by a 4-h rest step. The cells were then discharged by around 60% of their
typical initial capacity by applying the United States Advanced Battery Consortium (USABC) federal
urban driving schedule (FUDS) power profile [3] and scaled to the USABC goal of 400 W/kg. The FUDS
profile was shown to replicate driving cell degradation adequately [37]. This usage equated to about
three hours of driving per day or about 3 times the typical American roundtrip commute, according to
the U.S. Census Bureau. After the discharge, the cells were first rested for half an hour. Subsequently,
the cells were subjected to six different scenarios (Figure 1).

In the first scenario (NoFR), no frequency regulation was applied (Figure 1a,b), and the cells
rested for 4 h before being charged at a C/4 rate then by a constant-voltage step with a 65-mA limiting
current followed by a half-hour relaxation. In scenarios two to four, the cells were used for frequency
regulation for 2 h during rest (Figure 1, right column). The frequency regulation profile was extracted
from representative real usage data from a grid-scale battery energy storage system located in Hawi,
Hawai’i while in frequency regulation mode [42–44] (Figure S1). This frequency regulation profile
was normalized to three different maximum currents corresponding to C/5 (Figure 1c, frequency rest
(FRr)C/5), C/4 (Figure 1d, FRrC/4), and C/3 (Figure 1e, FRrC/3) rates, but the pulses variations and the
depth of the discharge range were kept constant to stay within cell and testing channel availability
constraints. The additional usage of the cells added 0.28 Ah (+8.6%), 0.35 Ah (+10.7%), and 0.47 Ah
(+14.3%) of exchanged capacity per cycle, respectively. After the 2-h frequency regulation, the cells
were rested for an additional one and a half hours, then charged at C/4 followed by a constant-voltage
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step with a 65-mA-limiting current and a half-hour rest step. In scenarios five and six, the cells were
subjected to the same frequency regulation profile, this time added to the C/4 charge instead of during
rest (Figure 1f,g). In these two cases, the cells rested for 4 h before being subjected to the amalgamation
of the frequency regulation profile and the C/4 charge for 2 h. The frequency regulation was only
normalized to two different maximum currents: C/5 (Figure 1f, frequency charge (FRc)C/5) and C/4
(Figure 1g, FRcC/4), so that the current never becomes negative (i.e., discharging) during charge. Since
the charge current was always positive while modulated, no additional capacity was exchanged for
scenarios five and six compared to not performing the frequency regulation at all. After the frequency
regulation, the cells were topped with a charged at C/4 followed by a constant-voltage step with a
65-mA-limiting current and a half-hour rest.

 

Figure 1. (a) Full duty cycle and (b–g) charge scenarios for the six duty cycles. noFR: no frequency
regulation, FRc: frequency response during charge, and FRr: frequency regulation during rest.

These six duty cycles were typically repeated for four weeks; after which, an RPT was performed.
Cycling was interrupted when the cell exhibited a capacity loss of greater than 20% at C/35 for two
consecutive RPTs or when the total test time was approximately two years. All the tests were performed
in an Amerex IC500-R chamber set at 25 ◦C. The skin temperature of each of the cells was recorded
and was of 24.5 ± 0.5 ◦C in average. The cut-off voltages were set at 4.2 and 2.5 V. All the tests, except
the first RPTs for each cell, were performed by a 40-channel Arbin BT-5HC tester (College Station, TX,
USA). The first RPTs were performed using a Biologic BCS-815 battery cycler (Claix, France).

Computer simulations were performed using the mechanistic degradation model proposed in [45]
and the ‘alawa toolbox. The half-cell data was obtained from previous works [25,26,36,37].
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3. Results

Figure 2 plots the normalized capacity (top), normalized resistance (center), and rate capability
(bottom) versus exchanged capacity for the twelve cells used in this study. All the cells presented a
similar linear (R2 > 0.93) capacity loss for close to 5000 Ah exchanged (1500 equivalent full cycles) at a
rate of −0.0024% ± 0.0004% per Ah of exchanged capacity. All but one of the cells exchanged more than
6500 Ah (2000 equivalent full cycles), with capacity losses below 20%. This is a much smaller capacity
fade than in our previous work on full discharges [37] but comparable to the one using shallower
cycles [25,26]. The most apparent result was that the cells subjected to no frequency regulation (NoFR)
degraded slightly faster. These two cells exhibited two of the three highest capacity loss values of the
entire experiment: 35% and 17%. In addition, one of these cells (NoFR_1) experienced an accelerated
aging stage much earlier than all the others after an exchanged capacity of 4700 Ah and a normalized
capacity of 88%. In total, four cells reached a second aging stage defined with more than a 5% loss
within an exchanged capacity of 600 Ah. The other three cells that experienced accelerated aging
were the second NoFR cell and one each for the cells with the frequency regulation during charge
and rest (FRcC/4_1 and FRrC/5_2). These three cells entered the second stage after 5500 Ah of usage.
No abnormality in the testing protocol of the affected cells was noticed, and their initial cell-to-cell
variations were within the normal boundaries. It can also be observed from Figure 2 that neither
resistance nor rate capability could be used to predict the accelerated degradation. The resistance
increased linearly and doubled after around 3500 Ah exchanged. The rate capability slowly deceased,
also linearly, by less than 1%.

Figure 2. Normalized capacity, resistance, and rate capability versus exchanged capacity.

As discussed in our previous work, capacity loss and degradation must be considered separately
as silent degradation (i.e., degradation that was not associated with capacity loss) can be present
and play a significant role in the apparition of the accelerated aging phase [29,45]. To assess cell
degradations, it was essential to quantify the degradation modes, the loss of lithium inventory,
the loss of active material, and the kinetic degradation (RDF) on the positive (PE) and negative
(NE) electrodes independently. This separation of the degradation modes can be performed using
electrochemical voltage spectroscopies [46], incremental capacity (IC) [35,47], and differential voltage
(DV) [34,48,49]. In our previous work on these cells [26,37], we used IC curves to quantify the loss of
lithium inventory (LLI,) the loss of active material on the negative electrode (LAMPE), and negative
kinetic degradation (RDFNE) directly from the FOIs but had to quantify the LAMNE manually based
on the other observations. In this analysis, the technique was refined, and the LAMNE was quantified
from the FOI on the DV curves when possible. Figure 3 presents an example of the IC and DV curves
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for a representative cell with the different FOIs noted. The response for all the cells is remarkably
similar and is presented in Figures S2 and S3.

 
Figure 3. Representative (a) incremental capacity and (b) differential voltage curve evolutions at C/35
under the aging conditions tested. FOI: features of interest.

Just as in our previous work, and based on the degradation map in [29,45] and the evolution of the
experimental curves, the capacity loss was associated entirely to LLI because the high and low-voltage
peaks never disappeared completely. Moreover, the intensity of the minimum at 4 V is proportional to
the LAMPE, and the intensity of the minimum at 3.75 V is proportional to the RDFNE. Readers are
referred to these publications for more details. To quantify the LAMNE automatically, the distance
between two graphitic peaks was used as a proxy to the LAMNE, as proposed in [48,50]. The full
degradation map for the DV curves showing that the distance between the two peaks varies only for
the LAMNE is presented in Figure S4.

Figure 4 presents the evolution of the different FOIs upon aging. Figure 4a shows the evolution of
FOI1; the area between 4 and 4.05 V was used in lieu of the intensity at 4 V to minimize the impact of
noise on the voltage data. All the cells followed a similar deviation to the pristine behavior, with a
decrease comprised between 5% and 6%. In regards to FOI2, as already observed in our previous
work [29,45], the evolution of the intensity saturates after the local minimum completely disappeared.
This saturation prevented the tracking of further intensity rise and the position of the minimum,
(Figure 4c). The variation in the intensity of the minimum is consistent with what was observed in our
previous work, but its voltage seems to be rather constant for all cells, which is different from what
was found previously [29,45], for some of the tested conditions. Finally, FOI3 (Figure 4d) decreased
linearly by between 6% and 10% before the 4000 Ah mark. After that, the peaks disappeared on the DV
curves, and the direct estimator was not valid anymore. This change was likely induced by the RDFNE

increase (Figure S4).
The quantification of the degradation modes from the FOI variations can be done using the

mechanistic modeling approach we pioneered, along with other groups, in the mid-2000s [45,48,51,52].
The approach has been heavily used in recent years within experimental studies using electrochemical
voltage spectroscopies (EVS) [46,53], and it has been well-validated [54–56] using independent
experimental studies. In the approach, half-cell data from each electrode is matched to emulate the
electrochemical behavior of the full cells. Once the initial match is satisfactory, the electrode can
be scaled or translated individually to replicate the effect of the different degradation modes [45].
The electrode matching and the voltage changes associated with degradation for these cells have
already been heavily discussed in the literature [26,36,37] and will not be repeated here. As in
our previous work [26,37], the theoretical variations for the FOIs for each individual degradation
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mode was computed and compared to the experimental variations to decipher the extent of each
degradation mode.

Figure 4. Evolution of (a) FOI1, the (b) intensity and (c) position of FOI2, and (d) FOI3.

4. Discussion

Based on Figure 4 and the proportionality between the FOI variations and the main degradation
modes, the degradation of the cell up to 3000 Ah can be automatically deciphered using the same
strategy that we employed in our previous works [29,45] and the fact that the cells had minimal
initial cell-to-cell variations [36]. The results of the analysis are presented in Figure 5. The spider
plot in Figure 5a showcases the results of the automatic quantification of the four main degradation
modes (LLI, LAMPE, LAMNE, and RDFNE). After 3000 Ah, the cells lost between 7% and 8% of their
lithium, 5% and 8% of the NE, and 3% and 4.5% of their PE and their kinetics degraded by a factor
comprised between 7 and 8. Overall, as already observable from Figure S2, all the cells degraded
in a similar fashion, and no apparent differences were observed between the cells that reached the
second stage earlier than the others. Figure 5b displays the same data on a bar plot to elucidate the
impact, if any, of the duty cycles. The plotted values are the average between the two cells tested for
each condition, and the error bars represent the spread between the individual values. Comparing the
six cells that undertook the frequency regulation at different rates during rest (3 FRr x2), the spread
of values was similar or smaller than the deviations between cells undergoing the same duty cycles.
This is true for the other duty cycles as well. Taking into account the fact that cells under the same
duty cycle are well-known to degrade at slightly different paces [57–60], the differences observed in
this work are not big enough to conclude that six duty cycles tested in this work induced different
degradation on the cells. The spider plot can also be compared to the ones in our previous work
that tested the cells under different duty cycles [29,45]. In [26], we diagnosed the cells after a 5%
capacity loss, which corresponded to 1500 Ah exchanged in our study. For the duty cycles in this
work, we observed a degradation similar to one of the cells that did not experience any constant power
(V2G). This outcome was expected, since the duty cycle resembled the NoFR duty cycle, with just a
different driving cycle (RD1 in [37]), which we showed had a similar impact as the FUDS cycle used in
this work [37]. In [37], where they cycled the cells in the full state of charge (SOC) range, the spider
plot compared the degradation at the onset of stage 2 around the same capacity loss (except for RD2
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in [37]). All degradation modes are in the same order of magnitude except LAMNE, which was much
more pronounced when the full SOC range was used.

 

Figure 5. (a) Spider plots of the four prominent degradation modes for all the cells at 3000 Ah
(~8% capacity loss) and (b) bar plot showcasing the impact of the duty cycles. The error bar represents
the spread between the two tested cells for each duty cycle, not a distribution of values. LLI: loss of
lithium inventory, LAM: loss of active material on the positive (PE) and negative (NE) electrodes,
and RDFNE: rate degradation factor on the NE.

Figure 6a presents a validation of the automatic diagnosis performed for Figure 5 for cell NoFR_1.
This is important to verify that the automatic quantification of the degradation was correct. If accurate,
the changes induced on the electrode half-cell matching by the quantified amount of LLI, LAMs,
and RDF should replicate the observed voltage changes between the initial and the aged experimental
voltage response. The simulated voltage was nearly overlapping to the experimental one, and this
suggests that our automatic quantification of the degradation mode was appropriate, as any other
combination of parameters would have led to a different voltage curve. The validation was verified
for all the other cells. Since the simulated response was analogous to the experimental one [46],
the diagnosis was validated. Hence, our automatic FOI-based methodology managed to perform the
diagnosis automatically.

The next point to tackle is the observed differences at which the second stage is appearing.
In previous works on similar cells, the second stage apparition was proved to be linked to the
LAMNE [37]. It was shown that when the LAMNE reached a threshold, decipherable from the initial
conditions and the LLI and LAMPE, lithium plating began. Since the LLI and LAMPE were quantifiable
for the entire experiment, the predicted LAMNE necessary for generalized plating to occur was
calculated to be around 20% for cell NoFR_1 when the second stage started. However, quantification
showed the LAMNE around 11%. This value was lower than the amount of LLI and in good agreement
with an extrapolation of the linear trend of LAMNE from the early cycles. The same trend was verified
for the other cells that showcased the second stage. Therefore, and unlike our previous study, the second
stage of degradation was not induced by a generalized LAMNE. It was also not induced by the LAMPE.
This rule out any electrode-wide source for the second stage. A possible explanation is that it might
still happen locally because of inhomogeneities in the electrode degradation [61]. The origin of the
apparent RDF increase is still unclear. In our approach, it was treated as a kinetic limitation, but,
in light of recent literature [62], part of it could also be associated with inhomogeneities in the electrode
degradation that could have led to localized plating. This concept is currently under investigation in
our laboratory and will be reported in future works.

395



Energies 2020, 13, 2494

 

Figure 6. Comparison of experimental and simulated incremental capacity (IC) curves for the NoFR_1
cell (a) after 3000 Ah exchanged and (b) at the onset of the second stage.

5. Conclusions

The main takeaway from our study was that some frequency regulation V2G usage at moderate
rates (from C/5 to C/3 as a maximum current) did not accelerate the cell degradation despite a close
to 15% additional usage. In addition, there was no noticeable difference between performing this
ancillary service during rest or charge or at maximum current fluctuations up to C/3 during rest
and C/4 during charge. These results are extremely positive for the possible application of V2G/G2V
strategies. However, it must be noted that our results hold for these specific cells and the duty cycle
tested. More research is necessary to generalize the results. Most notably, to test a wide variety of
frequency regulation cycles and driving cycles on different cell chemistries. We already verified the
results with the same duty cycles on a different batch of commercial cells based on graphite and a
blend of lithium cobalt oxide and nickel cobalt aluminum oxide.

Due to the lack of differences in the degradation between duty cycles, the benefits of modulating
the charge to eliminate the additional usage on the cells could not be verified. Experiments on other
chemistries with more aggressive usages will be launched to test the hypothesis further.

As for the diagnosis for the degradation, a new approach of coupling IC and DV analyses yielded
four indicators for automatic diagnosis. This methodology will allow faster diagnosis and bolsters the
value of the FOI approach for battery management system implementation. However, our study also
showed that, under some conditions—in our case, the apparent kinetic limitations—some of the FOI
may become ineffective with time. Therefore, proper validation using full fits and a sensibility analysis
to check for the range of efficacy of chosen FOIs is still essential.

Finally, some cells showcased the second stage of aging, and we were not able to predict it from
the voltage variations. This suggested that it was not induced by a widespread degradation of the
electrodes but was more likely because of localized effects. The cells that did not perform any frequency
regulations seemed to be the most affected, but those results need to be moderated by the fact that the
differences were probably within what to expect between cells performing the same duty cycles.
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Abstract: In this work, the possibilistic fuzzy C-means clustering artificial bee colony support vector
machine (PFCM-ABC-SVM) method is proposed and applied for the fault diagnosis of a polymer
electrolyte membrane (PEM) fuel cell system. The innovation of this method is that it can filter data
with Gaussian noise and diagnose faults under dynamic conditions, and the amplitude of characteristic
parameters is reduced to ±10%. Under dynamic conditions with Gaussian noise, the faults of the
PEM fuel cell system are simulated and the original dataset is established. The possibilistic fuzzy
C-means (PFCM) algorithm is used to filter samples with membership and typicality less than 90%
and to optimize the original dataset. The artificial bee colony (ABC) algorithm is used to optimize
the penalty factor C and kernel function parameter g. Finally, the optimized support vector machine
(SVM) model is used to diagnose the faults of the PEM fuel cell system. To illustrate the results of the
fault diagnosis, a nonlinear PEM fuel cell simulator model which has been presented in the literature
is used. In addition, the PFCM-ABC-SVM method is compared with other methods. The result shows
that the method can diagnose faults in a PEM fuel cell system effectively and the accuracy of the
testing set sample is up to 98.51%. When solving small-sized, nonlinear, high-dimensional problems,
the PFCM-ABC-SVM method can improve the accuracy of fault diagnosis.

Keywords: fault diagnosis; PEM fuel cell system; PFCM-ABC-SVM

1. Introduction

Hydrogen energy is one of the most important green energy sources. The polymer electrolyte
membrane (PEM) fuel cell system can directly convert hydrogen energy into electrical energy through
an electrochemical reaction and generate water and heat with minimal pollution [1]. The PEM fuel cell
system is a multi-input and-output nonlinear system, and there are some auxiliary elements such as
compressors, supply manifolds, return manifolds, compressors, valves, etc. For this reason, the PEM
fuel cell system is vulnerable to different sets of faults that can imply its temporal or permanent
damage [2]. Therefore, fault diagnosis methods are important to reduce this vulnerability as much
as possible.

Considering whether the model is necessary, the diagnosis methods can be classified into two general
types, i.e., model- and non-model-based methods [3,4]. The model-based method needs to develop a
model to simulate the behavior of the monitored system [4] and, generally, it is performed mostly via
residual evaluation, followed by a residual inference for possible fault occurrence detection [5]. Escobet
and Feroldi et al. [6,7] proposed a model-based fault diagnosis methodology based on the relative fault
sensitivity, and the diagnosis methodology correctly diagnosed the simulated faults in contrast with
other methodologies using binary signature matrix of analytical residuals and faults. Rosich et al. [8]
designed a subset of consistency relations and residual generators for a fuel cell system. Lira et al. [9]
proposed a linear parameter varying (LPV) model-based fault diagnosis methodology based on the
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relative fault sensitivity. Laghrouche et al. [10] presented an observer-based fault reconstruction
method for PEM fuel cells and the method extended the results of a class of nonlinear uncertain
systems with Lipschitz nonlinearities. Damiano et al. [11] proposed the Takagi–Sugeno (TS) interval
observers to solve the problem of robust fault diagnosis of PEM fuel cells. Kamal et al. [12] proposed a
model-based fault detection and isolation (FDI) and found that the residual was sensitive to the fault.
Steiner et al. [13] proposed the model-based diagnosis method which was based on a comparison
between measured and calculated voltages and pressure drops by an Elman neural network.

A non-model-based method can detect and identify the fault through human knowledge or
qualitative reasoning techniques based on a set of input and output data [3,4]. Three types of
non-model-based methods include the artificial intelligence method, the statistical method, and the
signal processing method. Antoni et al. [14] proposed a fault diagnosis methodology termed visual
block fuzzy inductive reasoning and applied it to a fuel cell system. Shao et al. [15] proposed the artificial
neural network (ANN) ensemble method based on back-propagating ANN and the Lagrange multiplier
method to improve the stability and reliability of the PEM fuel cell systems. Damour et al. [16] proposed
a signal-based diagnosis method, based on empirical mode decomposition (EMD). The method did
not require any excitation signal or stabilization period as compared with the EIS-based method.
Zheng et al. [17] used the electrochemical impedance spectroscopy (EIS) as a basis tool and proposed
the double fuzzy method consisting of fuzzy clustering and fuzzy logic to mine diagnostic rules
from the experimental data automatically. Ibrahim et al. [18] proposed a diagnosis method using
signal-based pattern recognition. All information needed to locate the faults was drawn from the
recorded fuel cell output voltage, since certain phenomena leave characteristic patterns in the voltage
signal. Pahon et al. [19] used the wavelet transform to identify different patterns or fault signatures
and proposed the signal-based pattern recognition approach. Mohammadi et al. [20] used a two-layer
feed-forward artificial neural network and developed a reliable fault identification and localization
tool for a proton exchange membrane fuel cell. Silva et al. [21] proposed a methodology based on
adaptive neuro-fuzzy inference systems (ANFIS) which used, as input, the measures of the fuel
cell output voltage during operation. Li et al. [22] proposed a nonlinear multivariable model of
a PEM fuel cell system based on support vector regression (SVR) and used an effective informed
adaptive particle swarm optimization algorithm to tune the hyper-parameters of the support vector
regression (SVR) model. Pei P. et al. [23] reviewed the effect variables of pressure drop and the
diagnosis method based on pressure drop was considered to be an online water fault diagnosis.
Zhao, [24] proposed a fault diagnosis method based on multi-sensor signals and principle component
analysis to improve the fuel cell system performance. Huang, [25] proposed a diagnostic method
combining C4.5-based decision tree with a fault diagnosis expert system to solve the fault diagnosis of
a fuel cell engine. Liu, [26] proposed a fault diagnosis method which combined an extreme learning
machine and the Dempster–Shafer evidence theory to diagnose the faults in a PEM fuel cell system.
Bougatef [27] designed the unknown input observer for a delayed LPV model to deal with the fault
estimation of actuator fault for a PEM fuel cell. In addition, Wang [28,29] developed a composite
support material which possessed intrinsic protonic conductivity and improved electronic conductivity
together with the optimization of the microstructure structures. Wilberforce [30–33] researched the
effect of humidification of reactive gases and bipolar plate geometry design on the performance of a
proton exchange membrane fuel cell.

The PEM fuel cell system is a multi-input and multi-output nonlinear system. The fuel cell stack
needs to be integrated with several auxiliary components to form a complete PEM fuel cell system.
Therefore, the PEM fuel cell system contains the fuel cell stack, the reactant flow subsystem, heat
and temperature subsystem, water management subsystem, power management system and the fuel
processor subsystem. The reactant flow subsystem contains the hydrogen supply subsystem and the
air supply subsystem. When the source of actual noise is multiplex, Gaussian noise can simulate
actual noise well. The probability density of Gaussian noise follows the standard normal distribution.
In this paper, Gaussian noise is used to simulate the interference in the PEM fuel cell model, and the
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fault diagnosis effect of the method can also be verified. In this paper, when the variance of Gaussian
noise is 1.0, 0.5, 0.2, 0.1 respectively, the amplitude of characteristic parameters is reduced to ±10%.
By simulating the fault scenarios of the PEM fuel cell system, the original dataset is established with
eight diagnosis variables. The possibilistic fuzzy C-means clustering artificial bee colony support
vector machine (PFCM-ABC-SVM) method is used to diagnose the faults in the PEM fuel cell system.

2. The Relevant Theory of the PFCM-ABC-SVM Method

2.1. PFCM Algorithm

In the fuzzy C-means clustering (FCM) algorithm, the membership value of each sample point
must be 1.0, therefore, it is sensitive to noise points and the classification result is not accurate. The PCM
algorithm is sensitive to the initial cluster center, and only when the cluster centers are the same can
the global optimal solution be obtained, which causes cluster consistency problems [34]. To solve the
shortcomings of the above algorithm, Pal proposed the possibilistic fuzzy C-means (PFCM) algorithm
based on the above algorithm [35,36]. The PFCM algorithm overcomes the sensitivity of the FCM
algorithm to noise and the sensitivity of the PCM algorithm to initial clustering centers. Additionally,
the PFCM algorithm improves the accuracy of classification results. The objective function of the
PFCM algorithm is as follows:

J(U, T, V; X) =
c∑

i = 1

n∑
j = 1

(aum
ij + btp

ij)d
2
i j +

c∑
i = 1

ηi

n∑
j = 1

(1− ti j)

p

(1)

where 1 ≤ i ≤ c, 1 ≤ j ≤ n;
c∑

i = 1
uij = 1; a and b define the relative importance of fuzzy membership and

typicality values in the objective function, a > 0, b > 0; m and p are the fuzzy parameters; dij = ‖xj − vi‖
is the Euclidean distance from sample point xj to vi; c is the number of cluster centers; and n is the
number of sample points.

The penalty coefficient of the PFCM algorithm is as follows:

ηi = K

n∑
j = 1

(aum
ij + btp

ij)d
2
i j

n∑
j = 1

(aum
ij + btp

ij)

, K > 0 (2)

where ηi is the penalty coefficient; generally, K = 1, from the optimal solution of Equation (1), get the
following Equations (3)–(5):

uij =
1

c∑
k = 1

(
dij
dkj

)
2/(m−1)

(3)

ti j =
1

1 + (
bd2

i j
ηi
)

1/(p−1)
(4)

vi =

n∑
j = 1

(aum
ij + btp

ij)xj

n∑
j = 1

(aum
ij + btp

ij)

(5)

The steps of the PFCM algorithm are as follows:
Step 1 Set the fuzzy parameters, set the terminating threshold ε, set the maximum number

of iterations L, set the number of initial iterations l, initialize the cluster center V(0), initialize the
membership matrix U(0), and initialize the typicality matrix T(0);

Step 2 According to Formula (2), calculate the penalty coefficient ηi;
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Step 3 According to Formula (3), calculate and update the membership matrix u(l+1)
i j ;

u(l+1)
i j =

1

c∑
k = 1

(
d(l+1)

i j

d(l+1)
kj

)

2/(m−1)
(6)

Step 4 According to Formula (4), calculate and update the typicality matrix t(l+1)
i j ;

t(l+1)
i j =

1

1 + (
b(d(l+1)

i j )
2

ηi
)

1/(p−1)
(7)

Step 5 According to Formula (5), calculate and update the cluster center matrix v(l+1)
i ;

v(l+1)
i =

n∑
j = 1

(a(u(l+1)
i j )

m
+ (bt(l+1)

i j )
p
)xj

n∑
j = 1

[a(u(l+1)
i j )

m
+ b(t(l+1)

i j )
p
]

(8)

Step 6 If ‖V(l+1) −Vl‖ < ε or L < l, output the cluster center, the membership matrix and the
typicality matrix; if not, make l = l + 1, skip to Step 2. The flow chart of the PFCM algorithm is shown
in Figure 1.

Figure 1. The flow chart of the possibilistic fuzzy C-means (PFCM) algorithm.
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2.2. Multi-Parameter Optimization of Support Vector Machine(SVM)

Support Vector Machine (SVM) is a new general machine learning method presented by Vapnik [37].
Traditional statistical research is in the case of sufficient samples or assuming an infinite number of
samples, but in actual problems, there are few samples. According to the principle of structural risk
minimization and the Vapnik-Chervonenkis(VC) dimension theory, SVM can combine the complexity
of the model with the learning ability, find the optimal solution, and obtain better generalization ability.
The classification theory of SVM is developed from the problem of linear separable binary classification.
In the process of classification, the optimal classification hyperplane is constructed. The training
samples are classified correctly according to the principle of least empirical risk, and the maximum
classification interval is required to ensure the minimum confidence range. It has advantages in
solving small-sized, nonlinear, high-dimensional problems [38–40]. The objective function of the SVM
optimization problem is as follows:⎧⎪⎪⎪⎪⎪⎨⎪⎪⎪⎪⎪⎩

max L(α) =
n∑

i = 1
αi − 1

2

n∑
i, j = n

αiα jyiyjK(xi, xj)

N∑
i = 1
αiyi = 0 0 ≤ αi ≤ Ci = 1, 2 · · ·N

(9)

where ∀xi, xj ∈ Rn; αi is the Lagrange multiplier; C is the penalty factor; and K(xi, xj) is the kernel
function which can transform a low-dimensional vector into a high-dimensional inner product.

The corresponding optimal classification function is as follows:

f (x) = sgn[
n∑

i = 1

α∗i yiK(xi, xj) + b∗] (10)

where α∗ is the optimal solution; b∗ = yi −
N∑

i = 1
α∗i yiK(xi, xj).

In the above optimization problem, it is necessary to determine the kernel function K(xi, xj).
There are four kinds of kernel functions commonly used in SVM as follows: linear kernel function
K(xi, yi) = xi · yi; polynomial kernel function K(xi, yi) = [(xi · yi) + b]d; hyperbolic tangent kernels
function K(xi, yi) = tanh[v(xi · yi) + c]; and radial basis kernel function K(xi, yi) = exp(−g‖xi − yi‖2),
where g is the kernel parameter.

Many studies show that radial basis kernel function is a better choice when there is not enough
prior knowledge [41]. The radial basis kernel function is used as the kernel function in SVM. After that,
the kernel function parameter g and the penalty factor C should be selected which are significant to
establish the optimized SVM model.

The artificial bee colony (ABC) algorithm is an intelligent optimization algorithm inspired by
biological behaviors proposed by Karaboga [42,43]. It mainly solves practical problems by simulating
bees collecting honey. The ABC algorithm finds the global optimal solution through the local optimization
behavior of bees. It is often used to solve multi-parameter optimization problems [44]. In the paper,
the ABC algorithm is used to obtain the optimal penalty factor C and kernel parameter g. Compared
with the genetic algorithm (GA), and particle swarm optimization algorithm (PSO), the ABC algorithm
has the advantages of strong global optimization ability and few control parameters.

The multi-parameter optimization of SVM is as follows:
Step 1 Initialize the parameters in the ABC algorithm and SVM, i.e., the number of bee colonies,

the number of honey sources, the maximum search number of honey sources (Limit), the current search
number of honey sources, the maximum number of iterations (MaxIter), the search range of penalty
factors C, and the search range of kernel function parameter g.
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Step 2 Select the fitness function in the ABC algorithm. The purpose of optimizing the SVM
parameters is to improve the accuracy of fault classification. The solution of the optimization problem
can be regarded as a process for the bee to find the honey source. The fitness function is as follows:

f itnessi =

⎧⎪⎪⎨⎪⎪⎩ 1
1+ fi

( fi ≥ 0)

1 +
∣∣∣ fi∣∣∣ ( fi < 0)

(11)

where, f itnessi is the fitness value of the i-th parameter, and fi is the objective function value of the i-th
honey source.

Step 3 Employed bees search for the neighborhood of the current honey source according to
Formula (12) and calculate the fitness of the new honey source according to Formula (11). If the
fitness value of the new honey source is better than that of the original honey source, the new honey
source position replaces the original honey source position, otherwise the original honey source
remains unchanged.

new_xid = xid + Rij(xid − xkd) (12)

where, new_xid is the value of the d-th dimension in the i-th new honey source; xid is the value of the
d-th dimension in the i-th original honey source; R is a random number in [–1, 1]; and k is any honey
source except the i-th honey source.

Step 4 After the employed bees complete the global search, onlooker bees select the honey source
according to Formula (13), and then search for the neighborhood to get the new honey source according
to Formula (12). If the fitness value of the new honey source is better than that of the original honey
source, the new honey source position replaces the original honey source position, otherwise the
original honey source remains unchanged.

Pi =
f itnessi

N∑
n = 1

f itnessn

(13)

where, Pi is the probability that the i-th honey source is selected, f itnessi is the fitness value of the i-th
honey source, and N is the total number of honey sources.

Step 5 Judge whether the current search number of honey sources is bigger than the maximum
search number of honey sources. If it is bigger, generate a new honey source according to Formula (14).

xij = minxij + Rij(maxxij −minxij) (14)

where, xij is the value of the j-th dimension of the i-th honey source, j ∈ {1, 2}.
Step 6 Record the current optimal honey source and judge whether the termination condition is

met. If the termination condition is met, skip to Step 7, otherwise skip to Step 3.
Step 7 Get the global optimal honey sources, which are the penalty factor C and kernel parameter

g, to establish the optimized SVM model.

3. Fault Simulation of the PEM Fuel Cell System

The PEM fuel cell system can directly convert chemical energy into electricity through
electrochemical reaction and produce water and heat at the same time. The PEM fuel cell simulator
model uses controller strategies and nonlinear models presented by Pukrushpan et al. [1]. It is assumed
that the system is in a constant temperature state, ignoring the influence of the double charge layer,
and it is regarded as a rapid dynamic behavior near the electrode/electrolyte. Parameters commonly
used in the PEM fuel cell simulator model are described in Table 1.
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Table 1. Parameters commonly used in the polymer electrolyte membrane (PEM) fuel cell simulator model.

Symbol Parameter Value

n Number of cells in stack 381
A f c Fuel cell active area 280 cm2

dc Compressor diameter 0.2286 m
Jcp Compressor and motor inertia 5 × 10−5 kgm2

Vca Cathode volume 0.01 m3

Vsm Supply manifold volume 0.02 m3

Vrm Return manifold volume 0.005 m3

ksm,out Supply manifold outlet orifice constant 0.36293 × 10−5 kg/(s·Pa)
kca,out Cathode outlet orifice constant 0.21773 × 10−5 kg/(s·Pa)

kv Motor electric constant 0.0153 V/(rad/s)
kt Motor torque constant 0.0225 N·m/A

Rcm Compressor motor resistance 1.2 Ω

The PEM fuel cell simulator model was established by Pukrushpan, J.T. in [1] and some parameters
of the PEM fuel cell simulator model are from [45–47] based on actual product parameters. The PEM
fuel cell simulator model is widely used for the fault diagnosis of the PEM fuel cell system [7,8,12,14],
and represents the75kW fuel cell system with 381 cells. The PEM fuel cell simulator model includes
the fuel cell stack model, the compressor model, the supply manifold model, the return manifold
model, the air cooler model, and the humidifier model. The PEM fuel cell system block diagram is
shown in Figure 2. The five faults are partially quoted from the literature [1,14] and the amplitude
of characteristic parameters is reduced to ±10%. The faults in the PEM fuel cell simulator model are
described in Table 2.

 
Figure 2. The PEM fuel cell system block diagram [1].

Table 2. Faults in the PEM fuel cell simulator model.

Fault ID Fault Description Type Magnitude

Fault0 Normal state Parametric unchanged 0

Fault1 There is suddenly an increase of friction in the
mechanical component part of the compressor Parametric abrupt 10% of increment

Fault2 The compressor motor suffers an overheating Parametric abrupt 10% of increment

Fault3
The fluid resistance increases due to water

blocking the channels or flooding in the
diffusion layer

Parametric abrupt 10% of reduction of the water flow

Fault4 Air leak in the air supply manifold Parametric abrupt 10% of reduction of the air flow
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The characteristic parameters remain unchanged and Fault0 is in normal state. Equations (15)–(21) [1]
are used to simulate Fault1–Fault4. According to the thermodynamic formula, the compressor torque
τcp is expressed as:

τcp =
Cp

ωcp

Tatm

ηcp

⎡⎢⎢⎢⎢⎢⎢⎣
(

psm

patm

) γ−1
γ

− 1

⎤⎥⎥⎥⎥⎥⎥⎦Wcp (15)

where, τcp is the torque needed to drive the compressor, Cp is the specific heat capacity of air, ωcp is
the compressor speed, ηcp is the compressor efficiency, psm is the supply manifold pressure, patm is
the pressure of the air, Tatm is the temperature of the air, γ is the ratio of the specific heats of the air,
and Wcp is the air mass flow of compressor.

A lumped rotational parameter model with inertia is used to represent the compressor speed:

Jcp
dωcp

dt
= (τcm − τcp) (16)

where Jcp is the combined inertia of the compressor and the motor, and τcm is the compressor motor
torque input.

The Fault1 state is simulated with the increment Δkv in the compressor constant kv. The Fault2
state is simulated with the increment ΔRcm in the compressor motor resistance Rcm:

τcm =
ηcmkt

(Rcm + ΔRcm)

[
vcm − (kv + Δkv)ωcp

]
(17)

where, ηcm is the motor mechanical efficiency, kt is the motor torque constant, Rcm is the compressor
motor resistance, ΔRcm is the increment in the compressor motor resistance, kv is the motor electric
constant, and Δkv is the increment in the motor electric constant.

The maximum mass of the vapor that the gas can hold is calculated from the vapor
saturation pressure:

mv,max,ca =
psatVca

RvTst
(18)

where, mv,max,ca is the maximum mass of the vapor, psat is the saturation pressure of the vapor, Rv is the
gas constant of the vapor, and Tst is the temperature of the stack. If mw,ca ≤ mv,max,ca, so mv,ca = mw,ca,
ml,ca = 0; if mw,ca > mv,max,ca,so mv,ca = mv,max,ca,ml,ca = mw,ca −mv,max,ca.

The total cathode pressure is the sum of oxygen, nitrogen, and vapor partial pressure:

Pca = PO2,ca + PN2,ca + Pv,ca =
mO2,caRO2Tst

Vca
+

mN2,caRN2Tst

Vca
+

mv,caRvTst

Vca
(19)

where Pca is the cathode pressure; Vca is the cathode volume; PO2,ca, PN2,ca and Pv,ca are the partial
pressure of oxygen, nitrogen, and vapor; RO2 , RN2 and Rv are the gas constants of oxygen, nitrogen,
and vapor.

Fault3 is simulated with the increment Δkca,out in the cathode outlet orifice constant kca,out:

Wca,out = (kca,out + Δkca,out)(pca − prm) (20)

where, Δkca,out is the increment in the cathode outlet orifice constant, kca,out is the cathode outlet orifice
constant, Wca,out is the air flow in the cathode outlet, pca is the cathode pressure, and prm is the return
manifold pressure.

Fault 4 is simulated with the increment Δksm,out in the supply manifold outlet orifice constant ksm,out:

Wsm,out = (ksm,out + Δksm,out)(psm − pca) (21)
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where, Wsm,out is the outlet mass flow, Δksm,out is the increment in the supply manifold outlet orifice
constant, and ksm,out is the supply manifold outlet orifice constant.

4. Fault Diagnosis of the PEM Fuel Cell System

In this work, the Gaussian noise with variance of 0.1, 0.2, 0.5, and 1.0 are added to the PEM fuel
cell simulator model, respectively. It is difficult to distinguish the Fault 0 to Fault 4 states in Table 2.
Signals in a fault state are coupled with signals in other faults. Therefore, the traditional methods
cannot diagnose the fault of the PEM fuel cell system effectively.

The Fault 0–4 states are simulated using the PEM fuel cell simulator model in the dynamic
condition. Eight diagnostic variables are selected from the PEM fuel cell simulator model, and the
eight diagnostic variables are fuel cell current (I f c), fuel cell voltage (V f c), compressor speed (ωcm),
compressor outlet pressure (Pcm,out), compressor motor voltage (Vcm), compressor motor current (Icm),
hydrogen inlet pressure (PH2,in), and air inlet pressure (Pair,in). Taking the Fault4 state as an example,
Gaussian noise with variance of 1.0 is added to the PEM fuel cell simulator model. The fuel cell current,
fuel cell voltage, compressor speed, compressor outlet pressure, compressor motor voltage, compressor
motor current, hydrogen inlet pressure, and air inlet pressure change with time, respectively, are shown
in Figures 3–10.

In this paper, the Gaussian noise with variance of 0.1, 0.2, 0.5, and 1.0 are added to the PEM fuel
cell simulator model, respectively. The PFCM algorithm is used to filter samples with membership
and typicality less than 90% and optimize the original dataset. The filtered data is used as the sample
dataset. The sample dataset are divided into two groups, one is the training set sample and the other is
the testing set sample. The training set sample number is 670, and the testing set sample number is
335. The penalty parameter C and kernel function parameter g of SVM are optimized using the ABC
algorithm, and then establish the optimized SVM model. The testing set sample is used to test the
accuracy of the fault diagnosis method.

Figure 3. Fuel cell current changes with time.

Figure 4. Fuel cell voltage changes with time.
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Figure 5. Compressor speed changes with time.

Figure 6. Compressor outlet pressure changes with time.

Figure 7. Compressor motor voltage changes with time.

Figure 8. Compressor motor current changes with time.
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Figure 9. Hydrogen inlet pressure changes with time.

Figure 10. Air inlet pressure changes with time.

The fault diagnosis steps of the fuel cell system based on the PFCM-ABC-SVM method are as follows:
Step 1 Initialize the parameters in the PFCM-ABC-SVM method as follows: set the fuzzy

parameters, m = 2, p = 2; set the terminating threshold ε = 10−6; set the maximum number of iterations
L = 100; set the number of initial iterations l = 0; initialize the cluster center V(0), initialize the
membership matrix U(0), and initialize the typicality matrix T(0); set the number of bee colonies n = 20;
set the maximum search number of honey sources Limit = 100; set the current search number of honey
sources d = 0; set the maximum number of iterations maxIter = 10; set the search range of penalty factor
C: [0.01, 100]; and set the search range of kernel function parameter g: [0.01, 100].

Step 2 Get the original data of the PEM fuel cell system and select eight diagnostic variables.
The eight diagnostic variables are fuel cell current, fuel cell voltage, compressor speed, compressor
outlet pressure, compressor motor voltage, compressor motor current, hydrogen inlet pressure, and air
inlet pressure.

Step 3 Establish the original dataset with eight diagnostic variables and normalize the original
dataset using mapminmax Function in Matlab(R2018b).

Step 4 Adapt the PFCM algorithm to eliminate samples with membership and typicality less than
90%, filter the original dataset, and establish the sample dataset.

Step 5 Divide the sample dataset into the training set sample and the testing set sample.
Step 6 Optimize the penalty parameter C and kernel function parameter g of SVM using the ABC

algorithm and establish the optimized SVM model.
Step 7 Diagnose faults by the optimized SVM model and obtain the diagnostic result. The fault

diagnosis flow chart of the fuel cell system based on PFCM-ABC-SVM method is shown in Figure 11.
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Figure 11. Fault diagnosis flow chart of the fuel cell system based on the PFCM-ABC-SVM method.

When the Gaussian noise variance is 1.0, the PFCM-ABC-SVM method is compared with the
GA-SVM, PSO-SVM and ABC-SVM methods. The comparison between the PFCM-ABC-SVM method
and the other methods is shown in Table 3. The classification results of the PEMFC-ABC-SVM method
when the Gaussian noise variance is 1.0 are shown in Figure 12. For the Fault 0–4 states, the accuracy
of the training set sample is 95.67%, and the accuracy of the testing set sample is 92.84% using the
PSO-SVM method; the accuracy of the training set sample is 95.82%, and the accuracy of the testing
set sample is 94.03% using the ABC-SVM method; the accuracy of the training set sample is 97.46%,
and the accuracy of the testing set sample is 97.31% using the PFCM-ABC-SVM method. Therefore,
the PFCM-ABC-SVM method can effectively improve the accuracy of fault diagnosis of the PEM
fuel cell system. The category label in Figure 12, “0” represents Fault0, “1” represents Fault1, “2”
represents Fault2, “3” represents Fault3, and “4” represents Fault4. There are 335 samples in the testing
set samples.

Table 3. The comparison between the PFCM-ABC-SVM method and the other methods.

Method. C g Accuracy of the Training
Set Sample

Accuracy of the Testing
Set Sample

GA-SVM 90.64 41.27 95.97% 92.84%
PSO-SVM 96.84 129.19 95.67% 92.84%
ABC-SVM 82.53 23.31 95.82% 94.03%

PFCM-ABC-SVM 84.28 5.99 97.46% 97.31%
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Figure 12. The classification results of the PFCM-ABC-SVM method when the Gaussian noise
variance is 1.0.

When the Gaussian noise variance is 0.5, the PFCM-ABC-SVM method is compared with the
GA-SVM, PSO-SVM and ABC-SVM methods. The comparison between the PFCM-ABC-SVM method
and the other methods is shown in Table 4. The classification results of the PEMFC-ABC-SVM method
when the Gaussian noise variance is 0.5 are shown in Figure 13. The accuracy of the training set sample
is 98.81% and the accuracy of the testing set sample is 97.91% using the PFCM-ABC-SVM method.

Table 4. The comparison between the PFCM-ABC-SVM method and the other methods.

Method C g Accuracy of the Training
Set Sample

Accuracy of the Testing
Set Sample

GA-SVM 81.77 39.93 95.67% 92.84%
PSO-SVM 100 128.77 95.52% 93.43%
ABC-SVM 73.02 28.34 95.37% 94.63%

PFCM-ABC-SVM 80.88 15.76 98.81% 97.91%

Figure 13. The classification results of the PFCM-ABC-SVM method when the Gaussian noise
variance is 0.5.

When the Gaussian noise variance is 0.2, the PFCM-ABC-SVM method is compared with the
GA-SVM, PSO-SVM and ABC-SVM methods. The comparison between the PFCM-ABC-SVM method
and the other methods is shown in Table 5. The classification results of the PEMFC-ABC-SVM method
when the Gaussian noise variance is 0.2 are shown in Figure 14. The accuracy of the training set sample
is 98.81%, and the accuracy of the testing set sample is 98.21% using the PFCM-ABC-SVM method.
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Table 5. The comparison between the PFCM-ABC-SVM method and the other methods.

Method C g Accuracy of the Training
Set Sample

Accuracy of the Testing
Set Sample

GA-SVM 85.50 64.40 96.27% 93.73%
PSO-SVM 100 166.67 96.27% 94.03%
ABC-SVM 92.46 63.77 96.57% 94.33%

PFCM-ABC-SVM 80.14 19.88 98.81% 98.21%

Figure 14. The classification results of the PFCM-ABC-SVM method when the Gaussian noise
variance is 0.2.

When the Gaussian noise variance is 0.1, the PFCM-ABC-SVM method is compared with the
GA-SVM, PSO-SVM and ABC-SVM methods. The comparison between the PFCM-ABC-SVM method
and the other methods is shown in Table 6. The classification results of the PEMFC-ABC-SVM method
when the Gaussian noise variance is 0.1 are shown in Figure 15. The accuracy of the training set sample
is 98.66%, and the accuracy of the testing set sample is 98.51% using the PFCM-ABC-SVM method.

Table 6. The comparison between the PFCM-ABC-SVM method and the other methods.

Method C g Accuracy of the Training
Set Sample

Accuracy of the Testing
Set Sample

GA-SVM 89.03 45.49 95.82% 94.03%
PSO-SVM 100 220.38 96.57% 94.03%
ABC-SVM 99.97 19.36 95.37% 94.63%

PFCM-ABC-SVM 75.18 17.67 98.66% 98.51%

Figure 15. The classification results of the PFCM-ABC-SVM method when the Gaussian noise
variance is 0.1.
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In order to illustrate the advantages of the PFCM-ABC-SVM method, the GA-SVM, PSO-SVM
and ABC-SVM methods are compared with it, in this work. The results of fault diagnosis are shown in
Tables 3–6. Under the dynamic conditions with the variance of the Gaussian noise decreasing from 1.0
to 0.1, the accuracy of the testing set sample is as high as 98.51%. Comparing with the other methods,
the PFCM-ABC-SVM method has a better effect in fault diagnosis of the PEM fuel cell system.

5. Conclusions

In this work, the PFCM-ABC-SVM method is proposed and verified by the PEM fuel cell simulator
model. The Gaussian noise with variance of 0.1, 0.2, 0.5, and 1.0 are added to the PEM fuel cell
simulator model, respectively, for fault diagnosis. The PFCM algorithm is used to filter samples with
membership and typicality less than 90% and optimize the original dataset. The ABC algorithm is
used to optimize the penalty factor C and kernel function parameter g, and the optimized SVM model
is used to diagnose the faults of the PEM fuel cell system. The results show that under the dynamic
conditions with the variance of the Gaussian noise decreasing from 1 to 0.1, the accuracy of the training
set sample increases from 97.46% to 98.81%, and the accuracy of the testing set sample increases from
97.31% to 98.51%. The PFCM-ABC-SVM method is effective to diagnose the faults in the PEM fuel cell
system, and it is better than other commonly used methods. The PFCM-ABC-SVM method has an
advantage in solving the small-sized, nonlinear, and high-dimensional problems and furthermore,
provides references for on-line fault diagnosis of a fuel cell system.
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Nomenclature

PFCM possibilistic fuzzy C-means clustering ABC artificial bee colony
SVM support vector machine PEM polymer electrolyte membrane
LPV linear parameter varying TS Takagi–Sugeno
FDI fault detection and isolation ANN artificial neural network
EMD empirical mode decomposition EIS electrochemical impedance spectroscopy
SVR support vector regression ANFIS adaptive neuro-fuzzy inference systems
GS grid search algorithm GA genetic algorithm
PSO particle swarm optimization algorithm FCM fuzzy C-means clustering
PCM possibilistic C-means clustering C penalty factor
g kernel function parameter ε terminating threshold
L maximum number of iterations l the number of initial iterations
ηi penalty coefficient αi Lagrange multiplier
Limit maximum search number of honey sources MaxIter maximum number of iterations
τcm compressor torque(N·m) ηcm motor mechanical efficiency
ΔRcm the increment in the compressor motor

resistance(Ω)
Δkv the increment in the motor electric

constant(V/(rad/s))
t time(s) Δkca,out the increment in the cathode outlet orifice

constant(kg/(s·Pa))
Wca,out air flow in the cathode outlet(g/s) pca cathode pressure(pa)
prm return manifold pressure(pa) Wsm,out outlet mass flow(g/s)
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Δksm,out the increment in the supply manifold outlet
orifice constant

psm supply manifold pressure(pa)

I f c fuel cell current(A) V f c fuel cell voltage(V)
ωcm compressor speed(rad/s) Pcm,out compressor outlet pressure(pa)
Vcm compressor motor voltage(V) Icm compressor motor current(A)
PH2,in hydrogen inlet pressure(pa) Pair,in air inlet pressure(pa)
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Abstract: Electric Vehicles (EVs) play a significant role in the reduction of CO2 emissions and other
health-threatening air pollutants Accordingly, several research studies are introduced owing to
replacing conventional gasoline-powered vehicles with battery-powered EVs. However, the ultra-fast
charging (UFC) of the battery pack or the rapid recharging of the battery requires specific demands,
including both: the EV battery and the influence on the power grid. In this regard, advanced
power electronics technologies are emerging significantly to replace the currently existing gas station
infrastructures with the EV charging stations to move from conventional charging (range of hours) to
UFC (range of minutes). Among these power electronics conversion systems, the DC-DC conversion
stage plays an essential role in supplying energy to the EV via charging the EV’s battery. Accordingly,
this paper aims to present possible architectures of connecting multiple Dual Active Bridge (DAB)
units as the DC-DC stage of the EV fast charger and study their Small-Signal Modeling (SSM) and their
control scheme. These are, namely, Input-Series Output-Series (ISOS), Input-Series Output-Parallel
(ISOP), Input-Parallel Output-Parallel (IPOP), and Input-Parallel Output-Series (IPOS). The control
scheme for each system is studied through controlling the output filter inductor current such that
the current profile is based on Reflex Charging (RC). The main contribution of this paper can be
highlighted in providing generalized SSM as well as providing a generalized control approach for the
Input-Series Input-Parallel Output-Series Output-Parallel (ISIP-OSOP) connection. The generalized
model is verified with three different architectures. The control strategy for each architecture is studied
to ensure equal power sharing, where simulation results are provided to elucidate the presented
concept considering a three-module ISOS, IPOP, ISOP, and IPOS DC-DC converters.

Keywords: ultra-fast charging; multimodule DC-DC converters; dual active bridge DC-DC converter;
full-bridge phase-shift DC-DC converter; input-series output-series; input-series output-parallel;
input-parallel output-parallel; input-parallel output-series; input-series input-parallel output-series
output-parallel

1. Introduction

Due to high fossil fuel prices, CO2 emissions and other health-threatening emissions,
environmental awareness has shown a high interest in Electric Vehicles (EVs) [1]. Replacing conventional
gasoline-powered vehicles with battery-powered EVs is expected to reduce fuel consumption
significantly [2]. As a response to the ecological issues, a movement towards electrification is taking
place in the transport sector. Many research studies have been provided to support this movement
in [3–6]. To compete with conventional combustion engine vehicles and ensure the wide adoption of
EVs, significant efforts are still needed. One of the main issues limiting the widespread penetration of
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EVs is the long charging duration that usually exceeds 30 min [7]. In other words, one of the challenging
problems limiting EVs’ utilization is the lack of efficient and fast charging capabilities. Accordingly,
Ultra-Fast Charging (UFC) is a necessary concept to be investigated to allow massive integration for
EVs in the market, particularly when concerning long-distance travel [2]. In this regard, industrial and
academic fields have been pushed to explore the Ultra-Fast EV Charging (UF-EVC) concept. This is
due to the fact that fast-charging stations allow the recharging process to be done in a few minutes
and hence overcoming EVs limitation problem. Studies have shown that the charging process affects
EVs’ adoption significantly. Therefore, future EV charging stations should have the capability of
charging EVs from 10% State-of-Charge (SoC) to 90% SoC in few minutes [8–10]. Nowadays, battery
technologies are evolving, enabling the EV’s battery to be charged at higher power levels. Currently,
offboard fast-charging stations are provided to speed up the charging process [10–14].

Conventionally, the charging methods are categorized based on the charging speed and power
into three different levels, which are: level 1, level 2, and level 3 (also termed as the DC fast
charging) [15]. Shortly, a new battery technology that reduces the charging time to 3 min is expected to
be commercialized [15]. This introduces a new charging level termed the ultra-fast/super-fast charging
level, which is different from the present DC fast charging that is commonly used in industrial and
academic fields 15. Table 1 shows the electrical specifications for the EV charging stations [15].

Table 1. Electrical vehicle (EV) charging stations’ electrical specifications.

Charging Level Input Voltage Phase Power Time

Level 1 120 VAC (Single)
AC 1.5–2 kW 10–14 h

Level 2 208/240 VAC (Single)
AC 7–20 kW 1–3 h

Level 3 (DC Fast
Charging) 480 VAC (Three)

DC 50–100 kW 12–24 min

Ultra-fast/Super-fast
Charging

400 VAC
or

Medium Voltage ranging from
10− 40 kV

(Three)
DC 300–700 kW < 3 min

To enable UFC for EVs, advanced power electronics converter technologies play an essential
role in terms of both flexibility and efficiency. Accordingly, this paper focuses on high-power DC-DC
converters that can be employed in UFC stations. As mentioned earlier, one of the main obstacles
limiting the broad adoption of EVs is the long charging time. To avoid this problem, UFCs should
be designed at a higher power level. Toward this direction, BMW and Porsche, as a part of the Fast
Charge Consortium (a group of industrial companies engaged in the “Fast Charge” research project),
have demonstrated the latest super-fast EV charger that can considerably charge EVs faster than the
present charging methods [16]. Similar systems are demoed by the two companies, where the electric
prototype for Porsche is capable of charging at a power level of 400 kW in less than 3 min for the
first 100 km with a battery capacity of 90 kWh. While the experimental system for BMW is capable of
charging at a power level of 350 kW in 15 min (10% to 80% SoC) [16]. The charging process is done
using a DC-DC converter that converts a charging station input voltage of 800 V to a lower voltage
of 400 V [17]. The latest prototypes by both companies can work up to 900 and 500 A, meaning that
it can charge at a power level of 450 kW, which is three to nine times the capacity of the existing
up-to-date DC fast-charging stations [16,17]. This capacity increase significantly reduces the duration
of the charging time. Tesla has shown significant efforts to introduce fast charging for EVs. However,
the current cars presented by Tesla can only charge at a maximum of 120 kW. Tesla will add enhanced
superchargers in 2020. Nonetheless, the charging speed of those cars is boosted to double the charging
rate of the current vehicles [16].
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The Fast Charge research group is investigating the required technical specifications in terms
of the fast charging infrastructure and the EV to match the high charging capacities. Siemens, as a
part of the research group, has provided an energy supply system to be used in the project, allowing
researchers to examine the fast-charging capacity limits demonstrated by the EV’s batteries. The system
can handle high voltage that reaches up to 920 V, which is the voltage level predicted for the future
EVs [17]. The controller of the charger makes sure that the output is modified automatically according
to the EV, allowing different EVs to be charged using a single infrastructure. To illustrate, the UFC
station can be used with battery systems rated at 400 and 800 V, where the charging capacity is adapted
automatically to the maximum charging capacity on the EV side. The system is characterized by its
flexibility and modularity, allowing multiple EVs to be charged at the same time instant [17].

Such fast-charging stations require DC-DC converters of high-power to be designed to achieve
high reliability and high efficiency for the system. One of the fast-charging stations’ requirements
is to develop the DC-DC converters in a modular structure since such configuration can provide
redundancy, easier maintenance, as well as scalability, and ride-through capability [18].

To further illustrate, to meet the requirements of the high-voltage high-power fast charger, two
approaches are established. The first approach is through semiconductor devices with high-voltage
and high-current ratings to be integrated into the two-level converter topologies with series/parallel
connections. However, the series connection of power switches results in the unsymmetrical sharing
of voltage among the switching devices because of the switches’ unequal parameters, such as the
switching delays, leakage inductance, and collector-to-emitter capacitance. Accordingly, voltage
balancing methods are required to avoid any failure [19].

In the second approach, power electronic converters are usually pursued to be built in a modular
manner in fast-charging stations [20]. Modular converters contain several numbers of smaller modules.
Building converters in a modular way is a cost-effective solution. Besides, smaller modules can be
hot swapped in failure cases, which makes the maintenance of such converters easier. Moreover,
the number of modules can be scaled up according to the power rating of the system.

Furthermore, by installing more modules, the concept of redundancy can be established. In other
words, in modular structure-based DC-DC converters, each cell handles a small portion of the total
input power. Consequently, the selected power switches are of lower voltage ratings, hence, higher
switching frequency capability. Therefore, the converter efficiency is improved due to lower losses,
and the transformer size is reduced due to the increase in the switching frequency [21,22]. To avoid the
demerits associated with the first approach, modular converters’ topologies, such as Multimodule
Converters and Modular Multilevel Converters, are used to provide the modularity feature and achieve
high-voltage and high-power requirements [23]. Nonetheless, the multimodule DC-DC converters are
considered in this paper since the modularity concept is not limited only to the power electronics but
also is extended to include the magnetics. Moreover, higher switching frequencies can be achieved in
the AC link, which results in reduced weight and size of the overall power converter. Although the
high-frequency transformer employment allows for a reduction in the overall converter size and weight,
the overall system cost is increased, especially with the power increase. Multimodule converters are
applicable for EV UFC since scalability, reliability, redundancy, and ride-through capability can be
provided. Besides, such converters utilize low-power modules where each module handles only a
fraction of the total required power. However, the system complexity increases with the increase
in the number of modules. Moreover, the impact of EVs UFC on the grid should be considered.
Therefore, coordinated charging should be devised to address challenges that might be encountered
with uncoordinated EVs UFC, particularly when multiple batteries are charged through UFC mode.
Furthermore, the on-going technology development in the batteries’ industry supports the proliferation
of EVs UFC through introducing high capacity batteries that can accept such mode of charging.

Multimodule DC-DC converters can offer a bidirectional power flow through utilizing submodules
that contain Dual Active Bridge (DAB), Dual Half Bridge (DHB), or series resonant converters, where
each configuration has its pros and cons [24,25]. In multimodule converters, soft switching operation,
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as well as higher switching frequency, can be achieved, resulting in a significant reduction in the
component volume without sacrificing the efficiency [24]. The possible architectures of connecting
multimodule-based DAB units are classified into four main categories, which are: Input-Series
Output-Series (ISOS), Input-Parallel Output-Parallel (IPOP), Input-Series Output-Parallel (ISOP),
Input-Parallel Output-Series (IPOS) [26].

A typical fast charger is usually connected to a 400 VAC grid (570 VDC rectified) [27]. However,
this low voltage results in high current and causes high losses in the magnetic components, bus bars,
and switching devices [28]. Accordingly, connecting the fast charger to a higher input voltage level
(10–40 kV) will reduce the current and conduction losses in the DC-DC converter. In [29,30], a DC
link with a voltage of 1000 V has been proposed to the high power, while, in [31], the fast charger
is connected to a medium voltage connection of 2.4 kV. In [28], a multiport converter for EVs’ fast
chargers has been proposed, where the charging process is done via a 6 to 10 kV supply grid.

In [15], a power architecture for the upcoming super-fast EV charging stations has been proposed.
The presented architecture in [15], is interfaced with a medium voltage grid with a voltage level
of 4.8 kV. It supports the grid functionality since it can allow bidirectional power flow and can
reduce during the EV charging the conduction energy loss of the grid. However, in [7], DC-DC
converters for high-power EV UFC stations have been presented. The semiconductor devices voltage
ratings are reduced through splitting the DC input voltage. In addition, a modulation scheme named
triangular current modulation is applied to achieve Zero Voltage Switching for all the switching devices.
This accordingly increases the efficiency of the system. The converter in [7] can achieve an efficiency of
99.5%. To reduce the ripple content of the output current and achieve a high power density, multiple
modules are parallel interleaved. In [2], reactive power operation is investigated using an offboard
charging station. In [32], two different converter architectures for UF-EVC stations are presented.
The first architecture is based on low-frequency isolation (non-isolated DC-DC converter), while the
second approach is based on high-frequency isolation (galvanic isolated DC-DC converter). Technical
evaluation for the two architectures is carried out where the pros and cons of each topology are
highlighted. Besides, simulation results elaborating on the impact of the DC fast charging station on the
grid are also provided in [32]. In [1], to realize medium-voltage UF-EVC stations, a multiport power
converter has been proposed. A cascaded H-bridge is utilized at the grid side. Besides, to reduce
the charging station effect on the grid, the battery energy storage elements are integrated in a split
manner on the level of each submodule. Talking about the DC-DC conversion stage presented in [1],
multiple Dual Half Bridge units are connected in parallel, where the multiport concept at the output
side is achieved by selecting different submodule configurations. This is done to charge multiple EVs
at the same time instant without the need for extra chargers. Operation modes, as well as the control
techniques, have been addressed in [1].

In [33], a Full-Bridge Phase-Shifted DC-DC converter that combines the features of the double
inductor rectifier and the conventional hybrid switching converter has been proposed for EV DC
fast chargers. The principle of operation, as well as the characteristics and design specifications, are
provided. The presented DC-DC converter in [33], can achieve both: zero voltage switching and
zero current switching in the leading and the lagging legs, respectively. In [31], a medium-voltage
high-power isolated DC-DC converter for EVs fast chargers have been presented. The employed
DC-DC converter is a modular-based structure utilizing silicon carbide switching devices to convert a
single-phase rectified input voltage of 2.4 kV to a variable DC output. It is a unidirectional converter
that is connected in series from the input side and connected in parallel from the output side.

In [34], the AC-DC and DC-DC stages of an EV charger have been studied. The DC-DC stage utilizes
interleaved DC-DC converters to be connected to a high-voltage network (13.8 kV). The interleaved
DC-DC converters are accompanied with several advantages that can be highlighted in lower input
ripple and lower inductors cost and size. The charger presented in [34] allows for bidirectional power
flow so that it can support renewable energy sources and smart grid applications. It is suitable for a
high-power fast charger of 400 kW with an EV battery with a rated voltage level of 500 V. However,
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in [35], a fast charger that is based on a single stage has been proposed. In other words, the power
factor correction and zero voltage switching are achieved in one single AC-DC stage. The charger
utilizes DAB units that are connected in series and parallel at the input and output sides, respectively.
The use of one stage resulted in the DC link capacitor elimination, allowing for higher efficiency and
higher power density to be achieved. In [18], a fast-charging system for EVs is proposed. The system
consists of a 15 kW multimodule converter that utilizes a three-phase rectifier and a Full-Bridge DC-DC
converter. Multiple units are used in a modular manner and connected in parallel at the input side
and series or parallel at the output side. To clarify, modules are connected in IPOS to provide a higher
voltage that reaches up to (1000 V) or connected in IPOP to provide higher output current at a voltage
level of (500 V).

In [36], a power converter that interfaces a three-phase medium-voltage grid with EV batteries
has been proposed. The AC-DC stage utilizes a cascaded H-Bridge converter, in which the battery
energy storage systems are integrated in a split manner to reduce the effect of the charging station on
the grid. Modular DC-DC converters utilizing the Full-Bridge Phase-Shifted topology are employed to
charge the EV battery. The DC-DC converters are connected in parallel to provide high currents.

According to the latest technical specifications for fast charging stations, the charging process can
be done through a 400 VAC or it can be done through a medium voltage grid supply that ranges from
10 to 40 kV to avoid high current and high losses. Assuming a fast charger rated at 350 kW and EV
battery rated at a high voltage level (400–920 V). Different scenarios of the mentioned specifications
result in the four different architectures of the multimodule DC-DC converters, which are ISOS,
IPOP, ISOP, and IPOS. In this paper, these scenarios are discussed along with the control strategy
for each architecture. To support the power converter controller design, the Small-Signal Model
(SSM) for the four architectures is studied in detail. Moreover, to ensure equal power sharing among
the employed modules, the control scheme for the four architectures is investigated. Moreover,
a generalized SSM for any multimodule DC-DC converters’ connection, including Input-Series
Input-Parallel Output-Series Output-Parallel (ISIP-OSOP), is provided. This is achieved by studying
the SSM of Full-Bridge Phase-Shift (FB-PS) DC-DC converter, two-module IPOS, three-module ISOP,
and four-module Input-Series Input-Parallel Output-Series (ISIPOS) presented in [37–42], respectively.
After deriving the generalized model, the model is verified with the multimodule configurations
presented in [38–42].

The main contribution of the paper can be summarized as follows:

• A generalized model for the multimodule ISIP-OSOP DC-DC converter is provided. It is worth
mentioning that the work presented in [40] is extended to include the SSM as well as the
control schemes for the three other multimodule configurations, which are ISOS, IPOP, and IPOS.
In addition to a generalized SSM applicable for all the basic architectures for multimodule
DC-DC converters.

• Detailed SSM for the four architectures of the multimodule converter, which are ISOS, ISOP, IPOP,
and IPOS, is provided in detail.

• The control strategy to guarantee uniform power distribution among the modules is studied.
The strategies are based on current control Reflex Charging (RC) considering high-power-level
UFC stations.

This paper is organized such that: Section 2 presents the ISOS circuit configuration as well as
the ISOS SSM. Section 3 presents the ISOP multimodule DC-DC converter referring to the work that
has been previously published in [40]. Sections 4 and 5 provide the circuit configuration and SSM for
the IPOP and IPOS DC-DC converter, respectively. Section 6 addresses the generalized SSM for the
ISIP-OSOP multimodule DC-DC converter along with its verification. Section 7 provides the control
scheme for the four architectures to achieve equal power sharing among the employed modules.
Finally, Section 8 presents the conclusion.
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2. Input-Series Output-Series (ISOS) DC-DC Converter

In this section, the ISOS DC-DC converter circuit diagram, as well as the ISOS DC-DC converter
SSM, are discussed in detail. The analysis carried out in this section, as well as the following sections, is
not restricted to unidirectional power flow and can be applied for bidirectional power flow. In addition,
a three-module based DAB topology is considered. Such configurations are employed when galvanic
isolation is required.

To reduce the SSM in terms of complexity, it is assumed that all the modules of the ISOS, ISOP,
IPOP, and IPOS DC-DC converter have an equal turns ratio and effective duty cycle as well as the same
inductor and capacitor values. In other words, the SSM for the four architectures is derived, assuming
ideal conditions. The SSM, carried out in this section and the following sections, is used in Section 7 to
support the controller design for each configuration.

2.1. ISOS Circuit Diagram

An ISOS DC-DC converter is employed in high input voltage and high output voltage
applications [43]. The ISOS converter configuration is shown in Figure 1, where modules are connected
in series at the input and the output sides. The ISOS DC-DC converter shown in Figure 1 is needed for
a high step-up ratio. This configuration is employed in high-voltage applications where neither the
input side voltage nor the output side voltage is within the semiconductor devices voltage ratings.
Such configuration enables low-voltage rating switches utilization.

By ensuring equal Input Voltage Sharing (IVS) and Output Voltage Sharing (OVS), the input
voltage per module is Vin

3 , and the output voltage per module is Vo
3 . In which, Vin and Vo are the

ISOS input voltage and ISOS output voltage, respectively. The features of the ISOS converter can be
summarized in reduced voltage stress as well as the reduced power level per module, which facilitates
the design of the converter. In the following Section, the SSM of the ISOS converter is studied using
the FB-PS DC-DC converter.

Figure 1. Input-Series Output-Series (ISOS) DC-DC converter circuit diagram.

2.2. ISOS Small-Signal Analysis

The SSM for the ISOS converter shown in Figure 2 is derived, using the SSM presented in [37].
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Figure 2. ISOS DC-DC converter small-signal modeling (SSM).

Since the input voltage per module is Vin
3 , and the output voltage per module is Vo

3 , accordingly,
the load resistance per module is R

3 . Therefore, d̂i j and d̂vj, which are the effect of changing the filter
inductor current and the effect of changing the input voltage on the duty cycle modulation, as well as
Ieq presented in Figure 2 can be expressed as follows, where the subscript j = 1, 2, and 3:

d̂i j = −12 Llk fs
KVin

îLj (1)

Equation (1) can be rewritten in terms of Rd, where; Rd =
4Llk fs

k2 as:

d̂i j = −3KRd
Vin

îLj (2)

d̂vj =
36 Llk fsDe f f

k2RVin
v̂cdj (3)

Similarly, Equation (3) can be rewritten as:

d̂vj =
9 RdDe f f

RVin
v̂cdj (4)

Ieq =
Vin
KR

(5)

The following equations are obtained from Figure 2:⎧⎪⎪⎪⎪⎪⎨⎪⎪⎪⎪⎪⎩
De f f

K v̂cd1 +
Vin
3K

(
d̂i1 + d̂v1 + d̂1

)
= sLîL1 + v̂out1

De f f
K v̂cd2 +

Vin
3K

(
d̂i2 + d̂v2 + d̂2

)
= sLîL2 + v̂out2

De f f
K v̂cd3 +

Vin
3K

(
d̂i3 + d̂v3 + d̂3

)
= sLîL3 + v̂out3

(6)

⎧⎪⎪⎪⎪⎪⎨⎪⎪⎪⎪⎪⎩
K

De f f

(
îin − sCdv̂cd1

)
= Ieq

(
d̂i1 + d̂v1 + d̂1

)
+ îL1

K
De f f

(
îin − sCdv̂cd2

)
= Ieq

(
d̂i2 + d̂v2 + d̂2

)
+ îL2

K
De f f

(
îin − sCdv̂cd3

)
= Ieq

(
d̂i3 + d̂v3 + d̂3

)
+ îL3

(7)

⎧⎪⎪⎪⎪⎨⎪⎪⎪⎪⎩
îL1 = sCv̂out1 +

v̂out
R

îL2 = sCv̂out2 +
v̂out
R

îL3 = sCv̂out3 +
v̂out
R

(8)
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Summing Equations in (8) would result in (9):

3∑
j=1

îL j = v̂out

(
sC +

3
R

)
(9)

where
v̂out1 + v̂out2 + v̂out3 = v̂out (10)

v̂cd1 + v̂cd2 + v̂cd3 = v̂in or
∑3

j=1
v̂cdj = v̂in (11)

2.2.1. Control-To-Output Voltage Transfer Function

The output voltage and the duty cycle relationship is found by summing up the Kirchhoff’s
voltage law (KVL) Equations in (6), assuming v̂in = 0, and d̂k = 0, where k = 1, 2, and 3, and k � j,
and substituting (2), (4), (9)–(11).

Vin
3K

d̂1 −Rd

(
v̂out

(
sC +

3
R

))
= sL

(
v̂out

(
sC +

3
R

))
+ v̂out (12)

Simplifying (12) would result in (13):

Gvd =
v̂out

d̂ j
=

Vin
3K(

s2LC + s
(

3L
R + RdC

)
+

3Rd
R + 1

) (13)

2.2.2. Control-To-Filter Inductor Current Transfer Function

The filter inductor current and the duty cycle relationship is found by substituting v̂out in (12) in
terms of îL j using (9), and considering the same assumptions as in Section 2.2.1.

Vin
2K

d̂1 −Rd

3∑
j=1

îL j = sL
3∑

j=1

îL j +

∑3
j=1 îL j(

sC + 3
R

) (14)

Simplifying (14) would result in (15):

Gid =
îL
d̂ j

=

Vin
3K (3 + sRC)

R
(
s2LC + s

(
3L
R + RdC

)
+ 3

R + 1
) (15)

2.2.3. Control-To-Module Input Voltage Transfer Function

The module input voltage and the duty cycle relationship is found as follows:
Subtracting the 3rd Equation in (6) from the 1st Equation in (6):

De f f

K
(v̂cd1 − v̂cd2) +

Vin
3K

(
d̂i1 + d̂v1 + d̂1 − d̂i2 − d̂v2 − d̂2

)
= sL

(
îL1 − îL2

)
+ v̂out1 − v̂out2 (16)

Substituting (2) and (4) in (16):

De f f

K

(
1 +

3Rd
R

)
(v̂cd1 − v̂cd2) +

Vin
3K

(
d̂1 − d̂2

)
= (sL + Rd)

(
îL1 − îL2

)
+ v̂out1 − v̂out2 (17)

Subtracting the 2nd Equation in (7) from the 1st Equation in (7), and substituting (5):

K
De f f

(sCdv̂cd2 − sCdv̂cd1) =
Vin
KR

(
d̂i1 + d̂v1 + d̂1 − d̂i2 − d̂v2 − d̂2

)
+
(
îL1 − îL2

)
(18)
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Substituting (2) and (4) in (18) and rearranging the equation:(3Rd
R
− 1
)(

îL1 − îL2
)
=

Vin
KR

(
d̂1 − d̂2

)
+

(9RdDe f f

KR2 +
sKCd
De f f

)
(v̂cd1 − v̂cd2) (19)

Substituting v̂out by v̂out1 + v̂out2 + v̂out3 in (8):⎧⎪⎪⎪⎪⎨⎪⎪⎪⎪⎩
îL1 =

(
sC + 1

R

)
v̂out1 + 1

R v̂out2 +
1
R v̂out3

îL2 = 1
R v̂out1 +

(
sC + 1

R

)
v̂out2 +

1
R v̂out3

îL3 = 1
R v̂out1 + 1

R v̂out2 +
(
sC + 1

R

)
v̂out3

(20)

The three Equations in (20) can be represented as:

⎡⎢⎢⎢⎢⎢⎢⎢⎢⎣
îL1

îL2

îL3

⎤⎥⎥⎥⎥⎥⎥⎥⎥⎦ =
⎡⎢⎢⎢⎢⎢⎢⎢⎢⎢⎢⎢⎣

sC + 1
R

1
R

1
R

1
R sC + 1

R
1
R

1
R

1
R sC + 1

R

⎤⎥⎥⎥⎥⎥⎥⎥⎥⎥⎥⎥⎦
⎡⎢⎢⎢⎢⎢⎢⎢⎢⎣

v̂out1
v̂out2

v̂out3

⎤⎥⎥⎥⎥⎥⎥⎥⎥⎦ (21)

Solving for the output voltages in (21) would give:⎧⎪⎪⎪⎪⎨⎪⎪⎪⎪⎩
v̂out1 = g1 îL1 − g2

(
îL2 + îL3

)
v̂out2 = g1 îL2 − g2

(
îL1 + îL3

)
v̂out3 = g1 îL3 − g2

(
îL1 + îL2

) (22)

where
g1 =

2 + sRC
s2RC2 + 3sC

and g2 =
1

s2RC2 + 3sC

Accordingly;
v̂out1 − v̂out2 = (g1 + g2)

(
îL1 − îL2

)
(23)

Substituting (23) in (17):

De f f

K

(
1 +

3Rd
R

)
(v̂cd1 − v̂cd2) +

Vin
3K

(
d̂1 − d̂2

)
= (sL + Rd + g1 + g2)

(
îL1 − îL2

)
(24)

Substituting (19) in (24):

De f f
K

(
1 + 3Rd

R

)( 3Rd
R − 1

)
(v̂cd1 − v̂cd2) +

Vin
3K

( 3Rd
R − 1

)(
d̂1 − d̂2

)
=

3(sL+Rd+g1+g2)
KR

(
d̂1 − d̂2

)
+ (sL + Rd + g1 + g2)

(
9RdDe f f

KR2 +
sKCd
De f f

)
(v̂cd1 − v̂cd2)

(25)

Simplifying (25) would result in (26):

(v̂cd2 − v̂cd1) =

⎛⎜⎜⎜⎜⎜⎜⎜⎜⎜⎜⎜⎜⎜⎜⎜⎜⎜⎝
−

De f f
(
R2 Vin

2 + 2RVin(g1 + g2) + 2sLRVin
)

R2D2
e f f + 16RdD2

e f f (g1 + g2) + 16sLRdD2
e f f

+K2R2Cd
(
s(Rd + g1 + g2) + s2L

)

⎞⎟⎟⎟⎟⎟⎟⎟⎟⎟⎟⎟⎟⎟⎟⎟⎟⎟⎠
(
d̂2 − d̂1

)
(26)

Equation (26) can be written as:

(v̂cd2 − v̂cd1) = A(s)
(
d̂2 − d̂1

)
(27)
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where

A(s) = −

⎛⎜⎜⎜⎜⎜⎜⎜⎜⎜⎜⎜⎜⎜⎜⎜⎜⎜⎝
De f f

(
R2 Vin

2 + 2RVin(g1 + g2) + 2sLRVin
)

R2D2
e f f + 16RdD2

e f f (g1 + g2) + 16sLRdD2
e f f

+K2R2Cd
(
s(Rd + g1 + g2) + s2L

)

⎞⎟⎟⎟⎟⎟⎟⎟⎟⎟⎟⎟⎟⎟⎟⎟⎟⎟⎠
Rearranging (27) would result in (28):

v̂cd2 = v̂cd1 + A(s)
(
d̂2 − d̂1

)
(28)

Assuming v̂in = 0, hence v̂cd1 + v̂cd2 + v̂cd3 = 0,
Equation (28) can be generalized as follows:

v̂cdj = v̂cd1 + A(s)
(
d̂ j − d̂1

)
(29)

Setting v̂in = 0, and substituting (29) in (11) would result in:

3∑
j=1

v̂cd1 + A(s)
(
d̂ j − d̂1

)
= 0 (30)

3v̂cd1 − 3A(s)d̂1 +
3∑

j=1

A(s)d̂ j = 0 (31)

Therefore,

v̂cd1 = A(s)d̂1 +
A(s)

3

3∑
j=1

d̂ j (32)

Substituting (32) in (29) would result in:

v̂cdj = A(s)d̂ j +
A(s)

3

3∑
j=1

d̂ j (33)

Presenting (33) in a matrix form would give:

⎡⎢⎢⎢⎢⎢⎢⎢⎢⎣
v̂cd1
v̂cd2
v̂cd3

⎤⎥⎥⎥⎥⎥⎥⎥⎥⎦ =
⎡⎢⎢⎢⎢⎢⎢⎢⎢⎢⎢⎢⎢⎢⎣

2A(s)
3

−A(s)
3

−A(s)
3

−A(s)
3

2A(s)
3

−A(s)
3

−A(s)
3

−A(s)
3

2A(s)
3

⎤⎥⎥⎥⎥⎥⎥⎥⎥⎥⎥⎥⎥⎥⎦
⎡⎢⎢⎢⎢⎢⎢⎢⎢⎣

d̂1

d̂2

d̂3

⎤⎥⎥⎥⎥⎥⎥⎥⎥⎦ (34)

2.2.4. Converter Output Impedance

As studied in the SSM presented in [39,40], the ISOS converter output impedance can be found by
modifying (8), such that: ⎧⎪⎪⎪⎪⎨⎪⎪⎪⎪⎩

îL1 + îout = sCv̂out1 +
v̂out
R

îL2 + îout = sCv̂out2 +
v̂out
R

îL3 + îout = sCv̂out3 +
v̂out
R

(35)

Accordingly, Equation (9) is modified as follows:

3∑
j=1

îL j = v̂out

(
sC +

3
R

)
− 3îout (36)
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The output voltage and the output current relationship is found by assuming v̂in = 0, and d̂ j = 0,
j = 1, 2, and 3, summing the KVL Equations in (6), and substituting (2), (4), (10), (11), and (36).(

(sL + Rd)
(
sC +

3
R

)
+ 1
)
v̂out = 3(Rd + sL)îout (37)

Simplifying (37) would result in (38):

Zout =
v̂out

îout
=

3(Rd + sL)

s2LC + s
(

3L
R + RdC

)
+

3Rd
R + 1

(38)

2.2.5. Converter Gain

The output voltage and the input voltage relationship is found by assuming d̂ j = 0, j = 1, 2, and 3,
summing the KVL Equations in (6), and substituting (2), (4), (9)–(11) in the added equation.

De f f

K

(
1 +

Rd
3R

)
v̂in =

(
(sL + Rd)(sRC + 1)

R
+ 3
)
v̂out (39)

Simplifying (39) would result in (40):

Gvg =
v̂out

v̂in
=

De f f
K

(
1 + Rd

3R

)
s2LC + s

(
L
R + RdC

)
+

Rd
R + 3

(40)

3. Input-Series Output-Parallel (ISOP) DC-DC Converter

All the related work in for the ISOP DC-DC converter, including system configuration, detailed
SSM, and control strategy, has been previously published in [40].

4. Input-Parallel Output-Parallel (IPOP) DC-DC Converter

In this section, the IPOP DC-DC converter circuit diagram, as well as the IPOP DC-DC converter
SSM, are discussed in detail.

4.1. IPOP Circuit Diagram

IPOP DC-DC converters are employed in high-current and high-power applications [44]. The IPOP
converter configuration is shown in Figure 3, where the modules connected in parallel at the input and
the output sides. This architecture is employed when the input side and the output side current are
higher than the semiconductor devices’ current rating.

By ensuring equal Input Current Sharing (ICS) and Output Current Sharing (OCS), the input
current per module is Iin

3 , and the output current per module is Io
3 . In which, Iin and Io, are the IPOP

input current and the IPOP output current, respectively. The merits of the IPOP DC-DC converter can
be highlighted in more accessible semiconductor devices selection due to the low current stress per
module. Besides, a higher switching frequency can be achieved and accordingly lowering the size of
the magnetic components.
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Figure 3. Input-Parallel Output-Parallel (IPOP) DC-DC converter circuit diagram.

4.2. IPOP Small-Signal Analysis

The SSM for the IPOP converter shown in Figure 4 is derived using the SSM presented in [37].

Figure 4. IPOP DC-DC converter SSM.

Since the input current per module is Iin
3 , and the output current per module is Io

3 , accordingly,
the load resistance per module is 3R. Therefore, d̂i j, d̂vj and Ieq presented in Figure 4 can be expressed
as follows, where the subscript j = 1, 2, and 3:

d̂i j = −4 Llk fs
KVin

îLj (41)

Rewriting (41) in terms of Rd would result in:

d̂i j = −KRd
Vin

îLj (42)

d̂vj =
4Llk fsDe f f

3 k2RVin
v̂in (43)

Similarly, rewriting (43) in terms of Rd would result in:

d̂vj =
RdDe f f

3 RVin
v̂in (44)
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Ieq =
Vin
3KR

(45)

The following equations are obtained from Figure 4:⎧⎪⎪⎪⎪⎪⎨⎪⎪⎪⎪⎪⎩
De f f

K v̂in +
Vin
K

(
d̂i1 + d̂v1 + d̂1

)
= sLîL1 + v̂out

De f f
K v̂in +

Vin
K

(
d̂i2 + d̂v2 + d̂2

)
= sLîL2 + v̂out

De f f
K v̂in +

Vin
K

(
d̂i3 + d̂v3 + d̂3

)
= sLîL3 + v̂out

(46)

⎧⎪⎪⎪⎪⎪⎨⎪⎪⎪⎪⎪⎩
K

3De f f

(
îin − sCdv̂in

)
= Ieq

(
d̂i1 + d̂v1 + d̂1

)
+ îL1

K
3De f f

(
îin − sCdv̂in

)
= Ieq

(
d̂i2 + d̂v2 + d̂2

)
+ îL2

K
3De f f

(
îin − sCdv̂in

)
= Ieq

(
d̂i3 + d̂v3 + d̂3

)
+ îL3

(47)

3∑
j=1

îL j = v̂out

(
sC +

1
R

)
(48)

4.2.1. Control-To-Output Voltage Transfer Function

The output voltage and the duty cycle relationship are found by summing up the KVL equations
in (46), considering the same assumptions as in Section 2.2.1, and substituting (42), (44), and (48).

Vin
K

⎛⎜⎜⎜⎜⎜⎜⎝−KRd
Vin

(
v̂out

(
sC +

1
R

))
+

3∑
j=1

RdDe f f

3 RVin
v̂in + d̂1

⎞⎟⎟⎟⎟⎟⎟⎠ = sL
(
v̂out

(
sC +

1
R

))
+ 3v̂out (49)

Simplifying (49) would result in (50):

Gvd =
v̂out

d̂ j
=

Vin
K

s2LC + s
(

L
R + RdC

)
+

Rd
R + 3

(50)

4.2.2. Control-To-Filter Inductor Current Transfer Function

The filter inductor current and the duty cycle relationship is found by substituting v̂out in terms of
îL j using (48) in (49), and considering the same assumptions as in Section 2.2.1.

Vin
K

d̂1 −Rd

3∑
j=1

îL j = sL
3∑

j=1

îL j +
3R

sRC + 1

3∑
j=1

îL j (51)

Simplifying (51) would result in (52):

Gid =
îL
d̂ j

=

Vin
K (1 + sRC)

R
(
s2LC + s

(
L
R + RdC

)
+

Rd
R + 3

) (52)

4.2.3. Control-To-Module Filter Inductor Current Transfer Function

The module filter inductor current and the duty cycle relationship is found by substituting (42),
(44), and (48) in (46) assuming v̂in = 0.⎧⎪⎪⎪⎪⎪⎪⎨⎪⎪⎪⎪⎪⎪⎩

(
sL + Rd +

R
sRC+1

)
îL1 +

R
sRC+1 îL2 +

R
sRC+1 îL3 = Vin

K d̂1

R
sRC+1 îL1 +

(
sL + Rd +

R
sRC+1

)
îL2 +

R
sRC+1 îL3 = Vin

K d̂2

R
sRC+1 îL1 +

R
sRC+1 îL2 +

(
sL + Rd +

R
sRC+1

)
îL3 = Vin

K d̂3

(53)
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Subtracting the 2nd Equation in (53) from the 1st Equation in (53):

îL2 = îL1 − Vin

K(sL + Rd)

(
d̂1 − d̂2

)
(54)

Similarly, subtracting the 3rd Equation in (53) from the 1st Equation in (53):

îL3 = îL1 − Vin

K(sL + Rd)

(
d̂1 − d̂3

)
(55)

Substituting (54) and (55), in the first Equation in (53):(
sL + Rd +

3R
sRC+1

)
îL1 =

Vin
K

[(
2R

(sL+Rd)(sRC+1) + 1
)
d̂1 − R

(sL+Rd)(sRC+1) d̂2 − R
(sL+Rd)(sRC+1) d̂3

] (56)

Rearranging (56), the following equation is obtained:

îL1 = A(s)d̂1 + B(s)d̂2 + B(s)d̂3 (57)

where

A(s) =
Vin
(
s2LCR + s(L + CRdR) + Rd + 2R

)
K(sL + Rd)(s2LCR + s(L + CRdR) + 3R)

(58)

B(s) =
−VinR

K(sL + Rd)(s2LCR + s(L + CRdR) + 3R)
(59)

Similar steps can be done for the filter inductor current for module 2 and module 3 such that:⎧⎪⎪⎪⎨⎪⎪⎪⎩
îL1 = A(s)d̂1 + B(s)d̂2 + B(s)d̂3

îL2 = B(s)d̂1 + A(s)d̂2 + B(s)d̂3

îL3 = B(s)d̂1 + B(s)d̂2 + A(s)d̂3

(60)

4.2.4. Converter Output Impedance

Similarly, the IPOP converter output impedance can be found by modifying (48) such that:

3∑
j=1

îL j + îout = v̂out

( sRC + 1
R

)
(61)

The output voltage and the output current relationship is found by considering the same
assumptions as in Section 2.2.4, summing Equations in (46), and substituting (42), (44), and (61).

−Rd

(
v̂out

( sRC + 1
R

)
− îout

)
= sL

(
v̂out

( sRC + 1
R

)
− îout

)
+ 3v̂out (62)

Simplifying (62) would result in (63):

Zout =
v̂out

îout
=

(Rd + sL)

s2LC + s
(

L
R + RdC

)
+

Rd
R + 3

(63)
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4.2.5. Converter Gain

The output voltage and the input voltage relationship is found by assuming d̂ j = 0, j = 1, 2, and 3,
summing Equations in (46), and substituting (42), (44), and (48) in the added equation.

3De f f

K

(
1 +

Rd
3R

)
v̂in =

(
(sL + Rd)(sRC + 1)

R
+ 3
)
v̂out (64)

Simplifying (64) would result in (65):

Gvg =
v̂out

v̂in
=

3De f f
K

(
1 + Rd

3R

)
s2LC + s

(
L
R + RdC

)
+

Rd
R + 3

(65)

5. Input-Parallel Output-Series (IPOS) DC-DC Converter

In this section, the IPOS DC-DC converter circuit diagram, as well as the IPOS DC-DC converter
SSM, are discussed in detail.

5.1. IPOS Circuit Diagram

IPOS DC-DC converters are employed in high input current and high output voltage
applications [38]. The IPOS converter configuration is shown in Figure 5, where modules are connected
in parallel and series at the input side and the output side, respectively. The IPOS DC-DC converter
shown in Figure 5 is required for a high step-up ratio. This architecture is utilized when the output
side current is within the semiconductor devices’ current rating.

Figure 5. Input-Parallel Output-Series (IPOS) DC-DC converter circuit diagram.

By ensuring equal ICS and OVS, the input current per module is Iin
3 , and the output voltage per

module is Vo
3 . In which, Iin and Vo, are the IPOS input current and the IPOS output voltage, respectively.

5.2. IPOS Small-Signal Analysis

The SSM for the IPOS converter shown in Figure 6 is derived using the SSM presented in [37].
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Figure 6. IPOS DC-DC converter SSM.

Since the input current per module is Iin
3 , and the output voltage per module is Vo

3 , accordingly,
the load resistance per module is R

3 . Therefore, d̂i j, d̂vj and Ieq presented in Figure 6 can be expressed as
follows, where the subscript j = 1, 2, and 3:

d̂i j = −4 Llk fs
KVin

îLj (66)

Rewriting (66) in terms of Rd would result in:

d̂i j = −KRd
Vin

îLj (67)

d̂vj =
12 Llk fsDe f f

k2RVin
v̂in (68)

Similarly, rewriting (68) in terms of Rd would result in:

d̂vj =
3 RdDe f f

RVin
v̂in (69)

Ieq =
3 Vin
KR

(70)

The following equations are obtained from Figure 6:⎧⎪⎪⎪⎪⎪⎨⎪⎪⎪⎪⎪⎩
De f f

K v̂in +
Vin
K

(
d̂i1 + d̂v1 + d̂1

)
= sLîL1 + v̂out1

De f f
K v̂in +

Vin
K

(
d̂i2 + d̂v2 + d̂2

)
= sLîL2 + v̂out2

De f f
K v̂in +

Vin
K

(
d̂i3 + d̂v3 + d̂3

)
= sLîL3 + v̂out3

(71)

⎧⎪⎪⎪⎪⎪⎨⎪⎪⎪⎪⎪⎩
K

3De f f

(
îin − sCdv̂in

)
= Ieq

(
d̂i1 + d̂v1 + d̂1

)
+ îL1

K
3De f f

(
îin − sCdv̂in

)
= Ieq

(
d̂i2 + d̂v2 + d̂2

)
+ îL2

K
3De f f

(
îin − sCdv̂in

)
= Ieq

(
d̂i3 + d̂v3 + d̂3

)
+ îL3

(72)

⎧⎪⎪⎪⎪⎨⎪⎪⎪⎪⎩
îL1 = sCv̂out1 +

v̂out
R

îL2 = sCv̂out2 +
v̂out
R

îL3 = sCv̂out3 +
v̂out
R

(73)

434



Energies 2020, 13, 2540

Summing Equations in (73) would result in (74):

3∑
j=1

îL j = v̂out

(
sC +

3
R

)
(74)

where
v̂out1 + v̂out2 + v̂out3 = v̂out (75)

5.2.1. Control-To-Output Voltage Transfer Function

The output voltage and the duty cycle relationship is found by summing up Equations in (71),
considering the same assumptions as in Section 2.2.1, and substituting (67), (69), and (74).

3De f f

K
v̂in +

Vin
K

⎛⎜⎜⎜⎜⎜⎜⎝−KRd
Vin

(
v̂out

(
sC +

3
R

))
+

3∑
j=1

3 RdDe f f

RVin
v̂in + d̂1

⎞⎟⎟⎟⎟⎟⎟⎠ = sL
(
v̂out

(
sC +

3
R

))
+ v̂out (76)

Simplifying (76) would result in (77):

Gvd =
v̂out

d̂ j
=

Vin
K

s2LC + s
(

3L
R + RdC

)
+

3Rd
R + 1

(77)

5.2.2. Control-To-Filter Inductor Current Transfer Function

The filter inductor current and the duty cycle relationship is found by substituting v̂out in terms of
îL j using (74) in (76) and considering the same assumptions as in Section 2.2.1.

Vin
K

d̂1 −Rd

3∑
j=1

îL j = sL
3∑

j=1

îL j +
R

sRC + 3

3∑
j=1

îL j (78)

Simplifying (78) would result in (79):

Gid =
îL
d̂ j

=

Vin
K (3 + sRC)

R
(
s2LC + s

(
3L
R + RdC

)
+

3Rd
R + 1

) (79)

5.2.3. Control-To-Module Filter Inductor Current Transfer Function

The filter inductor current and the duty cycle relationship is found by performing the following:
Substituting (75) in (76):⎧⎪⎪⎪⎪⎨⎪⎪⎪⎪⎩

îL1 =
(
sC + 1

R

)
v̂out1 + 1

R v̂out2 +
1
R v̂out3

îL2 = 1
R v̂out1 +

(
sC + 1

R

)
v̂out2 +

1
R v̂out3

îL3 = 1
R v̂out1 + 1

R v̂out2 +
(
sC + 1

R

)
v̂out3

(80)

Rewriting (80) in terms of the output voltages:⎧⎪⎪⎪⎨⎪⎪⎪⎩
v̂out1 = g1 îL1 − g2 îL2 − g2 îL3

v̂out2 = g2 îL1 − g1 îL2 − g2 îL3

v̂out3 = g2 îL1 − g2 îL2 − g1 îL3

(81)

where
g1 =

2 + sRC
S2C2R + 3sC

g2 =
1

S2C2R + 3sC
(82)
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Rewriting (81) in a matrix form:⎡⎢⎢⎢⎢⎢⎢⎢⎢⎣
v̂out1
v̂out2

v̂out3

⎤⎥⎥⎥⎥⎥⎥⎥⎥⎦ =
⎡⎢⎢⎢⎢⎢⎢⎢⎢⎣

g1 −g2 −g2

−g2 g1 −g2

−g2 −g2 g1

⎤⎥⎥⎥⎥⎥⎥⎥⎥⎦
⎡⎢⎢⎢⎢⎢⎢⎢⎢⎣

îL1

îL2

îL3

⎤⎥⎥⎥⎥⎥⎥⎥⎥⎦ (83)

Substituting (67), (69), and (81) in (71) and assuming v̂in = 0 would result in:⎧⎪⎪⎪⎪⎨⎪⎪⎪⎪⎩
Vin
K d̂1 = (sL + Rd + g1)îL1 − g2 îL2 − g2 îL3

Vin
K d̂2 = −g2 îL1 + (sL + Rd + g1)îL2 − g2 îL3

Vin
K d̂3 = −g2 îL1 − g2 îL2 + (sL + Rd + g1)îL3

(84)

Rearranging (84), the control-to-module filter inductor current can be represented as:⎡⎢⎢⎢⎢⎢⎢⎢⎢⎣
d̂1

d̂2

d̂3

⎤⎥⎥⎥⎥⎥⎥⎥⎥⎦ =
⎡⎢⎢⎢⎢⎢⎢⎢⎢⎣

g3 g4 g4

g4 g3 g4

g4 g4 g3

⎤⎥⎥⎥⎥⎥⎥⎥⎥⎦
⎡⎢⎢⎢⎢⎢⎢⎢⎢⎣

îL1

îL2

îL3

⎤⎥⎥⎥⎥⎥⎥⎥⎥⎦ (85)

where

Sg3 =
Vin(sL + Rd + g1 − g2)

K
(
g2

1 − g1g2 + 2g1g5 − 2g2
2 − g2g5 + g2

5

) (86)

g4 =
Ving2

K
(
g2

1 − g1g2 + 2g1g5 − 2g2
2 − g2g5 + g2

5

) (87)

g5 = sL + Rd (88)

5.2.4. Converter Output Impedance

Similarly, the IPOS converter output impedance can be found by modifying (74) such that:

3∑
j=1

îL j + îout = v̂out

(
sC +

3
R

)
(89)

The output voltage and the output current relationship is found by considering the same
assumptions as in Section 2.2.4, summing Equations in (71), and substituting (67), (69), (75) and (89).

−Rd

(
v̂out

(
sC +

3
R

)
− îout

)
= sL

(
v̂out

(
sC +

3
R

)
− îout

)
+ v̂out (90)

Simplifying (90) would result in (91):

Zout =
v̂out

îout
=

3(Rd + sL)

s2LC + s
(

3L
R + RdC

)
+ 3 Rd

R + 1
(91)

5.2.5. Converter Gain

The output voltage and the input voltage relationship is found by assuming d̂ j = 0, j = 1, 2, and 3,
summing Equations in (71) and substituting (67), (69), and (74) in the added equation.

3De f f

K

(
1 +

3Rd
R

)
v̂in =

(
(sL + Rd)(sRC + 3)

R
+ 1
)
v̂out (92)
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Simplifying (92) would result in (93):

Gvg =
v̂out

v̂in
=

3De f f
K

(
1 + 3Rd

R

)
s2LC + s

(
3L
R + RdC

)
+

3Rd
R + 1

(93)

6. Generalized Small-Signal Analysis for Dual Series/Parallel Input-Output (ISIP-OSOP) DC-DC
Converter

In this section, the SSM for the four architectures is expanded to include a generalized SSM
applicable for ISIP-OSOP configuration. In addition, after generalizing the model, the equations
derived in this section are validated with the IPOS, ISOP, and ISIPOS presented in [38–42], respectively.

6.1. ISIP-OSOP Generic DC-DC Converter Circuit Diagram

The ISIP-OSOP generic DC-DC converter configuration shown in Figure 7 consists of n modules
that are connected in series and/or parallel at the input side, and in series and/or parallel at the output
side, as shown in Figure 7.

 
Figure 7. Generalized multimodule DC-DC converter circuit diagram.

By ensuring ICS and IVS, the input current per module is Iin
α , and the input voltage per module is

Vin
β . In which, Iin is the input current and Vin is the input voltage of the ISIP-OSOP DC-DC converter,

and α is the number of modules connected in parallel, and β is the number of modules connected in
series at the input side. Similarly, by ensuring OCS and OVS, the output current per module is Io

a ,
and the output voltage per module is Vo

b . In which Io is the output current and Vo is the output voltage
of the ISIP-OSOP DC-DC converter, and a is the number of modules connected in parallel, and b is the
number of modules connected in series at the output side.

6.2. ISIP-OSOP Generic DC-DC Converter Small-Signal Analysis

The SSM for the ISIP-OSOP converter shown in Figure 8 is derived using the SSM presented
in [37], and expanding the study of the presented multimodule DC-DC converters presented in [38–42].
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Figure 8. n module Input-Series Input-Parallel Output-Series Output-Parallel (ISIP-OSOP) DC-DC
converter SSM.

Since the input current and voltage per module are Iin
α and Vin

β , respectively, and the output current

and voltage per module is Io
a and Vo

b , respectively. Therefore, the load resistance per module is
a
b

R.

Accordingly, d̂i j and d̂vj, which are the effect of changing the filter inductor current and the effect of
changing the input voltage on the duty cycle modulation, as well as Ieq presented in Figure 8 can be
expressed as [39,42]:

Sd̂i j = −4βLlk fs
KVin

îLj, j = 1, 2, . . . , n (94)

Equation (94) can be re-written as:

d̂i j = −βKRd

Vin
îLj, j = 1, 2, . . . , n (95)

where Rd =
4Llk fs

k2 .

d̂vj =
4βbLlk fsDe f f

ak2RVin
v̂cdj, j = 1, 2, . . . , n (96)

Equation (96) can be re-written as:

d̂vj =
βbRdDe f f

aRVin
v̂cdj, j = 1, 2, . . . , n (97)

SIeq =
bVin
βaKR

(98)

The following equations are obtained from Figure 8:⎧⎪⎪⎪⎪⎪⎪⎪⎪⎪⎪⎨⎪⎪⎪⎪⎪⎪⎪⎪⎪⎪⎩

De f f
K v̂cd1 +

Vin
βK

(
d̂i1 + d̂v1 + d̂1

)
= sLîL1 + v̂out1

De f f
K v̂cd2 +

Vin
βK

(
d̂i2 + d̂v2 + d̂2

)
= sLîL2 + v̂out2

...
De f f

K v̂cdn +
Vin
βK

(
d̂in + d̂vn + d̂n

)
= sLîLn + v̂outn

(99)
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⎧⎪⎪⎪⎪⎪⎪⎪⎪⎨⎪⎪⎪⎪⎪⎪⎪⎪⎩

îL11 + îL21 + · · ·+ îLa1 = sC
sRcC+1 v̂out1 + v̂out

R

îL12 + îL22 + · · ·+ îLa2 = sC
sRcC+1 v̂out2 + v̂out

R
...

îL1b + îL2b + · · ·+ îLab = sC
sRcC+1 v̂outn + v̂out

R

(100)

Based on the feature of modularity, it is assumed that all the employed modules are ideal.
Moreover, the Equivalent Series Resistance (ESR) of the output capacitance is considered in this model.

Summing Equations in (100):

a∑
i=1

b∑
j=1

îLi j =
sC

sRcC + 1
v̂out +

bv̂out

R
(101)

Equation (101) can be written as:

a∑
i=1

b∑
j=1

îLi j = v̂out

(
sRC + sbRcC + b

R(1 + sRcC)

)
(102)

Defining the summation terms of the module’s input and output voltage appearing after summing
up Equations in (99):

n∑
j=1

v̂cdj = γv̂in (103)

where:

• γ = 1, if all the modules at the input side are connected in series.
• γ = α, if all the modules at the input side are connected in parallel.

• γ =
(
1 + α

β

)
, if the modules at the input side are connected in series and parallel.

n∑
j=1

v̂outj = cv̂out (104)

where:

• c = 1, if all the modules at the output side are connected in series.
• c = a, if all the modules at the output side are connected in parallel.

• c =
(
1 + a

b

)
, if the modules at the output side are connected in series and parallel.

6.2.1. Control-to-Output Voltage Transfer Function

The output voltage and the duty cycle relationship is found by summing up Equations in (99),
assuming v̂in = 0, and d̂k = 0, where k = 1, 2, . . . , n and k � j, and substituting (95), (97), (102), (103),
and (104).

Summing Equations in (99):

De f f

K

n∑
j=1

v̂cdj +
Vin
βK

⎛⎜⎜⎜⎜⎜⎜⎝ n∑
j=1

d̂i j +
n∑

j=1

d̂vj +
n∑

j=1

d̂ j

⎞⎟⎟⎟⎟⎟⎟⎠ = sL
n∑

j=1

îL j +
n∑

j=1

v̂outj (105)

De f f

K

n∑
j=1

v̂cdj +
Vin
βK

⎛⎜⎜⎜⎜⎜⎜⎝ n∑
j=1

−βKRd

Vin
îLj +

n∑
j=1

βbRdDe f f

aRVin
v̂cdj + d̂1

⎞⎟⎟⎟⎟⎟⎟⎠ = sL
n∑

j=1

îL j +
n∑

j=1

v̂outj (106)
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De f f

K
γv̂in +

Vin
βK

⎛⎜⎜⎜⎜⎜⎜⎝ n∑
j=1

−βKRd

Vin
îLj +

βbRdDe f f

aRVin
γv̂in + d̂1

⎞⎟⎟⎟⎟⎟⎟⎠ = sL
n∑

j=1

îL j + cv̂out (107)

Simplifying (107) would result in (108).

Gvd =
v̂out

d̂ j
=

Vin
βK (1 + sRcC)

s2LC
(
1 + bRc

R

)
+ s
(

bL
R + RdC

(
1 + bRc

R

)
+ cRcC

)
+

bRd
R + c

(108)

6.2.2. Control-To-Filter Inductor Current Transfer Function

The filter inductor current and the duty cycle relationship is found by using (102) to find the
following equation:

v̂out =
R(1 + sRcC)

sRC + sbRcC + b

a∑
i=1

b∑
j=1

îLi j (109)

Substituting (109) in (107) and considering the same assumptions as in Section 7.2.

Vin
βK

d̂1 −Rd

n∑
j=1

îL j = sL
n∑

j=1

îL j +
cR(1 + sRcC)

sRC + sbRcC + b

n∑
j=1

îL j (110)

Simplifying (110) would result in (111).

Gid =
îL
d̂
=

Vin
βK (b + sRC + sbRcC)

R
(
s2LC

(
1 + bRc

R

)
+ s
(

bL
R + RdC

(
1 + bRc

R

)
+ cRcC

)
+

bRd
R + c

) (111)

6.2.3. Output Impedance

Similarly, as studied in the SSM presented in [39,40], the ISIP-OSOP converter output impedance
can be found by modifying (100), such that:⎧⎪⎪⎪⎪⎪⎪⎪⎨⎪⎪⎪⎪⎪⎪⎪⎩

îL11 + îL21 + · · ·+ îLa1 + îout =
sC

sRcC+1 v̂out1 + v̂out
R

îL12 + îL22 + · · ·+ îLa2 + îout =
sC

sRcC+1 v̂out2 + v̂out
R

...
îL1b + îL2b + · · ·+ îLab + îout =

sC
sRcC+1 v̂outn + v̂out

R

(112)

Summing Equations in (112):

a∑
i=1

b∑
j=1

îLi j =
sC

sRcC + 1
v̂out +

bv̂out

R
− bîout (113)

Accordingly, (100) is modified as follows:

a∑
i=1

b∑
j=1

îLi j = v̂out

(
sRC + sbRcC + b

R(1 + sRcC)

)
− bîout (114)

The output voltage and the output current relationship is found by considering the same
assumptions as in Section 7.2, summing Equations in (99), and substituting (95), (97), (103), (104),
and (114).

Vin
βK

(
−βKRd

Vin

) n∑
j=1

îL j = sL
n∑

j=1

îL j + cv̂out (115)
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−Rd

(
v̂out

(
sRC + sbRcC + b

R(1 + sRcC)

)
− bîout

)
= sL

(
v̂out

(
sRC + sbRcC + b

R(1 + sRcC)

)
− bîout

)
+ cv̂out (116)

Rearranging (116) would result in (117).

Zout =
v̂out

îout
=

b(Rd + sL)(1 + sRcC)

s2LC
(
1 + bRc

R

)
+ s
(

bL
R + RdC

(
1 + bRc

R

)
+ cRcC

)
+

bRd
R + c

(117)

6.2.4. Converter Gain

The output voltage and the input voltage relationship is found by assuming d̂ j = 0 , j = 1, 2, . . . , n,
summing Equations in (99), and substituting (95), (97), (102)–(104) in the added equation.

De f f

K

n∑
j=1

v̂cdj +
Vin
βK

⎛⎜⎜⎜⎜⎜⎜⎝ n∑
j=1

−βKRd

Vin
îLj +

n∑
j=1

βbRdDe f f

aRVin
v̂cdj

⎞⎟⎟⎟⎟⎟⎟⎠ = sL
n∑

j=1

îL j +
n∑

j=1

v̂outj (118)

De f f

K
γ

(
1 +

bRd
aR

)
v̂in = (sL + Rd)

(
v̂out

(
sRC + sbRcC + b

R(1 + sRcC)

))
+ cv̂out (119)

Rearranging (119) would result in (120).

Gvg =
v̂out

v̂in
=

De f f
K γ

(
1 + bRd

aR

)
(1 + sRcC)

s2LC
(
1 + bRc

R

)
+ s
(

bL
R + RdC

(
1 + bRc

R

)
+ cRcC

)
+

bRd
R + c

(120)

6.3. ISIP-OSOP DC-DC Converter SSM Verification

In this section, the generalized multimodule DC-DC converter SSM is verified using three different
models presented in [38–42].

6.3.1. Generalized Model Verification with a Two-Module IPOS DC-DC Converter

The proposed configuration in [38] consists of two modules that are connected in parallel at the
input side, and series, at the output side, where the modules are FB-PS-based DC-DC converters.
In this model, the effect of the ESR Rc is ignored, accordingly, when verifying the model presented
in [34] with the generalized model, Rc should be equated to zero.

By ensuring ICS and OVS, the input current per module is Iin
2 . However, the input voltage per

module is Vin. Regarding the output side, the output voltage per module is Vo
2 . However, the output

current per module is Io. In which, Vin is the IPOS input voltage, Iin is the IPOS input current, Vo is the
IPOS output voltage, and Io is the IPOS output current. Accordingly, the values for the six parameters
that are previously defined are known and shown in Table 2.

Table 2. Values for the six parameters for a two-module Input-Parallel Output-Series (IPOS)
power converter.

Defined Variables

Input Side
α 2
β 1
γ 2 (same as α)

Output Side
a 1
b 2
c 1
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Substituting the six parameters with their values in Equations (109), (112), (117), and (120) and
substituting the ESR Rc with zero in the generalized transfer functions would result in the transfer
functions presented in Table 3.

Table 3. Generalized model verification with the two-module IPOS power converter.

Transfer Functions for Two-Module IPOS DC-DC Converter

Gvd

Vin
K

s2LC + s
(

2L
R

+ RdC
)
+

2Rd
R

+ 1

Gid

Vin
K

(2 + sRC)

R
(
s2LC + s

(
2L
R

+ RdC
)
+

2Rd
R

+ 1
)

Zout
2(Rd + sL)

s2LC + s
(

2L
R

+ RdC
)
+

2Rd
R

+ 1

Gvg

2De f f

K

(
1 +

2Rd
R

)
s2LC + s

(
2L
R

+ RdC
)
+

2Rd
R

+ 1

As can be seen from Table 3, the derived generalized model matches the model presented in [38],
where the Rd term in the above transfer functions is substituted with its equivalence 4 Llk fs

K2 .

6.3.2. Generalized Model Verification with a Three-Module ISOP DC-DC Converter

In this Section, the generalized model is validated with the three-module ISOP power converter
model-derived and presented in [39,40]. The three-module ISOP configuration consists of three
modules that are connected in series at the input side, and parallel at the output side. In this model,
the effect of the ESR Rc is considered, accordingly, when verifying the model presented [39] with the
generalized model, Rc should not be ignored.

By ensuring IVS and OCS, the input voltage per module is Vin
3 . However, the input current per

module is Iin. Regarding the output side, the output current per module is Io
3 . However, the output

voltage per module is Vo. Accordingly, the values for the six parameters that are previously defined
are known and shown Table 4.

Table 4. Values for the six parameters for a three-module Input-Series Output-Parallel (ISOP)
power converter.

Defined Variables

Input Side
α 1
β 3
γ 1

Output Side
a 3
b 1
c 3

Substituting the six parameters with their values in Equations (109), (112), (117), and (120) would
result in the transfer functions presented in Table 5.
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Table 5. Generalized model verification with the three-module ISOP power converter.

Transfer Functions for Three-Module ISOP DC-DC Converter

Gvd

Vin
3K

(1 + sRcC)

s2LC
(
1 +

Rc

R

)
+ s
( L

R
+ RdC

(
1 +

Rc

R

)
+ 3RcC

)
+

Rd
R

+ 3

Gid

Vin
3K

(1 + sRC + sRcC)

R
(
s2LC

(
1 +

Rc

R

)
+ s
( L

R
+ RdC

(
1 +

Rc

R

)
+ 3RcC

)
+

Rd
R

+ 3
)

Zout
(Rd + sL)(1 + sRcC)

s2LC
(
1 +

Rc

R

)
+ s
( L

R
+ RdC

(
1 +

Rc

R

)
+ 3RcC

)
+

Rd
R

+ 3

Gvg

De f f

K

(
1 +

Rd
3R

)
(1 + sRcC)

s2LC
(
1 +

Rc

R

)
+ s
( L

R
+ RdC

(
1 +

Rc

R

)
+ 3RcC

)
+

Rd
R

+ 3

As can be seen from Table 5, the derived generalized model matches the model presented in [39,40].

6.3.3. Generalized Model Verification with a Four-Module ISIPOS DC-DC Converter

In this section, the generalized model is validated with the four-module ISIPOS power converter
model presented in [41,42].

The four-module ISIPOS configuration consists of four modules that are connected in series and
parallel at the input side, and series at the output side. In this model, the effect of the ESR Rc is ignored,
accordingly, when verifying the model presented in [41] with the generalized model, Rc should be
equated to zero.

By ensuring IVS, ICS, and OVS, the input voltage per module is Vin
2 and the input current per

module is Iin
2 . Regarding the output side, the output voltage per module is Vo

4 . However, the output
current per module is Io. Accordingly, the values for the six parameters that are previously defined are
known and shown in Table 6.

Table 6. Values for the six parameters for a four-module Input-Series Input-Parallel Output-Series
(ISIPOS) power converter.

Defined Variables

Input Side
α 2
β 2

γ 2 =
(
1 + α

β

)
Output Side

a 1
b 4
c 1

Substituting the six parameters with their values in Equations (109), (112), (117), and (120) would
result in the transfer functions presented in Table 7.
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Table 7. Generalized model verification with the four-module ISIPOS power converter.

Transfer Functions for Four-Module ISIPOS DC-DC Converter

Gvd

Vin
2K

s2LC + s
(

4L
R

+ RdC
)
+

4Rd
R

+ 1

Gid

Vin
2K

(4 + sRC)

R
(
s2LC + s

(
4L
R

+ RdC
)
+

4Rd
R

+ 1
)

Zout
4(Rd + sL)

s2LC + s
(

4L
R

+ RdC
)
+

4Rd
R

+ 1

Gvg

2De f f

K

(
1 +

4Rd
R

)
s2LC + s

(
4L
R

+ RdC
)
+

4Rd
R

+ 1

As can be seen from Table 7, the derived generalized model matches the model presented in [41,42].

7. Power Balancing in ISIP-OSOP DC-DC Converters

To guarantee stable operation in the presence of parameter variations, a control strategy that
ensures power balancing is essential to provide equal power distribution among the modules. In this
section, the control strategy for each multimodule configuration is studied to ensure IVS, ICS, OVS,
and OCS if needed.

The possible control strategies for the four configurations have been discussed in [45]. According
to the study presented in [45], for input parallel-connected systems, OCS and OVS controllers are
required for IPOP and IPOS DC-DC converters, respectively. However, for input series-connected
systems, IVS and OVS are required for ISOS DC-DC converters, and IVS and OCS are required for ISOP
DC-DC converters. To further illustrate, active power sharing control for input parallel-connected
systems is achieved by designing ICS controllers that achieve OCS and OVS for IPOP and IPOS systems
or by designing OCS controllers for IPOP systems and designing OVS controllers for IPOS systems
that also achieves ICS between the employed modules. However, for input-series connected systems,
IVS controllers are necessary to achieve OVS and OCS for ISOS and ISOP DC-DC converters. However,
in [46], Cross Feedback OCS (CFOCS) has been proposed for ISOP systems to achieve OCS without the
need for IVS controllers, hence simplifying the overall control design. This control strategy has been
tested for a three-module ISOP DC-DC converter considering RC in [40] to achieve IVS and OCS.

Since this paper mainly focuses on multimodule DC-DC converters designed for EV fast chargers,
the control scheme designed for the four DC-DC converters is current-controlled considering an RC
technique that is termed as burp charging or negative pulse charging. This charging technique is based
on applying a short negative pulse or a short discharge pulse during the charging cycle. Such an
algorithm offers significant advantages that can be highlighted in shortening the charging time and
lowering the rise in temperature. Generally, the RC technique consists of three charging sequences,
which are: a positive charging pulse, a rest period where no charging occurs, and a negative charging
pulse or a discharge pulse [47]. Accordingly, the designed control schemes are based on controlling
the filter inductor current of the DC-DC converters such that the output current profile is based on
RC. Consequently, for IPOP and IPOS DC-DC converters, active power sharing is achieved through
controlling the filter inductor currents, as shown in Figure 9a, that accordingly achieves equal output
current distribution for IPOP systems and equal voltage distribution for IPOS systems. However,
active power sharing in the ISOP DC-DC converter is achieved through the CFOCS presented in [40,46]
and shown in Figure 9b, which eliminates the need for IVS controllers and control the output currents
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of the converters. The difference between Figure 9a and b is that, in Figure 9b, the current feedback for
the individual module is the summation of the other two output currents and not its output current.
Unlike the three systems ISOP, IPOP, and IPOS, active power sharing in the ISOS system is achieved
through the use of both IVS and OVS controllers. In other words, the control scheme for the ISOS
DC-DC converter combines the control scheme presented in Figure 9a with an IVS control, resulting in
Figure 9c. To clarify, three IVS controllers are designed for each module to achieve equal input voltage
distribution between the employed modules. In addition, the filter inductor currents are controlled
using a reference current with an RC profile to achieve equal OVS between the modules of the ISOS
converter. Therefore, it can be said that the control scheme presented in Figure 9a is applicable for the
four architectures with slight differences presented in Figure 9b,c.

 

Figure 9. Control schemes for the four DC-DC converters; (a) control scheme used for input
parallel-connected systems; (b) control scheme used for ISOP DC-DC converter; (c) control scheme
used for ISOS DC-DC converter.

7.1. ISOS Control Strategy

In this Section, the ISOS DC-DC converter overall control scheme is examined with the system
parameters presented in Table 8. To test the controller’s power balancing capability when handling
uncertainties, the component parameters for each module are purposely assumed to be different,
as presented in Table 8.

Table 8. Input-Series Output-Series (ISOS) converter parameters.

Parameters First Module Second Module Third Module 3

Overall converter rated power 350 kW
Rated power per module 117 kW

Overall input voltage 10 kV
Input voltage per module 3.3 kV

Overall output voltage 920 V
Output voltage per module 307 V

Modules Number 3
Turns ratio 8.696 : 1 8.152 : 1 7.609 : 1

Leakage inductance 1142.72 μH 1004.35 μH 874.89 μH
Effective duty cycle 0.8 0.75 0.7
Input Capacitance 50 μF 80 μF 60 μF

Output filter inductor 50 mH 60 mH 60 mH
Output capacitance 300 μF 350 μF 300 μF

Load resistance 2.418 Ω
Switching frequency 10 kHz
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Talking about the simulation results, the control scheme presented in Figure 9c for the ISOS DC-DC
converter is examined considering a reference current with a reflex-current profile to the total current
flowing in the filter inductance. The charging pulse is applied, where the charging cycle begins at 0.2 s
and ends at 0.6 s. After that, a rest period for 0.1 s is applied to the total filter inductor current reference
signal. The results shown in Figure 10 demonstrate that the power-sharing controller presented in
Figure 9c compensates for the negative influences resulting from the systems’ parameters mismatch. In
which, the individual filter inductor currents are equally shared between the three modules. Moreover,
the total filter inductor current of the ISOS system follows the reference signal applied based on RC.
It is worth mentioning that the results in this section, as well as the following sections, involve the
number of signals presented in the legend. However, the signals are coincident, meaning that power
balance control is achieved. Consequently, it can be concluded that the control scheme is reliable and
achieves equal power distribution between the modules.

 

 

(a) (b) 

Figure 10. Simulation results for ISOS DC-DC converter: (a) modular filter inductor output currents
and overall output current; (b) a zoomed-in illustration for the modular filter inductor output currents
shown in (a).

7.2. ISOP Control Strategy

The overall control strategy for the ISOP system is examined and presented in [40] considering
parameter mismatch for the three modules and a reference output current profile based on RC.

7.3. IPOP Control Strategy

In this Section, the IPOP DC-DC converter overall control scheme is examined with the system
parameters presented in Table 9. To test the controller’s power balancing capability when handling
uncertainties, the component parameters for each module are purposely assumed to be different,
as presented in Table 9.
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Table 9. Input-Parallel Output-Parallel (IPOP) converter parameters.

Parameters First Module Second Module Third Module 3

Overall converter rated power 350 kW
Rated power per module 117 kW

Overall input voltage 570 V
Input voltage per module 570 V

Overall output voltage 400 V
Output voltage per module 400 V

Modules Number 3
Turns ratio 1.14 : 1 1.069 : 1 1.003 : 1

Leakage inductance 3.712 μH 3.262 μH 2.871 μH
Effective duty cycle 0.8 0.75 0.7
Input Capacitance 50 μF 80 μF 60 μF

Output filter inductor 50 mH 60 mH 60 mH
Output capacitance 300 μF 350 μF 300 μF

Load resistance 0.457 Ω
Switching frequency 10 kHz

For parallel connected systems, active power-sharing control is achieved through directing the
control efforts toward the output filter inductor currents without the need for any additional controllers.
After designing the control scheme for the output filter inductor currents, the input currents are
monitored to ensure that ICS is achieved through OCS. The same reference signal based on RC is
applied to assess the controller scheme shown in Figure 9a. It can be observed from Figure 11 that the
control scheme for the three-module IPOP system can achieve equal power distribution among the
modules under parameter mismatch. In which, the modular input currents, as well as the modular
output currents, are equally shared between the three modules. In addition, the overall filter inductor
current of the IPOP power converter follows the reference signal applied based on RC.

 

Figure 11. Simulation results for IPOP DC-DC converter.

7.4. IPOS Control Strategy

In this Section, the IPOS DC-DC converter overall control scheme is examined with the system
parameters presented in Table 10. To test the controller’s power balancing capability when handling
uncertainties, the component parameters for each module are purposely assumed to be different,
as presented in Table 10.
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Table 10. IPOS converter parameters.

Parameters First Module Second Module Third Module 3

Overall converter rated power 350 kW
Rated power per module 117 kW

Overall input voltage 570 V
Input voltage per module 570 V

Overall output voltage 920 V
Output voltage per module 307 V

Modules Number 3
Turns ratio 1.485 : 1 1.393 : 1 1.299 : 1

Leakage inductance 33.383 μH 29.341 μH 25.559 μH
Effective duty cycle 0.8 0.75 0.7
Input Capacitance 50 μF 80 μF 60 μF

Output filter inductor 50 mH 60 mH 60 mH
Output capacitance 300 μF 350 μF 300 μF

Load resistance 2.421 Ω
Switching frequency 10 kHz

In IPOS, OVS is achieved through controlling the filter inductor currents of each module.
This accordingly achieves ICS between the three modules. The reference signal for the overall filter
inductor current is also based on RC. It can be observed from Figure 12 that the control scheme for the
three-module IPOS DC-DC converter presented in Figure 9a can achieve equal ICS and equal OVS
among the employed IPOS modules. In which, the modular input currents, as well as the modular
output voltages, are equally shared between the three modules. In addition, the overall filter inductor
current follows the same current profile of the reference signal.

 

Figure 12. Simulation results for IPOS DC-DC converter.

8. Conclusions

In recent years, EVs have gained attention because of their significant role in reducing CO2

emissions, minimizing noise pollution, avoiding the high price of fuel, and providing consumers
with more efficient and environmentally friendly EVs. To allow for broader adoption of such EVs,
diminishing the charging process would significantly increase the EV’s efficiency as well as their
utilization. Towards this direction, advanced power electronics technologies are emerging significantly
to achieve high efficiency as well as ensuring extended battery lifetime. Among these power electronics
conversion systems, the DC-DC conversion stage plays a vital role in charging the EV’s battery.
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Consequently, this paper aims to present the four basic architectures for the modular DAB DC-DC
converter with their SSM and control strategy to guarantee uniform power sharing among the modules.
In addition, the main contribution of this paper can be summarized in providing generalized SSM
for any multimodule connection, including ISIP-OSOP configurations to support in the design of
the DC-DC stage control. In other words, the dynamic behavior of such multimodule converters is
studied using the SSM to develop a generalized dual series/parallel input-output dual active bridge
SSM applicable for EVs. The provided model is verified with three different models presented in the
literature, which are: two-module IPOS converter, three-module ISOP converter, and four-module
ISIPOS converter. Moreover, to assess the effectiveness of the control schemes, simulation results are
presented where parameter mismatch is introduced between the modules to ensure power balancing
in the overall converter system.
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Abbreviations

EVs Electric Vehicles
UFC Ultra-Fast Charging
UF-EVC Ultra-Fast EV Charging
SoC State-of-Charge
DAB Dual Active Bridge
DHB Dual Half Bridge
ISOS Input-Series Output-Series
IPOP Input-Parallel Output-Parallel
ISOP Input-Series Output-Parallel
IPOS Input-Parallel Output-Series
SSM Small-Signal Model
ISIP-OSOP Input-Series Input-Parallel Output-Series Output-Parallel
FB-PS Full-Bridge Phase-Shift
ISIPOS Input-Series Input-Parallel Output-Series
RC Reflex Charging
IVS Input Voltage Sharing
OVS Output Voltage Sharing
ICS Input Current Sharing
OCS Output Current Sharing
ESR Equivalent Series Resistance
CFOCS Cross Feedback Output Current Sharing
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Abstract: The performance of lithium-ion batteries will inevitably degrade during the high frequently
charging/discharging load applied in electric vehicles. For hybrid electric vehicles, battery aging not
only declines the performance and reliability of the battery itself, but it also affects the whole energy
efficiency of the vehicle since the engine has to participate more. Therefore, the energy management
strategy is required to be adjusted during the entire lifespan of lithium-ion batteries to maintain
the optimality of energy economy. In this study, tests of the battery performances under thirteen
different aging stages are involved and a parameters-varying battery model that represents the battery
degradation is established. The influences of battery aging on energy consumption of a given plug-in
hybrid electric vehicle (PHEV) are analyzed quantitatively. The results indicate that the variations of
capacity and internal resistance are the main factors while the polarization and open circuit voltage
(OCV) have a minor effect on the energy consumption. Based on the above efforts, the optimal energy
management strategy is proposed for optimizing the energy efficiency concerning both the fresh and
aging batteries in PHEV. The presented strategy is evaluated by a simulation study with different
driving cycles, illustrating that it can balance out some of the harmful effects that battery aging can
have on energy efficiency. The energy consumption is reduced by up to 2.24% compared with that
under the optimal strategy without considering the battery aging.

Keywords: battery aging; plug-in electric vehicles; energy management; global optimization; state of
health; particle swarm algorithm; genetic algorithm

1. Introduction

With the deepening of environmental deterioration and energy crisis issues, developing high
efficient and clean automobiles has been recognized as a matter of global significance [1]. In the
recent years, electric vehicles (EVs) are widely recognized as the development tendency of automobile
industries all over the world [2,3]. The benefits of EVs highly depend upon the onboard high-capacity
battery pack that can be recharged by the power grid. The frequently discharge/charge cycles during
the vehicular utilizations will inevitably cause the degradation of the power battery [4]. Battery aging,
which implies a complex electrochemical evolution process of the gradually loss of lithium inventory
and active material, has been fully discussed in many literatures [5,6]. In order to monitor the battery
health condition and improve the battery performance, many efforts have been exerted on estimation of
the battery state of health (SOH) or remaining useful life (RUL) [7–9]. However, battery aging not only
influences the performance of the battery itself, but it also has an impact on the vehicle performance,
like reducing maximum power, driving range, energy economy, etc., of the vehicle. Especially in
hybrid electric vehicles (HEVs), battery aging will seriously affect the overall energy efficiency since the
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engine has to contribute more power than expected, resulting in the increased energy consumption and
emissions. Therefore, the energy management strategy should be adjusted to maintain the optimality
during the entire lifespan of lithium-ion batteries.

Energy management strategy (EMS) is integral part of improving the fuel economy of both the
traditional HEVs and plug-in hybrid electric vehicles (PHEVs), which have drawn attentions from
many researchers [10–13]. Nevertheless, the current studies mainly focus on the optimization methods
towards how to maximize the hybrid system’s advantages, without enough concerns of the impacts
of battery aging. Normally, the existing methods of EMS can be divided into two categories: the
rule-based method and the optimization-based method. The rule-based strategies mainly depend
upon some predefined control rules, containing deterministic rules and fuzzy logic rules, to operate
the power units at high efficiency [14]. For example, Gao et al. [15] proposed a deterministic rule-based
energy management strategy for PHEV focused on all electric range and charge depletion range
operations, which has been verified by an example passenger car in a typical urban driving cycle;
Schouten et al. [16] presented a fuzzy logic-based energy management strategy to improve the fuel
economy of the parallel hybrid electric vehicle; Ali et al. [17] proposed a fuzzy logic control for electric
vehicles, the presented method can achieve an efficient and fast-charging of the lithium-ion batteries.
The rule-based strategies have been widely used in real-time control because they are simple, easy to
be online implemented, and have good robustness.

The optimization-based strategies are designed to achieve the optimal control performance
by using advanced optimization algorithms, such as dynamic programming (DP) [18,19], genetic
algorithm (GA), particle swarm optimization (PSO) [20], etc. These algorithms adopt a common cost
function, namely, to minimize the fuel consumption (or maximum the fuel conversion efficiency) of the
vehicle during a certain time horizon. For example, Larsson et al. [21] investigated the DP-based energy
management strategy to minimize the fuel consumption of a hybrid electric vehicle and discussed
how much computational demand can be reduced. The drawback of these global optimization
algorithm-based strategies is that they can barely be implemented in real-time control due to their
dependence on an a priori known speed profile. Therefore, they are often implemented offline as a
reference or a benchmark for other algorithms [22]. In addition, there is another kind of optimization
approach, namely, the instantaneous minimization algorithm, which is to minimize the cost function at
each time step. Most representative one of this kind is equivalent consumption minimization strategy
(ECMS). Although ECMS can only provide a near-optimal solution, it can be implemented online
because it does not rely on an a priori known speed profile. The specific descriptions about ECMS can
be found in References [23–26].

The above investigations have achieved a great progress of resolving the energy management
issues; however, most of these studies are based on the characteristics of the fresh battery. Although
the battery aging induces a significant impact on energy consumption, it is still unknown how much
the extra energy consumption can be caused by the battery aging in PHEVs and there are few studies
to deal with battery aging from the perspective of energy management. In this study, we expect to
reveal the maximum influence that battery aging can produce on the vehicle energy consumption and
to present a global optimal control strategy over the entire lifespan of onboard batteries. The main
target of the presented strategy is to maintain the optimal energy efficiency even after the serious aging
of the battery and partially compensate for the negative impact of battery aging from the system level.
The remainder of this paper is organized as follows: the model, energy management scheme and
optimization method for PHEVs concerning the impacts of battery aging are described in Section 2; the
battery model and the mathematical expression of the aging characteristics are proposed in Section 3;
the impacts of the battery aging on energy consumption and the results of the EMS are illustrated in
Section 4 while the conclusions are summarized in Section 5.
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2. Energy Management Strategy

2.1. Problem Formulation

Figure 1 shows the power system of PHEV with a serious topology, in which the battery pack is
the main onboard energy storage system (ESS) to provide the power load of the electric motor and an
engine generator group is used as the assistance power unit (APU). The electric motor drives the front
axle of the vehicle through an automatic mechanical transmission (AMT). The electrical power demand
of the motor is split between the ESS and APU, as commanded by the energy management system.
The parameters of these main components and the modeling have been described in our previous
research presented in Reference [27,28], that is the foundation of this paper.

 

Figure 1. The structure diagram of plug-in hybrid electric vehicles (PHEV) power system.

The energy management issue is described as finding the optimal power allocation for minimizing
the cost function while meeting the constraints. The objective function is minimizing the energy
consumption during a certain driving cycle, described by

Minimize : J(u) = ΦB +
N∑

k=1

{
υ f uelPE(k)Δt

}
(1)

where u denotes the control policy, ΦB is the cost of electricity, N is the total number of steps, PE is the
engine power, υfuel is the price of fuel (CNY-¥/kWs), t0 and tf denote the time at the beginning and
ending the driving cycle, respectively, t denotes the discrete time instant, t = t0 + kΔt, k = 1,2,...,N.

For a certain driving condition, the electricity consumption is directly calculated according to the
total battery power consumption, described by

ΦB = υelec · ΔEBatt

= υelec ·
N∑

k=1
{PBatt(k)Δt}
ηb

;
(2)

in which

ηb =

⎧⎪⎨⎪⎩ ηdischa at discharging
1
ηcha

at charging

where ΔEBatt is the battery electricity consumption, υelec is the price of electricity (CNY-¥/kWs), PBatt is
power of the battery, ηb is the efficiency of the battery, ηcha and ηdischa denote the efficiencies at charging
and discharging, respectively.

If the battery aging is not considered, the cost function is only impacted by the power allocation.
Thus, the control variable can be defined as u = [PE(k) PBatt(k)]T. The optimization problem is to find
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out the optimal u* to minimize the above cost function. To ensure the optimization results conform to
feasible solutions, the control variable is subject to some constraints below.

PBatt,min(z(k)) ≤ PBatt(k) ≤ PBatt,max(z(k)) (3)

0 ≤ PE(k) ≤ PE,max (4)

ϕ1 ≤ z(k) ≤ ϕ2 (5)

where PBatt,max and PBatt,min are power limitations of the battery pack, PE,max is the maximum power
of the engine, ϕ1 and ϕ2 are limitations of battery state of charge (SOC).

Based on the power balance relation, equality constraints are given as:

PReq(k) = PE(k)ηAPU + PBatt(k)ηBatt (6)

in which

ηBatt =

⎧⎪⎪⎨⎪⎪⎩ ηdisηInv, i f PBatt(k) ≥ 0
1

ηchgηInv
, i f PBatt(k) < 0

where PReq is the power demand of the electric motor, ηAPU and ηBatt are efficiencies of APU and battery
system, respectively, ηdis is the discharging efficiency of battery, PBatt is positive while the battery is
discharging and negative while the battery is charging.

In addition, the battery SOC at the initial time of the optimization horizon should be pre-set by

z(t0) = z0 (7)

where z0 is initial SOC of the battery pack.

2.2. Control Strategy

The above model describes the basic mathematical problems of energy management issue, but in
practice, we still need to consider the influence of aging on the model. Therefore, in the design of
control strategy, battery aging characteristics are taken into account. For convenience of description,
here we simply use the SOH (defined as the ratio of the current maximum capacity and the nominal
capacity) to describe the different state of battery aging. The more specific parameters variations
and the mathematical expression of the battery aging model will be further discussed in Section 3.
Figure 2 shows the flow chart of the presented EMS. The blended control strategy [29] is used for power
allocation, where the total power demand is split between the lithium battery pack and APU according
to the control rules described below. To clearly illustrate the control algorithm, two thresholds are
given at first, namely δ1 and δ2, where the δ1 denotes the high SOC level threshold and δ2 denotes the
low SOC threshold. If the battery SOC ≥ δ1, the battery will provide as much power to supply the
load requirement; in this case, the optimization is not required. When battery SOC drops below the δ1,
the control algorithm is given as below.
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Figure 2. The schematic diagram of energy management strategy.

(1) When battery SOC is higher than the low threshold (SOC ≥ δ2),

PE= max
{
ψE,

Preq − PBatt_max(z, SOH)ηBatt

ηAPU

}
(8)

in which

ψE =

⎧⎪⎪⎪⎪⎪⎨⎪⎪⎪⎪⎪⎩
Pσ, if

Preq
ηAPU

∈ (PH, PE_max]

Popt, if
Preq
ηAPU

∈ (PL, PH]

0, if
Preq
ηAPU

∈ [0, PL]

(9)

where Popt denotes the power of engine at its highest efficiency point, PL and PH are two thresholds to
define a high efficiency range of the engine. Pσ denotes the power demand of the engine that needs to
be optimized.

The maximum output power of the battery pack is treated as a function of battery SOC and SOH,
and is calculated by a discrete solving process [30]:

PBatt_max,k(z, SOH) = nBatt ·Utmin

⎧⎪⎪⎪⎨⎪⎪⎪⎩ OCV(zk−1, SOHk−1) −Up,k −Utmin

Δtηbatt
QBatt(SOHk−1)

∂OCV(z)
∂z

∣∣∣z=zk−1 + R0(zk−1, SOHk−1)

⎫⎪⎪⎪⎬⎪⎪⎪⎭ (10)

where nBatt is the number of the cells that contained in the lithium battery pack, Utmin is lower cut-off
voltage, z denotes the battery SOC.
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(2) When SOC is quite low (SOC < δ2), the battery pack stop discharging and the engine provides
the power demand:

PE = max
{

0,
Preq

ηAPU

}
(11)

2.3. Optimization Algorithm

The power demands from the typical driving cycles are used as the input of the program,
which are the foundations of the model simulation and the energy management implementation.
The optimization is conducted by the PSO algorithm. There are three control coefficients (two thresholds
and one power demand) that required to be determined, expressed by

X = [PH PL Pσ] (12)

where X denotes the particle position in PSO algorithm.
The PSO algorithm is offline implemented with varying battery aging condition to do the

optimization. The numerical processing of the PSO algorithm is described in Reference [27]. The scale
of the particle swarm M = 60, the maximum iteration steps Np = 1000. For each particle i, the velocity
and position are updated according to the following expression:⎧⎪⎪⎨⎪⎪⎩ Vi(k + 1) = wVi(k) + c1r1

(
Pi(k) −Xi(k)

)
+ c2r2

(
Gi(k) −Xi(k)

)
Xi(k + 1) = Xi(k) + Vi(k)

(13)

where w is inertia factor, r1 and r2 denote two random values, r1, r2 ∈ (0, 1), c1 and c2 are weight
coefficients, Pi denotes the best position of the particle i amongst the historical iterations, Gi denotes
the best position within a certain neighborhood at the current iteration step.

Once the optimal X is obtained, the control policy u = [PE, PBatt]T can be further deduced based
on previous blended strategy, denoted as u = f (X). It should be noticed that all these coefficients in X
are treated as functions of SOH since the parameters-varying battery aging model has been adopted to
replace the conventional battery model.

Thus, the optimal control policy is obtained by

u∗ =
[

PE

PBatt

]
= f (X∗(SOH)) (14)

It should be noted that the presented algorithm is using PSO to offline optimize the control
policy under different aging condition and can be used in online implementation by a look-up table
method. However, to implement the presented algorithm in real-time control, we need the battery
management system (BMS) hardware to provide the online estimation of the current SOH and SOC
information. Accurate estimations [31–34] are the premise guarantee for this method improving the
energy economy improvement.

3. Impacts of Battery Aging

The battery performance parameters will be notably changed after the battery is seriously aged,
resulting in the influences of the total hybrid power sources and the optimal control policy. In order
to establish a global optimal strategy, it is necessary to dynamically adjust the control parameters
as the battery ages. Physical methods like X-ray diffraction and scanning electron microscopy are
very useful to analyze the aging mechanism of the battery [35], but they are not suitable for onboard
energy management application. In this section, the mathematical expression of the battery aging
characteristics is presented and the parameters-varying aging model of lithium battery is used to
incorporate the battery aging into the EMS design.
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3.1. Modeling

Here an equivalent circuit model, namely the first-order RC model, is employed to mimic the
basic electrical behavior of the battery, as shown in Figure 3. The parameters in the model are treated
as functions of battery SOC and SOH. In this study, the inconsistency of single cells is neglected and
the battery SOC is supposed to be known correctly. SOH is described by

SOH =
QBatt

QBatt_new
× 100% (15)

where QBatt is the maximum capacity of the battery at current, QBatt_new is the nominal capacity of
the battery.

The parameters in this model are considered as functions of both SOH and SOC, described as

Ut(k) = Uoc(z, SOH) −ϕB(k)R0(z, SOH) −Up(k) (16)

Up(k) = Up(k− 1)e
−Δt

τ(z,SOH) + ϕB(k− 1)Rp(z, SOH)(1− e
−Δt

τ(z,SOH) ) (17)

ϕB(k) =
PB(k)
Ut(k)

(18)

where Ut is the terminal voltage, Uoc is the open circuit voltage (OCV), Up is the voltage of the RC
network, Rp and τ are resistance and time constant of RC network, respectively, PB is the battery output
power, ϕB is the battery current, R0 is the internal resistance.

The maximum output power of the battery pack is treated as a function of battery SOC and SOH,
and is calculated by a discrete solving process:⎧⎪⎪⎪⎪⎪⎪⎪⎪⎪⎪⎪⎨⎪⎪⎪⎪⎪⎪⎪⎪⎪⎪⎪⎩

Idis
max =

Uoc(zk)−Up1,k+1−Up2,k+1−Ut,min
ηcΔt

Caged

∂Uoc(z)
∂z

∣∣∣z=zk +Rdis

Ichg
min =

Uoc(zk)−Up1,k+1−Up2,k+1−Ut,max
ηcΔt

Caged

∂Uoc(z)
∂z

∣∣∣z=zk +Rchg

SoPdis = nsnp
(
Idis
maxUt,min

)
SoPchg = nsnp

(
Ichg
maxUt,max

)
(19)

where np and ns are the parallel number and series number of the cells that contained in the lithium
battery pack, Utmin is lower cut-off voltage.

Figure 3. Diagram of the first order RC model.
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3.2. Exprimental Study

The above model includes parameters that are related to battery SOH. In this study, we totally
use thirteen 18650-type LiFePO4 lithium cells to conduct the aging tests, in which each cell is cycled
to a different aging stage under room temperature. Then we test the cell characteristics under urban
dynamometer driving schedule (UDDS) to provide dataset of the battery behaviors in different aging
conditions. The UDDS voltage/current profile is provided in Section 5. In this section, we use the test
data of four typical cells (denoted as No.1~4) to illustrate the method and propose the mathematical
expression. The capacity and the corresponding SOH of these four cells are summarized in Table 1.
The test battery parameters are given in Table 2.

Table 1. The aging conditions of the four cells.

Battery Number 1 2 3 4

Capacity 1.299 1.217 1.158 1.071

SOH 96.21% 90.13% 85.76% 79.34%

Table 2. Specifications of the test cells.

Parameters Value

Nominal capacity/Ah 1.35
Nominal voltage/V 3.2

Temperature range/◦C −20–60
Charge cut-off voltage/V 3.65

Discharge cut-off voltage/V 2.5
Internal resistance/mΩ 33

3.3. Mathematical Expression

For better application in EMS, we further establish the mathematical expression of the model
parameters. The method contains the following two steps.

• Step 1: Test data are divided into many small data segments ranging from SOC = 0.1 to SOC = 1.0;
GA is implemented to optimize the model parameters at each data segment. The programming of
GA has been introduced in Reference [28], so it is not reproduced here for brevity. Optimization
objective is to find the best parameters ρ(j)= [Uoc

(j), R0
(j), Rp

(j), τ(j)] to minimize the model error at
each segment j. The results are shown in Figure 4.

• Step 2: Mathematical expression. From the results, we found Uoc and R0 have clear
correspondences with SOC under each SOH condition, but Rp and τ show fluctuate with
some certain value. Thus, Uoc and R0 at the entire SOC range are further fitted by the following
continuous polynomials while Rp and τ are replaced by their mean value

⎧⎪⎪⎪⎪⎪⎪⎪⎨⎪⎪⎪⎪⎪⎪⎪⎩
Uoc(z) = a1z3 + a2z2 + a3z + a4 + a5 exp(− a6

z )

R0(z) = b1z4 + b2z3 + b3z2 + b4z + b5

Rp =
∑

Rp
( j)

n

τ =
∑
τ( j)

n

(20)

where a1–a6 and b1–b5 are coefficients, n is the total number of segments.
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Figure 4. Identification results on data segments of four cells: (A) open circuit voltage (OCV); (B) internal
resistance; (C) time constant; (D) resistance of RC network.

Based on the above expressions, GA is carried out once again to perform the identification of
parameters on the entire SOC range under each aging condition. The coefficients for GA to optimize
are rewritten as

ρ(SOH) = [a1, a2, . . . , a6, b1, b2, . . . , b5, Rp, τ] (21)

in which a1,..., a6, b1,..., b5 are subject to{
ai ∈ [ai,min, ai,max], i = 1, 2, . . . . , 6
bj ∈ [bj,min, bj,max], j = 1, 2, . . . . , 5

where ai,min, ai,max, bj,min, and bj,max are limitations of the coefficients’ boundary.

4. Results and Analysis

4.1. The Impacts of Battery Aging

Figure 5 shows the results of electrical behaviors and the parameter variations of the batteries
under thirteen aging stages (from the fresh to deep aged battery). It can be seen that the internal
resistance increases significantly with the deep aging of the battery, however, the polarization internal
resistance and polarization capacitance do not show obvious change regulations. The varying battery
parameters are used to design the control parameters in optimal EMS; therefore, the EMS can be
adaptive to the battery aging process according to the current SOH value. The results of the parameters
in aging expression are provided in Table 3. The driving cycles of UDDS and Extra Urban Driving
Cycle (EUDC) are used to assess the increased energy consumption induced by the battery aging.
Compared with the fresh battery, the deep aged battery (SOH = 79.34%) cause extra energy cost of
15.19% and 14.28% under UDDS and EUDC, respectively.
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Figure 5. Aging characteristics of batteries under thirteen different states of health (SOH) conditions:
(A,B): test results of battery voltages and currents under urban dynamometer driving schedule (UDDS)
driving cycles; (C–F): the varations of the battery parameters caused by the aging.

Table 3. Battery model parameters under the varying SOH phases.

SOH τ Rp(mΩ) b1 b2 b3 b4 b5 a1 a2 a3 a4 a5 a6

96.21% 52.1 69.9 0.1 −0.4 0.55 −0.31 0.12 −3.1 50.0 3.14 0.61 −0.84 0.44
93.28% 49.7 57.0 1.8 −3.9 2.88 −0.89 0.22 26.8 73.0 3.12 0.69 −0.99 0.52
91.60% 42.7 56.3 1.4 −2.8 1.89 −0.56 0.20 −475 475 3.17 0.54 −0.85 0.51
90.13% 51.2 70.2 0.3 −0.8 0.69 −0.29 0.18 301.9 310.1 3.12 0.74 −1.09 0.59
89.40% 52.1 68.2 0.6 −1.5 1.29 −0.51 0.14 −498.0 116.7 3.12 0.70 −1.0 0.53
88.60% 51.7 78.4 0.3 −0.7 0.53 −0.22 0.22 479.9 138.0 3.13 0.67 −0.99 0.55
88.05% 48.5 75.5 0.2 −0.6 0.55 −0.27 0.16 −475 139.9 3.13 0.65 −0.94 0.51
87.38% 50.1 71.5 0.2 −0.6 0.62 −0.31 0.25 483.5 145.9 3.13 0.64 −0.92 0.49
85.73% 49.8 72.2 0.2 −0.3 0.14 −0.07 0.12 10.5 72.3 3.12 0.69 −1.01 0.55
84.56% 49.1 75.3 0.4 −1.0 0.90 −0.37 0.17 4.7 54.6 3.1 0.79 −1.18 0.63
82.61% 46.7 72.7 0.6 −1.4 1.24 −0.49 0.19 0.8 41.5 3.1 0.78 −1.14 0.61
81.26% 53.6 69.5 0.4 −0.9 0.73 −0.27 0.24 1.2 51.0 3.12 0.69 −1.02 0.55
79.34% 55.7 66.4 −0.3 0.4 0.07 −0.18 0.29 270.3 356.8 3.12 0.71 −1.03 0.54

For ease of designing the adaptive control algorithm, we wish to find out the main parameters
(among the multiple battery parameters) that contribute the most to energy consumption. Therefore,
the specific impacts of each battery aging parameters on increased consumption cost are further
analyzed, in which the percentage of cost increment is calculated. The results are shown in Figure 6.
The results illustrate that the capacity loss and resistance increase are the main factors leading to
the increase of energy consumption. The capacity degradation accounts for up to 10.24% of the
aging-caused energy cost while the internal resistance accounts for up to 6.42% of the aging-caused
energy cost. On the contrary, the influences of OCV and RC items are minor (less than 0.29%) and can
be neglected.

462



Energies 2020, 13, 2543

Figure 6. Specific impacts of battery aging on vehicle energy cost: (a) simulation at Extra Urban Driving
Cycle (EUDC); (b) simulation at UDDS driving cycle.

4.2. Energy Consumption

To evaluate the effectiveness of the proposed energy management strategy (denoted as Strategy
A), another energy management strategy (denoted as Strategy B) is employed in the following to
make a comparison study. Two strategies are implemented with same driving conditions. The two
strategies are based on the same control algorithm and optimization process. The only difference is
that the impacts of battery aging are not considered in Strategy B while the varying control parameters
enable the Strategy A to be adaptive to the battery aging process according to the current SOH value.
The simulation conditions are provided as follow. The prices of fuel and electricity are 5.86 CNY-¥/L
and 0.82 CNY-¥/kWh, respectively, the thresholds δ1 and δ2 are set as 0.5 and 0.2, respectively. Since the
optimization is not implemented when SOC ≥ δ1, the initial SOC in this study is set as 0.5. The impact
of temperature is neglected in this simulation.

The comparison results of the energy cost from two strategies are summarized in Tables 4 and 5.
The optimal energy cost is enhanced by up to 15.19% in UDDS driving cycle and 14.28% in EUDC
driving cycle when SOH changes from 96.21% to 79.34% if the battery aging is not concerned in
energy management (Strategy B). Without replacing the aging battery pack, using the presented energy
management strategy can reduce the effect of battery aging to some certain extent. The energy cost is
decreased by up to 2.24% both in UDDS driving cycle and in EUDC driving cycle compared with the
strategy without considering the battery aging. The detailed simulation results of power allocation in
UDDS driving cycle are shown in Figure 7.

Table 4. Comparison on cost functions of two strategies: with the case of UDDS.

SoH
Driving Distance: 50 km Driving Distance: 100 km

Strategy A Strategy B Reduction Strategy A Strategy B Reduction

96.21% 13.16 13.16 – 32.95 32.95 –
90.13% 13.75 13.90 1.08% 33.63 33.83 0.59%
85.76% 14.13 14.34 1.46% 34.05 34.38 0.96%
79.34% 14.82 15.16 2.24% 34.90 35.38 1.36%
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Table 5. Comparison on cost functions of two strategies: with the case of EUDC.

SoH
Driving Distance: 50 km Driving Distance: 100 km

Strategy A Strategy B Reduction Strategy A Strategy B Reduction

96.21% 13.30 13.30 – 33.26 33.26 –
90.13% 13.86 14.02 1.14% 33.84 34.08 0.70%
85.76% 14.23 14.41 1.25% 34.22 34.52 0.89%
79.34% 14.86 15.20 2.24% 34.91 35.40 1.38%

Figure 7. Simulation results in UDDS (50 km): (A) Battery power of healthy battery; (B) battery power
of aging battery with Strategy B; (C) battery power of aging battery with Strategy A; (D) engine power
of healthy battery; (E) engine power of aging battery with Strategy B; (F) engine power of aging battery
with Strategy A; (G) SOC trajectory; (H) energy cost.

Figure 7A–C show the apparently fade of maximum battery power. When battery is deeply aging,
the battery performance is influenced, resulting in an improper energy management result. Therefore,
adjusting the energy management parameters at varying battery SOH is necessary. The battery
power in Strategy A is properly reduced and well-distributed compared with that in Strategy B.
From Figure 7D–F show the engine power distribution. The engine power in Strategy B becomes very
large near the terminal of the trip leading in a low efficient performance. This is because the battery
energy is insufficient near the end of the trip, see Figure 7G. The battery SOC in Strategy B drops to
bottom earlier than that in Strategy A, and then the higher cost power from the engine supply the
power demand. On the contrary, the SOC trajectory in Strategy A has a good agreement with that
of health battery. The optimal cost of Strategy A at the terminal of trip is decreased effectively in
comparison with Strategy B. Similar analysis results can also be found in Figure 8. When trip length
is long, the impact of battery aging tends to be minor because the energy cost from engine system
(gasoline) occupies a larger proportion than that of short trip length. Although the battery aging cannot
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be eliminated through the energy management approach, a proper design of energy management
strategy can partly reduce its negative impacts on energy cost of the PHEV.

Figure 8. Simulation results in UDDS (100 km). (A) Battery power of healthy battery; (B) battery
power of deeply aged battery with Strategy B; (C) battery power of deeply aged battery with Strategy
A; (D) engine power of healthy battery; (E) engine power of deeply aged battery with Strategy B;
(F) engine power of deeply aged battery with Strategy A; (G) results of SOC; (H) energy cost.

5. Conclusions

In this study, the battery behaviors under 13 different aging conditions are investigated
experimentally, based on which, an aging-conscious battery model is proposed for energy management
application. The optimal control strategy is then proposed for PHEVs energy management against the
impact of battery aging. The presented control strategy can achieve the optimal control performance
over the entire battery lifespan based on the PSO algorithm. The quantitative impact of battery aging on
the energy consumption has been revealed, indicating that the capacity and internal resistance are the
main factors that cause the extra energy cost. The presented energy management strategy is evaluated
and analyzed by a simulation study under two typical driving cycles. The results indicate that the
energy cost of PHEV can be increased by up to 15.19% due to the battery aging. The aging-conscious
energy management can balance out some of the harmful effects that battery aging can have on energy
efficiency. Compared with the strategy without considering the battery aging, the presented strategy
can reduce the aging-induced energy consumption by up to 2.24% at certain driving condition.
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Abstract: Volatility in energy markets has made the purchase of battery electric vehicles (BEV) or hybrid
vehicles (HEVs) attractive versus internal combustion engine vehicles (ICEVs). However, the total
cost of ownership (TCO) and true environmental effects, are difficult to assess. This study provides
a publicly available, user-driven simulation that estimates the consumer and environmental costs
for various vehicle purchase options, supporting policymaker, producer, and consumer information
requirements. It appears to be the first to provide a publicly available, user interactive simulation that
compares two purchase options simultaneously. It is likely that the first paper to simulate the effects
of solar recharging of electric vehicles (EV) on both cost-benefit for the consumer and environmental
benefit (e.g., carbon dioxide, oxides of nitrogen, non-methane organic gasses, particulate matter,
and formaldehyde) simultaneously, demonstrating how, as an example, solar-based charging of BEVs
and HEVs reduces carbon emissions over grid-based charging. Two specific scenarios are explicated,
and the results of show early break-even for both BEV and Plug-in HEV (PHEV) options over ICEV
(13 months, and 12 months, respectively) with CO2 emissions about 1/2 that of the gasoline option
(including production emissions.) The results of these simulations are congruent with previous
research that identified quick break-even for HEVs versus ICEV.

Keywords: simulation; electric vehicles; battery electric vehicles; plug-in hybrid

1. Introduction

This study provides an analysis of both, environmental and total cost of ownership (TCO)
estimates for vehicle capabilities identified by user input in a publicly available simulation (available in
Supplementary materials). The simulation focuses on capability, not necessarily an existing vehicle
type. Located here https://rminator.shinyapps.io/Vehicles/, the simulation was built to address the
necessity for publicly-available TCO tools that compare different vehicle types, as well as environmental
conditions. The next sections highlight the necessity for this analysis, environmental motivations
for vehicle purchases, previous TCO analyses of EVs, consumer decision-making regarding EVs,
modeling considerations, and this study’s significance, as well as location in the literature.

1.1. Necessity for Total Cost of Ownership Analysis

With the volatility of gasoline and electrical prices [1], the purchase of battery electric vehicles
(BEV) or hybrid vehicles has become an attractive option to some [2], but understanding the actual
total costs of ownership (TCO) associated with such a purchase, as well as environmental concerns
requires analysis The metrics “miles per gallon” or “kilometers per liter” are not appropriate for
electric vehicles (EVs), which underscores that the consumer understanding of EVs and energy costs
is often incomplete [3]. When conducting a cost-benefit analysis of potential options, the analysis of
EVs must include both cost to the consumer and cost to the environment, as well as performance
and re-charging [4]. The automobile industry must evaluate and compare the costs and the demand
trade-offs from a consumer perspective to ensure that the engineering of sustainable products meets
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consumer requirements [5,6]. The bottom line is that there is a necessity for consumers to understand
the TCO as well as environmental considerations.

1.2. Environmental Considerations

EVs may provide a partial solution to the growing efforts to reduce carbon emissions and improve
the environment [7]. One study suggested that they could reduce Global Warming Potential (GWP) by
15%, carbon monoxide (CO) by 37%, and carbon dioxide by 14% [8]. As part of any energy efficiency
analysis, emissions, costs, and demand trade-offs [9] and geographic location need to be evaluated,
because the efficacy of energy-efficient technology varies across regions [10], just as emissions vary
with economic growth, population density, urbanization, fixed capital investment, and technological
adoption [11]. The adoption of a BEV powered by photovoltaic systems (PVS) may be cost-effective and
would reduce greenhouse gas (GHG) emissions [12]. Of course, TCO is just as important to consumers
as environmental impact.

1.3. TCO of EVs

Most ownership and total cost of ownership (TCO) studies of BEV and hybrids are relatively
recent, due to the emergence of the relevant technology [7]. One study developed a model of the
performance, energy use, manufacturing cost, retail cost, and lifecycle cost of BEVs versus comparable
gasoline-powered vehicles [13]. This study found that BEVs were cost-competitive, but the battery
life and manufacturing costs were concerns. In another study, a vehicle cost simulation was used to
analyze the manufacturing costs, retail prices, and lifecycle costs of hybrid gasoline-electric vehicles,
conventional vehicles, electric-drive vehicles, and other alternative-fuel vehicles [14]. However,
the research is dated. This study uses methods like the previous studies but updates the analysis
with newer data in a publicly available format. Another study indicated that hybrid vehicles were
better than gas-powered vehicles in terms of life-cycle costs and high travel miles [15]. Palmer et al.
used panel regression to compare life-cycle costs for four geographic location. The authors did not
forecast energy costs or consider seasonality. The vehicle data were also dated [16].

One study focused on the battery performance impact on TCO. This study found that TCO for EVs
and PHEVs was 24 to 36% higher than HEVs [17]. Another study found that HEVs were associated
with lower TCO in comparison with other EVs [18]. The purchase of hybrids is correlated with their
TCO, and cost parity is reached relatively quickly (e.g., 16 months in the United Kingdom) [16]. Further,
consumers prefer PHEVs to HEVs, with only a few percent opting for pure EVs [19].

A 2018 study demonstrated that, with proper policy incentives, TCO was better for EVs than than
HEVs [20]. This study suggests that even without subsidies, EVs will gain market share by 2025 [20].
EVs are cost competitive without incentives now. However, incentives for purchase should be tailored
based on battery development [21,22]. Further, grid-powered EVs (and PHEVs) may have deleterious
effects on the grid [23,24] and produce unwanted pollution due to the reliance on grid power [25].
A solution for handling this problem is the use of solar charging for EVs [26]. Such a solution has been
used in both industry [26] and in residences [27]. Fulton [28] compared specific BEV and non-plugin
hybrids via simulation estimating that both were reasonable options. None of these studies provided a
publicly available simulation with flexible parameters that compared break-even costs for gasoline
vehicles, BEV, and non-plug hybrid vehicles.

Another, somewhat dated German study comparing ownership cost of BEV versus gas vehicles
concluded a break-even cost of six years with 4 kW vehicles [29]. However, studies all depend
on geography and climate assessments, as BEVs and HEVs experience different decay rates for the
lithium ion batteries, based on climatology and driving experience [30]. Based on this discussion,
the evidence for BEVs versus PHEVs is mixed. What motivates consumers to buy either is another
concern altogether.
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1.4. Consumer Decision Making in Vehicle Purchasing

Marketing studies have investigated consumer preferences and BEV viability [31]. Shin et al.
evaluated how consumers would change habits based on the adoption of a BEV and how heterogeneity
of vehicles might affect the market [32]. He, Chen and Conzelmann evaluated vehicle usage and
consumer profile attributes, in order to assess vehicle usage versus consumer choices of hybrid
vehicles [33]. Another study indicated how utility prices versus replacement costs are factors in
consumer decision making [34]. All these studies provide evidence that given proper capabilities and
price, EVs may be acceptable to consumers.

1.5. Modeling Considerations

From their unique perspective, Ozdemir and Hartmann estimated the optimal electric driving
range for different oil price levels [35]. Some researchers have helped refine calculation of fuel
consumption and emission factors based on driving styles [36]. This type of work provides a good
framework for cost estimation. Focusing on driving range and gasoline costs, one study compared
the lifecycle costs of electric cars to similar gasoline-powered vehicles [37]. In their study, the authors
concluded that electric cars with 150 km range are viable and meet most consumer needs. The effects
of charging behaviors (i.e., time of day and location) on electricity demand was studied by Weiller [38].
The study estimated a consumption of 1.5–2.0 kWh per day with home electric chargers. These studies
provide the framework for simulation analysis.

1.6. Study Research Question and Significance

This study provides a user-interactive simulation to estimate the consumer costs and environmental
costs for various vehicle configurations. The research question for this study is straightforward:
What consumer trade-off considerations make purchasing a BEV/HEV versus a gasoline-powered
vehicle reasonable in terms of acquisition costs, operations and maintenance costs, disposal/residual
costs, and environmental costs? The study addresses these questions through a freely available and
online simulation located here: https://rminator.shinyapps.io/Vehicles/. This simulation that compares
two vehicle options simultaneously.

Unlike much of the other work in this field, this study does not focus on a particular vehicle or
vehicle set. Instead, the focus is on a capability set that is customizable based on current and emerging
technology (e.g., the improvement of miles per kWh in emerging vehicle lines). This differentiates the
work from other simulations which are based on fixed capability values.

This study appears to be the first to provide a publicly available simulation accessible by any
interested party that compares two purchase options simultaneously. It is likely the first paper to
simulate the effects of solar recharging of EV vehicles on both cost-benefit for the consumer and
environmental benefit (e.g., CO2, NOx + NMOG, PM, and HCHO) simultaneously, demonstrating
how solar-based charging of electrical vehicles reduces CO2 emissions (as an example). No other
study appears to estimate acquisition costs for solar panels necessary to support a residential EV that
is to be charged by such means. This work appears to provide the only user-available sensitivity
analysis for various options of natural gas, electricity, or solar residential power options coupled with
solar power generation capability estimates that vary by state and Error, Trend, and Seasonality (ETS)
forecasts of utility costs based on Energy Information Administration data. The study is novel in that it
combines user-based input with time series forecasting and simulation to generate interesting TCO
and environmental assessments. The study also addresses the primary theme of the journal’s special
issue: Energy savings and reduced environmental impact associated with solar versus natural gas
versus coal-powered grid systems.
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2. Materials and Methods

2.1. Method, Software, and Flowchart

This study leverages Monte Carlo simulation [39] in R Statistical Software [40] and an R Shiny
web application [41]. The simulation follows the flowchart in Figure 1. Each step A through S is now
discussed in different sections. Feasible ranges of user-based, simulation parameters along with their
default values are shown in Table 1, while variable distributions are discussed in subsequent sections.

 

Figure 1. Simulation flowchart.
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Table 1. Parameter Options in the Simulation.

Parameter/Variable Options Default

Month of purchase January, February, . . . December April
Year of purchase 2020, 2021, 2022 2020
State of use 50 states Texas
Vehicle Type Gas, NPHEV, PHEV, BEV Gas
Residential Power for EV Electric, Natural Gas, Solar Electric
Monthly Driving Distance 100 to 20,000 miles 1100 miles
Years of Ownership 1 to 10 8 years
% of Vehicle Power by Battery 0 to 100 0%
Vehicle Purchase Cost $10,000 to $20,000 $30,000
Miles Per Gallon (Gas) 0 to 120 30 MPG
Tax Credit 0 to 30% 0%
EV kWh/mile 0.2 to 0.5 0.34 EV kWh/mile
Charging Station Cost for Home $0 to $3000 $0
Cost of Solar Panels: $/Watt $2 to $5 $3.3

2.2. Simulation Initialization

The simulation starts by setting a pseudo-random number seed for replicability (step A). This seed
ensures that statistical differences are not due to the selection of random numbers, as they are identical
between models. Step B initializes the indices and variables (e.g., the indices for iterations, i, and months,
k, are set equal to zero) and gathers the input parameters from the user interface for use in future steps
(e.g., user estimated lifespan or retention of vehicle). The iterations then increase by 1 (step C).

2.3. Acquisition Costs, Environmental Effects, and Additional Simulation Parameters

If the user selected number of iterations is not met (step D), then the vehicle acquisition costs
from the user interface including, tax credits and home charging station costs are estimated. These are
user-entered parameters for the simulation. In addition, production emissions, a value derived from a
previous study [42], are calculated based on vehicle selection type, a user parameter (step E, Table 2).

Table 2. Vehicle Emissions Analysis from Previous Study.

Vehicle Type
Estimated Lifecycle

Emissions (Tonnes CO2e)
Proportion of Emissions

from Production
Estimated Emissions in

Production (Tonnes CO2e)

ICEV 24 23% 5.6
NPHEV 21 31% 6.5
PHEV 19 35% 6.7
BEV 19 46% 8.8

2015 vehicle after 150 k KM with 10% ethanol blend and 500 g/kWh grid electricity.

Step F evaluates whether the vehicle is a BEV or PHEV. Residential grid electric charging (step G),
residential solar charging (step H), and the residential natural gas charging (step I) are pulled from the
user interface. Solar charging is used to estimate solar acquisition costs for the panels necessary to
charge the vehicle. Step J estimates the associated solar acquisition cost per panel watt required for the
percent solar charging specified in the user interface. Cost per solar panel watt was user parameter with
values between $2 and $5, representative of the range $3.10 and $4.50 found in [43] with the possibility
of growth and shrinkage provided. Total cost of solar acquisition to charge a BEV or PHEV is then
calculated by Equation (1) (author-proposed). In this equation, solar acquisition cost is estimated based
on and indicator variable for a BEV or PHEV (EV) times an indicator variable for solar charging (Solar)
times a state-based geographic system-sizing multiplier [44] times the miles driven (Miles) times the
BEV kWh per mile (kWh/Mile) (from the user interface, defaulted to 0.34 based on a Nissan Leaf [28])
times the dollars per kWh ($/kWh) times the percentage of power provided by the battery (% Battery,
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which is 100% for BEV but less than 100% for PHEVs). Tax credits, if any, are assigned 12 months after
vehicle acquisition:

Solar Acquisition Cost = EV × Solar × Geographic Photovoltaic Size ×
Miles × kWh/Mile × $/kWh ×% Battery.

(1)

After estimating the acquisition costs in steps E through J, the month of the simulation is then
incremented (step K). Driving distance per month is based on user interface (step L), with a default
value of the average monthly driving distance of 1123 miles based on the United States Department of
Transportation [45].

2.4. Operations and Maintenance Costs/Solar Acquisition Costs (If Needed)

2.4.1. Miles Driven

Electrical, natural gas, and gasoline monthly demands are estimated based on average monthly
driving distance (per user specifications) and user input parameters for vehicle mpg and mpkWh. Step M
leverages forecasts from publicly available information of the Energy Information Administration [46]
to assign costs based on miles driven, mpg, and mpkWh (see author-proposed Equation (2):

Variable Fuel Costs = Grid ×% Battery × ($/kWh Electricity) × (kWh/mile) × miles +
(1-GRID) % Natural Gas ×% Battery × ($/kWh Natural Gas) × (kWh/mile) × miles +

% Solar x 0 + (1 −% Battery) × ($/gl) × (gl/mile) × miles.
(2)

In Equation (2), GRID is an indicator variable identifying that the residence relies on an electrical
grid for recharging the vehicle rather than natural gas. % Battery is the percent of vehicle power
generated by the battery for PHEVs and BEVs. % Natural Gas is the percentage residential battery
recharge from natural gas. Electric car costs are then calculated by taking the estimated cost per kWh,
multiplying by kWh per mile and the distance driven in miles. Solar charging assumes away gray
power, power produced when solar is not active, and is set to zero. This is an artificial simplification.
Cars that are not fully electric generate costs based on dollars per gallon times gallons per mile and
distance in miles for the percentage, not powered by batteries.

2.4.2. Natural Gas, Electricity, and Regular Gasoline Prices

Monthly natural gas residential price data from the Energy Information Administration (EIA)
in dollars per 1000 cubic feet (converted to dollars per kWh) were used to estimate costs for BEV
and PHEV re-charging from residences using. The data were state-dependent with Hawaii being an
obvious outlier. To account for seasonality in natural gas costs, simple error, trend, seasonality (ETS)
models implemented using the fpp2 library in R were used [47]. These models proved reasonable
versus ARIMA (auto-regressive, integrated, moving average models), as well as random walks for this
data in previous research [5].

Grid electricity costs from the EIA in dollars per kWh have trended slowly upwards since 2001 and
vary largely by state, with Hawaii having the most expensive residential costs [46]. Due to the large
cost variability, ETS models by state were used to forecast costs over the vehicles’ lifespans. A previous
study also found that ARIMA and ETS models performed nearly identically for this variable [5].

The EIA does not publish gasoline prices for each of the states but rather only U.S. averages,
U.S. petroleum regions, and data for nine selected states and cities. All states in petroleum production
regions were then assigned the regional cost for regular gasoline, unless the state had its own estimates
from the EIA.

Figure 2 compares the costs of natural gas, electricity, and regular gasoline per kWh for the United
States based on the publicly available EIA data discussed and shows the values used for forecasting
from ETS modeling. About 1000 cubic feet of natural gas is 293.07 kWh, and 1 gallon of regular gasoline
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is equivalent to about 36 kWh, so for comparison, the y-axis is shown in dollars per kWh. The data
exhibit significant seasonality and illustrate that natural gas is the cheapest alternative of the three.

 

Figure 2. Actual energy costs and Error, Trend, Seasonality forecasts by source.

2.4.3. Insurance and Maintenance Costs

Insurance costs depend on vehicle type and selection, so a fixed cost of 5% of the initial vehicle
price was initially assigned as in [5]. However, a recent study concluded that insurance rates for EVs
are generally 21% higher, due to the higher repair costs [27], congruent with previous research [48].
To account for this factor, insurance rates for BEVs and PHEVs were inflated to 6% of the initial vehicle
cost and assigned monthly.

In step O, maintenance costs for BEV, hybrid, and gasoline vehicles are estimated. The consensus
from the literatures is that EVs are cheaper to maintain than ICEVs [21]. From [28,49], EVs average about
3.5 cents per mile for maintenance compared to 6 cents per mile for hybrids. As PHEVs include both
traditional gasoline engines, as well as BEV components, they may experience the maintenance profile
of ICEVs, although some less conservative studies have argued that maintenance is less expensive [50].
Given the paucity of data, PHEV and EV’s are assigned maintenance costs of an average of 3.5 cents per
mile while NPHEVs and ICEVs are assumed to experience an average of 6 cents per mile. These values
are used as the center for triangular distributions with minimum and maximum set at ±2 cents from
the center values.

2.4.4. Environmental Costs and Residual Values

Environmental costs are estimated in step P, and these include carbon dioxide emissions (CO2e) [51]
as well as estimates of nitrogen oxides (NOx)/non-methane organic gases (NMOG), carbon monoxide
(CO), and particulate matter (PM). Formaldehyde (HCHO) is a constant, based on Tier 3 standards of
the Environmental Protection Agency (EPA) [52]. BEV cars are non-emissive (although there is carbon
emission in the production phase). Other vehicles are assigned emission standards based on estimates
from [53]. Table 3 illustrates the estimates by vehicle type.

Table 3. Simulation emissions estimates by selected vehicle type.

Vehicle Type NOx +NMOG, mg/mile CO2, g/mile CO, g/mile PM, mg/mile

ICEV 160 475 4.2 10
NPHEV * 128 323 3.0 10

PHEV 95 170 2.1 10
BEV 0.07 0 0.0 0

* imputed as mean of ICEV and PHEV.
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In step Q, the simulation evaluates whether the vehicles have reached their usable lifespan. If not,
steps K through P are repeated until that lifespan has been reached. Then, in step R, residual value for
the selected vehicles is estimated based on Moody’s Analytics Electric Vehicle Residual Value Outlook [54].
Gasoline cars retained on average 45% of their value over 4 years. Electric vehicles retained barely
more than 25% of their value after adjustment for tax credits [54]. The geometric residual rate per year
for gasoline and non-gasoline cars is then 82%, and 71%, respectively. In other words, 0.824 = 0.45
and 0.714 = 0.25. These geometric values are applied to the user-selected life span (not to exceed
10 years). PHEVs are estimated to be 0.75 (closer to BEV), while non-plug-in hybrids are estimated at
0.78 (closer to gasoline vehicles).

Finally, landfill lithium ion battery (LIB) waste is estimated in step S [55,56]. The concern for LIB
waste is that; (1) it is highly toxic to humans, (2) it requires cobalt, which is often extracted irresponsibly
with child labor, and (3) it may be recycled [55]. Waste in pounds is estimated by a uniform distribution
between 100 and 544 pounds, the minimum and maximum specified in Figure 1 of [56].

2.5. Verification, Validation, and Iterations

R’s native debugging ensured proper coding, while a comparison of a priori and posterior
distributions, through hypothesis testing, ensured distributional integrity. To be valid for model
comparison, pseudo-random number streams were identical across experimental. To do so, the function
“set.seed” was used in R, a function which randomly generates a series of numbers so that the differences
in simulation results are not to selection of random values.

3. Results

There are an infinite number of scenarios for break-even analysis based on the simulation user
inputs. For analysis, this study analyzes two basic scenarios, the purchase of a BEV versus ICEV and
the purchase of a PHEV versus an ICEV. All scenarios leverage the mean monthly driving distance
from [45], which is about 1100 miles, and the state selected for all scenarios is Texas. Miles per gallon for
gasoline vehicles is set to 30. All other variables were left at the initialization default unless specified.

3.1. Scenario 1: Gasoline versus Electrical Vehicle Charged via Solar

Scenario 1 evaluated the default values for a gasoline vehicle (termed the “baseline” simulation)
against a BEV priced at the same value that receives a 30% tax credit and is completely charged
by solar panels (termed the “comparison” simulation). An additional $1000 is also charged for a
home-charging station.

The break-even is on month 13, after the 30% tax credit is assigned (Figure 3), despite the assigned
PVS acquisition costs in month 1. The simulation demonstrates the slower growth of total expenditures,
but an initial increase in expenses associated with solar panel acquisition required to charge the BEV.
Figure 4 provides cost breakouts for maintenance, energy, and insurance. While lifetime insurance
costs are more expensive for the BEV, lifetime maintenance costs are less expensive and energy costs
are nominal, as the BEV recharges through a PVS in this simulation.

The environmental analysis (also depicted in Figure 4) shows the value of the BEV most clearly.
The BEV CO2 emission is largely in the production process and less than 1/6 of the ICEV emissions
over its lifecycle. CO, PM, and NOx/NMOG emissions are negligible for the BEV option, whereas they
continuously increase over the lifecycle of the ICEV. There is a clear advantage to the BEV in terms of
the environment.
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Figure 3. Break-even for Scenario 1 (curved line is a smoothed error curve estimate). Cost and
environmental metrics for Scenario 1.

Figure 4. Cost and environmental metrics for Scenario 1.

3.2. Scenario 2: Gasoline vs. PHEV

In Scenario 2, the baseline simulation is again the traditional, gasoline-based vehicle priced at
$30,000 with all default simulation values. The comparison option is an equally-priced PHEV (no tax
credit) recharged through the electrical grid and obtaining 110 mpg (both electric and gas) with a
battery offsetting 30% of vehicle power consumption. Again, a home charging station cost of $1000
is included.

The break-even analysis (Figure 5) demonstrates that the PHEV and ICEV are approximately
equal at month 16. Since the up-front cost differences was the home charging station, the analysis
suggests about $1000 savings every year for the adoption of a PHEV (not including residual analysis).
The residual is smaller for the PHEV option. However, the TCO is lower (although not strikingly).
Once again, insurance costs are clearly higher over the vehicle life cycle, maintenance and energy costs
are lower (see Figure 6).

Figure 6 also depicts, the PHEV CO2 emissions are much lower than gasoline vehicles. Comparing
Figure 6 to Figure 4 demonstrates that BHEV is superior in this category, as well as in all other emissions
categories. PM is tied for PHEV and ICEV but zero post-production for BEVs.
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Figure 5. Break-even for Scenario 2.

Figure 6. Cost and environmental metrics from Scenario 2.

4. Discussion

4.1. Findings and Relationships to Previous Studies

This study provides a comparative simulation for various vehicle options, based on real-world
data. The results of the two scenarios provided demonstrate that BEV and PHEV options may be
both green for the pocketbook and the environment. BEVs have a much lower GHG emission profile,
as found in previous studies [57]. BEVs rely on tax credits for an earlier break-even point as in
Scenario 1, and these tax credits are likely to incentivize purchases [58] and allow for lower TCO [48].
Any initial up-front costs may be offset by savings depending on geographic considerations and
other factors.

In Scenario 1, the results show an initial upfront cost increase for the BEV due to the purchase of
requisite solar panels capable of powering the vehicle and the purchase of a home charging station.
BEV lifecycle costs of maintenance are about half of that experienced by ICEV ($3.5 K versus $6.5 K),
while energy costs are near zero after solar panel acquisition versus $10 K for the ICEV. Insurance costs
are higher for the BEV ($14 K versus $12.5 K ICEV), which is congruent with simulation input and
previous research [48]. By eliminating grid use, the upfront cost reduces GHG emissions as in [12].
The production phase produces the majority of the lifecycle waste for BEVs.

In Scenario 2, the unincentivized purchase of a PHEV resulted in a 16-month break-even point
congruent with previous research [28]. The higher initial cost due to the home installation of a charger
was offset quickly due to lower maintenance costs similar to the BEV (arising from reduced wear on
the gasoline engine) and lower energy costs ($10 K versus $3.5 K ICEV), although insurance costs
were higher. The GHG emissions are higher than the solar-charged BEV option in Scenario 1, as the
scenario involves use of an electrical grid. This finding is also congruent with previous research [59].
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Both scenarios reinforce previous research showing that EVs can reduce GHGs [60] and have a
lower TCO [7].

A significant concern of the consumer might be the residual value of the vehicle upon resell.
Both scenarios illustrate that residual values are lower for BEV and PHEV. ICEV appear to retain their
value much better. High-end BEVs have seen some improvement in this area with Tesla Model S
holding its value better than any vehicle regardless of type [61].

Utility market changes are also consideration for purchasing of a vehicle, as they effect fuel-cost
savings and thus the TCO [3]. By including forecasting models for various energy options, the simulation
models these effects for inclusion in the analysis.

4.2. Energy Savings and Reduced Environmental Impact of Electrical Power Systems for Transportation

One of the findings of this study is that GHGs for solar-powered BEVs are nominal. Battery-electric
power systems powered by PVS produce an environmental impact that is almost negligible.
When electrical grid power is used for charging EVs under the conditions of Scenario 2, the simulation
depicts reductions in CO2, NOx + NMOG, and CO. For CO2, that lifecycle reduction is from about
60,000 kg (ICEV) to 25,000 g (PHEV). For NOx + NMOG, lifecycle reductions are estimated to be
from 17.5 kg (ICEV) to 10 kg (PHEV). CO estimates were 450 kg for ICEV versus 225 kg for PHEV.
Under both scenarios, EV adoption resulted in a reduced environmental impact.

The verdict on true GHGs, however, may be mixed. A recent study has proposed a more robust
method for capturing grid energy CO2 emissions in the electricity production phase [62]. The results
suggest that under some conditions, ICEVs might be preferred. This result is surprising and underscores
the value in PVS offsets for electrical charging requirements [23].

The total kWh for the BEV operating at 0.34 kWh/mile for 1100 miles × 12 months × 8 years is
35,904 lifecycle kWh, about 4408 kWh monthly. (The 0.34 kWh/mile is a variable parameter in the
simulation.) With approximately 1 million BEVs on the road today [63], the additional monthly kWh
demand is 4408 GW at the rate of consumption. EV loads are now placing pressure on power grids [64].
Using PVS for recharging these vehicles could offset that increased demand. Given that EVs may
increase global consumption of electricity between 11–20% by the year 2040 [65], this type of solution
along with smart grid and others may prove vital.

4.3. Implications

This simulation has policy implications for both the government and the manufacturers. First,
the use of tax credits visibly accelerates break-even analysis in the online simulation. Tax credits for
hybrid and BEV should be considered an investment in the environment [58]. Second, the expansion of
EVs is likely to result in an 11–20% increase in grid demand by 2040 [65]. The solutions to this problem
might include smart grid development acceleration or incentives for renewable recharging.

4.4. Limitations

One of the limitations of this study is that it focuses on the break-even costs and environmental
effects. Consumer vehicle type selection (e.g., gasoline versus hybrid versus fully electric) is often
based on other criteria such as driving range, charging time, and performance [66]. A BEV may not be
pragmatic for exceedingly long trips.

Another limitation of this simulation is that it assumes zero gray-power costs for solar charging of
BEVs. This simplification belies the fact that many solar power systems do not have battery back-up.
This is an important limitation when considering environmental effects.

A third limitation is that the simulation is based on data and distributions generated from the
United States. There are valid reasons to assume that future costs of gasoline, electricity, and natural
gas are unlikely to be the same among countries. Further, other factors are likely to be different,
including driving range, availability of recharging stations, and energy policy.
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4.5. Future Improvements

This is the first publicly available simulation for this type of analysis. Future work will include
modeling of solar gray-power considerations and include additional parameters for user input.
Updated data distributions will be included as available, and additional variables will be added.

5. Conclusions

The research question in this study addressed the consumer trade-off considerations for purchasing
a BEV, a hybrid, or a gasoline-powered car using a publicly available simulation, the first of its type.
The findings of the paper show early break-even points for the two alternative scenarios: A BEV
re-charged by PVS and a PHEV re-charged through the grid. In both cases, the break-even was about a
year (13, and 12 months, respectively). However, the BEV benefited from tax credits to achieve that
early break-even. Due to other considerations that affect buying a BEV, such as a driving range [66],
the continuation of tax credits should be a policy focus.

The environmental impacts associated with the PVS-BEV scenario are nominal. Further, such a
scenario avoids the 11–20% increase in demand on the grid that may occur by 2040 [65]. Good policy
would consider incentivizing the use of the PVS-BEV relationship, while developing smart grid
capability. For the PHEV, the GHG are estimated to be much less than for the ICEV; however, the true
impact is possibility underestimated [23].

This study provides a foundation for sensitivity analysis in relation to both cost and environmental
effects associated with car purchasing decisions. It also highlights the differences in terms of GHG
and time. It illustrates how tax credits and residuals values affect TCO and how the choice of
re-charging sources affects total costs. Further, the use of ETS forecasts for utility costs provides a
reasonable method for estimating energy costs. Finally, it highlights an issue that may require a
policy solution: Grid demand increases based on increased EV demand. The solution might include
PVS-BEV incentives.
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Abstract: With the deterioration of the environment and the depletion of fossil fuel energy, renewable
energy has attracted worldwide attention because of its continuous availability from nature.
Despite this continuous availability, the uncertainty of intermittent power is a problem for grid
dispatching. This paper reports on a study of the scheduling and optimization of microgrid systems
for photovoltaic (PV) power and electric vehicles (EVs). We propose a mathematical model to
address the uncertainty of PV output and EV charging behavior, and model scheduling optimization
that minimizes the economic and environmental cost of a microgrid system. A semi-infinite dual
optimization model is then used to deal with the uncertain variables, which can be solved with a
robust optimization algorithm. A numerical case study shows that the security and stability of the
solution obtained by robust optimization outperformed that of stochastic optimization.

Keywords: electric vehicle; microgrid; photovoltaic; robust optimization; stochastic optimization

1. Introduction

Energy shortages and environmental pollution are now problems that cannot be ignored. To build
an environment-friendly and resource-saving society, renewable energy generation such as wind and
photovoltaic (PV) power have received increasing attention [1–3]. Renewable energy accounted for
approximately 18.1% of total final energy consumption in 2017 and was mainly concentrated in the
field of electricity generation. According to the “Renewables (2019) Global Status Report” estimate,
by the end of 2019 more than 26% of global electricity generation had come from renewable sources [4].
Renewable energy has the advantage of being inexhaustible, but its intermittent and volatile nature
poses new challenges to the safe and stable operation of the power grid.

Renewable energy generation is influenced by climate and weather, and is not controlled by
human factors. The electricity generation and the electricity consumption cannot match well; there will
often be no electricity available at the peak of electricity consumption, or no electricity production
surplus at the trough of the situation. With the increasing number of electric vehicles, the two-way
energy dispatching between electric vehicles and the power grid provides the solution for renewable
energy power generation and large-scale application of electric vehicles. Electric vehicles consume
renewable energy when electricity consumption demand is low, and even discharge electricity into the
grid when demand is high. Reasonable and flexible scheduling strategies can ensure the coordinated
operation of electric vehicles and renewable energy generation.

To solve the problem of grid-connected distributed generation, the microgrid came into being.
A microgrid manages the power generation units and power load dispatching within a certain range.
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Energies 2020, 13, 2813

The key to the safe and stable operation of a microgrid is to reduce the uncertainty of renewable
energy generation. Currently, the main methods to solve the uncertainty problem are stochastic
optimization (SO), fuzzy programming, and robust optimization (RO) [5]. The probability distribution
function is used by SO to express the output of renewable energy. This method must usually collect
much scene data, which increases the difficulty of the problem [6–8]. Fuzzy programming uses fuzzy
variables to represent uncertainty and fuzzy sets to describe constraints. The satisfaction of constraints
is represented by a membership function. This method usually depends on the activities of people,
so some deviation is unavoidable [9–11]. RO uses a set approach to represent uncertainty. This method
does not need to know the probability distribution of renewable energy output, nor does it depend on
human activity. The results of RO can deal with worst-case scenarios. In view of this characteristic,
RO is increasingly favored [12,13].

RO has good advantages in tolerating uncertainties in dispatch problems [14]. To alleviate
the risk of microgrid energy trading under the uncertainty of renewable energy and transaction
price, Luhao Wang et al. proposed a risk avoidance method based on RO and created a two-stage
energy-trading RO model. Their results show that the model can not only achieve the optimal operating
cost of the microgrid system but also ensure the robustness of energy trading between systems at
various prices [15]. Yan Cao et al. used RO techniques to study the scheduling problem of electric
vehicle (EV) aggregators with price uncertainty and to participate in the market with the goal of
maximizing the benefits of aggregators. When they modeled market price uncertainty, they used the
upper and lower limits of the upstream grid price instead of the estimated price. The output of the
algorithm was used to construct various charging and discharging strategies for operators to use for
robust scheduling of EV aggregators under upstream grid price uncertainty. The results show that
compared with a deterministic strategy, the total profit of the EV aggregators under the optimistic
strategy had increased by 69.78% [16]. Carlos D. Rodríguez-Gallegos et al. proposed an optimized
configuration method for solar panels and batteries, forming a PV hybrid system. A multi-objective
optimization problem was established by considering economic goals, environmental goals, and grid
quality. The worst weather conditions were considered, and RO algorithm was applied. The results
showed that PV hybrid power systems have the advantages of reducing costs and improving the
environment and the grid quality in remote areas [17].

Considering the uncertainty of the renewable energy output and EV charging behavior, in this
study the RO theory was applied to a microgrid system containing a PV power station and EVs.
To reduce the running cost and environmental cost, the goal was to build a multi-objective scheduling
model. Then, the scheduling objective function was optimized by minimizing the economic and
environmental costs of the microgrid system. Based on the duality principle, the semi-infinite problem
containing uncertain variables was converted into an easier dual problem. Finally, SO and RO were
compared. RO has a high cost, but its security and stability are most important for a microgrid.
The main contributions of this paper are as follows:

1. The uncertainty of PV power output and EV charging behavior is expressed as a set, which contains
all possible values of uncertain parameters. The results of robust optimization ensure that the
system can run safely and stably even under the worst condition.

2. In order to take the various practical constraints into consideration, a multi-objective robust
scheduling optimization model is proposed to address these constraints. The model is a
semi-infinite optimization problem, which is difficult to solve directly. According to the duality
theory, the model is transformed into a definite linear programming model, which can be easily
solved with Lagrange relaxation algorithm.

3. By numerical analysis, SO and RO are compared. The results show that RO is higher in cost,
while it is more robust than SO. System operators can select appropriate optimization methods in
balancing between economy and safety.
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The paper is organized as follows: the models of PV power output and EV charging behaviors
are described in Section 2. Section 3 introduces the multi-objective scheduling system and actual
constraints. The theory and application of RO are presented in Section 4. A case study is used in
Section 5 to show the performance of the proposed models. Conclusions are drawn in Section 6.

2. Uncertainty Modeling

In this paper, the microgrid system connected to the main power grid includes PV power stations,
microturbines (MTs), diesel engines (DEs), and EVs. The uncertainties of PV output power and EV
charging behavior are expressed as a set.

2.1. Photovoltaic Output Model

Solar power is the use of battery modules to directly convert solar energy into electricity.
Solar energy is an inexhaustible source of clean energy, and a solar PV power station is safe, reliable,
and unaffected by the energy crisis. However, it is difficult to accurately predict the power generation
of a PV system [18]. Due to the periodicity and randomness of the output of a PV power station,
the output is considered as [19]

PVG
l,t = PVl,t + ˆPVl,t

s.t. ˆPVl,t ≤ ˆPVl,t ≤ ˆPVl,t
(1)

In other words, the uncertainty of the PV can be expressed as [PVl,t + ˆPVl,t, PVl,t + ˆPVl,t],

where PVG
l,t is the output of the lth PV power station at period t, PVl,t is the forecasted output

of the lth PV power station at period t, ˆPVl,t is the deviation, and ˆPVl,t, ˆPVl,t are the lower and upper

limits of ˆPVl,t, respectively.

2.2. Electric Vehicle Charging Model

The probability of an individual EV traveling a distance d can be represented by the logarithmic
normal distribution function [20]

h(d,μ, σ) =
1

d
√

2πσ2
e−

(lnd−μ)2
2σ2 (2)

where μ and σ are the mean and standard deviation, respectively.
According to the traveling distance d of the EV, the remaining capacity can be calculated:

SOC = (1− d
dm

) × 100% (3)

where dm is the maximum travel distance.
According to [21], the charging start time can be modeled as a normal distribution function with

specified parameters, and we represent the time when the EV starts charging as a set.

Tk
start = [Tk

start, Tk
start] (4)

where Tk
start is the charging start time of the nth EV, and Tk

start and Tk
start are the lower and upper

limits, respectively.
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In this study, we considered that all EV batteries have the same capacity E and the same charging
power Pc. Thus, the charging end time Tk

end can be obtained:

Tk
end = Tk

start +
(1− SOCk) × E

Pc
(5)

The total charging power of EVs at each moment is the sum of the charging power of an individual
EV:

PEVG
t =

K∑
k=1

PEVG
k,t (6)

where PEVG
k,t is the charging power of the kth EV at period t. In addition, K is the number of

EVs dispatched.
The uncertainty of the charging power of the EV is still expressed in the form of a set:

PEVG
t = PEVt + ˆPEVt

s.t. ˆPEVt ≤ ˆPEVt ≤ ˆPEVt
(7)

where PEVG
t is the total charging power of EVs at period t, PEVt is the forecasted value of the

charging power of EVs at period t, ˆPEVt is the deviation, and ˆPEVt, ˆPEVt are its lower and upper
limits, respectively.

3. Multi-Objective Dispatch System

The microgrid system includes PV power stations, MTs, DEs, and EVs. The optimization objective
is to minimize total costs, including the cost of operating the microgrid and the cost of environmental
protection. In this section, various practical constraints are also considered. The mathematical model
is described in Sections 3.1 and 3.2 [22,23].

3.1. Objective Functions

3.1.1. Objective Function 1: Minimum Operating Cost

The total operating costs include fuel costs for the DEs and MTs; operation and maintenance costs
for DEs, MTs, and the PV power station; and transmission costs between the microgrid and the main
grid. The battery degradation cost is disregarded [24,25].

C1 =
T∑

t=1

[C f (Pi,t + PMTj,t) + COM(Pi,t + PVl,t + PMTj,t) + Cgrid,t] (8)

where Pi,t is the output power of the ith DE at period t, PMTj,t is the output power of the jth MT at
period t, PVl,t is the output power of the lth PV power station at period t. C f (·) is the fuel costs of the
DEs and MTs [26]; COM(·) is the operation and maintenance costs of the DE, MTs, and the PV power
station [27]; and Cgrid,t is the cost of transmission between the microgrid and the main power grid.

C f (Pi,t)= [c1P2
i,t + c2Pi,t + c3]DE+[y

PMTj,t

η(PMTj,t)
]MT

COM(Pi,t + PVl,t + PMTj,t) = KOM(Pi,t + PVl,t + PMTj,t)

Cgrid,t = Pgrid,tMtΔt

(9)

where c1, c2, c3 represent fuel cost parameters of DEs, y is the cost parameter of MTs, η(PMTj,t) is the
work efficiency of the jth MT at period t, KOM is the OM cost parameter, Δt is scheduling interval,
and Mt is the price of electricity.
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3.1.2. Objective Function 2: Minimum Environmental Cost

The traditional output units and the power transmission process of the grid will cause
environmental pollution problems, which incurs the cost of environmental protection. Three important
pollutants, sulfur dioxide (SO2), carbon dioxide (CO2), and nitrogen oxide (NOX), are considered in
this paper [26].

C2 =
T∑

t=1

P∑
p=1

H∑
h=1

(Chμp,h)Pp,t +
T∑

t=1

H∑
h=1

(Chμgrid)Pgrid,t (10)

where Ch is the treatment cost of the hth pollutant; μp,h is the hth pollutant emission coefficients of the
pth type power source including DE, MT, and PV; Pp,t is the output power of the pth power source;
Pgrid,t is the transmission power between the microgrid and the main power grid at period t, and μgrid
is the pollutant emission coefficients of the main power grid.

3.1.3. Total Cost Function

The objective of the scheduling system proposed in this paper is to minimize the system operating
cost and the environmental protection cost. Therefore, the total cost function (Ctotal) can be expressed by

minCtotal = min(C1 + C2) (11)

3.2. Constraints

3.2.1. Power Balance Constraint

Electricity supply and demand should be balanced in the microgrid system:

I∑
i=1

Pi,t + Pgrid,t +

J∑
j=1

PMTj,t +
L∑

l=1

PVl,t − PEVt = Pload,t (12)

where Pload,t is the total load demand at period t.

3.2.2. Generation Capacity Constraints

The output power of DEs and MTs should be within a certain range:

Pi,min ≤ Pi,t ≤ Pi,max

PMTj,min ≤ PMTj,t ≤ PMTj,max
(13)

where Pi,min and Pi,max are the lower and upper limits of the power output of the ith DE, respectively.
Similarly, PMTj,min and PMTj,max are the lower and upper limits of the power output of the jth
MT, respectively.

3.2.3. Ramp Rate Limits

Ramp rate refers to the increase or decrease of output power per unit of time from traditional
power sources.

Pi,down ≤ Pi,t − Pi,t−1 ≤ Pi,up
Pj,down ≤ PMTj,t − PMTj,t−1 ≤ Pj,up

(14)

where Pi,down and Pi,up are the lower and upper limits of the ramp rate of the ith DE, respectively,
and Pj,down, Pj,up are the lower, upper limits of the ramp rate of the jth MT, respectively.
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3.2.4. Capacity Constraints of PV

The output of PV is affected by the predicted value at period t.

0 ≤ PVl,t ≤ PVG
l,t (15)

3.2.5. Constraints of Transmission Capacity

The transmission power between the microgrid and the main grid should not exceed the limit.

Pdown ≤ Pgrid,t ≤ Pup (16)

where Pdown and Pup are the lower and upper limits, respectively, of the main grid transmitting power.

3.2.6. Charge Constraints of the EV Battery

To slow the aging of the battery, the charging power should not exceed the maximum:

0 ≤ PEVk,t ≤ PEVmax
k,t (17)

3.2.7. Spinning Reserve Constraint

The spinning reserve constraint is to ensure a reliable power supply:

I∑
i=1

Pmax
i,t +

J∑
j=1

PMTmax
j,t + Pmax

grid,t +
L∑

l=1

PVG
l,t ≥ (1 + Lt)(Pload,t +

K∑
k=1

PEVG
t ) (18)

where Lt is the spinning reserve rate.

4. Robust Optimization Model

4.1. Robust Optimization Algorithm

RO is designed to deal with uncertainty problems. Unlike stochastic optimization, it represents
uncertain variables in interval form. It can be said that the uncertainty of variables is fully considered in
modeling. The result of RO is the most conservative result. Any value in the set of uncertain variables
can be satisfied. Therefore, it is especially suitable for microgrid systems that are very important
for security.

RO first models the uncertain variables, then transforms the uncertain variables into deterministic
variables according to the robust equal conversion, and finally solves the robust equal conversion
model to obtain the robust optimal solution [28,29].

4.2. Robust Equal Conversion

On the basis of the sets of uncertainties introduced in Sections 2.1 and 2.2, the spinning reserve
constraint (Equation (18)) can be transformed to

I∑
i=1

Pmax
i,t +

J∑
j=1

PMTmax
j,t + Pmax

grid,t +
L∑

l=1

(PVl,t + ˆPVl,t) ≥ (1 + Lt)[Pload,t +
K∑

k=1

(PEVk,t + ˆPEVk,t)] (19)
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RO deals with uncertain data in the worst-case scenario. The worst-case scenario can be defined as

F = max[
L∑

l=1
ˆPVl,t − (1+Lt)

K∑
k=1

ˆPEVk,t]

ˆPVl,t ≤ ˆPVl,t ≤ ˆPVl,t

ˆPEVk,t ≤ ˆPEVk,t ≤ ˆPEVk,t

(20)

The schedule objective function is monotonically increasing, strictly convex, and differentiable.
Its dual problem is also feasible and bounded, and the objective values coincide according to strong
duality [19]. Therefore, the dual problem becomes

min(− L∑
l=1

ˆPVG
l,tαt +

L∑
l=1

ˆPVG
l,tβt −

K∑
k=1

ˆPEVk,tγt +
K∑

k=1
ˆPEVk,tδt)

−αt + βt ≥ 1
−γt + δt ≥ −1− Lt

αt, βt,γt, δt ≥ 0

(21)

where αt, βt,γt, δ are the dual coefficients. Then the original spinning reserve constraint is converted to

I∑
i=1

Pmax
i,t +

J∑
j=1

PMTmax
j,t + Pmax

grid,t +
L∑

l=1
PVl,t − (1+Lt)

K∑
k=1

PEVk,t −
L∑

l=1
ˆPVl,tαt

+
L∑

l=1
ˆPVl,tβt −

K∑
k=1

ˆPEVk,tγt +
K∑

k=1
ˆPEVk,tδt ≥ (1 + Lt)Pload,t

(22)

4.3. Robust Economic Dispatch Model

The purpose of this study was to minimize system operating costs and environmental protection
costs while meeting the load on the microgrid system:

min

⎧⎪⎪⎨⎪⎪⎩ sup
PVl,t,PEVk,t

C1 + C2

⎫⎪⎪⎬⎪⎪⎭
s.t. (12)–(17), (20)–(22)

(23)

The probability of spinning reserve constraint violated (POV) is expressed as,

Pr

⎡⎢⎢⎢⎢⎣ I∑
i=1

Pmax
i,t +

J∑
j=1

PMTmax
j,t + Pmax

grid,t +
L∑

l=1
PVG

l,t < (1 + Lt)(Pload,t +
K∑

k=1
PEVG

k,t)

⎤⎥⎥⎥⎥⎦ ≤ Pr

[ ∑
m∈V
ηm,tωm,t ≥ Γt

]
(24)

where Γt is the number of the uncertain variables. Furthermore, according to literature [29],
the robustness of the system can be expressed by Formula (25):

Pr

⎡⎢⎢⎢⎢⎢⎣∑
m∈V

ηm,tωm,t ≥ Γt

⎤⎥⎥⎥⎥⎥⎦ ≤ exp

⎡⎢⎢⎢⎢⎣− Γ2
t

2|Jt|
⎤⎥⎥⎥⎥⎦ (25)

where ηm,t,ωm,t, Jt are the coefficients of POV.

5. Case Study

5.1. Problem Description

In this study, we verified the validity of the model by selecting a typical grid-connected microgrid
in an area where people work. Figure 1 is a diagram of the initial state of the scheduling system.
After the simulation of the model built in Section 2, Figure 1 is obtained. PV-down and PV-up represent
the lower and upper bounds of PV power output at each moment, respectively. EV charging-up
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and EV charging-down represent the upper and lower bounds of the charging power of electric
vehicles, respectively. As shown in Figure 1, when people come to the work area in the morning,
they start charging; the charging behavior is concentrated between 8:00 a.m. and 10:30 a.m. At this
time, the demand for electricity in the office area increases, but the output of the PV power station is
still relatively low. To compensate for the disordered charging behavior of EVs, DEs have to increase
their output, which results in an increase in the total cost of the system. At noon, people have a rest
time and the system electricity demand is reduced, but PV power stations have the most output at
that time. If there is no electrical equipment to consume the electrical energy, this will cause a discard
phenomenon. Therefore, an unoptimized system is neither stable nor economical.

Figure 1. Initial status of the microgrid of an unoptimized system.

5.2. Parameter Setting

In this study, the microgrid consisted of a DE with a maximum output of 1500 kW, two MTs
with a maximum power of 250 kW, and two PV power stations with a maximum power of 800 kW.
The maximum deviation of actual output and predicted output in the dispatch period was set at
±30% [19]. Additionally, the system considered that 100 EVs participated in the dispatch. We assumed
that the battery capacity of the EVs was 60 kWh, the microgrid was connected to the main grid in
real time, the microgrid spinning reserve ratio was set at 0.2, and the simulation time was set at
7:00 a.m. to 4 p.m. The simulation time interval was set at 30 min. The detailed parameters of each
unit are shown in Table 1 [26]. The electricity price is shown in Figure 2 [26]. The operation and
maintenance costs are shown in Table 2, and the environmental treatment cost is shown in Table 3 [26].
The Lagrange relaxation algorithm with faster convergence speed is used to solve the model on
MATLAB/CPLEX software.

Table 1. Maximum capacity of each scheduling unit.

Type Maximum (kW)

Microturbines 250
Diesel engine 1500

Photovoltaic power stations 800
Charging power of electric vehicle 6

Main grid transmission power 300
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Figure 2. Time of use electricity prices.

Table 2. Power supply operation and maintenance cost parameters.

Type Microturbine Diesel Engine Photovoltaic

KOM (RMB/kWh) 0.04 0.08 0.005

Table 3. Environmental protection cost parameters.

Type Source CO2 SO2 NOx

Pollution discharge (g/kW)

MT 724 0.0036 0.2
DE 680 0.306 10.09
PV 0 0 0

Main grid 889 1.8 1.6

Governance costs (RMB/kg) 0.21 6 8

5.3. Simulation Result

5.3.1. Stochastic Optimization

The purpose of this study was to reduce system operating costs and environmental pollution
as much as possible while ensuring electricity demand is met. As shown in Figure 3, the EVs are
charged at 12:00. That is not the peak period of microgrid power consumption, and although the
electricity price of the main grid is higher at this time, the system has enough light energy to be used.
Therefore, the renewable energy efficiency can be maximized by the microgrid system. The remaining
electricity demand is supplemented by DEs, MTs, and the main grid. However, the system does not
consider the uncertainty of PV power output and EV charging behavior, it is less robust, and it operates
in a nonoptimal, nonstable state.
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Figure 3. Stochastic optimization result.

5.3.2. Robust Optimization

RO fully considers the uncertainty of the system, and can guarantee stable operation of the system
even in a worst-case scenario. The worst-case scenario means the least PV output and the most EV
charging. When this happens, the microgrid system must increase the output of the DE to supplement
the demand for electricity. Due to the relatively high price of electricity at noon, the microgrid does
not purchase electricity from the main grid. Figure 4 shows that the PV output power is fully used,
and the EVs are effectively charged at noon to achieve peak load shifting. RO guarantees the stability
of the system, but the total cost of the system must increase.

Figure 4. Result of robust optimization in a worst-case scenario.

Figure 5 shows the simulation result of RO in a best-case scenario, where PV power generation
accounts for a large proportion in the system, and the EV charging capacity is significantly reduced.
Because the system is basically self-sufficient, the amount of electricity purchased from the main grid
has also dropped markedly.

494



Energies 2020, 13, 2813

Figure 5. Result of robust optimization in the best-case scenario.

5.3.3. Comparison of Stochastic Optimization and Robust Optimization

In the three results, EVs are charged near 12:00 and renewable energy is used preferentially.
Compared with SO, RO fully considers the uncertainty of the system and can operate safely even in
the worst case. Table 4 shows that in a worst-case scenario the robust-optimized PV output is smaller,
but RO meets more EV charging requirements, and the output of the DE as a rotating standby unit also
increases. The total system cost is higher than that of the SO. On the contrary, when RO is in a best-case
scenario, the PV output greatly increases while the EV charging capacity decreases, so the system
reduces the output of the diesel generator and the power purchase from the main grid, which leads to
a reduced total system cost.

Table 4. Comparison of stochastic optimization and robust optimization.

Type DE (kW) PV (kW) MT (kW) Pgrid (kW) EV (kW)
Total Cost

(RMB)
POV

RO worst-case 8243.9 8880 9500 3787.7 2280 22,508 0%
RO best-case 5943.5 13,035.6 9500 1133.2 1614 20,611 —

SO 6460.3 11,345.3 9500 2706.5 1947 21,456 100%

6. Conclusions and Discussion

The participation of electric vehicles in microgrid dispatching provides a new solution for grid
connection of renewable energy power generation. Finding a method to dispatch the electric vehicle to
play its energy storage unit role is a problem that must be solved. An optimal scheduling strategy
is very important to the economy, environmental protection, and safety of a microgrid. This paper
first analyzes the uncertainty of PV power output and EV charging behavior and expresses this
uncertainty in the form of a set. Then, to enhance the economic and environmental benefits of the
microgrid, a multi-objective optimization scheduling model is established, and an RO theory is applied
to the scheduling model. Finally, the simulation results verify the validity of the proposed model.
Compared with SO, RO considers the most conservative situation of the system. The system’s economic
cost is lowered, and the stable operation of the microgrid system is better guaranteed. The scheduling
strategy proposed in this paper is a conservative method, which is suitable for the microgrid system
with high security requirements. The case study of this paper can help decision-makers to find
corresponding solutions for different microgrid systems.

Next, the following three aspects of research can be summarized.
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1. Robust optimization guarantees the safe and stable operation of the system under the worst
conditions, leaving the system in an overly conservative state. Adjustable coefficients can be
introduced to adjust the robustness of the system by changing the number of uncertain variables
in the system, and to coordinate the relationship between the robustness and economics of the
system according to the needs of the actual situation.

2. On the dispatching problem with electric vehicles, we assume that all electric vehicles are involved
in dispatching. Future research can consider the psychological willingness of electric vehicle
users to participate in dispatching, and explore the impact of user psychological factors on the
total dispatchable power of electric vehicles to make them more in line with actual conditions.

3. The electric vehicles in this article only charge. As the V2G technology of electric vehicles matures,
the way in which electric vehicles participate in dispatching will become more flexible. It can be
considered that electric vehicles not only consume photovoltaic power when the photovoltaic
output is strong, but also discharge at the peak of electricity consumption, alleviating the pressure
on the grid, making the electric vehicle a mobile energy storage unit.
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Nomenclature

A. Nouns and numbers
RO Robust optimization
SO Stochastic optimization
EV Electric vehicle
PV Photovoltaic
SOC State of charge
SO2 Sulfur dioxide
CO2 Carbon dioxide
NOX Nitrogen oxide
MT Microturbine
DE Diesel engine
F The worst-case scenario
POV The probability of spinning reserve constraint violated
i The ith DE
j The jth MT
l The lth PV
k The kth PV
h The hth pollutant
p The pth power source
I The number of DEs
J The number of MTs
L The number of PVs
K The number of EVs dispatched
H The number of pollutants
P The number of power sources
Γt The number of uncertain variables

496



Energies 2020, 13, 2813

B. Uncertain sets
PVG

l,t The output of the lth PV power station at period t (kW)

PVl,t The forecasted output of the lth PV power station at period t (kW)
ˆPVl,t The deviation of the charging power of the EV at period t (kW)
ˆPVl,t, ˆPVl,t The lower and upper limits of ˆPVl,t (kW)

μ,σ The mean and standard deviation of function h(·) (m)
d,dm The traveling distance and the maximum travel distance of the EV (m)
Tk

start The charging start time of the kth EV (h)
Tk

start The lower limits of charging start time of the kth EV (h)

Tk
start

The upper limits of charging start time of the kth EV (h)
E The capacity of EV batteries (kWh)
Pc The charging power of EV (kW)
Tk

end The charging end time of the kth EV (h)
PEVG

k,t The charging power of the kth EV at period t (kW)

PEVG
t The total charging power of EVs at period t (kW)

PEVt The forecasted value of the charging power of EVs at period t (kW)
ˆPEVt The deviation of PEVt (kW)
ˆPEVt The lower limits of ˆPEVt (kW)
ˆPEVt The upper limits of ˆPEVt (kW)

C. Function parts
h(·) The daily traveling distance of an individual EV (%)
C f (·) The fuel costs of DEs and MTs (RMB)
COM(·) The operation and maintenance costs of DEs, MTs and PV power station (RMB)
C1 The operating cost (RMB)
C2 The environmental cost (RMB)
Ctotal The total cost of system (RMB)
Cgrid,t The cost of transmission between the microgrid and the main power grid (RMB)
c1,c2,c3 The fuel cost parameters of DEs (RMB/kW)
y The cost parameter of MTs (RMB/kW)
η(·) The work efficiency of MTs (%)
Ch The treatment cost of the hth pollutant (RMB/kg)
μp,h The hth pollutant emission coefficients of the pth type power source (g/kW)
Pp,t The output power of the pth power source (kW)
Pgrid,t The transmission power between the microgrid and the main power grid (kW)
μgrid The pollutant emission coefficients of the main power grid (g/kW)
Δt Scheduling interval (h)
KOM The OM cost parameter (RMB/kW)
D. Variables and constants
Pi,t The output power of the ith DE at period t (kW)
PMTj,t The output power of the jth MT at period t (kW)
PVl,t The output power of the lth PV power station at period t (kW)
Pload,t The total load demand at period t (kW)
Pi,min The lower limits of the power output of the ith DE (kW)
Pi,max The upper limits of the power output of the ith DE (kW)
PMTj,min The lower limits of the power output of the jth MT (kW)
PMTj,max The upper limits of the power output of the jth MT (kW)
Pi,down The lower limits of the ramp rate of the ith DE (kW)
Pi,up The upper limits of the ramp rate of the ith DE (kW)
Pj,down The lower limits of the ramp rate of the jth MT (kW)
Pj,up The upper limits of the ramp rate of the jth MT (kW)
Pdown The lower limits of the main grid transmitting power (kW)
Pup The upper limits of the main grid transmitting power (kW)
Mt The price of electricity (RMB/kWh)
αt, βt,γt, δt Lagrange coefficients
ηm,t,ωm,t, Jt The coefficients of POV
Lt The spinning reserve rate (%)

497



Energies 2020, 13, 2813

References

1. Zhou, E.; Cole, W.; Frew, B. Valuing variable renewable energy for peak demand requirements. Energy 2018,
165, 499–511. [CrossRef]

2. Sharvini, S.R.; Noor, Z.Z.; Chong, C.S.; Stringer, L.C.; Yusuf, R.O. Energy consumption trends and their
linkages with renewable energy policies in East and Southeast Asian countries: Challenges and opportunities.
Sustain. Environ. Res. 2018, 28, 257–266. [CrossRef]

3. Zhang, D.; You, P.; Liu, F.; Zhang, Y.; Zhang, Y.; Feng, C. Regulating cost for renewable energy integration in
power grids. Global Energy Interconnect. 2018, 1, 544–551.

4. Xia, T.; Ji, Q.; Zhang, D.; Han, J. Asymmetric and extreme influence of energy price changes on renewable
energy stock performance. J. Clean Prod. 2019, 241, 118338. [CrossRef]

5. Li, X.; Jiang, C. Short-term operation model and risk management for wind power penetrated system in
electricity market. IEEE T Power Syst. 2010, 26, 932–939. [CrossRef]

6. Zakaria, A.; Ismail, F.B.; Lipu, M.H.; Hannan, M. Uncertainty models for stochastic optimization in renewable
energy applications. Renew. Energ. 2019, 145, 1543–1571. [CrossRef]

7. Meng, N.; Xu, Y.; Huang, G. A stochastic multi-objective optimization model for renewable energy structure
adjustment management–A case study for the city of Dalian, China. Ecol. Indic. 2019, 97, 476–485. [CrossRef]

8. Yu, J.; Ryu, J.; Lee, I. A stochastic optimization approach to the design and operation planning of a hybrid
renewable energy system. Appl. Energ. 2019, 247, 212–220. [CrossRef]

9. Hocine, A.; Kouaissah, N.; Bettahar, S.; Benbouziane, M. Optimizing renewable energy portfolios under
uncertainty: A multi-segment fuzzy goal programming approach. Renew. Energ. 2018, 129, 540–552. [CrossRef]

10. Daim, T.U.; Kayakutlu, G.; Cowan, K. Developing Oregon’s renewable energy portfolio using fuzzy goal
programming model. Comput. Ind. Eng. 2010, 59, 786–793. [CrossRef]

11. Heo, E.; Kim, J.; Boo, K. Analysis of the assessment factors for renewable energy dissemination program
evaluation using fuzzy AHP. Renew. Sustain. Energ. Rev. 2010, 14, 2214–2220. [CrossRef]

12. Roberts, J.J.; Cassula, A.M.; Silveira, J.L.; da Costa Bortoni, E.; Mendiburu, A.Z. Robust multi-objective
optimization of a renewable based hybrid power system. Appl. Energ. 2018, 223, 52–68. [CrossRef]

13. Gazijahani, F.S.; Salehi, J. Reliability constrained two-stage optimization of multiple renewable-based
microgrids incorporating critical energy peak pricing demand response program using robust optimization
approach. Energy 2018, 161, 999–1015. [CrossRef]

14. Bertsimas, D.; Brown, D.B.; Caramanis, C. Theory and applications of robust optimization. Siam Rev. 2011,
53, 464–501. [CrossRef]

15. Wang, L.; Li, Q.; Cheng, X.; He, G.; Li, G.; Wang, R. A robust optimization approach for risk-averse energy
transactions in networked microgrids. Energy Procedia 2019, 158, 6595–6600. [CrossRef]

16. Cao, Y.; Huang, L.; Li, Y.; Jermsittiparsert, K.; Ahmadi-Nezamabad, H.; Nojavan, S. Optimal scheduling of
electric vehicles aggregator under market price uncertainty using robust optimization technique. Int. J.
Electr. Power 2020, 117, 105628. [CrossRef]

17. Rodríguez-Gallegos, C.D.; Yang, D.; Gandhi, O.; Bieri, M.; Reindl, T.; Panda, S. A multi-objective and robust
optimization approach for sizing and placement of PV and batteries in off-grid systems fully operated by
diesel generators: An Indonesian case study. Energy 2018, 160, 410–429. [CrossRef]

18. Fu, L.; Yang, Y.; Yao, X.; Jiao, X.; Zhu, T. A Regional Photovoltaic Output Prediction Method Based on
Hierarchical Clustering and the mRMR Criterion. Energies 2019, 12, 3817. [CrossRef]

19. Peng, C.; Xie, P.; Pan, L.; Yu, R. Flexible robust optimization dispatch for hybrid wind/photovoltaic/hydro/
thermal power system. IEEE T Smart Grid 2015, 7, 751–762.

20. Shi, R.; Sun, C.; Zhou, Z.; Zhang, L.; Liang, Z. A robust economic dispatch of residential microgrid with wind
power and electric vehicle integration. In Proceedings of the 2016 Chinese Control and Decision Conference,
Yinchuan, China, 28–30 May 2016; pp. 3672–3676. Available online: https://ieeexplore.ieee.org/document/
7531621 (accessed on 23 March 2020).

21. Tian, L.; Shi, S.; Jia, Z. A statistical model for charging power demand of electric vehicles. Power Syst. Technol.
2010, 34, 126–130.

22. Moghaddam, A.A.; Seifi, A.; Niknam, T.; Pahlavani, M.R.A. Multi-objective operation management of a
renewable MG (micro-grid) with back-up micro-turbine/fuel cell/battery hybrid power source. Energy 2011,
36, 6490–6507. [CrossRef]

498



Energies 2020, 13, 2813

23. Ma, Z.; Zou, S.; Ran, L.; Shi, X.; Hiskens, I.A. Efficient decentralized coordination of large-scale plug-in
electric vehicle charging. Automatica 2016, 69, 35–47.

24. Kheshti, M.; Ding, L.; Nayeripour, M.; Wang, X.; Terzija, V. Active power support of wind turbines for grid
frequency events using a reliable power reference scheme. Renew. Energ. 2019, 139, 1241–1254. [CrossRef]

25. Wang, Y.; Wang, Y.; Huang, Y.; Li, F.; Zeng, M.; Li, J.; Wang, X.; Zhang, F. Planning and operation method of
the regional integrated energy system considering economy and environment. Energy 2019, 171, 731–750.

26. Lu, X.; Zhou, K.; Yang, S. Multi-objective optimal dispatch of microgrid containing electric vehicles.
J. Clean Prod. 2017, 165, 1572–1581. [CrossRef]

27. Mohamed, F.A.; Koivo, H.N. System Modelling and Online Optimal Management of MicroGrid Using
Multiobjective Optimization. In Proceedings of the2007 International Conference on Clean Electrical Power,
Capri, Itlay, 21–23 May 2007; pp. 148–153. Available online: https://ieeexplore.ieee.org/abstract/document/
4272373 (accessed on 23 March 2020). [CrossRef]

28. Bai, J.; Ding, T.; Wang, Z.; Chen, J. Day-Ahead Robust Economic Dispatch Considering Renewable Energy
and Concentrated Solar Power Plants. Energies 2019, 12, 3832. [CrossRef]

29. Bertsimas, D.; Sim, M. The price of robustness. Oper. Res. 2004, 52, 35–53.

© 2020 by the authors. Licensee MDPI, Basel, Switzerland. This article is an open access
article distributed under the terms and conditions of the Creative Commons Attribution
(CC BY) license (http://creativecommons.org/licenses/by/4.0/).

499





energies

Article

Battery Management Systems—Challenges and
Some Solutions

Balakumar Balasingam 1,*, Mostafa Ahmed 1 and Krishna Pattipati 2

1 Department of Electrical and Computer Engineering, University of Windsor, 401 Sunset Ave., Office#3051,
Windsor, ON N9B3P4, Canada; ahmed168@uwindsor.ca

2 Department of Electrical and Computer Engineering, University of Connecticut, 371 Fairfield Rd, Office#350,
Storrs, CT 06269, USA; krishna.pattipati@uconn.edu

* Correspondence: singam@uwindsor.ca; Tel.: +1-(519)-253-3000 (ext. 5431)

Received: 23 April 2020; Accepted: 27 May 2020; Published: 2 June 2020

Abstract: Electric vehicles are set to be the dominant form of transportation in the near future and
Lithium-based rechargeable battery packs have been widely adopted in them. Battery packs need to be
constantly monitored and managed in order to maintain the safety, efficiency and reliability of the overall
electric vehicle system. A battery management system consists of a battery fuel gauge, optimal charging
algorithm, and cell/thermal balancing circuitry. It uses three non-invasive measurements from the battery,
voltage, current and temperature, in order to estimate crucial states and parameters of the battery system,
such as battery impedance, battery capacity, state of charge, state of health, power fade, and remaining
useful life. These estimates are important for the proper functioning of optimal charging algorithms,
charge and thermal balancing strategies, and battery safety mechanisms. Approach to robust battery
management consists of accurate characterization, robust estimation of battery states and parameters,
and optimal battery control strategies. This paper describes some recent approaches developed by the
authors towards developing a robust battery management system.

Keywords: battery management systems; battery fuel gauge; state of charge; state of health; power fade;
capacity fade; robust estimation; predictive control

1. Introduction

Automobiles powered by gasoline engines account for nearly 25% of the global energy
consumption [1]. Rechargeable batteries promise a way to replace them by electric vehicles (EVs)
in the near future. In addition to EVs, rechargeable batteries have been widely adopted in portable
electronic equipment, household appliances, power tools, aerospace equipment and renewable energy
storage systems. A battery management system (BMS) ensures the safety, efficiency and reliability of a
battery powered system. Research on BMS has been very intense in the last two decades and significant
improvements were achieved in the safety, efficiency and reliability of battery systems [2,3]. However, there
are challenges remaining and in this paper we describe a list of challenges and outline possible solutions.

Two schools of approaches for battery management systems have emerged over time; one models
the battery through electrical equivalent circuit model (ECMs) [2,3] and the other seeks to model it through
electrochemical models [4]. However, most practical systems adopt the electrical ECM based approaches
due to their simplicity. The research challenges faced by the present day BMS are three pronged: safety,
efficiency and reliability. Lithium ion batteries are susceptible to thermal runaway which is an irreversible
chemical process triggered by several conditions including over-voltage and high temperature. The need

Energies 2020, 13, 2825; doi:10.3390/en13112825 www.mdpi.com/journal/energies
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to fast-charge the battery, which is important in electric vehicle applications, increases the possibility
of thermal runaway and safety issues [5,6]. There are wide ranging issues affecting the efficiency of
energy storage in batteries; particularly, electric vehicle applications strive to improve efficiency in
every possible way. For example, charging efficiency is the percentage of the total energy needed
during charing [7]; fast charging requirements results in significant energy waste in the form of heat.
BMS algorithms attempt to enhance efficiency of batteries in multiple ways; optimal charging algorithms
aim to reduce the amount of heat waste and the degradation of state of health; precise SOC estimation
algorithms will help to improve the efficiency by helping to design minimal battery-pack configurations
based on specific needs. Individual cells in a battery-pack are known to become imbalanced over time
causing safety and reliability issues; short circuited cells are another common cause of safety and reliability
issues in Li-ion batteries [8–10].

An emerging challenge for battery management systems comes in the form of battery reuse [11,12]. It is
predicted that the electric vehicle sales are about to grow by nearly 500% in the next 10 years [13]. The state
of the art BMS algorithms heavily depend on prior characterization carried out in laboratories [2,3];
Consequently, they are only effective for first time use of batteries. Considering the fact that the first use of
the battery alters its electrochemical characteristics in unique ways, traditional BMS approaches that rely
on empirical modeling, under the assumption that batteries of the same chemistry and size have similar
characteristics, will be inadequate to manage used batteries.

The present manuscript is written in the form of an expository paper detailing the many solutions
developed by the authors in the recent past in order to address specific challenges in battery
management systems. Section 2 describes in more details about the specific goals of a state of the
art battery management systems and the challenges it needs to overcome. Section 3 describes some specific
solutions developed by the authors in order to address the challenges faced by the present day battery
management system. Finally, the paper is concluded in Section 4.

2. Battery Management System: Goals and Challenges

In this section, some of the challenges faced in designing battery BMS are briefly described.

2.1. State of Charge Estimation

Coulomb counting is the easiest approach to estimate the state of charge (SOC) of a battery [2,3].
Figure 1a gives the approximate Coulomb counting equation that is used to compute SOC in a
recursive manner. However, Coulomb counting method suffers from the following sources of errors:

1. Initial SOC error. Since it is a recursive integration, any errors in the initial SOC assumption will
remain as a bias.

2. Current measurement error. Current sensors are corrupted by measurement noise; simple, inexpensive
current sensors are likely to be more noisy and possibly biased.

3. Current integration error. Coulomb counting methods employ a simple, rectangular approximation for
current integration. Such an approximation results in errors that increase with sampling interval as
the load changes rapidly.

4. Uncertainty in the knowledge of battery capacity [14]. Coulomb counting method assumes perfect
knowledge of the battery capacity, which is known to vary with temperature, usage patterns and
time (age of the battery) [15,16].

5. Timing oscillator error. Timing oscillator provides the clock for (recursive) SOC update, that is, the
measure of time comes from the timing oscillator. Any error/drift in the timing oscillator will have an
effect on the measured Coulombs.
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Alternatively, the open circuit voltage (OCV) can be modeled as a function of the SOC of the battery.
This OCV-SOC model [17] can be exploited to estimate the SOC based on voltage measurements. However,
measuring the OCV in real-time during battery operation is not feasible because the battery needs to be
rested for several hours before the OCV can be measured. While the battery is operational a measure of
OCV can be obtained by estimating the voltage across the battery ECM; this requires the estimation of the
ECM parameters as well. Once the OCV is estimated, the SOC can be looked-up [17] using the OCV-SOC
characterization parameters. Figure 1b summarizes the voltage based approach to SOC estimation.
The following errors are encountered by the OCV-SOC based state of charge estimation approach:

1. Errors in the parameters estimated for the electrical ECM of the battery.
2. Voltage and current measurement error.

Most of the advanced BFG’s use a fusion based approach where both the Coulomb counting method
and the OCV-lookup method a combined in an efficient manner.

(a) Current based approach
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(b) Voltage based approach

s(k) = s(k − 1) +
Δki(k)
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+ ns(k)
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(c) Fusion based approach

Figure 1. State of charge estimation. The fusion based approach is one of the most robust approaches to
accurate battery SOC estimation.

Th fusion approach to SOC estimation (more appropriately, SOC tracking) is modelled as a recursive
Bayesian estimation problem and by employing a nonlinear filtering approach (such as an extended
Kalman filter) for online SOC tracking [2,3]. A complete SOC tracking solution involves the following:
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(i) Estimation of the OCV parameters that form part of the state space model through offline OCV characterization:
The OCV-SOC characterization is stable over temperature changes and aging of the battery.
Once estimated, these parameters form part of a state-space model with known parameters.

(ii) Estimation of the dynamic ECM parameters: These parameters can change depending on the battery age,
temperature, and SOC, therefore, they must be estimated in real time.

(iii) Estimation of battery capacity: Even though the the manufacturer provides the nominal capacity
of the battery, it changes over time. Some important factors that cause capacity fading are,
elevated temperature, cycling (usage), depth of discharge patterns, and calendar aging. Due to
this, the battery capacity needs to be estimated in real-time for an accurate BFG. Capacity estimation
is still being actively investigated in the literature [14].

(iv) Model parameter-conditioned SOC tracking: As soon as the model parameters are estimated, a filtering
approach can be used to track the SOC using the state-space model discussed above. In order to
do this, numerous filtering approaches, including extended Kalman filter, Unscented Kalman filter
and particle filter, were experimented in the literature. However, it is observed that the resulting
state-space model contains correlated process and measurement noise processes. Properly addressing
the effect of these correlations will yield better SOC tracking accuracy.

Figure 1c illustrates the fusion based approach to SOC estimation. The fusion based approach needs
to have the knowledge of OCV parameters, battery capacity, ECM parameters as well as the sensitivity of
the voltage and current measurement sensors. Section 3 briefly describes the approaches to estimate them.

2.2. Real-Time State of Health Estimation

Today’s BMS technology is inadequate to accurately predict the state of health (SOH) of a battery.
The available choices are either to prematurely replace the battery or to wait until an explicit failure
event occurs. Both of these choices have undesirable consequences: premature replacement will result in
increased cost to the end user and excessive waste to the environment; waiting out will negatively impact
the safety and quality of experience to the end user.

Many of the methods proposed in the literature for SOH estimation are data driven methods.
The existing approach to SOH estimation differ in terms of the features used to train and the
machine learning topology used. For instance, both approaches presented in References [18,19] used
neural networks; in Reference [18], the following features were used: change in the SOC, current,
temperature and the internal circuit parameters; in Reference [19] the voltage curve was used as a
feature. In References [20–22], support vector machines approach was employed for SOH classification.
Feng et al. [20] used partial charging voltage curves as there feature to estimate the SOH online while [21]
identified the charging time and capacity to be the features in order to estimate the SOH. In Reference [23],
a sample entropy algorithm is used identify the measured terminal voltage under hybrid pulse power
characterization current profile; this is then used as a feature to estimate the SOH using a sparse Bayesian
predictive modeling. Yun and Qin [24] proposed the use of the time required for the terminal voltage to
drop from and to a certain value as the feature to train.

Real-time SOH estimation remains one of the open problems in battery management system research.

2.3. Optimal Charging

The state of the art in battery charging is primitive: time consuming, less efficient and less safe
compared to gasoline refueling. Research on optimal charging algorithms (OCA) received significant
attention in the recent past. One of the most common method of charging is the constant trickle current
based charge strategy. Because a low charging current is used, it requires a long charging time (around
10 h) [25]; charging time can be reduced by increasing the charging current, however, as the batter OCV
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increases due to charging, this will cause the battery terminal to reach a voltage that is above the safety
threshold. Hence, the higher current that is applied at the initial stage needs to be reduced when the
terminal voltage reaches a certain threshold value. Consequently, the constant-current constant-voltage
(CC-CV) [25] strategy has become one of the widely used approaches to fast charging. In order to shorten
the charging time and perpetuate the cycle life of the battery a multi-step constant-current charging is used
in References [26,27]. The Taguchi-based methods for battery charging [28,29] uses orthogonal arrays to
put forward a systematic method to find the optimal solution with guidelines for choosing the design
parameters. Another strategy to use is the boost charging strategy, where a very high current is applied to
close-to-fully discharged batteries [30]. In pulse-charging methods [31–35], the battery is exposed to very
short rest or even deliberate discharging periods during the charging process. Soft-computing approaches
can also be used to optimize the battery charging profile. In Reference [36], optimal charging is achieved
by simplifying the problem to be in the form of an optimization problem with the objective function of
maximizing the charge within 30 min. Through the use of a multistage constant current charging algorithm,
the optimal solution can be obtained by using an ant-colony approach. The authors of Reference [37]
proposed a universal voltage protocol, its goal is to enhance the charging efficiency and cycle life by
applying a certain charging profile, this charging profile is determined based on the SOH of the battery,
which is estimated during the optimization process [38]. Recently, in Reference [39], to find the optimal
charging strategy, an optimization approach with cost function of time-to-charge and energy loss is used.
However, an analytical solution has not been presented; rather a numerical solution is given to the problem.
Many other approaches are presented in the literature for battery charging, such as data mining [40,41],
genetic algorithm and neural network based strategies [42], Grey-predicted charging system [43].

2.4. Fast Characterization

Two important offline characterizations required in a BMS are the SOC and SOH characterizations.
In SOC characterization, the SOC is modelled against the OCV by collecting one full cycle of data (fully
charged battery → fully discharged battery → fully charged battery) whereas the state of the art SOH
characterization is done against the number of cycle requiring hundreds and even thousands of cycles
of data. This makes SOC ans SOH characterization a time-consuming process. Hence, it is important to
find ways to reduce characterization time.

One approach to reduce characterization time is to do it in real-time while the battery is in use.
Some approaches for real-time SOC characterization were proposed in the past [44,45]. One of the
drawbacks of these approaches is due to the fact that simpler OCV-SOC models need to be employed
(due to computational bottlenecks in the BMS) for online estimation of parameters; this will lead to loss
of accuracy [46]. Secondly, different sources of error can accumulate from other estimated parameters,
that will be incorporated during OCV estimation [47]. Lastly, based on the SOC range that the battery
goes through, the estimated OCV model will cover that SOC portion—which depends on the battery
usage pattern. In orderfor OCV-SOC model to cover the entire SOC range, the battery has to undergo
a complete discharge/charge profile—this cannot be guaranteed. In Reference [48], an approach that
uses the data pieces-based parameter identification was proposed to estimate the entire OCV-SOC model.
However, this approach has its own drawbacks where the modelling error can be high at the initial stages
and the the convergence is not always insured.

Compared to SOC characterization, SOH characterization is nearly impossible to do in real-time
locally for a particular battery pack. However, the abundance today’s connectivity offers an alternative
solution for real-time SOC characterization. Figure 2 depicts how a cloud assisted BMS can collect data from
numerous batteries to estimate crucial parameters for real-time management of battery packs.
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Figure 2. Cloud assisted battery management system. The abundance of todays connectivity allows
crucial parameters related to SOC and SOH characteristics of battery packs in real-time. (image
from Reference [49] being reprinted with permission from IEEE).

2.5. Battery Reuse

As counties race towards decreasing their green house gas emissions, the public is being encouraged
to use EVs by offering various incentives. As a result, the manufacturing of Lithium-ion (Li-ion) batteries is
expected to increase very rapidly in the next few decades due to their expected use in electric vehicles [50].
Battery packs used in electric vehicles are expected to be replaced when they reach about 80% of their
original capacity [11], since range is an important quality in EVs. Research on BMS algorithms so far
has predominantly focused on the first use of the battery-pack. The batteries retired from the EVs are
still an excellent medium of renewable energy storage in other applications, such as renewable energy
storage systems [11]. However, it is still not well understood as to how usage affects the SOC and SOH
characterizations of a battery pack. Environmental and usage conditions affect battery characteristics;
based on how, when and where an EV was predominantly in use, its battery-pack might have significantly
different reliability, efficiency and safety compared to another battery-pack that was made by the same
manufacturer during the same assembly process. In other words, even though two batteries were identical
twins out of the assembly line, after their first retirement, they would possess two different characteristics
based on the patterns of environmental and usage conditions that they experienced. Hence, there is a need
to invest in research and to develop BMS that ensure safe, reliable and efficient operation of EV batteries
during their second use as renewable energy storage systems. Even though the electric vehicle production
is expected to grow exponentially in the next few decades [13], research on battery reuse is still in early
stages [51,52]. Figure 3 demonstrates the overall block diagram of a BMS during battery reuse. One of the
important challenges here is that each used battery pack is different from one another.

Figure 3. Battery reuse: from scrapyard to powering living rooms. Millions of vehicles are scrapped each
year due to accidents. In the case of electric vehicles, the batteries could be reused store renewable energy.
However, more research needs to be done about managing used batteries of various size, chemistry
and manufacturers.
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2.6. Universality

Existing BFG algorithms depend on prior characterization for accurate estimation of SOC and
SOH [2,3]; as a result, their application is limited to certain type of batteries to which they have the
parameters for. The state of the art BMS is constrained to a particular chemistry, manufacturer, and size of
the battery to which it is characterized for, that is, the present-day BMS is not universal; this restricts battery
selection and results in increased cost; also, such a restrictive BMS does not allow one to repurpose used
battery packs for energy storage. In smaller, household, applications, custom battery chargers generate
excessive electronic clutter and environmental waste.

The first ones to think about the universal battery systems were the battery charger designers who
had to address the huge number of different chemistry and types of batteries that in each application
requires its own customized charger; this increases the amount of electronic wastage and adds to the cost
of the device. Hence, the problem of universal battery charger received attention in the literature [7,53–55].
Earlier versions of universal battery chargers are programmed to look for appropriate voltage to terminate
the charging process. Most of them used a look-up table of incremental voltage in response to charging by
a certain number of Coulombs [7,53–55].

A preliminary achievement regarding the universality objective is reported in Reference [52] where
a probabilistic data association filter [56,57] was employed to associate the online measurements from
batteries to their model parameters, thus, resulting in a chemistry-adaptive BFG. Further research needs
to be done on this topic so that reliable algorithms can be developed to extend adaptivity for load-range,
size, temperature, nominal voltage and age as well. This would require large computing power that
the traditional battery management systems are not allocated for, for example, portable electronics.
Cloud computing [58] allows one to outsource intense computing to external sources; that is, by combining
information fusion with cloud computing, a greater deal of universality can be achieved in battery
management systems, paving the way for optimal battery reuse (see Section 2.5) and reduced electronic
clutter in households and work places.

2.7. Self Evaluation

Battery management system evaluation is a very challenging research problem since there are
no proven mathematical models to represent the complex features of a Li-ion battery, these features
include power fade (PF), capacity fade (CF), temperature effects on parameters, aging, hysteresis and
relaxation effects.

There is little literature focusing on BFG algorithm evaluation under realistic usage conditions.
The importance of BMS evaluation is discussed in Reference [59]; in Reference [60], the need to minimize
power dissipation and extend battery run-time for portable devices is discussed; the advantages of
hardware-in-the-loop (HIL) testing to validate a BMS under various failure conditions was motivated
in Reference [61]; and a HIL test to validate the BFG using a multi-cell battery pack was proposed
in References [62,63].

Evaluating BMS algorithms is a time consuming task [16] that requires research to find
efficient solutions. Particularly, the following aspects needs to be studied further:

• The state of the art BMS evaluation is done in a lab setting. Real-time self-evaluation through data
driven approaches need to be developed.

• Majority of the existing research experiments are done at a constant temperature. BMS evaluation in
the presence of gradual and rapid temperature changes is needed.
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3. Solutions Through Model Based Algorithms

Figure 4 shows an overall block diagram of a BMS that consists of three important components [49]:
BFG, OCA, and cell-balancing circuitry (CBC). The BFG is considered as the the primary component
of a BMS since the BFG output is required in both the OCA and CBC. The BFG estimates the SOC and
SOH of the battery-pack based on three measurements: voltage, current, and temperature. The OCA is
responsible for regulating the battery charging by generating charging waveforms. The charing waveforms
vary in complexity; at the simplest level, a charger applies a constant voltage across the battery terminal;
in constant-current constant voltage (CC-CV) charging, the battery SOC (and hence the OCV) rises fast
due to the relatively high current; then the charing is switched to CV in order to safeguard the battery
from overcharging. Complex charging strategies closely monitor critical battery parameters and adaptively
alter the charging pattern. The ultimate goal of an OCA is to charge the battery faster without negatively
affecting its SOH [64,65]. When new, individual cells in the battery-packs have similar battery capacity
and impedance. However, it is well know that after many charge/discharge cycles these parameters can
deviate away from one other causing cell imbalance. Cell-imbalance has many drawbacks from reduced
power output, reduced cycle life to catastrophic failures, including fire. The CBC helps to maintain
the battery-pack balanced. In addition to this, CBC is also responsible for thermal balancing [66] of
the battery-pack. In the remainder of this section, recent contributions to some of the BMS components
are described.

The BMS consists of several smaller modules that are critical for improving its safety, efficiency
and reliability. Many of todays research is focused on improving these individual modules. In the
remainder of this section, we brief the details of the several BMS modules that were developed as
improvements to the state of the art.

Figure 4. Functional block diagram of a battery management system. Three important components of a
BMS are battery fuel gauge, optimal charging algorithm and cell balancing circuitry.

3.1. Normalized Open Circuit Voltage Characterization

Open circuit voltage characterization is one of the most important elements of any BMS, as it allows
one to estimate the SOC based on a given OCV. Earlier approaches to OCV modelling suggested to
store different OCV-SOC parameters at different temperatures. It was shown in Reference [17] that the
normalized approach to OCV characterization results in a single set of parameters for all temperatures.
Further, various models for OCV characterization were evaluated in Reference [17]. Figure 5 shows the
results of applying the normalized OCV modelling approach [17] for OCV-SOC characterization. The
important advantage of the normalized modelling approach is that the OCV-SOC characterization does
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not need to be repeated at multiple temperatures. Just one characterization at room temperature is shown
to be enough to cover typical operational temperatures experienced by batteries.
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Figure 5. Normalized open-circuit voltage modelling. It is shown that the OCV-SOC parameters obtained
through the proposed normalized OCV modelling approach in Reference [17,67] showed little variations
with temperature.

The combined model and its variations, such as the combined+3 model [17], remain one of the
most used approaches to OCV modelling. Many existing OCV models, including combined model and
its variants, suffer from the fact they are not defined at the extreme limits of the SOC, that is, (SOC =
0% and SOC = 100%). For example, let us consider the combined model equation where the OCV (Vo(s)
relates to the SOC (s) as follows

Vo(s) = κ0 +
κ1

s
+ κ2s + κ3 ln(s) + κ4 ln(1 − s) (1)

where it can be noticed that the function is undefined when s = 0 (SOC = 0%) and when s = 1
(SOC = 100%). Existing approaches to the above problem not very optimal. In References [67,68], the effect
of not scaling on the performance of SOC estimation is formally quantified and an approach was presented
to find the optimal scaling factor; further, it was shown in Reference [67] that the optimal scaling factor
remained the same across different battery chemistries and temperatures. Figure 6 summarizes the results
of scaling

Figure 6. Scaling. The scaling approach [67] reduces the worst case error in OCV modelling.
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3.2. Equivalent Circuit Model Identification

Li-ion batteries are powered through chemical reactions. modelling such chemical reactions
using physics and chemistry result in very complex models that are challenging to solve. In contrast,
ECM provided a simplistic, albeit adequately approximate representation of batteries and battery packs.
Figure 7 shows a generalized ECM of a battery.

It was shown in Reference [69] that different approximations of ECM in Figure 8 can be used based
on the battery load. Using the appropriate ECM can reduce computation time and complexity and give
accurate results. Figure 8a shows the ECM when there is a constant low current load. In this mode the
hysteresis can be neglected due to the small effect it has and the capacitors can be ommited due to the
constant current. The remaining resistances can be lumped together to form the output resistance (R0).

The second mode is shown in Figure 8b. This model is used when there is a high current for extended
periods of time. Due to the high current, hysteresis cannot be neglected anymore, and must be incorporated
in the model. However, the capacitors can still be omitted due to the constant current. The remaining
resistances can still be lumped together in one output resistance (R0).

Figure 8c shows model 3 that can be used when there is a dynamic load with a constant average load.
In this case, the hysteresis cannot be ignored, along with the capacitor/resistor component (C1/R1). On the
other hand, model 4 is shown in Figure 8d where there is a dynamic current with varying average load.
Therefore, a second capacitor/resistor (C2/R2) need to be used for accurate battery modelling.

R0 R1 RN

C1 CN

i[k]i1[k] iN [k]
h[k]

Vo(s[k])
zv[k]

+
_

Figure 7. Equivalent circuit model of a battery. Identifying the battery model and estimating its
parameters are crucial steps for all aspects of a battery management system, from state of charge estimation
to optimal charging to charge and thermal balancing. In practice, reduced models, shown in Figure 8, are
employed; In Reference [69] a unified approach to ECM model parameter estimation is developed.

The authors of Reference [69] proposed an approach that is based on weighted least squares method
to identify the battery parameters online, which is inexpensive and has high accuracy. This method has
the ability to switch between the battery models easily based on the current profile. Furthermore, instead
of modelling the hysteresis as a function of the SOC, which can be very complex and inaccurate, the
authors proposed a way to model the hysteresis as an error in the OCV, which has the added benefit of fast
recovery when the initial SOC is inaccurate.
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(a) Model 1 (OCV moeling) (b) Model 2 (Charging)

(c) Model 3 (Stationary load profiles) (d) Model 4 (Time-varying load profiles)

Figure 8. Reduced equivalent circuit models of a battery. Each model is appropriate for different types
of loading condition as indicated.

3.3. Real-Time Battery Capacity Estimation

Real-time battery capacity estimation is a very important factor to achieve a universal BMS. It is
also one of the ways to improve the accuracy of SOC estimates. The work done in Reference [14] aims to
establish an approach that can estimate the battery capacity in real-time. In this paper, two approaches
to estimate the battery capacity were investigated; the first approach uses total least squares, while the
second approach used the rest states and models the hysteresis as an error in the OCV. Furthermore,
both approaches are fused together to estimate the battery capacity with a high accuracy. Finally, HIL
approach was used to validate the estimation algorithm; the results showed that it is accurate within 1% of
the true value.

3.4. Optimized Charging

Optimal battery charging is one of the most active research areas of BMS. Figure 9 outlines the level-2
and level-1 charging goals.
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Figure 9. Elements of a smart (optimal) charger.

A closed-form solution to the problem of optimally charging a Li-ion battery was presented
in Reference [64] by considering a combination of three cost functions: time-to-charge (TTC), energy
losses (EL), and a temperature rise index. It was theoretically shown in Reference [64] that the optimal
charging strategy for the simple equivalent model case reduces to the well-known CC-CV policy with the
value of the current in the CC stage being a function of the ratio of weighting on TTC and EL and of the
resistance of the battery.

In Reference [65], two models were presented for normalized battery capacity: the LAR-αηγ model
and the control variable dependent model. The first model is based on the number of cycles and the latter is
a function of the number of cycles as well as two other charge control parameters, viz., maximum terminal
voltage of the battery (vmax) and maximum charge current (imax). In order to evaluate the accuracy of these
models experimental data were gathered from aging experiments performed on Samsung GS4 battery.
The results show that these methods are far more superior to the bi-exponential capacity model [70].

3.5. Adaptive Algorithms for Universality

Developing a generalized BFG that is independent of battery chemistry can be broken down into
two categories. The first category is to simply compile a library of all possible OCV parameters and to
select the most suitable OCV model for fuel gauging through online deteciton. In other words, this first
approach seeks to resolve the association ambiguity between several possible OCV parameters and the
battery being monitored in a supervised way (e.g., employing nearest neighbor or any of the machine
learning-based classifiers).

The second category seeks to use online data to estimate the OCV parameters [71–73]; an iterative
process is used to keep the OCV parameters and battery capacity up to date. Since users can swap the
battery at any time this can cause an issue where the BFG has to be aware of this change and adapt
accordingly by restarting the OCV parameter estimation process. Additionally, this routine should only be
applied when required. Further, the iterative estimation of SOC, OCV & ECM parameters and the battery
capacity can lead to loss of robustness and instability for the BFG algorithm.

One of the first few approaches towards achieving chemistry adaptive BFG was reported
in Reference [52] where the probabilistic data association (PDA) methodology was used to achieve this goal.
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Here the ultimate goal is to be able to mange an arbitrary battery (present day BMS rely on parameters that
are obtained from the same battery type). Figure 10 shows a demonstration of the chemistry adaptivity
reported in Reference [52]. Chemistry adaptivity is a desired feature in the secondary applications of used
batteries, for example, used EV batteries used in power grid.
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Figure 10. Chemistry adaptive BMS. The proposed chemistry probabilistically selects the battery
parameters based on the measured data from the battery (voltage and current). In the above demonstration,
all three models were initialized with equal probability (1/3); within few samples of measured data,
the PDA algorithm was able converge to the correct model. (a) OCV curves of different chemistries;
(b) Model probabilities of the PDA algorithm [52].

3.6. Approaches to BMS Evaluation

In References [15,16], systematic approaches were presented to validate BFG algorithms. Particularly,
the following three BFG evaluation metrics were proposed and analyzed in References [15,16]:

• CC-metric. The CC-metric is used to evaluate the accuracy of the SOC estimates of a BFG. It was
known that the Coulomb counting method is an error prone approach to SOC estimation. However,
if the battery capacity and initial SOC are known, the Coulomb counting approach will provide a
very accurate estimate of SOC. The CC-metric proposes to use special BFG validation load profiles [16]
such that the initial SOC and the battery capacity can be accurately estimated in order to evaluate
the SOC estimate of a BFG. It must be noted that the CC-metric is a laboratory based metric, that is, it
cannot be implemented in real-time when the battery is being operated by the end user.

• OCV-metric: The OCV-SOC metric proposes to employ the OCV curve [17] in order to find the true
SOC which can then be used to validate the SOC estimate given by a BFG. Similar to the CC-metric,
the OCV-SOC metric is also a laboratory based metric because the battery needs to be rested before the
OCV can be directly measured.

• Time to voltage (TTV) Metric. The TTV metric [16] is the most rigorous way to test the accuracy of
a BFG algorithm. This metric tests several features of a BFG at once. Let us consider an example:
the BFG in an EV predicts the remaining milage as 100 miles. The most accurate way to validate
this prediction is to actually drive the EV until it reaches end of charge; by subtracting the actual
distance travelled from the prediction, the true BFG error can be computed. Now, instead of miles,
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consider this in voltage: A BFG can predict the time it takes to reach a certain voltage, given a constant
load or constant charging current. Similar to how an EV can be driven to check the accuracy of the
mileage prediction, the TTV metric is computed based on the predicted vs. actual time it took for
the battery to reach a certain terminal voltage. One drawback of the TTV metric is that it requires a
constant current to implement the metric. Most battery chargers employ constant current charging
for a certain amount of time—this provides an opportunity to implement the TTV metric in real-time.
It must be re-emphasized that the TTV metric is used to quantify the accuracy of the following BFG
estimates at once: such as, SOC, battery capacity and ECM parameter estimates

In order to compute the BFG evaluation metrics (CC-metric, OCV-metric and TTV-metric), the battery
needs to undergo a specific load profile that is named BFG evaluation profile in References [15,16]. Figure 11
shows a BFG evaluation profile that is designed to compute the above three metrics for a battery with a
nominal capacity of 1.5 Ah. The evaluation profile requires to start the experiment with a fully charged
battery and apply various discharge profiles and rest periods until the battery is given a final rest period of
about 2 h before constant current profile of moderate to low magnitude is applied until the battery becomes
empty; this procedure ensures the total capacity [17] of the battery can be accurately estimated—the
estimated total capacity in return ensures the computation of a rigorous CC-metric. The constant current
discharge at the end also allows to compute the TTV metric; this is particularly significant because
remaining time prediction is crucial when the battery nears it end of charge.

Figure 11. BFG evaluation profile. The battery fuel gauge evaluation profile is a specially designed load
current profile that allows to implement all three BFG evaluation metrics: CC-metric, OCV-metric and the
TTV-metric. The profile starts with a full battery and ends when the battery becomes empty; this allows to
compute the battery capacity accurately. Intermittent rest periods within the profile allows to compute the
OCV metric and the constant current load profile allows to compute the TTV metric.
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4. Conclusions

In this paper, we detailed the challenges involved in developing a novel battery operating system
that is suitable in future applications and described the details of some solutions that we developed.
Particularly, details of the following elements of a robust battery management system are described:

• Open circuit voltage modelling: It is demonstrated how careful modelling and optimization can result
in parameters that are applicable to a wide range of temperatures. The need for careful modelling is
demonstrated using scaling, a strategy, when ignored, results in up to 90% higher SOC errors.

• Battery impedance estimation: Battery impedance changes with temperature and other battery states;
real-time impedance estimation is required for effective battery management. In this paper,
we summarize a real-time approach to battery impedance estimation.

• Battery capacity estimation: Accurate knowledge battery capacity is crucial for all aspects of a battery
management system.

• Adaptive strategies for universal battery management: Newer versions of batteries come in slightly
different chemical compositions. How to develop a battery management system that can stay relevant
with ever changing battery types? This paper offers a glimpse into futuristic solutions based on
probabilistic data and information fusion.

• Optimal charging strategies: Battery chargers have two competing objectives; one seeks to charge fast
and the other attempts to minimize capacity fade and temperature rise due to charging. This paper
offers high-level summary of ‘level-1’ and ‘level-2’ optimal charging algorithms designed to satisfy
the above goals.

• Strategies to evaluate battery management systems: We describe the challenges involved in evaluating a
battery management system and present several guidelines.

Further, we provided insights into the remaining challenges that needs to be addressed in the domain
of battery management systems research.
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Abbreviations

The following abbreviations are used in this manuscript:

BFG Battery fuel gauge
BMS Battery management system
CBC Cell-balancing circuitry
CF Capacity fade
ECG Electrocardiography
ECM Equivalent circuit model
EL Energy loss
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EV Electric vehicle
HIL Hardware-in-the-loop
Li-ion Lithium ion
OCA Optimal charging algorithm
OCV Open circuit voltage
PF Power fade
SOC State of charge
SOH State of health
TTC Time to charge
TTV Time to voltage
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Abstract: In electric and hybrid vehicles Life Cycle Assessments (LCAs), batteries play a central
role and are in the spotlight of scientific community and public opinion. Automotive batteries
constitute, together with the powertrain, the main differences between electric vehicles and internal
combustion engine vehicles. For this reason, many decision makers and researchers wondered
whether energy and environmental impacts from batteries production, can exceed the benefits
generated during the vehicle’s use phase. In this framework, the purpose of the present literature
review is to understand how large and variable the main impacts are due to automotive batteries’
life cycle, with particular attention to climate change impacts, and to support researchers with some
methodological suggestions in the field of automotive batteries’ LCA. The results show that there is
high variability in environmental impact assessment; CO2eq emissions per kWh of battery capacity
range from 50 to 313 g CO2eq/kWh. Nevertheless, either using the lower or upper bounds of this
range, electric vehicles result less carbon-intensive in their life cycle than corresponding diesel or
petrol vehicles.

Keywords: battery electric vehicles; environmental impacts; life cycle assessment; review

1. Introduction

In recent years, the introduction of electric vehicles, and in particular electric passenger cars,
has been seen as a great opportunity to reduce both urban air pollution and greenhouse gas emissions
from the transport sector [1]. In particular, for what concerns urban air quality, the absence of tailpipe
emissions from electric vehicles (EVs) justify this idea, confirmed by a recent study that estimates
500,000 premature deaths every year due to pollutants in the European Union, where transportation
represents the main air pollutants source, especially in urban areas [2]. Regarding the reduction
of greenhouse gases, EVs can rely on an overall higher efficiency [3] and, in countries where it is
relevant, on the penetration of renewable energy sources in the national electric generation mix [4].
However, these considerations do not allow us to state that electric vehicles are better than Internal
Combustion Engine Vehicles (ICE Vehicles), since it is not possible to compare EVs and ICE Vehicles
considering only emissions that occur during vehicles use phase. In order to properly compare ICE
vehicles and EVs, researchers should consider impacts related to electric energy production, fossil fuels
production, vehicle and battery production and end of life phases in the LCA of EVs. In other words,
an LCA approach, which allows analyzing of the environmental impacts occurring during vehicles
entire life cycle, should be adopted [5]. Of course, many comparative LCAs of EVs vs. ICE Vehicles
and also some literature reviews on the topics have been published in the last decade [3], but in this
paper, we want to focus our attention on a particular component of the EVs: the battery. Batteries in
fact are a central element in electric vehicles, and one of the most relevant distinctive elements (together
with the powertrain) between EVs and ICE Vehicles. Moreover, batteries’ production generates energy
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consumption and environmental impacts which have the potential to negatively affect the electric
vehicles’ benefits due to the use phase, with particular reference to climate change emissions. In order
to investigate this issue and also to support researchers that are going to perform new LCA studies
on EVs batteries with methodological suggestions, a review of recent LCA studies is presented in
this paper. Far from being comprehensive and exhaustive, our study focuses its attention on studies
performed in the last decade, since the traction battery sector is characterized by a continuous and
rapid technological evolution [6]. The analysis of the selected studies has been carried out following the
scheme of an ISO 14040 compliant LCA study: Goal and Scope, Inventory (Life Cycle Inventory—LCI),
Life Cycle Impact Assessment (LCIA), Conclusions as summarized in Table 1, where the description
of each section is reported in italic. In the following paragraphs, besides a brief description of the
selected studies, for each of the LCA steps recommended in ISO 14040 standard, we analyze the main
methodological differences among the studies, trying to draw useful conclusions for future traction
batteries LCA studies.

Table 1. Analysis scheme considered to evaluate literature review documents.

Title

Bibliographic reference Bibliographic reference following the APA style (American
Psychological Association).

Goal and Scope

Target of the study Specify the target of the study; specify if the LCA is
attributional or consequential (if possible).

Functional unit Specify the functional unit considered and evaluate whether it
is suitable to represent the service analyzed.

System boundaries
Specify the system boundaries and the phases of the analysis
considered. Possibly, state the omitted phases and the reason

for their exclusion.

Allocation system
Indicate any allocation system used (mass, economic, etc.,) and

how the end of life is managed (cut-off, default, system
expansion).

Cut-off rules Specify any cut-off rules and the parameters considered.

Impact categories and methods Indicate impact categories and methods used in the study.

Inventory—LCI Data source Report data source, specifying if primary or secondary data
are considered.

LCIA Results Summarize the results of the study.

Sensitivity and uncertainty
analysis

Considered parameters and
techniques

Specify parameters and techniques considered to realize
sensitivity and uncertainty analysis (if present).

Conclusions Main conclusions of the study Summarize the main conclusions of the document.

2. The Assessed Documents

The literature review was realized by searching in Google Scholar for the following keywords:
Automotive batteries life cycle assessment, Automotive batteries life cycle, Battery life cycle,
Electric vehicle batteries environmental impacts.

From the search results, we selected only the works that presented the following features:

• LCA of batteries used in automotive applications, rejecting all the papers that analyze batteries in
other contexts (e.g., for stationary use).

• Documents assessing a specific battery life cycle phase, for example, production or end of life and
recycling phase, and identifying materials and operations with relevant environmental impacts.

• Studies comparing different battery models, characterized by different chemistry, power, energy
density and storage capacity.

• Automotive batteries literature reviews.
• Studies assessing a single battery model and identifying the major impacts due to materials and

operations, suggesting sustainable alternatives.

According to these criteria, seventeen documents were suitable for the current literature review
(Table 2).
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Table 2. Documents analyzed within this bibliographic review.

Authors Title Year Type of Document

Cusenza, M, A; Bobba, S; Ardente, F; Cellura,
M; Di Persio, F

Energy and environmental assessment of a
traction lithium-ion battery pack for plug-in

hybrid electric vehicles [7]
2019 Journal paper

Helmers, E; Weiss, M Advances and critical aspects in the life-cycle
assessment of battery electric cars [8] 2017 Journal paper

Ioakimidis, C, S; Murillo-Marrodàn, A; Bagheri,
A; Thomas, D; Genikomaskis, K

Life Cycle Assessment of a Lithium Iron
Phosphate (LFP) Electric Vehicle Battery in

Second Life Application Scenarios [9]
2019 Journal paper

Ellingsen, L, A, W; Majeau-Bettez, G; Singh, B;
Srivastava, A, K; Valøen, L, O; Strømman, A, H

Life Cycle Assessment of a Lithium-Ion Battery
Vehicle Pack [10] 2014 Journal paper

Notter, D, A; Gauch, M; Widmer, R; Wager, P;
Stamp, A; Zah, R; Althaus, H, J

Contribution of Li-ion batteries to the
environmental impact of electric vehicles [11] 2010 Journal paper

Romare, M; Dahllöf, L
The Life Cycle Energy Consumption and

Greenhouse Gas Emissions from Lithium-Ion
Batteries [12]

2017 Technical report

Dunn, J, B; Gaines, L; Barnes, M; Sullivan, J

Material and Energy Flows in the Materials
Production, Assembly, and End-of-Life Stages

of the Automotive Lithium-Ion Battery Life
Cycle [13]

2014 Technical report

Amarakoon, S; Smith, J; Segal, B
Application of Life-Cycle Assessment to

Nanoscale Technology: Lithium-ion Batteries
for Electric Vehicles [14]

2013 Technical report

ReCharge

PEFCR - Product Environmental Footprint
Category Rules For High Specific Energy

Rechargeable Batteries for Mobile Applications
[15]

2018 Technical guide

Nordelöf, A; Messagie, M; Tillman, A. M;
Söderman, M. L; Van Mierlo, J

Environmental impacts of hybrid, plug-in
hybrid, and battery electric vehicles—what can

we learn from life cycle assessment? [4]
2014 Journal paper

Richa, K; Babbitt, C. W; Nenadic, N, G;
Gaustad, G

Environmental trade-offs across cascading
lithium-ion battery life cycles [16] 2017 Journal paper

Faria, R; Marques, P; Garcia, R; Moura, P;
Freire, F; Delgado, J; de Almeida, A, T

Primary and secondary use of electric mobility
batteries from a life cycle perspective [17] 2014 Journal paper

Oliveira, L; Messagie, M; Rangaraju, S; Sanfelix,
J; Rivas, M, H; Van Mierlo, J

Key issues of lithium-ion batteries–from
resource depletion to environmental

performance indicators [18]
2015 Journal paper

Liu, C; Lin, J; Cao, H; Zhang, Y; Sun, Z Recycling of spent lithium-ion batteries in view
of lithium recovery: A critical review [19] 2019 Journal paper

Peters, J, F; Baumann, M; Zimmermann, B;
Braun, J; Weil, M

The environmental impact of Li-Ion batteries
and the role of key parameters–A review [20] 2017 Journal paper

Majeau-Bettez, G; Hawkins, T, R; Strømman, A,
H

Life Cycle Environmental Assessment of
Lithium-Ion and Nickel Metal Hydride
Batteries for Plug-In Hybrid and Battery

Electric Vehicles [21]

2011 Journal paper

Dai, Q; Kelly, J, C; Gaines, L.; Wang, M Life Cycle Analysis of Lithium-Ion Batteries for
Automotive Applications [22] 2019 Journal paper

Most of these documents were published between 2014 and 2019, and only three of them between
2009 and 2013. Thirteen documents are papers published in scientific journals, three documents are
research centers’ technical reports and one work is a technical guide.

3. Goal and Scope

The goal and scope phase describes and defines the LCA study and the processes involved in the
life cycle: targets, functional unit, system boundaries, impact categories, possible allocation procedures
and cut-off rules. In the present paragraph, we analyze the main methodological choices made by
different authors for this relevant part of an LCA study and we make some recommendations for
future LCAs application on traction batteries.

523



Energies 2020, 13, 2864

3.1. Functional Unit

ISO14040 [23] and ISO14044 [24] standards define the LCA functional unit as the quantified
performance of a product system, to be used as a reference unit. The functional unit has to be consistent
with the goal and scope of the study and must provide a reference for normalizing the input and
the output data. It is important to remind that thanks to the choice of a proper functional unit,
it is possible to compare different systems and products offering similar services. In our analysis,
despite the relatively limited number of analyzed papers, we found several different functional units.
In three studies, [7,9,16] the functional unit is the battery pack. This kind of functional unit does
not seem to be particularly appropriate, since it does not refer to the service offered by the systems
(as requested by the ISO 14040 norm) and does not allow us to easily compare the environmental
performances of different batteries. Although in reference [15], the suggested functional unit is 1 kWh
of delivered energy over the service life of batteries, in five works [10,12,18,21,22], the functional unit
is the battery unit storage capacity (e.g., 1 kWh, except for [21] where it is 50 MJ). As the assessed
batteries are housed in electric vehicles, the authors in [11] and [4] decided to choose 1 km traveled as
the functional unit, whereas in references [14] and [17], the distance traveled by the vehicle during
its entire lifetime is considered. The functional unit is not clearly defined only in references [8,13,19]
due to the nature and contents of these documents. As discussed, 1 kWh of battery capacity is the
most used functional unit as it allows the comparison of different batteries’ systems in an easy way [7].
Nevertheless, this functional unit seems more suitable for cradle to grave studies, and other functional
units relating to the distance travelled, such as 1 km or the distance travelled in the battery life time, can
be used, as far as transport is the service provided by the system. However, assumptions concerning
the life of the battery itself must be well clarified. Although sometimes it is useful to express results
also per unit of mass (kg of battery) [10], mass-based functional units are not related to the performance
of the analyzed systems and we do not recommend to use them in traction batteries LCA studies.

3.2. System Boundaries

In the LCA methodology, the system boundaries definition is a way to identify which processes
within the entire life cycle of the involved systems need to be analyzed or, for the sake of simplification,
can be neglected. The system should be modelled to have only input and output elementary flows.
System boundaries define process phases that need to be included within the LCA and their choice has
to be consistent with the target of the study. Except for [8,13,19], which do not define clearly the system
boundaries of their work, all the other documents explain their LCAs system boundaries in a clear
way. Eight studies out of seventeen [7,9,11,14,16–18,20] analyze all batteries phases (cradle to grave):
raw materials extraction and manufacturing, batteries production, transportation, use phase, end of
life with material recycling. Three studies [10,12,22] analyze only batteries production, by a cradle to
gate assessment, due to the lack of reliable information for modelling the use and the end of life phases.
In reference [21], system boundaries include the production and the use phases, not considering the
end of life impacts. Whenever possible, as suggested in references [15] and [4], we recommend to go
through cradle to grave analysis, considering all phases of a battery during its life cycle.

3.3. Allocation System

The allocation process splits the input and output flows of a multiple product process between
the analyzed system product and one or more other system products. The inputs and outputs have to
be allocated to the different products following clear rules, defined at the beginning of the analysis.
Most of the assessed documents do not specify any allocation rules, whereas only two studies mention
the allocation: [11] and [15]. The first document [11] declares that there is no allocation regarding
recycled products in the end of life. As a consequence, all the charges that may arise from material
production are assigned to the first life of the product, even if the same can be reused, for example in
a stationary domestic storage system. The second document [15] states that no accurate indication
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for a possible allocation is provided, as there are no co-product cases identified during batteries’
production phase. However, if it is necessary to allocate impacts of any co-products linked to the
battery manufacturing process, to solve multi-functionality problems, authors recommend to apply a
predefined hierarchic approach: division or system expansion; allocation based on a relevant physical
relationship; allocation based on some other relationships. In batteries’ LCAs, allocation seems relevant
only when considering recycling and second life scenarios.

3.4. Cut-Off Rules

Cut-off rules define material or energy flows, associated with the process unit, which are excluded
from the study. Eight studies use a cut-off system, whereas nine studies do not use it or it is not possible
to deduce the following criteria [4,7,8,13,14,16,18,19,21]. In five studies [9,10,12,20,22], authors do not
include in their analyses impacts and benefits linked to material recycled during end of life phase.
This choice is due to a high uncertainty of data and information about recycling, reuse and substitution
of primary raw material with secondary material. In reference [11], materials and processes are
excluded when their potential contribution is negligible. This choice is based on a mass, energy
demand and expected impacts per unit of mass or energy. Of course, given the growing importance
of recycling materials in the framework of the circular economy and the use of critical materials in
battery production, we encourage the inclusion of end of life and recycling in future LCA studies.
As in reference [15], which uses a 1% cut-off rule, neglecting all phases which have impacts lower
than this threshold, we suggest that negligible phases are: batteries distribution during the end of life,
infrastructure and equipment for batteries assembly and recycling.

3.5. Impact Categories and Methods

As described in the European Commission ILCD Handbook recommendations [25], impact
categories selection must be consistent with the goal of the study. Furthermore, impact categories
choice has to be complete, and should cover all the main environmental issues related to the system.
In order to compare the results from different studies, it is certainly needed that studies use the
same metrics: i.e., the same impact categories and the same impact method for their quantification.
In our analysis, only eight studies [7,9,10,17,18,20–22] clearly explain the impact method used for
quantifying midpoint impact categories [25], while six studies [4,11,12,14–16] declare the impact
categories used but they do not specify the impact method followed. Finally, three studies [8,13,19] do
not report any results evaluable with usual LCA impact categories or methods proposed by the ILCD
Handbook [25]. In Figure 1, the impact categories used in the assessed studies are resumed.

The most used impact category is global warming (fourteen studies out of seventeen), followed
by acidification (ten out of seventeen) and eutrophication (nine out of seventeen). Seven works
use the impact categories ozone depletion and particulate matter, whereas six documents use the
impact categories CED—cumulated energy demand, abiotic depletion, human toxicity and ecotoxicity.
Other categories considered less frequently are: photo oxidant formation and resource depletion
(five studies), fossils depletion (four studies), ionizing radiation (three studies), land use and water use
(two studies). On the basis of these results, considering the impact categories used in almost 40% of
the assessed studies, and taking into account the lesson learnt from reference [20], in an automotive
battery LCA, it is suggested to use the following impact categories: global warming, acidification,
eutrophication, ozone depletion, particulate matter, abiotic depletion, human toxicity, ecotoxicity and
CED (Cumulated Energy Demand).
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Figure 1. Impact categories used in the assessed studies.

4. Life Cycle Inventory—LCI

Inventory includes data collection and calculation procedures to quantify relevant inputs and
outputs in the assessed system. Data collection includes their validation, data and process units’
relationship, the relationship between data and reference flow and functional unit. In our work, we focus
our attention on data quality. Data for the analysis can be divided in two categories: primary data,
directly collected from producers and users of the systems, and secondary data, derived from the
existing literature (including databases). Although technical guidelines in reference [15] and two
literature reviews realized by the authors in [12] and [20] strongly recommend using primary data, most
of the existing studies use secondary information. Only six of the analyzed works [7,10,11,14,18,22]
use primary data obtained thanks to direct collaboration with batteries manufacturers, which provided
information about the amount of material for each component, energy consumption for battery
production, waste, percentage of recycled material used and battery maintenance operations. One study,
reference [17], uses primary data only to evaluate battery energy consumption during the use phase,
while [9,16,21] consider only secondary data, obtained from the available literature and from the
Ecoinvent database. In general, it is possible to observe a lack of primary data that either are absent or
cannot be presented in the studies due to industrial confidentiality reasons. Although this critical issue
is justified by the high rate of competition and innovation of the sector, the lack of information related
to primary data affects the transparency and replicability of many studies. Furthermore, it is difficult
to update studies based on outdated databases (for example, reference [10]) or to check the results
against different energy mixes.

5. Life Cycle Impact Assessment—LCIA

In an LCA, the impacts evaluation phase (Life Cycle Impact Assessment—LCIA) allows the
assessment of potential impacts extent using data collected in the LCI. This operation links inventory
data with specific impact categories and indicators, in order to better evaluate these impacts. The LCIA
phase gives important information for life cycle results interpretation. Since different studies rely on
different hypotheses, make use of different databases for background data and, above all, use different
Life Cycle Impact Assessment Methods with their own unit, results cannot be compared easily with
each other [20]. Nevertheless, some general conclusions may be drawn. First of all, for almost all
impact categories, results show that the environmental major impacts of batteries life cycle occur
during the production phase [7] and are due to energy consumption during materials and component
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production [11,16]. In particular, anode production process is responsible for the greatest impacts for
impact categories such as eutrophication and acidification, whereas the cathode has major impacts
for global warming and abiotic depletion [17]. Coming to the amount of the environmental impacts,
results show great variability. Variability is due to, as mentioned, the use of different hypotheses and
databases, but it is also linked to the different batteries’ chemistry. As discussed, global warming is the
most investigated impact category, since EV market penetration is mainly driven by transport sector
decarbonization. Figure 2 summarizes results variability linked to greenhouse gas emissions per kWh
of batteries capacity, relating to batteries production phase. These values are extracted or inferred by
the assessed studies in this literature review. Depending on the different technologies and on the age
of the studies, greenhouse gas emissions per kWh batteries capacity can range from 53 kg CO2eq/kWh
to more than 300 kg CO2eq/kWh.
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Figure 2. Variability of the global warming potential indicator (kg CO2eq/kWh) for batteries
production phase (LCO: Lithium Cobalt Oxide; LFP: Lithium iron phosphate; LFP-LTO: Lithium
iron phosphate-Lithium Titanate; LMO: Lithium Manganese Oxide; LMO-NCM: Lithium Manganese
Oxide-Lithium Nickel Cobalt Manganese; NCA: Lithium Nickel Cobalt Aluminum Oxide;
NCM: Lithium Nickel Cobalt Manganese Oxide).

Considering a modern EV equipped with a 40 kWh battery lasting for 210,000 km [3], the lower
and the upper values in Figure 2 correspond to an emission per km ranging from less than 10 g
CO2eq/km to almost 60 g CO2eq/km. Nevertheless, despite this high variability, if we consider for
the other vehicles life cycle phases, the CO2eq/km reported in reference [3], the total CO2eq/km life
cycle emissions of an average middle size EV equipped with a 40 kWh battery, are lower than those of
similar diesel or petrol cars, no matter if we consider the upper or the lower bound of battery CO2eq
emission variability (see Table 3).

A similar range of variability can be found for other, less investigated, environmental impact
categories (see Figures 3–6). Again, if we consider a 40 kWh battery lasting for 210,000 km, and we
consider the results from reference [1] for the other life stages, we can see that while for some impact
categories for which EV perform worst, like eutrophication [1], the variability of the impacts associated
with battery production does not affect the environmental ranking among EV and the corresponding
ICE Vehicle. For categories like acidification, the use of the lower bound value implies that EV performs
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better than ICE Vehicle, while the use of the upper bound value implies that the ICE Vehicle is the best
performer (see Table 4).

Table 3. Effects of the variability of CO2eq emission per kWh of battery on the life cycle comparison
among a middle size electric, diesel and petrol car. Battery CO2eq emission per km derives from
Figure 2, considering 40 kWh of capacity and 210,000 km of life. CO2eq emission per km of remaining
life cycle phases are taken from reference [1].

Vehicle
Production

Battery
Production

Maintenance Road
Fuel/Electricity

Production
Use Total

g CO2eq/km
(w/out

battery)
Min Max IT marg. Mix

Urban
Cycle

Min Max

Diesel 38.2 0.0 0.0 7.7 0.6 41.1 198.5 286.1 286.1

Electric 37.7 9.5 59.6 6.2 0.6 92.5 0.0 146.6 196.7

Petrol 41.5 0.0 0.0 7.4 0.5 59.1 221.6 330.0 330.0
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Figure 3. Variability of acidification potential (kg SO2eq/kWh) for batteries production phase (LCO:
Lithium Cobalt Oxide; LFP: Lithium iron phosphate; LMO: Lithium Manganese Oxide; NCM: Lithium
Nickel Cobalt Manganese Oxide); ** data from reference [11] have been updated using Ecoinvent v 3.5.
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Figure 4. Variability of ozone depletion potential (kg CFC11eq/kWh) for batteries production phase
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Figure 6. Variability of particulate matter formation potential (kg PM10eq/kWh) for batteries production
phase (LFP: Lithium iron phosphate; LMO: Lithium Manganese Oxide; NCM: Lithium Nickel Cobalt
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Table 4. Effects of the variability of acidification potential (g SO2eq) and eutrophication potential
(g PO4eq) per kWh of battery on the life cycle comparison among a middle size electric, diesel and
petrol car. Battery Emissions per km derives from Figures 3 and 5, considering 40 kWh of capacity and
210,000 km of life. Emissions per km of remaining life cycle phases are taken from reference [1].

Vehicle
Vehicle Production &

Disposal

Battery
Production &

Disposal

Fuel/Electricity
Production &

Supply

Use &
Maintenance

Total

Impacts/km Type Min Max Min Max

Acidification
Potential EV 0.10 0.10 0.70 0.23 0.02 0.46 1.00

g SO2 eq ICE 0.14 - - 0.55 0.11 0.79 0.79

Eutrophication
Potential EV 0.06 0.01 0.12 0.06 0.01 0.27 0.25

g PO4 eq ICE 0.06 - - 0.07 0.03 0.16 0.16
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Of course, many of the impacts associated with battery production could be lowered by recycling
battery components and using recycled materials for battery production. Recycling may reduce
material production energy demand up to 50% and can help to decrease environmental impacts for all
the impact categories assessed [4]. Although there are a number of technologies and combinations
of technologies being developed for batteries recycling (hydrometallurgy is close at hand, and can
potentially extract more materials than pyrometallurgy) [12], battery recycling options are not always
included in the analysis, due to the lack of relevant and reliable information [20]. Recently, a very careful
recycle phase analysis has been realized in reference [7]. This work states that the environmental credits
associated with materials recovered through battery recycling processes exceed the environmental
impacts associated with recycling processes in all the impact categories examined, with the exception
of ozone depletion, ionizing radiation and freshwater ecotoxicity. The environmental credits are
particularly relevant for some impact categories such as: marine eutrophication (−27%), human toxicity
(about −20% for human toxicity no cancer effect and −40% for human toxicity cancer effect), particulate
matter (−17%) and abiotic depletion (−16.4%). In particular, the environmental credits related to cobalt,
nickel and manganese sulphates, copper and steel are really significant and rise up to almost 80%
for an important category such as abiotic depletion. Moreover, the environmental benefits linked
to recycling could be increased if other cell components/materials, such as graphite, electrolyte and
aluminum, are recovered, i.e., by designing battery cells to make disassembling and separating the
cell components easier and more secure [7]. Additionally, for climate change impact, recycling can
gain relevant positive effects, and the saved emission can be in a range of 16–32 kg CO2eq/kWh [26].
For what concerns lithium recycling, instead, further research is still needed [19].

6. Sensitivity and Uncertainty Analysis

In general, because of the lack of primary and reliable data from industry, several assumptions
have to be made in LCA studies. For this reason, sensitivity analysis has an important role, especially
in a traction battery LCA, where some data and information are difficult to be found or cannot be
declared by battery manufacturers due to their confidentiality. Moreover, in comparative LCAs,
sensitivity analysis is requested by the ISO 14040 standard. However, sensitivity analysis is realized
only in eight studies out of seventeen, and the related parameters can be organized in three categories:
energy, distance driven, battery components materials and their recycling rate. The first category
refers mainly to the energy mix consumed during the use phase and in the battery manufacturing
phase [4,7,10,11,14,21]. The energy mixes consumed can considerably affect the final results, especially
if these mixes are characterized by a high rate of non-renewable energy sources. For this reason, it is
important to consider an appropriate energy mix [1] or simulate different mixes or different daily
charging period. Sensitivity analysis should also be applied to the amount of energy used for battery
production and to the composition of the energy mix used in this life cycle stage, given its relevance in
traction battery LCA [7,10]. The second category is linked with the total distance driven, during their
entire lives, by the e-cars where batteries are deployed [7,10,11,14,17]. This parameter can influence the
final results of the studies and for this reason, different distances can be considered in order to verify the
robustness of the results. Finally, the third category refers to battery components’ materials and their
recycling rate during the end of life phase [7,11,14,16,21], which could represent a relevant parameter
in an LCA study. The sensitivity analysis related to this parameter could help to identify the materials
with higher environmental impacts and if material recovery can help to reduce environmental impacts
or if recycling operations generate more impacts than components disposal.

7. Conclusions

The review analyzed seventeen recent studies on automotive batteries LCA. This analysis is
realized to give useful information to carry out new LCAs of automotive batteries and to provide a more
complete picture of electric vehicle batteries LCAs. Almost all the assessed works have a good degree
of compliance with the indications given by ISO 14040 [23] and ISO 14044 [24] international standards,
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but some documents do not fully comply with these two standards when they analyze batteries’
impacts. We found that the functional unit definition is very heterogeneous and not always appropriate,
and many studies consider different functional units, basing their choice on the analysis they have
to realize. Consequently, the assessed works suggest many functional units: the whole battery pack,
1 kWh of storage capacity, 1 kg of battery, the distance travelled by the electric vehicle (equipped with
the batteries) during its lifetime or 1 km. In view of the foregoing, the most suitable functional units for
LCA of traction batteries seem to be 1 km of travel distance along the entire battery life cycle or, for sake
of comparability with the existing literature, 1 kWh of battery storage capacity (specifying the battery’s
number of charging cycles during its lifetime). Many studies, except for [8,13,19], clearly define the
system boundaries of their analysis. Only eight out of seventeen studies consider all impacts generated
by the batteries during their life, realizing a cradle to grave assessment. The evaluated phases are:
raw materials extraction and manufacturing, batteries production, transportation, use phase, and end
of life with material recycling. Only few studies rely on primary data, while many of the assessed
studies use secondary data, obtained from available literature documents or from the Ecoinvent LCA
database. In general, we register a lack of primary data and of transparency both on bills of material
and on energy consumption during the battery production phases. It seems important to encourage
new automotive battery LCA using updated and reliable primary data, since using old data in a sector
where technologies are evolving rapidly can lead to wrong conclusions and wrong decisions. For what
concerns impact categories, there is a very heterogeneous situation, even if some impact categories
are more frequently used (global warming, acidification, eutrophication) whereas others are used
only in few studies (e.g., water use, land use, ionizing radiation). Basing on this literature review,
to realize an automotive battery LCA authors suggest to consider the following: global warming,
acidification, eutrophication, ozone depletion, particulate matter, abiotic depletion, human toxicity,
ecotoxicity and CED (Cumulated Energy Demand). The review also underlines the importance of
carrying out sensitivity analysis on some key parameters such as: battery lifetime, recycling/second
life scenarios, energy mixes in production and use phase, percentage of recycled material used during
the production phase.

As regards LCIA results, there is a great variability in all the impact categories that were comparable
among different studies (global warming, ozone depletion, acidification, eutrophication and particulate
matter formation). For global warming, one of the main impact categories under the spotlight,
this variability ranges from 53 to 313 g CO2eq/kWh of battery capacity. Our analysis shows that no
matter the value considered within this range, the EVs show lower impact in their life cycle when
compared to diesel or petrol cars. For other analyzed impact categories we found similar variability
but if for eutrophication EVs perform worse than ICE Vehicles for any value within the variability
range, for impact categories such as acidification and particulate matter formation, the use of the
lower or upper bound of the variability range completely change the comparison among EVs and ICE
Vehicles. This confirms that other impact categories than global warming should be investigated in
LCA of traction batteries. Moreover, our review shows that batteries components which generate the
greatest impacts during the production phase are the cathode active material and the anode copper
and aluminum. Key aspects that could be improved to reduce these impacts are: battery lifetime
extension, increase in battery efficiency and energy density. In addition, energy mix considered during
the battery different life phases could be very important to decrease impacts: an energy mix with an
important contribution of renewable energy sources can reduce dramatically battery overall impacts.
Many studies underline that battery second life, that is battery use in stationary storage systems after
their use in the automotive field, can help to reduce storage systems overall impacts. Finally, although
investigated by a relatively small number of studies, it appears that material recycling, especially
cobalt and nickel, could represent another useful solution to further reduce batteries’ overall impacts,
avoiding virgin material use during storage devices’ production.
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Abstract: The paper presents the study of an anti-lock braking system (ABS) that has been
complemented by a fuzzy controller. The fuzzy controller was used to improve the braking performance
of the vehicle, particularly in critical situations, for example, when braking a vehicle on wet road.
The controller for the ABS was designed in the MATLAB/Simulink program. The designed controller
was simulated on a medium-size vehicle model. During testing, three braking systems were simulated
on the vehicle model. We compared the performance of a braking system without an ABS, a system
with a threshold-based conventional ABS, and a braking system with the proposed ABS with a fuzzy
controller. These three braking systems were simulation tested during braking the vehicle on a dry
straight road and on a road with combined road adhesion. A maneuverability test was conducted,
where the vehicle had to avoid an obstacle while braking. The results of each test are provided at the
end of the paper.

Keywords: anti-lock braking system; fuzzy logic system; controller; vehicle; simulation

1. Introduction

The increasing number of cars on the roads and the related rising accident rate have brought the
concept of road safety to the forefront. The primary safety objective is to protect the health and lives
of passengers and minimize the consequences of an accident. In order to achieve this goal, various
security features are being applied in vehicles. They can be divided into two groups:

(1) Active safety features.
(2) Passive safety features.

One of the most important active safety features includes the braking system of the vehicle, which
is considered to be the most important system in the vehicle, as safe stopping or slowing down of
the vehicle is one of the ways of accident prevention. Since its introduction, the braking system has
undergone numerous improvements, one of them being the application of the ABS. The anti-lock
braking system (ABS), which has been developed and implemented from the late 1970s, prevents the
wheels from locking during braking of the vehicle, and thereby, allows the driver to maintain control
over steering [1]. Although this vehicle safety system has been used for decades, it is constantly being
improved using either conventional or intelligent control methods [2].

Several studies have been published that focus on optimizing the vehicle’s braking system
using various strategies, both for vehicles with internal combustion engines and electric vehicles.
For electric vehicles, the most commonly applied method is regenerative braking control. The authors
of paper [3] present regenerative braking control strategy intended to improve braking performance
while maximizing braking energy recovery. Application of fuzzy logic rules enables the optimization
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of regenerative braking in order to achieve better braking performance. This issue is addressed in
paper [4], where the rules of fuzzy logic were used to optimize the slip parameter of a sliding mode
controller and to thereby achieve a shortening of the vehicle’s braking distance and an increase in the
energy efficiency of regenerative braking.

As shown in several studies [5–12], the use of fuzzy logic rules in different ways of controlling the
ABS has improved the braking performance of the vehicle in simulations on different road surfaces.
Another possible approach to optimizing the braking performance of a vehicle is to use fuzzy logic
to optimize the parameters of conventional methods of controlling ABSs. In paper [13], the authors
present the achievement of optimal slip rate parameters using fuzzy logic. The presented simulation
results prove the improved maneuverability and stability of the vehicle. In paper [14], the authors
deal with the optimization of braking properties and shortening of vehicle braking distance using a
PID-fuzzy controller with parameter adaptation.

Using fuzzy logic is not the only way to improve the vehicle ABS. The application of artificial
neural networks to optimize the rules of the fuzzy controller [15], or as observers, or the implementation
of neuro-controllers as such, seem to be suitable alternatives. Comparison of various strategies [16]
and selection of the most appropriate method or combination of methods can result in optimization of
the ABS performance, and thus, in the improvement of vehicle safety.

Mathematical modeling and simulation are powerful tools in the initial stages of research and in
the verification of hypotheses, which is sometimes not possible to implement in practice, be it for safety,
for physical or other reasons [17,18]. Therefore, in our design, we used a combination of two simulation
tools, MATLAB/Simulink and CarSim, which allowed detailed setting of the vehicle parameters and
simulation in different environments. Suitable setting and interlinking with other software, such as
MATLAB/Simulink, provides the opportunity of testing vehicle performance in real time. Using the
CarSim simulation software enables the verification of vehicle performance in situations where failure
could have destructive consequences or even result in loss of life.

2. ABS—Anti-Lock Braking System

In terms of control, the ABS represents a feedback control system that controls brake pressure
based on measuring wheel deceleration, and thereby, maintaining wheel slip at optimum value.
The basic idea is the use of friction properties of tires on the road surface. As a result of the transmitted
longitudinal friction force during braking, deformation and slipping of the individual parts of the tire
tread on the road will occur. The result is that during braking, the wheel rotates more slowly than
would correspond to the vehicle speed, so it rotates with specific slips. The maximum braking force
that a tire is able to transfer onto the concrete road surface is highly dependent on this very specific slip
of the wheel. The braking force reaches maximum at the specific value of slip and a further increase
in slip reduces the braking force. At maximum value of brake force on normal road surfaces, using
normal tires, the specific slip is in the range of 15–20%.

The ABS ensures that even at maximum braking (maximum pressure of the driver on the brake
pedal), the specific slip of the wheel does not exceed the said range of 15–20%. This ensures that the
vehicle is braked with maximum efficiency, i.e., on the shortest path, plus the transferable lateral forces
are in the area of specific slip and are even large enough to allow the correction of direction during
braking, in case the vehicle has to get round an obstacle [19–21].

2.1. Tire Slip Characteristics

Tire slip characteristics are described by curves that characterize the longitudinal and lateral forces
that are transmitted onto the road by the tire at various slips of the tire. The tire slip characteristic
shown in Figure 1 presents a typical course of the longitudinal and lateral forces.

The longitudinal forces Fx are the braking and driving forces that a tire can transfer onto the road
under various slip values. The lateral forces Fy are forces that a tire transfers onto the road when the
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vehicle is changing direction. Figure 1 demonstrates the size of the braking (driving) force and the
lateral force that a tire can transfer onto the road at various slips [22,23].

Figure 1. Slip characteristics of tires with radial construction.

Slip λ is calculated according to the equation:

λ =
v−ω×Rω

v
= 1− ω×Rω

v
(1)

where:

v is vehicle velocity,
ω is angular velocity of tire,
Rω is tire radius.

2.2. Vehicle Braking System

The principle scheme of the braking system used for simulation is shown in Figure 2.

 
Figure 2. Basic scheme of the vehicle brake system.

The input variable for the vehicle braking system is the force exerted on the brake pedal by the
driver—the pedal force. The force that enters the master cylinder is multiplied by the mechanical
transmission brake pedal—ratio.

Fin = Fpedal × ratio (2)

where:

Fpedal is the pedal force,
ratio is the mechanical transmission brake pedal,
Fin is the force entering the brake booster.

The pressure of the master cylinder is calculated according to the equation:

PMC =
FMC

D2
MC × π4

(3)

where:

FMC is the master cylinder output force,
D is the diameter.

The braking torque depends on the pressure in the brake cylinders and the temperature of the
brake disc. The calculation of brake disc temperature uses the input energy from the braking torque,
the rotational speed and the energy loss due to cooling. Input energy is dependent on brake torque and
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wheel speed. Output energy loss due to cooling is dependent on the cooling coefficient as a function
of vehicle speed, brake disc weight, specific heat of the wheel as a function of the temperature of the
wheel, brake disc temperature and air temperature.

The output heat change (ΔT) is calculated according to:

ΔT =
(Ein − Eout)

Md ×Cp(Td)
(4)

where:

ΔT is output heat change,
Ein is input energy,
Eout is output energy,
Md is brake disc weight,
Cp(Td) is specific heat of the wheel as a function of the temperature of the wheel.

First order delay is applied to the brake booster. It is a specific time constant that depends on
whether the brake pedal is pressed or released. Consequently, the brake pressure is transferred through
proportioning valves to the brake cylinders of the wheels as the supply pressure, which together with
other parameters generates the mechanical braking torque, as demonstrated in Figure 3. This type of
brake system was used for simulation in the CarSim program.

 
Figure 3. Brake system—basic scheme of generating mechanical braking torque.

2.3. Basic Model of ABS Control

The input to the ABS controller is the vehicle speed and the equivalent speeds of the individual
wheels. These speeds are processed in the controller and slip is evaluated on their basis. The output of
the controller are then values from −1 to 1 depending on the speed and slip. This dependence of the
output values is shown in Table 1.

Table 1. ABS controller logic.

Output Values −1 0 1

Slip >0.2 0.05–0.2 <0.05
Vehicle speed (km/h) >5 >5 >5

The basic block diagram of the ABS control model used in the CarSim program is shown in Figure 4.

 

Figure 4. Block scheme of ABS control model.
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3. Fuzzy Control of ABS

The fuzzy control of the ABS is based on a conventional ABS complemented by a fuzzy controller.
The design and the subsequent verification by simulation were carried out in CarSim and MATLAB/Simulink.
The designed fuzzy ABS control system consists of three parts:

(1) Speed controller.
(2) Fuzzy controller.
(3) Brake pressure control device.

The block model of the proposed fuzzy control is shown in Figure 5.

 
Figure 5. Block scheme of ABS control with fuzzy controller.

The basic parameters for speed controller input were the values of vehicle speed and the speed
values of individual wheels. As shown in Figure 6, the output of the speed controller is the value of
the vehicle speed multiplied by a constant that modifies the speed value, and this then, becomes the
input value to the fuzzy controller. Constant 1/200 was selected on the basis of the defined maximum
speed 200 km/h. For tests involving a higher speed, this constant has to be modified. The second
output is the ratio of the wheel speed and the vehicle speed. The ratio of vehicle speed and wheel
speed can be in the range of values between 0 and 1, where value 0 represents an unblocked wheel
(slip 0), and value 1 represents a blocked wheel (slip 1).

 
Figure 6. Block scheme of the speed controller.

The input for the fuzzy controller, shown in Figure 7, is the modified vehicle speed and speeds of
the individual wheels.

 
Figure 7. Block scheme of the fuzzy controller.

The range of values for the first input is from 0 to 1. Zero value represents zero vehicle speed and
1 is the highest speed. The range of values for the second input can also be from 0 to 1. In this case,
the 0 value represents zero slip and value 1 represents maximum slip value.

The fuzzy controller output value is in the range −1 to 1. Value 1 represents full brake pressure
applied to the wheels and −1 represents the application of negative pressure, which means that the
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wheel is released. The constant output pressure ratio is 20/8 for the front/rear wheels. The constant ratio
in favor of the front wheels was chosen in view of the fact that during braking, the vehicle weight is
transferred forward and the rear wheels are relieved, which at full braking force would cause blocking
of the wheels and subsequent loss of control over the vehicle. This ratio value has been taken as ideal
from the CarSim brake pressure control actuator model. Since a fuzzy controller is used to control
the braking force, a ratio of 20/8 was chosen as ideal for achieving the largest possible parameter of
relative deceleration. The maximum pressure for the simulation was limited to 10 MPa. Table 2 shows
the decision rules for the fuzzy controller setting.

Table 2. Table of rules for the fuzzy controller.

Fuzzy Rules
Speed

VS S M H VH

Ws/Vs

VS VN VN VN VN VN
S N N N N VN
M Z Z Z Z Z
H P P P P P

VH VP VP VP VP VP

VS—very small, S—small, M—middle, H—high, VH—very high, VN—very negative, N—negative, Z—zero,
P—positive, VP—very positive.

Values of the individual variables for the FIS matrix shown in Figure 8 were selected on the basis
of tire slip, which was set at 20%. At such slip, the vehicle is still operable even under heavy braking.
A graph showing the dependence between vehicle speed, ratio of vehicle and wheel speed and the
resulting pressure is presented in Figure 9.

 

Figure 8. Setting rules of FIS matrix for fuzzy controller.
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Figure 9. Graph showing the dependence of output variable on the input variables in the fuzzy controller.

4. Braking Systems Comparison by Simulation

In order to verify the properties of the proposed ABS with the fuzzy controller, simulation tests
were performed in the CarSim and MATLAB/Simulink programs. The simulation tests were performed
on a medium-size category vehicle model with independent front and rear suspension. The vehicle
had a 7-speed automatic transmission and the maximum engine torque was 534 Nm. During the
simulation, the vehicle had 225/60/R18 radial tires.

The tests were performed for a given vehicle in three different combinations. A comparison was
made of the vehicle’s braking behavior with a conventional threshold-based ABS, with the proposed
ABS with a fuzzy controller designed to slip around 0.2, and with braking without an ABS, where the
wheels were locked during braking.

The tests of these systems were carried out for the following operating states:

(1) Dry road;
(2) Road with combined adhesion;
(3) Avoiding an obstacle on the road.

The results of each simulation test are presented below.

4.1. Vehicle Braking Systems Test on Dry Road

In this test, we observed the performance of individual braking systems when the vehicle was
braking on a straight dry road. The test was performed for the initial vehicle speeds of 100 and
140 km/h. The results of the braking test for the individual braking systems from speed 100 km/h are
shown in Figure 10 and Table 3.

   

(a) (b) (c) 
Figure 10. Test on dry road at speed 100 km/h—(a) Speed curve; (b) Braking distance; (c) Vehicle rotation.
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Table 3. Test results on dry road at speed 100 km/h.

Monitored Value Without ABS ABS Fuzzy ABS

Braking time (s) 6.53 6.73 6.35
Braking distance (m) 103.66 104.80 100.7

Max. rotation in z-axis (deg.) 0.124 0.088 −0.067

Figure 11 and Table 4 show the results of braking test runs at the speed of 140 km/h.

   

(a) (b) (c) 
Figure 11. Test on dry road at speed 140 km/h—(a) Speed curve; (b) Braking distance; (c) Vehicle rotation.

Table 4. Test results on dry road at speed 140 km/h.

Monitored Value Without ABS ABS Fuzzy ABS

Braking time (s) 8.65 8.73 8.30
Braking distance (m) 185.04 182.83 177.08

Max. rotation in z-axis (deg.) −0.063 −0.052 −0.045

As seen from the test results, all vehicles were kept in their lane and the vehicle with the fuzzy
ABS in both cases had the shortest braking distance.

4.2. Vehicle Braking Systems Test on Road with Combined Adhesion

This test was performed on a straight road with different adhesion values for the right and left
sides. The left side of the vehicle was on the road with adhesion value 0.2, and the right side of
the vehicle on the road with adhesion value 0.5. In general, such combination of surface adhesion
represents an icy road. The test was performed for the initial vehicle speeds of 100 and 140 km/h.
The results of the braking test for the individual braking systems for speed 100 km/h are shown in
Figure 12 and Table 5.

   

(a) (b) (c) 
Figure 12. Test on road with combined adhesion at speed 100 km/h—(a) Speed curve; (b) Braking
distance; (c) Vehicle rotation.
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Table 5. Test results on road with combined adhesion at speed 100 km/h.

Monitored Value Without ABS ABS Fuzzy ABS

Braking time (s) 10.5 9.73 9.6
Braking distance (m) 150.52 143.23 141.78

Max. rotation in z-axis (deg.) −873.24 −3.21 −2.14

Figure 13 and Table 6 show the results of braking test runs at speed 140 km/h.

   

(a) (b) (c) 
Figure 13. Test on road with combined adhesion at speed 140 km/h—(a) Speed curve; (b) Braking
distance; (c) Vehicle rotation.

Table 6. Test results on road with combined adhesion at speed 140 km/h.

Monitored Value Without ABS ABS Fuzzy ABS

Braking time (s) 13.23 15.55 12.43
Braking distance (m) 272.21 263.83 247.56

Max. rotation in z-axis (deg.) −1372.30 −141.29 −2.83

As demonstrated by the test results, a vehicle without an ABS slipped into skidding on the icy
road and at both speeds ended off the road. The vehicle with a conventional ABS also skidded at the
speed of 140 km/h and finished off turned in the opposite direction. The vehicle with the fuzzy ABS
was the only one able to remain on the road and had the shortest braking distance at both speeds.

4.3. Vehicle Braking Systems Test When Avoiding an Obstacle on the Road

In this test, we observed the ability of the vehicle to maneuver on a dry road during braking,
employing the individual braking systems. During this test, the vehicle was avoiding an obstacle
during braking. The obstacle was simulated by delimiting the route using cones, as illustrated in
Figure 14.

 
Figure 14. Road during maneuverability test.

The test was performed for the initial vehicle speeds of 100 and 130 km/h. Because it was important
to avoid an obstacle in this test, instead of vehicle rotation in z-axis, the shift of the vehicle from the
defined route was under observation. The results of this test for individual braking systems at speed
100 km/h are shown in Figure 15 and Table 7.
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(a) (b) (c) 
Figure 15. Maneuverability test on dry road at speed 100 km/h—(a) Speed curve; (b) Braking distance;
(c) Vehicle trajectory.

Table 7. Maneuverability test on dry road at speed 100 km/h.

Monitored Value Without ABS ABS Fuzzy ABS

Braking time (s) 6.78 6.95 6.58
Braking distance (m) 105.10 107.52 103.03

Max. deviation of the vehicle (m) 3.76 0.2 0.01

As seen from the vehicle maneuverability tests during braking at speed 100 km/h, the vehicle
with the fuzzy ABS was able to copy the desired trajectory with most accuracy. A vehicle without an
ABS would not be able to maneuver when braking, it would just move straight forward with locked
wheels and would hit the obstacle.

Figure 16 and Table 8 show the results of test runs at a speed of 130 km/h.

   

(a) (b) (c) 
Figure 16. Maneuverability test on dry road at speed 130 km/h—(a) Speed curve; (b) Braking distance;
(c) Vehicle trajectory.

Table 8. Maneuverability test on dry road at speed 130 km/h.

Monitored Value Without ABS ABS Fuzzy ABS

Braking time (s) 8.15 8.8 8.58
Braking distance (m) 162.93 172.66 172.43

Max. deviation of the vehicle (m) 3.52 0.34 0.19

As demonstrated in the vehicles’ maneuverability test during braking at speed 130 km/h, the vehicle
with the fuzzy ABS was able to copy the desired trajectory most accurately of all the vehicles. The vehicle
with the conventional ABS showed problems in copying the desired trajectory at this speed. The vehicle
without an ABS would not be able to maneuver when braking, it would just move straight forward
with locked wheels and would hit the obstacle the same as before.
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5. Discussion

The CarSim and MATLAB/Simulink programs were used to verify the design of the vehicle’s
fuzzy ABS controller. The main goal of this work was to improve the braking properties of the vehicle
by using fuzzy logic for the brake pressure regulator. We have chosen three types of operating states
for testing the fuzzy ABS. The first was to test the vehicle’s braking behavior on dry roads at speeds of
100 and 140 km/h.

In this test, the shortest braking distance was the main criterion for assessing the quality of the
proposed fuzzy ABS controller. The value of the braking distance of a vehicle with a classic ABS was
taken as a reference value for comparison, as we wanted to improve the properties of this ABS by using
a fuzzy logic.

As can be seen from the comparison in Table 9 and Figure 17, the ABS with the fuzzy controller
achieved better properties with all monitored parameters, i.e., directional stability, braking time and
braking distance than when using ABS without a fuzzy controller.

Table 9. Comparison of parameters when braking on dry road.

Test on Dry Road Max. Rotation in Z-Axis (deg.) Braking Time (s) Braking Distance (m)

100 km/h
ABS 0.088 6.730 104.800

Fuzzy ABS 0.067 6.350 100.700
Without ABS 0.124 6.530 103.660

140 km/h
ABS 0.052 8.730 182.830

Fuzzy ABS 0.045 8.300 177.080
Without ABS 0.063 8.650 185.040

reference value, better value, worse value.

 
Figure 17. Graphical comparison of the test on dry road.(a): Graphical comparison of the braking
distance during a dry road test at a vehicle speed of 100 km/h; (b): Graphical comparison of the braking
time during a dry road test at a vehicle speed of 100 km/h; (c): Graphical comparison of the vehicle
rotation in z-axis during a dry road test at a vehicle speed of 100 km/h; (d): Graphical comparison of
the braking distance during a dry road test at a vehicle speed of 140 km/h; (e): Graphical comparison of
the braking time during a dry road test at a vehicle speed of 140 km/h; (f): Graphical comparison of the
vehicle rotation in z-axis during a dry road test at a vehicle speed of 140 km/h.
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In the second test, we observed the braking behavior of the vehicle on the road with different
adhesion on the right and left side. In this test, in addition to monitoring the shortest braking distance,
the ABS’s ability to maintain the vehicle in a straight line when braking was also monitored. Again, as
in the previous test, the reference values were obtained by simulating a conventional ABS. As can be
seen from the comparison shown in Table 10 and Figure 18, the ABS with the fuzzy controller achieved
better results also in this case.

Table 10. Comparison of parameters when braking on road with combined adhesion.

Test on Dry Road Max. Rotation in Z-Axis (deg.) Braking Time (s) Braking Distance (m)

100 km/h
ABS 3.210 9.730 143.230

Fuzzy ABS 2.140 9.600 141.780
Without ABS 873.240 10.500 150.520

140 km/h
ABS 141.290 15.550 263.830

Fuzzy ABS 2.830 12.430 247.560
Without ABS 1372.300 13.230 272.210

reference value, better value, worse value.

 

Figure 18. Graphical comparison of the test on road with combined adhesion. (a): Graphical
comparison of the braking distance during a test on a road with combined adhesion at speed of
100 km/h; (b): Graphical comparison of the braking time during a test on a road with combined adhesion
at speed of 100 km/h; (c): Graphical comparison of the vehicle rotation in z-axis during a test on a
road with combined adhesion at speed of 100 km/h; (d): Graphical comparison of the braking distance
during a test on a road with combined adhesion at speed of 140 km/h; (e): Graphical comparison of
the braking time during a test on a road with combined adhesion at speed of 140 km/h; (f): Graphical
comparison of the vehicle rotation in z-axis during a test on a road with combined adhesion at speed of
140 km/h.

In the last test, we observed the behavior of the vehicle during braking and simultaneously
avoiding an obstacle in the roadway. In this test, we monitored the vehicle’s ability to maintain within
the prescribed path, and the reference value in this test was the value of the maximum deviation from
the prescribed path for a vehicle with a conventional ABS. As Table 11 and Figure 19 demonstrates,
although the vehicle without ABS had the shortest braking distance at speed 130 km/h, this vehicle was
not able to avoid the obstacle and continued straight on, which would eventually cause the vehicle to
collide with the obstacle.
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Table 11. Comparison of parameters during avoiding an obstacle on the road.

Test on Dry Road Max. Deviation of the Vehicle (m) Braking Time (s) Braking Distance (m)

100 km/h
ABS 0.200 6.950 107.520

Fuzzy ABS 0.010 6.580 103.030
Without ABS 3.760 6.780 105.100

140 km/h
ABS 0.340 8.800 172.660

Fuzzy ABS 0.190 8.580 172.430
Without ABS 3.520 8.150 162.930

reference value, better value, worse value.

 
Figure 19. Graphical comparison of the maneuverability test on road. (a): Graphical comparison of
the braking distance during a manoeurability test on a dry road at speed of 100 km/h; (b): Graphical
comparison of the braking time during a manoeurability test on a dry road at speed of 100 km/h;
(c): Graphical comparison of the vehicle deviation from the prescribed road during a manoeurability
test on a dry road at speed of 100 km/h; (d): Graphical comparison of the braking distance during
a manoeurability test on a dry road at speed of 140 km/h; (e): Graphical comparison of the braking
time during a manoeurability test on a dry road at speed of 140 km/h; (f): Graphical comparison of
the vehicle deviation from the prescribed road during a manoeurability test on a dry road at speed
of 140 km/h.

Based on the previous results, we made a percentage comparison of the improvement in the
performance of the ABS with the fuzzy controller compared to the classic ABS. The result of this
comparison is shown in Table 12.

Table 12. Percentage comparison of the improvement of key indicators.

Monitored Value

Improvement of the Measured Parameter (%)

100 km/h
140 km/h

(130 km/h)

Test on dry road—Braking distance 3.91 3.14
Test on road with combined adhesion—Braking distance 1.01 6.17

Test on road with combined adhesion—Max. rotation in z-axis 33.33 98.00
Maneuverability test on dry road—Max. deviation of the vehicle 95.00 44.12
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It is shown in Table 11 that by using a fuzzy controller for the vehicle’s ABS, we can achieve
up to a 6% reduction in braking distance when braking on a road with combined adhesion. In the
simulations, however, we achieved much more significant results in the directional stability of the
vehicle or when avoiding an obstacle.

6. Conclusions

In this paper, we presented the design of an ABS with a fuzzy controller. Integrating fuzzy
control into a conventional ABS has resulted in achieving improved maneuverability of the vehicle
when braking on different surfaces and in different situations at high speed. As can be seen from the
simulation results presented in the discussion, in all tests, the ABS with a fuzzy controller achieved
better results than the conventional ABS. Comparing the key parameters in Table 12, we can see that by
using a fuzzy controller, we achieved a reduction in the braking distance compared to the conventional
ABS by 6% in the test on the road with combined adhesion. We achieved significantly better results
mainly in the directional stability of the vehicle during the test on a road with a combined surface and
the test of maneuverability.
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Abstract: Battery electric vehicle (BEV) sales have significantly increased in recent years. They have
different energy consumption patterns compared to the fuel consumption patterns of internal
combustion engine vehicles (ICEVs). This study quantified the impact of intersection control
approaches—roundabout, traffic signal, and two-way stop controls—on BEVs’ energy consumption.
The paper systematically investigates BEVs’ energy consumption patterns compared to the fuel
consumption of ICEVs. The results indicate that BEVs’ energy consumption patterns are significantly
different than ICEVs’ patterns. For example, for BEVs approaching a high-speed intersection,
the roundabout was found to be the most energy-efficient intersection control, while the two-way stop
sign was the least efficient. In contrast, for ICEVs, the two-way stop sign was the most fuel-efficient
control, while the roundabout was the least efficient. Findings also indicate that the energy saving of
traffic signal coordination was less significant for BEVs compared to the fuel consumption of ICEVs
since more regenerative energy is produced when partial or poorly coordinated signal plans are
implemented. The study confirms that BEV regenerative energy is a major factor in energy efficiency,
and that BEVs recover different amounts of energy in different urban driving environments. The study
suggests that new transportation facilities and control strategies should be designed to enhance BEVs’
energy efficiency, particularly in zero emission zones.

Keywords: battery electric vehicles; signalized intersections; traffic signal control

1. Introduction

The objective of this study is to quantify battery electric vehicles’ (BEVs’) energy consumption for
different intersection control types, including a roundabout, a traffic signal, and a two-way stop sign
using a microscopic traffic simulation model. The findings of this study can be used in developing
vehicle-specific routing strategies that favor or avoid specific types of intersections depending on the
vehicle technology. The market penetration rate of BEVs has significantly increased in recent years.
The International Energy Agency reported that in 2018, 1.98 million BEVs were sold worldwide [1].
During the first 6 months of 2019, global sales of BEVs increased by 92% [2].

Compared to ICEVs, BEVs have significant benefits, including low maintenance costs,
zero emissions, energy savings, and the ability to use electricity generated from renewable resources.
Furthermore, BEVs can produce regenerative braking energy to improve energy efficiency. Specifically,
in a BEV’s regenerative braking system, the electric motor works as a generator by sending energy
from the vehicle’s wheels to the electric motor and storing it in the battery system.
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Previous studies demonstrated that BEVs have different energy consumption patterns than ICEVs.
An ICEVs’ fuel efficiency is typically maximized under constant speed highway driving conditions,
whereas BEVs are more energy efficient in intermittent driving conditions, as these conditions allow
the regenerative braking system to recover more energy [3]. A previous study also investigated the
fuel and energy consumption associated with various driving cycles for both BEVs and ICEVs [4].
For a test ICEV (a Nissan Versa), the “LA92” and “New York” cycles were the worst fuel economy
driving cycles, whereas the “Freeway Level of Service A-C” and “Freeway Level of Service D” cycles
were the best fuel economy cycles. In contrast, for the test BEV (a Nissan Leaf), the “Area” and “Ramp”
cycles utilized more electricity than the other driving cycles, and the “Freeway Level of Service E” and
“Freeway Level of Service F” cycles were the most energy efficient. These results suggest that BEVs’
energy consumption patterns should be systematically compared to ICEVs’ patterns.

A number of studies have investigated the effects of traffic controls on ICEVs and developed
optimum traffic signal controls to reduce fuel consumption and emissions. Varhelyi investigated
the effects of small roundabouts on emissions and fuel consumption [5]. Coelho et al. [6] utilized
a vehicle-specific power method to evaluate fuel consumption and emissions impacts on roundabout
intersections in Raleigh, North Carolina and in Lisbon, Portugal. Researchers from Kansas State
University utilized video-recorded traffic flow through the roundabout to extract speed, acceleration,
deceleration, and other characteristics, and evaluated the emission impacts of roundabouts using
SIDRA software (SIDRA SOLUTIONS, Balwyn, Australia) [7]. Ahn et al. [8] investigated the impacts
of fuel consumption and emissions on a high-speed roundabout using a traffic simulation model.
Kwak et al. [9] investigated the effects of traffic signal optimization on fuel and greenhouse gas
emissions in an urban corridor and optimized traffic signal timing plans based on vehicle fuel
consumption using a genetic algorithm. Park et al. [10] introduced a sustainable traffic signal control
system and demonstrated that the system could reduce fuel consumption and pollutants with moderate
increases in vehicle delays and number of stops. Stevanovic et al. [11] developed a fuel optimum traffic
control system by integrating the Comprehensive Modal Emission Model and Vissim-based genetic
algorithm optimization of signal timings with the Vissim traffic simulation model. Michel et al. [12]
investigated the potential impacts of connected and automated vehicles on fuel consumption and
found that the connectivity removed some stops and strong accelerations and increased overall vehicle
speed, concluding that the best fuel consumption levels for hybrid electric vehicles and BEVs are
achieved with connectivity.

While the above studies investigated the effects of traffic control strategies on ICEV fuel
consumption and emissions, most did not consider BEVs. Thus, a systematic analysis of the effects of
various intersection controls and signal plans on BEVs’ energy consumption is needed. To address this
gap in knowledge, this study aimed to quantify BEVs’ energy consumption for different intersection
controls—a roundabout, traffic signal, and two-way stop sign—and compare BEV’s energy and ICEV’s
fuel consumption patterns. The study also investigated the effects of various traffic signal coordination
planned BEVs’ energy consumption. In attempt to reduce greenhouse gas emissions, more BEVs
will be utilized in the near future and some cities may adopt zero emission zones where only BEVs
may be operated. The results of this study can be utilized by researchers, transportation practitioners,
and politicians to make decisions related to alternative intersection control strategies for BEVs in the
near future.

According to the definition given by the US Department of Energy, plug-in electric vehicles
include BEVs (e.g., Nissan Leaf) and plug-in hybrid electric vehicles (PHEVs). The latter include
blended/parallel vehicles (e.g., Toyota Prius Plug-In) along with extended-range electric vehicles (EVs)
(e.g., Chevy Volt) which have a variety of configurations. In this study, EVs refer to battery-only EVs
(i.e., BEVs), since a Nissan Leaf was utilized as a test vehicle.

The contributions of the study include the following: (a) we attempted to identify the impacts of
various traffic controls on ICEV and BEV fuel/energy consumption; (b) we used a microscopic analysis
tool to evaluate instantaneous ICEV and BEV fuel/energy consumption; and (c) while most other
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studies have utilized simplified BEV energy models which consider an average regenerative braking
energy efficiency or a regenerative braking factor that depends on vehicle speed, this study utilized
a BEV energy model that can estimate the instantaneous energy consumed (kWh) and the instantaneous
energy regenerated (kWh) required to accurately capture the regenerative braking energy.

The remainder of this paper is organized as follows. The next sections present the methodology
utilized in the study; the energy model for BEVs and the fuel consumption model for ICEVs; and the
simulation model and results. The discussion and future works are summarized in the final section.

2. Methodology

This study evaluated the effects on energy/fuel efficiency of two factors. First, the effects of different
intersection controls (i.e., a roundabout, a traffic signal, and a stop sign) were investigated for both BEV
and ICEV energy/fuel consumption. Second, the effects of fixed-time traffic signal control strategies with
various signal coordination plans were assessed by evaluating BEV and ICEV energy/fuel consumption
levels in a corridor with three intersections using three signal coordination plans: a well-coordinated
plan, a partially coordinated plan, and a poorly coordinated plan.

The study required two main tasks: (1) the simulation or measurement of vehicle driving patterns
for different intersection control types; and (2) measurements and/or estimates both BEV and ICEV
energy/fuel consumption. Typically, field measurements and simulation are used to identify vehicle
driving patterns. The use of a probe vehicle is a popular method to record vehicle driving patterns;
however, it is difficult to collect the speed profiles of all approaching vehicles for different intersection
control strategies. Thus, this study used the INTEGRATION software (Hesham Rakha, Blacksburg,
VA, USA), a microscopic traffic simulation software, to obtain realistic representations of individual
vehicles for different traffic control types. INTEGRATION software was validated against standard
traffic flow theory and has also been used to evaluate various intelligent transportation system
applications [13].

The energy consumption of BEV and the fuel consumption of ICEV can be measured with on-board
measurement devices or dynamometer testing. While field measurements are relatively accurate in
measuring the BEV’s battery state-of-charge (SOC) and ICEV fuel consumption, data collection is
limited to test vehicles equipped with measurement devices. This limits the usefulness of this method,
because it is difficult to recruit test vehicles, install the data collection equipment, and collect sufficient
field data. Thus, this study employed a microscopic BEV energy model to estimate BEV energy
consumption and a microscopic fuel consumption model to estimate ICEV fuel consumption.

A number of BEV energy models and ICEV fuel consumption models use an average speed as
an input variable. However, this approach is not suitable for the purposes of this study. In particular,
the average speed-based models cannot identify the effects of transient changes in a vehicle’s
speed and acceleration which have significant effects on energy/fuel consumption as demonstrated
in earlier studies [14]. Significant and frequent speed changes are observed while approaching
and traversing intersection controlled approaches including roundabouts, traffic signals, and stop
signs [8]. Thus, this study utilized microscopic energy/fuel consumption models to estimate the vehicle
energy/fuel consumption for various scenarios. These models are described in more detail below.

2.1. BEV Energy Model

The study utilized the Virginia Tech Comprehensive Power-Based EV Energy Consumption Model
(i.e., VT-CPEM), to estimate BEV energy consumption [4]. The VT-CPEM model is a microscopic,
power-based EV energy model developed to estimate BEVs’ instantaneous energy consumption using
vehicle operational variables, including instantaneous speed, acceleration, and grade information.
The model estimates the instantaneous energy consumed (kWh), the instantaneous energy regenerated
(kWh), and the final SOC of the electric battery (%). The VT-CPEM has a simple structure that allows
it to be implemented in other modeling tools, including in-vehicle/smartphone applications and
microscopic traffic simulation models. One of the major advantages of using VT-CPEM is that it can

553



Energies 2020, 13, 3190

capture instantaneous braking energy regeneration, which is not available in most BEV energy models.
Most other BEV energy models instead use an average regenerative braking energy efficiency [15] or
a regenerative braking factor that depends on the vehicle’s speed [16]. However, these models cannot
accurately capture the instantaneous regenerative braking energy required in this study.

Using VT-CPEM, the power at the electric motor was computed from the power at the wheels,
assuming a driveline efficiency of 92% and an electric motor with an efficiency of 91%. The model also
considered the power consumed by the auxiliary systems (700 W) [17]. The VT-CPEM was validated
against independent data, producing an average error of 5.9% [18]. A detailed description of VT-CPEM
is found in Reference [4].

2.2. ICEV Fuel Consumption Model

The study utilized the VT-Micro model to estimate ICEVs’ fuel consumption. The VT-Micro model
uses instantaneous speed and acceleration as explanatory variables and estimates instantaneous vehicle
fuel consumption and emissions. The model consists of the following form:

MOEe =

⎧⎪⎪⎪⎪⎪⎪⎨⎪⎪⎪⎪⎪⎪⎩
exp

⎛⎜⎜⎜⎜⎝ 3∑
i=0

3∑
j=0

Le
i, j × ui × aj

⎞⎟⎟⎟⎟⎠ ∀ a ≥ 0

exp

⎛⎜⎜⎜⎜⎝ 3∑
i=0

3∑
j=0

Me
i, j × ui × aj

⎞⎟⎟⎟⎟⎠ ∀ a < 0
(1)

where Le
i,j and Me

i,j denote coefficients for measure of effectiveness (MOE) including fuel consumption,
HC, CO, NOx, and CO2 emissions at speed exponent i and acceleration exponent j; u is instantaneous
speed; and a is instantaneous acceleration rate.

The VT-Micro model utilizes a number of data sources, including the Environmental Protection
Agency and Oak Ridge National Laboratory (ORNL). Due to the simplicity and accuracy of the model,
the VT-Micro model is one of the most popular microscopic fuel and emission models. A detailed
description of the model is found in Reference [19].

3. Microscopic Traffic Simulation Modeling and Results

INTEGRATION software, which has been utilized and validated for a number of traffic control
applications, was used in the simulations in this study. The model provides a reasonable assessment of
how the studied intersection functions.

3.1. Analysis of Alternative Intersection Control Strategies: Roundabout, Traffic Signal, and Stop Sign Control

Driving behavior and deceleration/acceleration events were modeled at a roundabout, a two-way
stop sign, and a signalized intersection using INTEGRATION software. The intersection of Ariane Way
and Virginia 606 in Loudoun County, Virginia—which is adjacent to the Washington Dulles Airport
(Figure 1)—was used as the case study site.

The test intersection is typically used as a substitute route for airport travelers. The speed limit is
88 km/h for eastbound and westbound and 40 km/h for northbound and southbound. Northbound and
southbound traffic is controlled by two-way stop signs. The average afternoon peak hour traffic volumes
are shown in Figure 1. Virginia 606 is a four-lane corridor with an extra left-turn lane, and Ariane Way has
two lanes. While traffic volume is low during non-peak hours, travel time and delays are significantly
increased at the two-way, stop-controlled intersection during peak hours. The typical queue length at
Ariane Way is from 10 to 15 vehicles and those vehicles make for unsafe gap-acceptance maneuvers
through the high-speed approaching vehicles from eastbound and westbound directions.

We developed simulation models using parameters derived from field data, including speed,
traffic volume, saturation flow rate, jam density, number of lanes, and lane striping data. We modeled
a base saturation flow rate and a jam density of 1800 veh/h/lane and 120 veh/km/lane, respectively,
for all links except the northbound approaches. Due to the aggressive driving behavior of the
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northbound approaches, we used a saturation flow rate of 2000 veh/h/lane. We set the base gap between
3 and 4 s to simulate the driver gap behaviors. We calibrated and validated the simulation model
against collected field data. For signalized intersection scenarios, we designed two phase movements
with a 35 s cycle length, which was estimated based on the traffic demand. For roundabout scenarios,
we used an entry speed of 50 km/h and a diameter of 60 m, which were recommended in Roundabouts:
An Information Guide [20].

Figure 1. Map and aerial view of the modelled intersection (Source: Google Maps).

The BEVs’ energy consumption was estimated using VT-CPEM from individual second-by-second
profiles of vehicle speed that were generated using the INTEGRATION simulation. The ICEV fuel
consumption was generated directly from the INTEGRATION software, since INTEGRATION includes
the VT-Micro model. Three approach speeds, 56 km/h (35 mph), 72 km/h (45 mph), and 88 km/h
(55 mph) were evaluated to identify the effects of different approach speeds.

Figure 2 compares the simulated ICEV fuel consumption and BEV energy consumption
at a roundabout, a signalized intersection, and a two-way stop-sign-controlled intersection for
an approach speed of 88 km/h. BEVs and ICEVs clearly had different energy/fuel consumption
patterns. We converted ICEV fuel consumption to a comparable energy consumption unit, kWh based
on Reference [21]. Based on the report, one liter of gasoline contains the energy equivalent to
8.9 kWh of electricity. The fuel consumption of ICEV increased by 126% and 79% when the
stop-sign-controlled intersection was replaced with a roundabout and a signalized intersection,
respectively. In contrast, for BEVs, the roundabout reduced energy consumption by 2.3% and 8.4%
compared to the stop-sign-controlled and signalized intersections, respectively. The roundabout
decreased total delay by 68% (from 18.81 to 6.07 s/veh) compared to the stop-sign-controlled intersection
and by 45% (from 8.78 to 6.07 s/veh) compared to the signalized intersection. These results demonstrate
that, for the modeled intersection, a roundabout would improve BEVs’ energy efficiency, whereas
ICEVs would have better fuel economy at a two-way stop-controlled intersection.

Figure 3 illustrates BEV and ICEV energy/fuel consumption for different intersection controls with
an approach speed of 72 km/h. For ICEVs, the results were similar to those obtained at the approach
speed of 88 km/h; the stop-sign-controlled intersection was the most fuel efficient, while the roundabout
led to the worst fuel economy. However, for BEVs, the stop-sign-controlled intersection was slightly
more energy efficient than the other two control strategies, although the energy consumption was similar
for all three control types (0.15, 0.15, and 0.14 kWh/veh for the roundabout, signalized intersection,
and stop-sign-controlled intersection, respectively). The roundabout considerably reduced vehicle
delay by 46% and 78% compared to the signalized and stop-sign-controlled intersections, respectively.
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Figure 2. Comparison of battery electric vehicle (BEV) and internal combustion engine vehicle (ICEV)
energy/fuel consumption for different intersection control strategies (approach speed = 88 km/h).

Figure 3. Comparison of BEV and ICEV energy/fuel consumption for different intersection control
strategies (approach speed = 72 km/h).

The BEV and ICEV energy/fuel consumption levels at the different intersections are shown in
Figure 4 for an approach speed of 56 km/h. For ICEVs, the stop-sign-controlled intersection was the
most fuel efficient, while the signalized intersection was the least fuel efficient. For BEVs, the energy
efficiencies were nearly identical (0.12 kWh/veh) for all three control strategies. As for the other approach
speeds, the roundabout was the most efficient intersection control type in terms of vehicle delay.

Figure 4. Comparison of BEV and ICEV energy/fuel consumption for different intersection control
strategies (approach speed = 56 km/h).

The simulation results for all evaluated approach speeds show that the roundabout significantly
reduced vehicle delay compared to the signalized and stop-sign-controlled intersections. For ICEVs,
the stop-sign-controlled intersection significantly reduced fuel consumption compared to the other
two control methods at all three approach speeds, and the roundabout resulted in the worst fuel
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efficiency at approach speeds of 88 and 72 km/h. The ICEVs’ higher fuel consumption in the roundabout
resulted from the acceleration of vehicles leaving the roundabout. A vehicle entering a roundabout
must yield or stop before entering the roundabout; thus, after negotiating the roundabout, the vehicle
must accelerate to full speed upon exiting, increasing the rate of fuel consumption. Acceleration rate is
one of the most important contributors to vehicle fuel consumption [19,22].

Compared to ICEVs, BEVs’ energy consumption patterns were significantly different. For example,
at an approach speed of 88 km/h, the roundabout was the most energy-efficient intersection, whereas
the stop-sign-controlled intersection resulted in the lowest electricity usage at the approach speed of
72 km/h. Nonetheless, the differences in BEV energy consumption between the different intersection
types were relatively small compared to the fuel consumption of ICEVs. These results can be explained
by the energy BEVs regenerate during deceleration.

Figure 5 illustrates the average recovered energies corresponding to the three intersection controls
at different approach speeds. The regenerative energy produced increased with increasing approach
speed. For the roundabout, BEVs generated 193% more regenerative energy at an approach speed of
88 km/h compared to an approach speed of 56 km/h. Figure 5 also demonstrates that BEVs recovered
more energy at the roundabout compared to the signalized and stop-sign-controlled intersections.
Table 1 shows the percentage of regenerated energy compared to total BEV energy consumption.
For example, BEVs recovered 32.9% of the total energy through regenerative energy at the roundabout
with an approach speed of 88 km/h. These results indicate that regenerative energy is critical to BEVs
maintaining their energy efficiency at roundabouts.

Figure 5. BEV’s regenerative energy generated for different intersection control strategies and
approach speeds.

Table 1. Percentage of regenerated energy compared to total BEV energy consumption.

Roundabout Signalized Stop-Sign-Controlled

56 km/h approach speed 16.2% 16.3% 8.0%
72 km/h approach speed 22.9% 22.1% 9.6%
88 km/h approach speed 32.9% 26.6% 12.2%

3.2. Analysis of Various Traffic Signal Coordination Plans

The effects of various signal coordination plans on BEV and ICEV energy/fuel consumption
were also investigated. A previous study found that good traffic signal coordination can significantly
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reduce fuel consumption and ICEV emissions [14]. Figure 6 illustrates a sample corridor with three
intersections and four links. Each link was 0.5 km in length which is a reasonable intersection length
in an urban area. The demand from the start node to the end node was 1200 veh/h. The last vehicle
injected into the simulation departed 15 min from the beginning of the simulation. A free speed of
80 km/h was applied to the entire corridor. This scenario was meant to show how a signal coordination
plan can affect the energy/fuel consumption in a specific corridor. To evaluate the effects of signal
coordination in this study, three scenarios were adopted: (1) a poorly coordinated fixed-time signal
plan, (2) a partially coordinated fixed-time signal plan, and (3) a well-coordinated fixed-time signal
plan. Each traffic signal had a 60 s cycle length, 30 s effective green time, and a 2.5 s effective lost time.

Figure 6. A sample coordinated corridor.

Figure 7 illustrates the effects of different signal coordination plans on BEV and ICEV
energy/fuel consumption and vehicle delay. As expected, the well-coordinated signal plan significantly
reduced vehicle delay from 72.64 s to 15.51 s compared to the poorly coordinated signal plan.
The well-coordinated signal plan also reduced vehicle delay by 26% compared to the partially
coordinated signal plan. Figure 7 also shows that the well-coordinated signal plan improved energy/fuel
efficiency in both ICEVs and BEVs. In particular, ICEVs’ fuel consumption was reduced by 28%
and 35% compared to the partially coordinated and poorly coordinated signal plans, respectively,
while BEVs’ energy efficiency was improved by 17% and 20%, respectively. These results indicate that
BEVs’ energy consumption was less sensitive to signal coordination than ICEVs’ fuel consumption,
since BEVs produced more regenerative energy on the corridors with partially and poorly coordinated
signal plans. The BEVs recovered 21%, 40%, and 49% of total energy through regenerative braking
for the well-coordinated, partially coordinated, and poorly coordinated signal plans, respectively,
as illustrated in Figure 8.

Figure 7. BEV and ICEV energy/fuel consumption for different signal coordination plans.
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Figure 8. Regenerated energy of BEV for different signal coordination plans.

4. Conclusions and Recommendations for Future Research

This study investigated the effects of different intersection controls (i.e., a roundabout,
traffic signal, and stop sign) and signal coordination plans (i.e., well-coordinated, partially coordinated,
and poorly coordinated) on BEV and ICEV energy/fuel consumption. The second-by-second speed
profiles of individual vehicles were derived from a traffic simulation model, and the speed profiles were
utilized as inputs to estimate ICEV fuel consumption and BEV energy consumption using microscopic
fuel consumption and energy models.

The results indicate that the most energy/fuel efficient traffic controls are different for BEVs and
ICEVs. For BEVs approaching an intersection at a speed of 88 km/h, the roundabout was the most
energy-efficient intersection control, while the stop sign was the least energy efficient. In contrast,
for ICEVs at the same approach speed, the two-way stop sign was the most fuel-efficient control,
while the roundabout was the least fuel efficient. The BEV and ICEV energy/fuel consumption patterns
also differed at other approach speeds (72 and 56 km/h). For BEVs, the energy consumption at all
intersection control types was similar, while for ICEVs, stop-sign-controlled intersections significantly
reduced fuel consumption compared to the other two intersection types.

The ICEVs’ higher fuel consumption levels at roundabouts resulted from acceleration leaving
the roundabout, as acceleration rate is a major contributor to vehicle fuel consumption. The BEVs’
energy consumption levels were less affected by the intersection control strategy than were ICEVs’.
This can be attributed to the energy regenerated by BEVs during deceleration; BEVs recovered 32.9%
of the total energy through regenerative braking at the roundabout for an approach speed of 88 km/h,
thereby improving overall energy efficiency.

The effects of different signal coordination plans on energy/fuel consumption were also investigated
for BEVs and ICEVs. Both BEV and ICEV energy/fuel efficiency was improved by the well-coordinated
signal plan. Signal coordination had a weaker effect on energy efficiency in BEVs compared to ICEVs,
because BEVs produced more regenerative energy on corridors with partially and poorly coordinated
signal plans. The study found BEVs recovered 21%, 40%, and 49% of total energy through regenerative
braking on the corridors for well-coordinated, partially coordinated, and poorly coordinated signal
plans, respectively.

In summary, this study demonstrated that regenerative energy in BEVs is a critical factor in energy
efficiency. Among the tested intersection controls, BEVs recovered the largest amount of energy at the
roundabout for the studied intersection site. The market penetration rate of BEVs has increased sharply
in recent years, and the number of BEVs on the road is expected to continue to increase in the near
future. Recently, a number of transportation researchers and engineers have developed fuel-efficient
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transportation facilities and control strategies to improve fuel economy and reduce ICEV emissions.
The findings of this study suggest that transportation facilities and control strategies should be
designed to enhance BEVs’ energy efficiency, particularly in zero-emission zones [23], where only
BEVs can be utilized. Furthermore, the findings of this study can be used in the development of
energy-efficient routing strategies. For example, the routing of BEVs might entail sending the vehicles
through roundabouts, whereas the routing for ICEVs might send the vehicles through two-way stop
sign intersections.

Future research will investigate the effects of combinations of various vehicle types, different
demand levels, and more facility types on BEVs’ energy consumption. The development of a multimodal
traffic signal control system that can improve both BEV and ICEV energy/fuel efficiencies is
also recommended.
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Abstract: Without experiences of electric buses, public transport authorities and bus operators
have faced questions about how to implement them in a cost-effective way. Simple cost modelling
cannot show how costs for different types of electric buses differ between different routes and
timetables. Tools (e.g., HASTUS, PtMS, and optibus) which can analyse such details are complicated,
time consuming to use, and provide insufficient insights into the mechanisms that influence the cost.
This paper therefore proposes a method for how to calculate total cost of ownership, for different
types of electric buses, in a way which can predict how the cost varies based on route and timetable.
The method excludes factors which cause minor cost variations in an almost random manor, in order
to better show the fundamental mechanisms influencing different costs. The method will help in
finding ways to reduce the cost and help to define a few cases which deserve a deep analysis with
more complete tools. Testing of the method in a Swedish context showed that the results are in line
with other theoretical and practical studies, and how the total cost of ownership can vary depending
on the variables.

Keywords: electric bus; cost model; total cost of ownership; TCO; charging strategy; public
transport; sustainability

1. Introduction

Electric cars and buses has been proposed by several studies and authorities as a long-term
solution for the sustainable development of transport systems, mainly because of their high efficiency,
very low emissions when being driven, low noise levels, and the possibility of using renewable sources
for their electricity (e.g., [1–3]). Several predictions estimate that electric vehicles will dominate the sales
within the next decade (e.g., BloombergNEF believe electric cars will dominate after 2036, and electric
buses after 2030 [4] and IEA believe that sales of EVs will be 70% in 2030 [5]) as the price for batteries is
likely to decrease and governmental incentives are likely to increase to support such development of
the transport sector. A commonality in countries with incentives to tackle climate-change issues related
to transport (e.g., taxes on fossil fuels) is that the current approximately 50% higher purchase price for
electric cars can be compensated with a much lower price for electricity per km. For example, in Sweden
in 2019, the VW e-Golf had a lower total cost of ownership (TCO) after three years (accumulated
TCO after five years) than a comparable VW Golf powered by fossil fuels with a mileage of 15 km
per year [6]. However, TCO is different for cars and buses, because buses usually have a higher use
rate and longer mileage (a bus is normally driven 4–8 times more kilometres than a car). However,
bus operators have been reluctant to use electric buses in their operations, mainly because of higher
purchase costs and a lack of knowledge regarding how to design, operate, and maintain electric bus
systems [7]. Contradictory, a study by Borén [1] summarized several studies about electric buses
in Sweden and showed that electric buses can reduce the total cost of ownership for bus operators
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by more than 10% over a 10-year period, as well as societal costs due to low life-cycle emissions
and noise levels when compared to buses powered by diesel and gas (methane). This depends on
country-specific conditions, and a recent study in Texas (USA) show that electric buses can become cost
competitive in about 5 years [8], while a study in India show that electric buses can be cost competitive
within 25 years [9], and a study in Turkey showed that electric buses have twice as long pay-back
time (almost six years) than diesel buses [10]. Since the greenhouse gas emissions from electricity
production varies a lot from country to country, electric buses could actually emit more greenhouse
gas emissions in total than diesel buses if the electricity used for electric buses is produced with high
carbon intensity, e.g., electricity mix in Malta, Poland, Latvia, and Estonia [11]. Some of these emissions
can be linked to the production of batteries if there is an extensive use of energy that stem from fossil
resources (e.g., oil, coal, and natural gas) [12]. This can, however, be compensated by subscriptions or
shares in (or establishment of) new facilities for electricity produced from renewable sources. However,
the efforts to reduce climate change and other sustainability impacts cannot only address the transport
system, leaving the electricity sector to continue to use fossil fuels. The increase in renewable electricity
production and a decline in the cost of it will likely make it possible to achieve a rather quick transition
towards sustainable electricity production. Electric buses will then have a minor contribution to climate
change and other emissions.

While there can be many environmental and health-related advantages to switch from fossil-fuelled
buses to electric, it is important to make that transition relatively easy and cost-efficient to get
bus-operators (and taxpayers in the long run) onboard. There have been analyses completed and
models/tools designed that focus on charging systems’ design and costs [13], location of charging
infrastructure [14], costs and sustainability for electric buses [1], life-cycle environmental impacts [12],
and procurement processes [15]. There are also several commercial tools (e.g., HASTUS, PtMS,
and Optibus [16–18]) used by public transport authorities and bus operators for the calculation of costs
related to bus traffic, but without the integration of electric bus systems. Based on that, the authors
of this paper have identified a need to focus on modelling and analysis of the total cost of operating
electric buses that are charged either at the bus depot or/and along the bus route. What complicates the
search for the most cost-effective electric bus system is that the cost of different types of bus systems
changes with route properties and timetables.

1.1. Different Types of Electric Buses

Electric buses have a very low operating cost compared with conventional buses, but a higher
investment cost of the battery and chargers, and sometimes additional cost of the driver waiting during
charging and for extra buses required due to the charging time. It is not possible to minimize all these
cost at the same time, so there is a need to find a cost-effective compromise, which depend on the
timetable and bus route properties, and that is why several different charging strategies are relevant
for analysis.

Charging at the end stops means that the buses can have smaller batteries than buses charged at
a bus depot, as they can charge after each trip. This can be cost effective as long as there are many
departures per hour, allowing the chargers to be frequently used. The chargers are used very little if
the bus route has low bus traffic density, and a low utilization of the chargers increases the cost per trip
kilometre. One of the drawbacks of charging at the end stop after each trip is that there is a need for
extra buses to have time to charge.

The operators want to minimize the number of buses for a bus line since the investment in buses
is a major cost driver. That is why the second charging strategy in this paper, end-stop charging
off-peak, is included. All buses then drive during peak times without charging. Between the morning
and afternoon peak times, typically 09:00 to 14:00, all buses are not needed in traffic, so then they can
charge. This will reduce the number of buses, but it will also require bigger batteries onboard since
the buses need to be able to drive for about three hours without charging. It is not obvious which
timetables and bus routes that could make one or the other charging strategy more cost effective.
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1.2. Aim of the Paper

This paper addresses the needs and challenges described earlier. There is not one solution of
electric buses which can always be assumed to be the best, and there are many factors which influence
when a certain type of electric bus is cost effective or not. The goal of this paper is to present a cost
model which can model the main mechanisms that influence the costs of electric buses when different
routes and timetables are compared. Besides calculating costs, the model can also help explain why
and how different factors influence the costs, and thus make it easier to find ways to reduce costs.
The model can be used for many types of electric buses, but in this paper, it is only used to analyse
electric buses mainly charged at the end stops. The costs for electric buses are also compared with
buses powered by biofuels (gas and diesel) to find which type of routes of electric buses with end-stop
charging are most cost effective.

1.3. Limitations

To better serve the purpose of identifying the underlying mechanisms, rather than giving an
exact conclusion of a specific route, several simplifications are made. For example, the Total Cost of
Ownership (TCO) model can calculate the cost of a non-integer number of buses. Such simplifications
make it much easier to identify some general trends in cost changes and explain what causes them,
but they also mean that the model is not intended to use when conducting the final and detailed
cost analysis on a route. Rather, its purpose is to help determine which types of buses are interesting
to investigate for a specific route, while the final analysis should be made with a more detailed
bus-planning and cost analysis tool. The focus of the paper is to present the cost model, while analysis
of bus routes is included only as examples of how the model can be used. The cost results presented
should therefore not be seen as representative for all bus routes. The parameter values used in the
examples are for a Swedish context and may need to be changed when analysing other bus routes.

The paper analyses the two charging strategies for electric buses: end-stop charging—when they
are charged at the end stops on a route (included in the opportunity charging concept); and end-stop
off-peak charging—buses charged at the end stops for the whole day except during the peak hours.
The buses are also charged in the depot during night in order to be fully charged when they start
operations. Both the electric bus charging strategies are compared with buses powered by biomethane
or Hydrogenated Vegetable Oil (HVO), which is a biodiesel that can be used as a drop-in fuel in
conventional diesel engines. In Sweden almost all buses run on biofuels, so we have not included
diesel buses in the comparisons in Section 5. Diesel buses will have exactly the same costs as HVO
buses, excluding the fact that the price of diesel fuel differs to that of HVO.

1.4. Structure of the Paper

Section 2 explains what the model calculates and in what steps. First, the method and core
assumptions are presented. The modelling starts from a formula for calculating the TCO, and that
formula is used to identify which intermediate variables influences the total cost. In Section 3,
the parameters which are used to describe the bus route and timetable are presented, as are the
basic cost parameters. Section 4 then shows how the intermediate variables can be calculated from
the parameters for the route and timetable. The explanations of the charging strategies, and some
assumptions related to them, are also found in Section 4, as deriving the model is closely linked to the
explanation of the charging strategies. In Section 5, an analysis of end-stop-charged buses is presented,
with the aim of explaining the mechanisms which influence the cost of running a route and how
different types of routes and timetables influences their TCO. This analysis is intended to demonstrate
what the model can be used for, rather than providing cost results which can be used for any bus route.
Finally, Section 6 summaries the main findings in the paper, followed by a critical assessment and
comparison with other studies. The very last part then focuses on how the paper contributes to the
research community, and on recommended further work.
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2. Model for Total Cost of Ownership

2.1. Method

The TCO model is built in Matlab [19], which is a software that integrates computation,
visualization, and programming in an environment where problems and solutions are expressed in
mathematical notation. The model is based on a direct step by step calculation of the results starting
only from the parameters describing the route and the timetable, as well as the bus and cost parameters.
This direct calculation method is possible since the calculations have been broken down in steps which
can calculate their respective outputs while only knowing input parameters and intermediate results
calculated in previous steps. All the equations have been solved analytically before creating the TCO
calculation program. Furthermore, the order of the calculations has been carefully selected so that
there is no need to feed results back to previous calculation steps, avoiding the need for numerical
solvers in the program. This leads to a quick program that is easy to follow, despite having a significant
number of steps in the calculations.

Another key part of the method is to avoid calculating more details than needed. This is done by,
as far as possible, directly calculate energies and bus time for the whole fleet of buses, rather than for
each individual bus. Furthermore, the smallest step in the calculation of a whole day of bus traffic is
the single bus trip. No finer time step is analysed, which means that there is no need to simulate the
individual buses, which also ensures a quick calculation.

Since the purpose is to find and model the general mechanisms which influence the TCO, it is
important to only include the important factors and exclude all minor effects that will mainly show up
as a noise in the calculation of the cost. The way we do this is to start from the end result, the TCO
equation, and derive the model backwards from there. This ensures that we only include things that
can influence the TCO, while all other aspects of buses will automatically be excluded. Later in this
section, we also discuss how the model avoids factors which can cause small variations up and down
in cost when timetable and route parameters only slightly change. These are therefore seen as noise,
which is not a part of the overall trend in the cost variations.

2.2. Output of the Total Cost of Ownership Model

In this paper, the TCO will be presented either as a total cost per year for the investigated route, or
as the route’s total cost per trip kilometre. The cost per trip kilometre is the TCO per year divided by
the total distance all the buses drive in service. Cost of driving outside the timetable, such as driving to
or from the depot and driving between different routes, is included in both cost measures, but when
the specific cost per km is calculated, the cost is only divided on the kilometers driven during the trips.
This is important since driving to and from the depot adds nothing to the value of the route, while it
adds to the cost of operating the route.

The total cost per year is obviously a good measure of how cost effective a certain bus type is for a
specific route. However, it is not so useful for general conclusions and comparisons of different bus
routes which have very different bus traffic density and different lengths. Then, the total yearly cost will
be very different and does not clearly illustrate which system is more cost-effective. When comparing
different routes and different bus traffic volume, it is often better to compare cost per trip (km) instead.
Even if bus lines can have total yearly costs which are different by an order of magnitude, a comparison
of their cost per trip (km) will be revealing. The difference in costs per trip (km) then indicates why
one of the routes is more cost-effective than the other.

2.3. Parameters Used to Determine Total Cost of Ownership

The TCO is calculated as the sum of operating cost and investment-related costs. In this model,
the operating cost is the sum of driver cost, energy cost, maintenance and insurance and electric grid
fees. The cost of the investment is determined from the depreciation of the chargers, batteries and
buses. The final calculation steps of the TCO are shown in Figure 1.
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Figure 1. The calculation steps of the TCO model, its nine input variables in the white boxes at the top
and its eight cost parameters as inputs from the left and right side of the model.

There are, of course, other costs for a route, such as the cost of depots (excluding chargers),
ticket systems, etc. In this analysis it is assumed that such costs are the same for all the investigated
bus types and therefore will not be important when comparing different bus types with each other.
However, when cost differences between the alternatives are small, minor variations in these other
costs can very well be what tips the scale in favour of one bus type or another, and that is why a final
decision on what type of buses to use for a route should always be conducted based on a detailed
bus-planning and cost analysis tool.

To determine these seven costs, the model use nine intermediate variables which are calculated
for the analysed routes and timetables. These are:

• Driver time per year;
• Energy use per year;
• Total driven distance per year;
• Trip distance per year;
• Number of places with chargers (i.e., number of grid connections);
• Total combined power of all chargers;
• Number of chargers;
• Number of buses;
• Bus battery size.

These nine variables, together with eight cost parameters, determine the seven parts that make up
the TCO. The TCO per year is the sum of the seven costs, and the TCO per trip kilometre is the TCO
per year divided by the number of trip kilometres per year.

2.4. Simplifications Aimed to Find General Trends Rather than Route-Specific Results

There are some costs which vary only in steps, and these steps can make it difficult to see the
general trend in the costs. For example, when the headway is varied, the number of buses needed
for a route changes in steps of one. The exact headway at which the number of buses changes is not
necessarily the same for the compared charging strategies. Comparing two types of buses, it may
sometimes look as if one is more cost effective than the other, but with just a slight adjustment of the
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headway, the result can be the opposite. To avoid this, the cost model is defined to calculate as if it
is possible to buy a non-integer number of buses, and by extension, a non-integer number of depot
chargers. Normally several routes are driven by the same operator, and then the possibility to use a
non-integer number of buses for a route is even more reasonable since buses and drivers can be shared
between different routes, making it possible to plan the bus schedules so that buses can operate on
several routes.

The number of end-stop chargers are, however, an integer in the model, as the step in the number
of chargers will be much more important for the cost effectiveness of the different charging strategies.
End-stop chargers are sometimes less well-utilized than depot chargers, and it is important that the
model includes that effect, as it is a reason why the TCO for end-stop charging significantly varies
between different routes. Furthermore, end-stop chargers can only support the routes that use the bus
stop at which they are placed and can therefore not be shared as easily between routes as the buses can.

When planning bus schedules for a route, there is often a need for buses to be inactive and wait
for the next departure. The need for such waiting time can vary in a very random way with changes in
route properties and timetables. To avoid such “noise” influences on the TCO calculations, the TCO
model does not create real bus schedules. Instead, the model just estimates the total number of buses
needed in traffic, how many will be driving to and from the depot, and how many will be charging at
different times during the day. This simplification is a feature and not a bug, since it allows for a clearer
illustration of the system effects when analysing the total amount of buses occupied by different tasks
rather than focusing on analysing the buses individually.

Another simplification is that the model does not keep track of the State of Charge (SoC) of
individual batteries, but instead, the SoC of the buses are ensured by a few conditions regarding the
size of the required batteries, and by determining how much charging is required in total to achieve
energy balance of the fleet over the day. To allow for this simplification, the model assumes that the
batteries are sized to handle some worst-case energy use that individual buses can experience between
charges. Optimizing the battery size can further reduce costs, but this is not included in this version of
the cost model.

2.5. Cost of Conventional Combustion Engine Buses

The TCO model is mainly developed to analyse electric buses, but it can also analyse conventional
buses since they are less complex. As there is no need for conventional buses to be fuelled during the
day, they only need to meet the requirement of driving their designated amount and the minimum
number of trips to and from the depot. They need no extra time to charge or extra time to drive to and
from the depot, as may be needed by electric buses. The TCO for them is calculated using the same
formula, but with slightly different cost parameters, as shown in Table 1. Rather than calculating the
volume of fuel consumed, the cost of the conventional buses fuel is calculated from required traction
energy, the fuel cost per litre and the average fuel efficiency of the powertrain.
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Table 1. The cost parameters for buses powered by HVO, biomethane, and electricity when charging at
the end stop, and at the end stop only during off-peak time. The values are relevant for Sweden 2019,
and based on results from pilot projects.

Cost Parameters HVO Biomethane
Electricity

End-Stop End-Stop Off-Peak

Price (Million SEK) 2.2 2.5 3 (excl. battery)
Battery capacity (kWh) - - 100 200

Max energy used between
charging (kWh) - - 25 75

Maintenance including
chargers (SEK/km) 3 3.6 3.3 3.3

Bus Economic Life (year) 10 10 10 10
Battery Economic Life (year) - - 7 7

Battery Price (SEK/kWh) - - 4000 4000
Energy Cost (SEK/kWh) 3.5 4 0.82 0.82

3. Model Input Parameters and Variables

The TCO model has many input variables which we use to describe the route and the timetable.
Several of these are, later in this paper, varied to analyse how they influence the TCO. The parameters
are factors which we do not vary in this analysis, but they are still needed to determine the TCO.
The parameters describe important values which influence the cost of buses, batteries, chargers, drivers,
and the electricity grid.

3.1. Route Variables

We do not need to know all details of the route but must know any property which influences the
nine TCO variables. In this TCO model we selected to base the route description on the time it takes to
drive a trip rather than how long the route is, since the required number of buses and driver time are
both directly determined by the time required, rather than the distance driven. The route distance is
also an input parameter, but most calculations are made based on analysing time. Then, only a few
results are translated into driven distance when it is needed to calculate the TCO variables. The route
properties are independent of the used timetable.

The main route variable is the net time it takes to drive one trip, which can vary over the day.
In our model, we have different trip times in the off-peak period (TTripNetOffPeak), in the peak period
(TTripNetPeak), and during the evening (TTripNetEvening). We also need to know the time to drive from the
depot to the route or back from the end stop to the depot (TPullInOut). For simplicity reasons, we assume
it to be the same time for both end stops. This is often not the case, but the given value can then be the
average time for the two end stops. To determine the driven distance, we also need parameters for the
trip distance (lTrip), and the distance from depot to the route’s end stops (lDepot). If needed, the trip
length and net trip time can be used to calculate the average speed of the bus.

3.2. Timetable Variables

In this cost model, we have assumed that the route and timetable are identical in both directions.
A simple way of describing the timetable is shown in Figure 2. It shows a generic timetable description
as a curve showing the number of departures per hour from the end stops and its variation during
the day. In the diagram we can see that the timetable can be described by seven time-dependent
variables and three variables for number of departures per hour. By changing these 10 variable values,
the timetable can be altered in our TCO analysis. Since the buses often run into the night, beyond
midnight, the calculation uses time values beyond 24 h, as this simplifies the calculations. In Figure 2,
the last bus departs from the end stop at 01:00 in the night, and this is coded as 25.0 h in our model.
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Figure 2. The generic way of describing the timetable which is used in the TCO model.

In addition to the variables in Figure 2, there are also variables to define the layover time
needed off-peak (TLayoverOffPeak), during peak times (TLayoverPeak), and in the evening (TLayoverEvening).
The layover time is the time between when the bus arrives at the end stop from one trip, and the time it
departs for the return trip. The layover time is mainly used as a buffer time so that a delayed incoming
bus shall still mostly be able to depart on time on its next trip. The layover time can also provide some
breaks for the driver between trips.

Instead of defining different timetables for the different types of days (weekdays, weekends,
holidays etc.) the total traffic during a whole year is instead calculated as the defined typical day,
multiplied with the number of effective traffic days which give an estimate of the total yearly traffic.
In this paper we use NTrafficDays = 313.

3.3. Bus, Driver and Battery Parameters

In this section, the parameters used to determine the cost of buses, driver, and batteries are
described. In the examples in this paper, we assume 12 m buses, and they have the values given in
Table 1. The different size of batteries for the two types of electric buses depends on different charging
strategies. Why different battery sizes are used depends on the longest time a bus can be in traffic
without charging, and this will be explained more in Section 4.1. A conservative estimation of battery
cost has been used. The battery price is assumed to be constant, so it is the same after seven years
when the batteries are replaced. The residual battery value after seven years has also been set to zero.
Table 1 shows parameter values which are relevant for Sweden 2019, mainly based on data from pilot
projects. The parameter values are included to allow the reader to check and interpret the numeric
results in this paper. It shall, however, be noted that development of electric buses is rapid, and the
production volumes are growing fast; therefore, these parameter values can change and should not be
seen as generally applicable.

For all the buses, the average power during the trip has been assumed to be 25 kW, which is based
on measured energy consumption of electric buses in Sweden. It includes auxiliary loads, heating and
cooling, and is a typical average value over the year. The effect that the worst-case consumption will
be higher has to be considered when sizing the batteries. The economic life of the bus (depreciation
period) has been set to 10 years, while the batteries have been assumed to last seven years. In the
near future, batteries will most likely last 10 years, but the first generation of bus batteries may live a
little shorter.

The driver wage is set to 300 SEK/h, and the driver schedules are assumed to be planned so that
90% of the driver’s time can be used to drive the bus and wait during layover time or wait during
charging. This means that the effective driver cost will be 333 SEK/h that there is a driver in the bus.
It is also assumed that the driver must be paid during the time the bus charge at end stops, but not
when charging at the depot.

570



Energies 2020, 13, 3262

3.4. Electric Grid Parameters

There is a need to invest in one grid connection at each charger location, irrespective of how many
chargers are in the same location. It is assumed that the chargers will require so much power from the
grid that one new transformer or substation will have to be built for each charger location, including
some new distribution lines. The cost of a new substation will depend on the total power of all the
chargers in that location. The initial cost of building a substation is set to 1 Million (M) SEK and the
total cost includes an additional 1000 SEK/kW. This means that a 500-kW substation will cost SEK
1.5 M SEK and a 2 MW substation 3 MSEK. These cost levels are based on dialogue with the local
electric utility company in Gothenburg, Sweden, and assume that end-stop chargers are normally not
built in the city centre where cost is often much higher. When calculating the depreciation of the grid
investment, the economic life for the substations and grid connection has been set to 20 years.

There is also an annual fee for using the grid. This can be very different in different regions, and in
this paper, it includes one fixed annual fee per substation of 5000 SEK per year plus an annual fee
depending on the installed peak power of the chargers, which is 500 SEK/kW per year.

3.5. Charger Parameters

The chargers are assumed to have a base cost of 5000 SEK per charger plus a size-dependent cost
of 3000 SEK/kW. The low base cost means that the cost is almost only proportional to the total installed
power of the chargers. The charger depreciation is calculated using an economic life of 10 years. This is
similar to a normal contract period with a bus operator in Sweden. These cost levels are based on data
from pilot projects and estimates how that cost will be reduced when building many new bus chargers
at once for a contract with many bus lines. The cost has also been found to be consistent with the cost
of high-power charges for electric cars, which are based on the same technology.

The assumed charger power PChgEndstop is 300 kW for the end-stop-charged buses,
and PChgEndstopNight is 11 kW per bus for the night chargers for buses with 100 kWh battery and 22 kW
for buses with 200 kWh battery.

There is also the factor of how much of the layover time which, on average over several trips,
can be used for charging at end-stop chargers (kLayoverChargingFactor), and in this paper it is assumed to
be 50%. Since the layover time is required to avoid delays, there are situations in which there will be
some trips which are delayed so that there is no layover time to charge. However, the bus batteries are
big enough so that one missed charge is not be a problem as long as the bus later during the day can
compensate for that missed charging. That is a reason why it is assumed that some of the layover time
may, on average, be used for charging.

3.6. Other Parameters

The TCO calculation also requires some other parameters. The interest rate is used to calculate
the capital cost of the investments and it has been set to 3%. This is a low interest rate, but a city or
government can often borrow at such low rate.

4. Calculating TCO Input Variables from Timetable and Bus Route Parameters

Figure 1 shows the nine variables needed to calculate the TCO of the buses. However, these in
turn have to be calculated from the route and timetable, and this section shows the steps in which this
is done. In Figure 3, the main steps are shown, and they are then described in the following sections.
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Figure 3. Steps 1–6 for how to calculate the nine TCO input variables, and information flow between
these steps (to the left). The white boxes show some of the key variables calculated in different steps
and the output variables.

4.1. Battery Size and Need to Charge during the Day

Depending on charging strategy, the buses will need to have different battery sizes. The size of the
battery must be chosen to meet several requirements. The battery must have enough capacity (kWh) to
supply the energy needed for the most demanding bus schedule and should also have some margin to
handle disturbances, which may sometimes lead to a shortened or a completely missed charging.

Another size-related criterion is that the battery must have enough capacity to be able to deliver
the necessary traction power and to handle the charger power. It is not possible to have a very small
battery and discharge or charge at very high power. The fact that batteries in buses with end-stop
charging must be capable of charging at high power is a reason for why they are assumed to be more
expensive per kWh of stored energy. The higher cost is due to the battery cells being more expensive
per kWh when they are optimized for high charging power and the battery system needing a more
effective cooling system.

Finally, the battery must not wear out to quickly, and have margin so that it can still meet all
the requirements for energy and power also when the battery has aged. Typically, the capacity of the
battery is reduced by up to 20% when it reaches its end of life, but the maximum discharge and charge
power will also be reduced when the battery ages and, as such, this also needs to be included when
deciding the battery size for a bus.

For the end-stop-charged buses, the charge power and number of charge cycles will be the critical
factors, and therefore it is assumed that a 100-kWh power-optimized battery is required, despite the
fact that a trip typically only requires 25 kWh if it is one hour long.
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For the buses which use end-stop charging but only off-peak, a 200-kWh power-optimized battery
has been assumed. The peak traffic periods are up to about three hour long which requires about
75 kWh of energy.

The battery size could be optimized for each route and timetable, but it is deemed likely that the
market will settle on a few battery sizes as this simplifies moving buses between different contracts and
the offers possibility for the buses to have a second life if a contract is not renewed. Therefore, it is not
likely that buses will be optimized for the route they operate on, rather, there will be a few standard
battery sizes which the operator selects from. The optimal sizing of a battery is a very complex task
and is not included in this paper.

4.2. Determining the Number of Buses Needed to Drive the Trips

The number of buses needed is calculated in two steps. First, the number of buses required
to drive the trips are calculated. This will be determined by the highest number of buses in traffic
during the peak periods, and it will be equal to the number of conventional buses required. After that,
there is a calculation of how many extra buses are needed in order to have time to charge electric buses.
This number can be zero or larger, depending on the timetable and charging strategy. The number of
extra buses is calculated in the next section.

We start by looking in detail at each bus needed to drive the trips from one of the two end stops,
and later we derive the formulas needed to calculate the number of buses from the detailed analysis.
The use of the buses is illustrated in Figure 4. There, we can see that bus 1 starts the first trip at time
Tstart according to the timetable, and before that, it has used some time driving from the depot to the
start of the route, illustrated by the light blue bar. bus 1 drive the first trip during the time shown by
the green bar, and there is a need for layover time at the end of it. One headway time after bus 1, bus 2
starts the second trip, followed by bus 3 and 4 after each additional headway time. Thus, the number
of buses initially increases by one bus for each headway time that passes. The increase in number of
buses stops after the gross trip time, because at this point, the buses which have been driving the route
in the other direction have arrived and had their layover time, and they are ready to drive the next trip
as a return trip. Therefore, after the gross trip time, the number of buses in traffic does not need to be
increased as long as the headway is constant. Figure 4 shows that the buses alternate driving the route
in both directions, as indicated by the green and blue bars.

Figure 4. Example of buses needed to drive the trips during early morning traffic.

The headway is reduced during the morning rush hours after some time in the early morning.
There are no longer enough of buses returning from earlier trips to start all the trips. If the headway
during rush hour is half of the headway during the early morning, the number of buses will need
to increase, as shown in Figure 5, in which the morning rush hours starts at 06:00 and ends at 09:00.
Note that these times show when the headway changes for the departures from the end stop. Further
down the line, the reduced headway will occur later, as it takes some time for the buses to drive from
the end stop. Just like at the start of the traffic in early morning, there will be a need for more buses at
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the beginning of the rush hours. In this example, every second bus starting a trip from the end stop
must be an additional bus coming from the depot. As before, the number of buses increases, now by
one every second headway time. This continues for a time equal to the gross trip time when enough
buses arrive from the other direction of the route.

Figure 5. Example of buses needed to drive the trips during early morning traffic and the morning
rush hours.

At the end of the rush hour, when the headway is increased, not all buses arriving from the other
direction are needed, so after the end of the morning peak, some of the buses are taken out of traffic
and return to the depot.

Based on the previous analysis, we can determine the number of buses needed in traffic during
the whole day. Note that we previously showed which bus is driving which trip, so that each row in
the diagram is the schedule for one particular bus during the day. In the following analysis, we will
derive a diagram that looks very similar, but it only shows how many buses are occupied by different
activities during the day, without showing which bus is doing what. This way, we can simplify the
analysis a lot, and do not need to plan the schedules of the buses. On the other hand, this analysis
cannot capture all the small details involved in planning bus schedules, and some of the details in
the scheduling are instead included as factors to take into account that it is not possible to plan bus
schedules completely without slack for the bus and drivers.

The number of buses required for the traffic will vary during the day, as shown in the diagram
in Figure 6, and it is derived from the timetable and data regarding driving time and layover time
for the route. We will later use this diagram to determine how much time is available for charging
during different parts of the day. Right now, we only need to know the number of buses required to
drive during the off-peak period, during the peak times and in the evening. Note that despite being
similar to the timetable diagram in Figure 2, this shows the total number of busses in traffic, while the
timetable diagram shows the frequency of departures. How many buses are needed will not only
depend on the timetable but also on the time it takes to drive the route. A short route of course needs
fewer buses to follow a certain timetable than a longer bus route with the same timetable.

The number of buses required for driving all trips during peak traffic:

NbusPeak = 2× TTripGrossPeak × nDepPerHourPeak, (1)

where the gross trip time in the peak is:

TTripGrossPeak = TTripNetPeak + TLayoverPeak (2)
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Time of day

 NbusEvening

 NbusOffPeak

 NbusPeak

TTripGrossPeak TTripGrossOffPeak
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Tstart
24181209 15 2106

TTripGrossPeak TTripGrossOffPeak

TTripGrossOffPeak TTripGrossEvening

TTripGrossEvening

Number of buses in traffic

Figure 6. Number of buses in traffic during the day. Derived from the timetable and route parameters.

As stated earlier we do not round this off to the nearest higher integer, but instead analyse the
TCO based on a non-integer number of buses. This way of calculating the number of buses assumes
that the gross trip time is shorter than the peak periods. That is the case for most routes in cities,
at least in Sweden, since the peak period in the morning and afternoon are typically 2 h and 3 h or
more, respectively, while very few routes have more than a 2-h trip time. The number of buses in traffic
during the midday off-peak period can be calculated in the same way:

NbusOffPeak = 2× TTripGrossOffPeak × nDepPerHourOffPeak, (3)

where the gross trip time off-peak is:

TTripGrossOffPeak = TTripNetOffPeak + TLayoverOffPeak (4)

Finally, the number of buses in traffic during the evening is:

NbusEvening = 2× TTripGrossEvening × nDepPerHourEvening, (5)

where the evening gross trip time is:

TTripGrossEvening = TTripNetEvening + TLayoverEvening (6)

4.3. Determining the Number of Extra Buses to Provide Time to Charge

We now know the number of base buses needed to drive the traffic, but there is also a need
to provide time for the buses to charge, and that may require extra buses. Thus, in this section,
we determine the number of extra buses needed for charging. Note that the biogas buses and HVO
buses do not require any extra buses beyond the base buses. Besides night charging, which is assumed
to allow the buses to start each day fully charged, we divide the charging in three categories to make it
easier to build and understand the model. The categories of daily charging are:

• At the end stop between trips, aiming at restoring the state of charge to what it was before the last
trip (red colour in Figures 7–10 below);

• Extra charging at the end stops, aiming at increasing the state of charge to a higher level than
what it was before the last trip (purple colour in Figures 8 and 9 below).

• At the depot during the day. (green colour in Figures 8 and 9 below);
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Figure 7. Number of buses, including buses charging at end stops and driving to and from the depot.

Figure 8. How the number of buses during peak traffic can be reduced by moving charging to
other times.

Figure 9. How the number of buses during peak traffic can be reduced by moving charging to other
times, when the off-peak traffic is almost as high as the peak traffic.

4.3.1. Extra Buses for End-Stop Charging for a Whole Day (EndStop1)

With this charging strategy, the buses are charged after each trip, and it is called EndStop1 in
the calculations. The energy charged equals the energy used during the last trip, which means that
the buses always starts each trip with the same battery state-of-charge. The number of extra buses
required is determined by calculating how much time is required to charge the bus after each trip.
The calculation is made for the peak periods, as that is when the greatest number of buses will be
charging simultaneously. The amount of energy that the bus must charge at each end stop is:

WTripPeak = TTripNetPeak × PBusAv (7)
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Figure 10. How the number of buses during peak traffic cannot be reduced if the off-peak traffic is the
same as the peak traffic.

The charge time is:

TChgPeakEndStop =
WTripPeak

PChgEndStop
(8)

This charge time can be used to calculate a factor for how many buses need to be charging per bus
in traffic:

kbusChgPeakEndStop =
TChgPeakEndStop

TTripGrossPeak
(9)

Now the number of extra buses required to allow for charging at end stops during peak times can
be determined:

NBusExtraEndstop = NBusPeak × kbusChgPeakEndStop (10)

The number of buses charging off-peak and in the evening can be calculated with Equations (7)–(10)
using the net trip time off-peak and in the evening. The extra buses required for charging at the end
stops are illustrated by the red area in Figure 7, where the grey area is the buses in traffic from Figure 6.
In the diagram, the time to drive from, or back to the depot is also shown as light blue segments.
The longer the distance between depot and bus route, the longer the light blue segments will be.

From the diagram in Figure 7, we can see that the maximum number of buses used during the
day will be during peak traffic:

NBusTotalEndStop1 = NBusPeak + NBusExtraEndstop1 (11)

Since the diagram also shows the highest number of buses which are simultaneously charging, it
can also be used to determine the number of end-stop chargers required, which will be completed in a
later section.

4.3.2. Extra Buses for End-Stop Charging during Off-Peak Time Only (EndStop2)

Since the highest number of buses during the day will determine how many buses must be bought,
there is a possibility to save on the bus investment if it is possible to change when the buses charge so
that fewer buses are needed during the peak times. This will occupy more buses off-peak, but that
does not influence the investment in buses if it does not exceed the bus number in the peak times.
The lowest number of buses required is the number of buses in traffic during the peak times, so the best
we can do, in terms of reducing the number of buses, is to limit them to the highest number of buses in
traffic during the peak times. If we do that, it means that no buses can charge during the peak periods.

Figure 8 shows a charging strategy which adds to the charging off-peak in order to compensate
for the elimination of the charging in the peak periods, and it is called EndStop2 in the calculations
below. The yellow colour shows the charging which cannot be done during the peak since the number
of buses have been reduced. This will be compensated for in two ways. Some of the buses which
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needs extra charging will be driven to the depot and can charge there, illustrated by the green colour
in Figure 8. The other buses, which remains in traffic in the midday period, will need to further charge
at the end-stop chargers. That extra charging at the end stops is illustrated by the purple colour in
Figure 8, and it allows the buses to charge the battery so that it is full before the afternoon peak starts.
The charging shown in red is the charging which is needed between the trips just to keep battery
state-of-charge the same from trip to trip, and it is the same as the charging shown in Figure 7.

There is a charge deficit also from the afternoon peak, but it will not be necessary to charge the
batteries to full capacity again after that peak. The reason why this deficit does not need to be restored
is that there will be enough time during the rest of the day to charge at the end stops so that the battery
state-of-charge can remain constant from the start of one trip to the start of the next. This deficit can be
compensated for before the next day during the night charging in the depot. Thus, we do not need to
analyse any extra charging after the second peak. This does not mean that the buses cannot charge a
little extra after that peak; it simply means that such charging is not necessary to consider when sizing
the number of buses and chargers. In general, there will be possibilities for additional charging also
after the afternoon peak, but it will not be necessary to do that.

The buses which are in traffic between the peak times, besides needing to charge in order to keep
the batteries from draining, will need to stay for additional time at the end stops to further charge
the battery after each trip to ensure that it is full before the second peak. How much extra time is
required for the charging depends on the ratio between how long the first peak was, and how long the
period between the peak times are. A conservative (high) estimate of how long the buses drained their
batteries for during the first peak can be seen in Figure 8:

TChgDeficit1 = TstopAMPeak − TstartAMPeak. (12)

Based on that, a worst-case charging energy deficit can be determined from the number of
departures per hour, the trip time, and the average power consumption:

WChgDeficit1 = TChgDeficit1 × nDepPerHourPeak × TTripNetPeak × PBusAverage. (13)

A conservative (low) estimate of the time they can charge up again can also be seen in Figure 8:

TChgExtra1 = TstartPMPeak −
(
TstopAMPeak + TTripGrossOffPeak

)
. (14)

If we assume that all the charging can be completed at midday, without having to add any extra
buses, we can determine the number of buses needed to charge as the sum of the buses needed for
normal end-stop charging, plus the extra buses needed to be charged:

NbusMidday2a =
WChgDeficit1

TExtraChg1 × PChgEndStop
+ NbusMidday1. (15)

Note that this number in some extreme cases can become higher than the number of buses in
traffic during the peak times. That is taken care of in Equation (22) when this number of buses is
compared with a calculation of NbusMidday2b made for the case when we need to add buses to allow
some charging also during the peak times.

If the timetable is such that the number of buses in traffic between the peak times is not significantly
lower than in the peak times, we obtain the second case where there may not be enough buses available
to charge off-peak in order to compensate for the charging deficit from the peak. It will still be possible
to move charging from the peak times to off-peak time, but not fully, so some extra buses will be
needed to allow for additional charging. Those extra buses do not only increase the possibility of
charging between the peak times but will also allow charging during the peak times. Such a case is
illustrated in Figure 9, and it can be seen that the number of buses is higher than the highest number of

578



Energies 2020, 13, 3262

buses in traffic during the peak times, but it is still lower than what would have been required if the
buses were charged to full capacity after each trip as well as also during the peak times.

Thus, if the number of buses required midday, NbusMidday2a, is higher than the number of buses in
traffic during the peak times, the charge balance equation must be altered to include the need for some
buses that can charge both during the two peak times as well as in the midday period. In this case we
also know that no buses will drive to the depot in the midday period.

Thus, it can be calculated how much extra charging is possible during the midday period for all
the buses which are not needed in traffic during the peak times, NbusPeak

WExtraMiddayMax =
(
NbusPeak −NbusMidday1

)
× PChgEndStop × TChgExtra1. (16)

There will be a remining energy deficit if this maximum midday charging is not sufficient:

WRemain = WChgDeficit1 −WExtraMiddayMax. (17)

The extra buses that need to charge this energy have to do it during the morning peak, the midday
period and during the afternoon peak. It may seem strange that the charging can be done also during
the afternoon peak, since we earlier stated that the buses should be fully charged before the second peak
starts, but that statement was based on the assumption that no charging could take place during the
afternoon peak. It will not be important that all buses are fully charged at the beginning of the second
peak if some of them avoid draining too much by charging a little also during the peak. The critical
factor is that they shall not be at their minimum charge level before the end of the afternoon peak,
not that they are fully charged at the beginning of that peak.

Note that it is not the added buses themselves which charge all this energy, as they will have a full
battery when the morning peak starts. Instead, the added buses take over the task of driving the trips
in order to relieve the other buses so that they can have more time to charge up. The time which one
extra bus can be used to relieve other buses is:

TChgExtra2 = TstopPMPeak − TstartAMPeak. (18)

It will take some time for the extra buses to relieve the other buses, and there will always be some
waiting time for a bus which has been charging before it can start driving trips again. Therefore, it is
not realistic to assume that all of the time added by the extra buses can be used for the charging of
buses. The fraction of the added time which can be used for charging is:

kUtilExtraBusChg = 50%. (19)

The charge balance for the added buses lets us calculate the number of extra buses required:

NBusExtraEndStop2 =
WRemain

TChgExtra2 × PChgEndStop × kUtilExtraBusChg
. (20)

Since the equations do not check that the remaining energy is a positive value, this number of
extra buses can become negative. This never happens in reality, but according to Equation (22), it will
not be a problem since it is compared with the number for the first case to find out what the right
number of buses is. The total number of buses needed for the route at midday, for this second case, is:

NBusMidday2b = NBusExtra + NBusPeak. (21)

We can now use the number of buses determined for the two cases to decide what the actual need
of the buses will be in the midday period:

NBusMidday2 = min
[
NBusMidday2a , max

(
NBusPeak , NBusMidday2b

)]
. (22)
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A third and even more extreme case is if the timetable has the same number of departures per hour
during the whole day. This case is illustrated in Figure 10, and we can see that there is no possibility to
move any charging to the midday period, so the number of extra buses will be higher. In this case,
the strategy to charge off-peak will no longer add any benefit, and the resulting number of buses
becomes the same as the number of buses needed for the normal end-stop-charging strategy.

The TCO variable “Number of buses”, can now be determined for the charging strategy EndStop2:

NbusTotal = max
(
NbusPeak , NBusMidday2

)
. (23)

4.4. Number of Chargers

There is a need in the depot for one charger per bus for all types of electric buses, and the power
demand will depend on the size of the buses’ batteries. Thus, there is always a need to build one new
substation and pay for one connection to the grid at the depot. For end-stop-charged buses, there is
additionally a need for building chargers at both end-stops of the route, so in total three substations
and grid connections are needed. Thus, for end-stop-charged buses, the total number of chargers will
equal the total number of buses plus the number of end-stop chargers.

The number of end-stop chargers is typically one per end stop for one route, but if the number of
buses driving on that route becomes very high, there will be a need to add more chargers if more than
one bus at a time need to charge at each end stop. Therefore, the number of end-stop chargers can be
determined from the maximum number of buses simultaneously charging at the end stops. This is
represented by the red and purple parts in Figures 7–10.

For the EndStop1 charging strategy, the number of charging buses is always highest during the
peak periods, while the number is highest between the peak times for EndStop2 charging strategy.
It is not realistic to assume that a charger can be used 100% of the time, so we assume that a charger
should on average not be used more than kMaxUtilEndStopChg of the time, and the maximum utilization is
therefore set to 50% in this paper. This will provide a margin to allow for buses to be delayed without
having a big influence on other buses’ ability to charge. A system with such a margin will also be able
to work even if one charger is out of order for a limited time. Thus, the number of end-stop chargers
for a bus route with end-stop charging for the whole day will be:

NChgEndStop1 = max
(
2, ceil

( NBusExtraEndstop1

kMaxUtilEndStopChg

))
, (24)

where ceil is a function rounding upwards to the nearest integer number.
Note that this means that we can never have less than two end-stop chargers but can have both

odd and even number of chargers from three and up. It is possible to have a different number of
chargers at the different end stops since bus schedules can be planned so that the buses charge longer
on one side of the route than the other. However, we do not allow a system with only one charger per
route, since such a system will not be able to maintain service if that single charger fails for longer than
a short time.

The strategy to charge between the peak times rather than during the peak times will require
another number of end-stop chargers. Still, the number of chargers can be determined by the highest
number of simultaneously charging buses; it is just that the highest number of charging buses will
occur in the midday period and may require a different number of chargers.

NChgEndStop2 = max
(
2, ceil

(NBusMidday2 −NBusOffPeak

kMaxUtilEndStopChg

))
. (25)

We can now determine the required number of chargers:

Nchg = NBusTotal + NChgEndStop. (26)
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The total power of all the chargers is also needed in order to determine the cost of the chargers:

PchgTotal = NbusTotal × PChgNight + NChgEndStop × PchgEndstop. (27)

The end stop charger power is PChgEndStop = 300 kW and the depot charger power PChgNight is
11 kW for EndStop1 and 22 kW for EndStop2.

4.5. Calculating Energy Use and Driving Distance

Energy use can be determined from all the driving by all the buses. For the cost analysis, we do
not need to know which bus is driving where, just the sum of all the driving. This is the sum of driving
the trips plus driving to and from the depot. The number of trips during a day can be determined from
the timetable parameters. All the trip numbers are multiplied by a factor of two since the route has the
same departures from both directions. First, it is determined how long during the day the bus route
operates at different numbers of departures per hour:

TPeak =
(
TstopAMPeak − TstartAMPeak

)
+
(
TstopPMPeak − TstartPMPeak

)
, (28)

TOffPeak = TstartEvening − Tstart − TPeak, (29)

TEvening = Tstop − TstartEvening, (30)

The number of trips are:

NTripOffPeak = 2× TOffPeak × nBusPerHourOffPeak, (31)

NTripPeak = 2× TPeak × nBusPerHourPeak, (32)

NTripEvening = 2× TEvening × nBusPerHourEvening, (33)

which results in a total trip number:

NTripTotal = NTripOffPeak + NTripPeak + NTripEvening, (34)

From this, the total trip distance can be calculated:

dTripTotal = NTripTotal × lTrip. (35)

The total energy used during that distance is:

WTripTotal = TTripNetTotal × PAverage, (36)

where the total net trip time, excluding the layover time, is:

TTripNetTotal = NTripOffPeak × TTripNetOffPeak

+NTripPeak × TTripNetPeak + NTripEvening × TTripNetEvening.
(37)

The distance driven during the trips and the energy consumed for it are the same, irrespective
of charging strategy. However, the distance driven to and from the depot will differ between the
strategies, since the number of buses and the number of the buses which have to drive to the depot in
the midday period vary. The number of times a bus has driven to or from the depot during a day is
represented by the light blue areas in Figures 7–9. All the blue areas have the same length, TPullInOut

so we need to determine the number of times a bus drives from the depot per day for each charging
strategy. The number of times a bus drives to the depot will of course always be the same.

NPullInOut = 2×NBusTotal + 2×
(
NBusTotal −NBusMidday

)
(38)
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Based on the number of times a bus drives to and from the depot, the distance driven to and from
the depot can be determined:

dPullInOutTotal = NPullInOut × lPullInOut. (39)

The energy used when driving to and from the depot:

WPullInOutTotal = NPullInOut × TPullInOut × PAverage, (40)

WTotal = WTripTotal + WPullInOutTotal, (41)

dTotal = dTripTotal + dPullInOutTotal. (42)

We have now determined the TCO variables of “Total Energy”, “Trip distance” and “Total distance”.

4.6. Calculating Total Driver Time

It is important to calculate how much driver time is needed for the different charging strategies
since the driver wage is a high cost in many countries. A driver is of course needed for the whole time
that the bus is in motion, but also for the layover time, and for some, but not all, charging. Charging at
the end stops between each trip is typically only a few minutes at a time, for which the driver will have
to wait. In contrast, charging in the depot is completed while the bus is parked, hence, drivers do not
need to be in duty during this type of charging. The extra charging at the end stops can sometimes be
completed during a driver’s break. This will not lead to any extra driver cost, but in this paper, we
assume that a driver must be paid also during all the extra charging at the end stops. The total time
drivers must be in duty during a day can be calculated as:

TDriver =
TDriving + TLayoverTotal + TChgTotal

kDriverUtilFactor
, (43)

where kDriverUtilFactor takes into account that it is not possible to plan driver schedules so that all of the
driver’s time is spent in active duty. In this example, it is assumed that 90% of the driver’s time can be
deemed as active duty. The same equation can be used for all types of buses, but the charging time will
be different between them, and the driving time will differ due to different amount of driving to and
from the depot. The time the buses drive is:

TDriving = TTripNetTotal + TPullInOut, (44)

where:

TTripNetTotal = NTripOffPeak × TTripNetOffPeak + NTripPeak × TTripNetPeak + NTripEvening×
TTripNetEvening.

(45)

The charging time is different for the different types of buses. For EndStop1, it is:

TChgTotal = TChargePeakEndStop1 ×NTripPeak + TChargeOffPeakEndStop1 ×NTripOffPeak+

TChargeEveningEndStop1 ×NTripEvening,
(46)

where the charging time per trip during different parts of the day for EndStop1, TChargeXXXEndStop1,
can be determined according to Equation (8).

For EndStop2, the corresponding value is:

TChgTotal =

TChargeOffPeakEndStop1 ×NTripOffPeak + TChargeEveningEndStop1 ×NTripEvening

+(NBusTotal −NBusPeak) × TChgExtra2 +
(
NBusMidday2 −NBusMidday1

)
× TChgExtra1,

(47)
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where the first two terms represent the charging according to EndStop1, but only off-peak and in the
evening. This charging is shown in red in Figures 8 and 9. The third part corresponds to the extra
charging by the busses which are not in traffic during the midday period, and the fourth part is the
charging by extra buses (if there are any).

4.7. TCO for Combustion Engine Buses

We have now defined equations for the nine TCO parameters for two types of electric buses.
In order to better interpret the variations in the TCO for these two types of electric buses, they will
be compared with the TCO for combustion engine buses. We use the same way of determining the
TCO of the electric buses based on the nine TCO parameters, with different values of most parameters.
Since there is no need for combustion engine buses to charge, we can analyse them only based on the
trips they drive and driving to and from the depot, as illustrated in Figure 11.

NBusTotalICE = NBusPeak, (48)

TChgTotalICE = 0, (49)

WBatteryICE = 0, (50)

NChgTotalICE = 0, (51)

PChgTotalICE = 0, (52)

NChgPlacesICE = 0. (53)

Figure 11. How the use of buses with combustion engines varies during the day.

Trip distance is the same for all types of buses, as it is determined only by the timetable and route.
The total driving distance, traction energy use, and trip distance are calculated in the same way for
combustion engine buses as electric buses, but with the difference of being based on a different number
of buses during the peak time and midday.

Instead of calculating the cost of electricity, the energy cost of the combustion engine buses will be
the fuel cost, which is determined from the required traction energy, just like for the electric buses.
The cost parameter for the fuel takes into account both the fuel cost per litre and the fuel consumption
per kWh of traction energy, i.e., there is no need to calculate the fuel consumption in litres explicitly.
The fuel cost of HVO buses used in this paper is 3.5 SEK/kWh for traction energy, and 4.0 SEK/kWh for
biogas. They are based on prices from Reference [1], which indicates a HVO price of 1.46 SEK/kWh and
a biogas price of 1.25 SEK/kWh, and this paper has assumed an average powertrain efficiency of 36%.

Chargers are replaced by one fuel station at the depot. However, many bus routes share the cost
of the fuel station, so we assume the investment cost of the fuel station to be included in the fuel cost
per litre.

5. TCO Analysis

In this section, the TCO model is used to explore how the cost of the two end-stop-charging
strategies vary for different bus routes and different timetables. As a reference, the costs will be
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compared to the cost of a bus for compressed biogas (CBG) and one bus running on biodiesel (HVO).
The main purpose of the paper is to develop the TCO model and explain how different charging
strategies influence the TCO, so the analysis in this section is mainly included to demonstrate how the
TCO model can be used to understand how the timetable, charging strategy and bus route influence
the TCO.

The parameter values used in this paper are relevant for Swedish bus operators in 2019.
The technology for buses, batteries and chargers are under rapid development, so the results discussed
below should only be considered as an example. Conclusions for other regions in the world or for
costs from 2020 and onwards should always be based on updated parameter values.

5.1. Cost Comparison for Different Bus Types

The cost of different types of buses are compared in Figure 12 for a specific bus route and timetable,
where a bar-chart shows how the TCO varies between different types of buses. Besides the bar-chart,
there is another diagram showing the investigated timetable as the number of departures per hour over
a full day. We start by comparing the TCO for the electric buses with two different charging strategies.
Due to reduced number of buses, the cost of the bus depreciation is lower for the charging strategy that
does not charge during the peak times (EndStop2) when compared to charging during the whole day
(EndStop1). A second order effect is that less driver hours are needed for EndStop2 since fewer buses
are driven to and from the depot. However, the higher cost of bigger batteries outweighs the savings
from fewer buses, and the total cost is slightly higher for the EndStop2 strategy than for EndStop1,
at least in this case.

Figure 12. The cost of different types of buses on the reference bus route and with the reference
timetable. EndStop1 and 2 buses are powered by electricity, while the others are powered by biogas
(CNG) or biodiesel (HVO). (Note that the y-axis starts at 18 SEK/km, so the driver cost is more than half
the TCO).

Electric buses have almost the same total cost as buses powered by biogas. Electricity is much
cheaper than biogas, but the buses, batteries and chargers are still much more expensive than the biogas
buses. The extra driver time for charging also adds to the cost of these electric buses. HVO buses
are cheaper than biogas buses, due to a lower bus price, less maintenance and, for now, cheaper fuel.
However, it will be difficult to find enough supply of HVO with a high reduction in greenhouse gas
emissions in large quantities. Therefore, HVO buses are not seen as a long-term, large-scale solution
for buses in Sweden.

However, only comparing the bus types for one route and one timetable can be misleading as it
can give the impression that the cost difference between different types of buses are always the same.
This is not the case, since the TCO can vary differently for the different type of buses when the bus
route and timetable are changed.
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5.2. TCO Variations for Different Timetables

The TCO model can help analyse how the timetable influences the costs of different types of buses.
In Figure 13, the cost of three types of buses are compared for one bus route, but with three different
timetables of varying bus traffic density. In this analysis, the bus traffic density is varied in the same
proportions over the whole day. Thus, the ratio between peak and off-peak traffic remains the same,
and the start and end of the traffic periods also remain the same in the three compared cases.

Figure 13. The cost per km for end-stop-charged and biogas (CBG) buses with varying bus traffic
density for a whole day. (Note that the y-axis starts at 18 SEK/km, so the driver cost is more than half
the TCO).

In Figure 13, the cost per km for biogas buses is found to be the same, irrespective of the number
of departures per day. Since conventional buses do not share any infrastructure on the bus route,
doubled bus traffic density results in all costs increasing by a factor of two. Thus, the cost per trip (km)
for biogas buses is not changed when the bus traffic density is changed by the same factor over the
whole day. Electric buses with chargers at the end-stops instead become increasingly expensive per
trip (km) as the bus traffic density is lowered. This is caused by the investment in grid connection and
chargers being shared by fewer and fewer buses as the bus traffic density decreases. This can be seen
as the yellow and blue parts in the bar-chart growing as the bus traffic density is lowered. The increase
in total cost per km is only in the order of 5%, but it represents an important difference compared to
conventional buses, as the electric buses are relatively more cost effective at a higher bus traffic density.
The two different end-stop-charging strategies both change cost in a similar way, as the bus traffic
density influences their respective TCO in a similar way.

Another important timetable parameter is the ratio of departures per hour in the peak and off-peak
periods. In the following, we analyse the effect of keeping the peak bus traffic density constant and
varying the off-peak traffic. This will give a different result to that when we vary the bus traffic density
over the whole day, since the number of buses is mainly determined by the bus traffic density during
the peak times and not so much by the off-peak traffic. Therefore, an increased traffic off-peak can be
expected to reduce the cost per km. The results of varying the off-peak bus traffic density is shown in
Figure 14. For all three cases, the timetable has 12 departures per hour in the peak times. The difference
is in the number of departures off-peak which are either the same (12) two thirds (8) or one third (4) of
the number of departures in the peak times. The number of departures during the evening has been
set to 50% of the off-peak departures per hour.
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Figure 14. The cost per km for end-stop-charged and biogas (CBG) buses with varying bus traffic
density off-peak. (Note that the y-axis starts at 18 SEK/km, so the driver cost is more than half the TCO).

According to Figure 14, the cost per km for biogas buses is found to be lower the higher the
bus traffic density is off-peak. The main reason for this reduction is that the same number of buses
are driving more trips and, thus, the bus depreciation is divided among more trips (km). Another
contributing mechanism is that the number of times the bus drives to and from the depot decrease as
more and more of the buses drive the whole day without a midday break in the depot. This is reflected
as a lower driver cost per trip (km) and lower fuel consumption per trip (km).

The electric buses also reduce their cost per trip (km) if the departures per hour off-peak is
increased. They have the same reason for reducing the costs as the biogas buses, but on top of that,
they have charger depreciation and grid fees which are also divided by more and more km in traffic.
Therefore, the electric buses have even more of a reduction to their TCO when the off-peak traffic is
increased than the biogas buses have. In Figure 14, the dotted line shows that biogas buses have lower
or the same TCO as the electric buses at four departures per hour off-peak. However, the dashed line
shows that the electric buses are significantly cheaper than the biogas buses at 12 departures per hour
during the whole day. Generally, we can conclude that electric buses with end-stop charging will be
most cost effective for routes which have a high amount of and constant traffic during the whole day,
but it is not possible to determine one type of bus which is always the cheapest.

Now that we have looked at the TCO with some different timetables, we can see that it seems that
the whole idea of not charging during the peak times in order to reduce the number of buses manages
to achieve the expected reduction in the number of buses; but in these cases, this does not lead to a
lower TCO than charging for the whole day, mainly due to a more expensive battery. The authors
of this paper hypothesized that the costs for these two charging strategies would change differently
with timetable variations, leading to EndStop2 having a lower TCO for some timetables, but so far
it seems that the TCO for EndStop1 and EndStop2 follow each other well. This illustrates the value
of having a rather detailed TCO model, as there are often several second order effects which may
influence the TCO.

5.3. TCO with Future Cost Levels

Since electric buses are new products, their cost is still high. Once they are produced in high
volumes, the cost of an electric bus, excluding the battery, is likely to be the same as for a conventional
bus. This means that the cost of the electric powertrain is assumed to be the same as the cost of a diesel
powertrain. Furthermore, increasing production volumes of batteries for cars has led to rapidly falling
battery prices, and it is likely that the cost of power-optimized batteries for buses can fall to about
2500 SEK/kWh and to 1500 SEK/kWh for energy-optimized batteries. The TCO for our compared bus
types under these assumptions are shown in Figure 15, which reveals that electric buses might have a
lower TCO than conventional diesel buses that are powered by HVO (or diesel).
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Figure 15. The cost per km for end-stop-charged and biogas (CBG) buses with cost parameters estimated
for high production volumes. (Note that the y-axis starts at 18 SEK/km, so the driver cost is more than
half the TCO).

The TCO in Figure 15 is not a lower limit for electric buses. There are at least three more ways in
which the cost may be further reduced. The service life of an electric bus is likely to be longer than that
of a combustion engine bus, due to less vibrations and fewer parts that can be worn out. The service
life of the battery is also likely to increase, as it is currently extensively researched by universities and
companies globally due to the high economic value in such improvements. Finally, the maintenance
cost can be expected to become lower for electric buses than for combustion engine buses. When these
improvements also occur, electric buses are likely to become even cheaper than conventional buses.
Looking at the size of the different parts in the TCO bar-chart, it can be seen that even though the
battery is often said to be a very expensive part, an increase in the service life of electric buses and a
reduction in the maintenance cost may be just as important for reducing the TCO as future reductions
of battery prices.

6. Concluding Discussions

6.1. Main Findings

This paper explains and shows the main mechanisms that influence the costs of electric buses
when different routes and timetables are compared. The most significant results of this paper can be
summarized as:

• A new model that demonstrates how to calculate the TCO for electric buses that depends on the
nine most significant input variables. The calculations result in four operating and three annual
depreciation cost parameters that forms the TCO.

• Testing of the method in a Swedish context from 2019 showed that the TCO for electric buses is
generally in line with buses powered by biomethane and slightly higher than buses powered
by HVO. However, the TCO can be both higher or lower depending on cost variations related
to departures per hour, electric grid connections, the distance to the depot, and the length of
the route. It is likely that future TCOs will be lower for electric buses when compared to buses
powered by biomethane or HVO, mainly due to lower prices for batteries and buses and costs
related to maintenance.

This paper has presented a TCO model which fills a gap between the very simple cost comparisons
which present one TCO for each type of bus, and the very complex bus-planning tools which can
calculate the exact TCO for one specific route with all its details and its exact timetable. The presented
TCO model is aimed at describing the main mechanisms which make the TCO for different type of
buses vary in different ways when route properties and timetables vary. It ignores some details on
purpose to make it easier to understand, for example, the reasons why one type of bus can have the
lowest cost of one timetable and at the same time be more expensive than other types of buses for
another timetable.
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By explaining these mechanisms, this TCO model can help build a general understanding of
the cost structure of electric buses. Such knowledge is important to determine what type of buses
to investigate with the more detailed bus-planning tools. The TCO model can also be used to find
modifications to a charging strategy which can reduce costs, or to estimate how future cost reductions
in different parts of the system will influence the determination of which type of bus will be most
cost effective.

The results from the TCO analysis in Section 5 demonstrate how useful this type of model is, as it
shows, for example, that it is not at all sufficient to analyse the cost effectiveness of charging off-peak
by only looking at its influence on the number of buses required. Reducing the number of buses was
the primary motivation for such a strategy, but other effects such as a bigger battery and less driver
hours will also influence how the TCO changes using this strategy.

6.2. Critical Assessment and Comparisons with Other Studies

The results in this paper are theoretical but based on experiences where the authors have been
involved in or lead earlier projects with electric buses (e.g., [1,7,15,20,21]). Results from testing the
proposed methodology for the TCO of electric buses is well in line with these previous experiences,
as well as other recent studies with comparable economic prerequisites (e.g., the Nordic countries) [22].
There are, however, some differences in results regarding the TCO of other buses when compared to
studies from countries other than those in northern Europe (e.g., [23,24]). As mentioned in Section 1,
electric buses can become cost competitive in about 5 years in Texas [8] and 25 years in India [9],
and have twice as long pay-back time (almost six years) than diesel buses in Turkey [10]. These
differences are mainly related to incentives for fossil fuels, but also the cost of drivers and maintenance
personnel, as well as regional fluctuations in prices for busses and batteries. As shown in this paper,
such variations in input data can, in the end of a procurement period, make a difference in terms of
revenue (or loss) for a bus operator. The authors of this paper therefore stress the importance of using
the model with updated prices and other data for the routes(s) if the model is used in a study for the
procurement of electric bus traffic.

As for all models, it is important to know this model’s limitations, and its purpose. The model
should be used for more strategic investigations, such as when making general comparisons between
different charging strategies or analysing what bus routes are especially good to focus on when
introducing electric buses. The final decision on how to operate a certain bus route should always be
based on the results of tools that are created for that purpose.

6.3. Conclusions

The authors of this paper believe the results have contributed to the research community, as there
is currently a lack of theoretical TCO models based on experiences from real-life public transport tests
of electric buses. Both the model and the data received from testing in a Swedish environment are
considered to be useful for public transport authorities, bus operators, and other stakeholders involved
in public transport planning that have intentions to move towards sustainability. The model and
results from testing are adapted to conditions in Sweden and northern Europe, but the model could be
adopted to other regional conditions as well.

For further work, the model could be tested further with data from several real-life cases,
which could lead to a database of TCOs for different routes, buses, and regional prerequisites that could
be useful for future investment analysis for public transport authorities and bus operators. The TCO
model could also be complemented with societal costs of emissions of air and noise, and possible
social sustainability-related costs in line with earlier studies (e.g., [1,23]). The model could also be
complemented with scenarios that includes electric buses charged only at bus depots to find out
when it would be most cost competitive to invest in depot- or end-stop-charged buses, and also in
comparison with other buses with low climate impacts.
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Abstract: In this study, a battery management system (BMS) is developed for reused lithium-ion battery
(RLIB). Additional enhancing functions of battery management are established, i.e., estimation of
life-sensitized parameters and life extension. Life-sensitizing parameters mainly include open-circuit
voltage (OCV) and internal resistances (IRs). They are sensitized parameters individually relative to
state of charge (SOC) and state of health (SOH). For estimating these two parameters, an adaptive
control scheme is implemented in BMS. This online adaptive control approach has been extensively
applied to nonlinear systems with uncertainties. In two experiments, OCV and IRs of reused battery
packs are accurately extracted from working voltage and discharge current. An offline numerical
model using a schematic method is applied to verify the applicability and efficiency of this proposed
online scheme. Furthermore, a solution of actively extending life by using an ultracapacitor to share
peak power of RLIB through adjusting duty ratio is also proposed. It is shown that this enhancing
battery management for RLIB can properly estimate OCV and IRs, and actively extend the life of the
RLIB in two experiments.

Keywords: reused battery; adaptive control theory; battery management system (BMS); internal
resistances; open-circuit voltage

1. Introduction

Well-known greenhouse gas (GHG) emissions, due to extensive use of diesel and gasoline,
threaten our environment [1]. A large amount of CO2 from transportation is gradually decreasing [2,3].
Meanwhile, electric vehicles (EVs) have been identified as being a key technology in reducing emissions
and energy consumption in the transport sector [4]. Most countries are stepping up the introduction of
electric vehicles, and are trying to progressively replace traditional fuel vehicles with EVs. However,
with the rapidly increasing popularity of various EVs, the demand for lithium-ion batteries (LIBs)
increases annually [5,6]. Sales of pure electric cars rose by nearly 14% in 2018 compared to 2017,
while hybrid and plug-in hybrid sales rose by more than 20%. Now, more than 1.15 million EVs
are on the roads today in the world [7]. Consequently, the quantity of wasted LIBs is also quickly
increasing [8]. However, wasted battery packs are still available for energy balancing in thermal
power plants, due to their residual electrical capacity [9]. Reuse of LIBs has become crucial in recent
years [10], since renewable energy sources such as solar energy and wind energy are intermittent in
nature. They have to keep continuous and reliable supply [11–13]. One of the best ways of stabling
these renewable resources is to be stored in batteries. Among them, LIB is widely accepted due to its
high energy density, long lifespan, and high efficiency [8,14,15]. However, the lifecycles of reused LIBs
(RLIBs) become short, because the geometrical structure of the battery is possibly damaged by cycling
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use [16]. Therefore, an effective battery management system (BMS) for RLIB is compulsory, so that
batteries can operate safely and reliably, preventing any physical damages and cell unbalancing [17].
Besides this, the state of charge (SOC) in BMS is considered as one of the critical and important
basic parameters [14,18–20], which indicates how much remaining capacity is left inside a battery.
Accurate estimation of SOC not only helps to provide information about the charge current and
remaining performance of the battery, but also gives assurance of reliable and safe operation of the
battery. However, the performance of the battery is highly affected by aging, temperature variation,
and charge/discharge cycles, which make the task of estimating accurate SOC very challenging [21].
Therefore, we apply an adaptive control algorithm [16] for online estimation of key parameters,
which are known as simple and easy to implement in BMS. For reused batteries, online estimations of
electrochemical related parameters, such as internal resistances, are capable of real-time monitoring
of the safety of reused batteries, rather than normal battery management systems for new batteries.
Besides this, for prolonging a RLIB’s life, one ultracapacitor (UC) is connected and controlled by BMS
to share peak load power. One simple pulse-width modulation (PWM) module is adopted to adjust the
duty ratio of RLIB. Verification of this battery management for RLIB is conducted by systematic testing
on bench by monitoring online results of estimation. It is expected that this study will contribute to
promoting the systematic reuse of wasted LIB in industry before the chemical method.

2. Enhancing Battery Management of Extending Life for RLIB

Generally, the states of LIB monitored by battery management systems include working
temperature, voltage and current, and safety functions to avoid any overcharge/over-discharge.
Relative functions of BMS can be categorized into hardware side and software side, as shown in
Figure 1. In the hardware side, in case of centralized circuit BMS, cell voltage and temperature are
measured by sensors in the external board, MMU (module monitoring unit), as shown in Figure 2a,b.
Total data from the slave MMU are collected in the master BCU (battery control unit) for estimating
SOC and SOH (state of health) through SPI (serial peripheral interface) protocol, as shown in Figure 2a.
The analog-to-digital converter (ADC) measures the working current of the battery. This work is
implemented based on Renesas Electronics Corporation ISL78600, as shown in Figure 2b. ISL78600 IC
supervises up to 12 series-connected cells in the MMU. For keeping the high-voltage safety of RLIB,
one insulation-resistance-measure device is attached on the BCU, as shown in Figure 2a. Besides this,
controller area network (CAN) and universal asynchronous receiver transmitter (UART) protocols are
also adopted. Through these functions of communication, the online real-time states of the battery,
such as working current, SOC, SOH, and temperature, are gathered and transferred to the display
or upper-level controller. In the software side, an algorithm embedded in the BCU is developed for
estimating SOC and SOH by using basic battery parameters. Cell balancing is conducted in the MMU.
A real-time simulator is supported to achieve automatic data acquisition and processing, to further
verify the algorithm [22].

In this study, additional enhancing battery management is studied in reusing a large-scale
automotive LIB. Functions of life estimation and life extension are highlighted for an RLIB. The schematic
hardware of life extension is listed in Figure 2a. One proper ultracapacitor (UC) is parallelly connected
with the BMS under the PWM (pulse-width modulation) control, which is used to switch the duty
ratio of the IGBT (insulated gate bipolar transistor) in unit time. The application of the ultracapacitor
achieves sharing of the RLIB’s peak power so as to decrease the depth of discharge (DOD), and hence
extends the lifecycle (i.e., SOH) of the RLIB. The duty ratio is a stationary value in every control
case. A proper duty ratio can be estimated by calculating from the demand power, sustained time,
and maximum power from the battery. The operation board of the BCU is shown in Figure 2c.
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Figure 1. Basic framework of the battery management system (BMS) [17].

 

(a) 

 
 

(b) (c) 

Figure 2. In-house battery management system: (a) basic diagram; (b) board of module monitoring
unit (MMU), based on chip ISL78600; (c) operation board of BMS.

3. Adaptive Control Scheme for Estimating OCV and IRs

Online estimation of parameters open-circuit voltage (OCV) and internal resistances (IRs) of new
battery is illustrated in [16]. These two parameters are relative to SOC and SOH [23,24]. The adaptive
control algorithm guarantees estimating error converges to zero, by applying Lyapunov stability criteria.
As a result, OCV and IRs can be precisely estimated from input parameters, i.e., working voltage and
current. The detailed mathematical modeling in Simulink/MATLAB, according to an adaptive control
scheme, is shown in Figure 3. The procedure is briefly summarized as below. First, the battery voltage
can be expressed as:
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Figure 3. Adaptive control scheme in Simulink/MATLAB.
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Here, vb, voc, RS, RT,
.
ib, and vc represent voltage of battery, open-circuit voltage, first-order and

second-order IRs, battery current, and voltage drop across RC circuit, respectively, based on the
electrical circuit model (ECM) shown in Figure 3. The projected parameters vb and RS are assumed as
functions of SOC, T, and h, and change with time. In addition, Equation (1) can be simplified with the
following assumptions:

(1) Small deviation of every battery’s discharge is assumed, compared to rated useful capacity,
thus ∂SoC/∂t ≈ 0.

(2) In normal operating conditions, deviation of cell temperature, T is slow by using a fan,
thus ∂T/∂t ≈ 0.

(3) A long-time usage history, h, is performed, thus ∂h/∂t ≈ 0.
Accordingly, it follows that Equation (3) ≈ 0; furthermore, Equation (1) can be rewritten as:
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Equation (4) can also be written as a vector form.

.
vb = θTX (5)

θT = [θ1 θ2 θ3 θ4]
T =

[
Rs

Rs + Rt

CtRt

1
CtRt

voc

CtRt

]
(6)

XT =

[
−

..
ib − ib − vb 1

]
(7)

Equation (6) is rewritten as Equation (8) with respect to every estimated state
.
v̂b

.
v̂b = θ̂

TX̂ + u (8)

where X̂T = [−
..
ib − ib − v̂b 1], u is adjustable for input parameters. θ is estimated results of

target parameters.
The adaptive control algorithm is based on tracking input signals to modify the target parameters

in control states, so that the convergent criteria are satisfied as below:

lim
t→∞e = lim

t→∞(vb(t) − v̂b(t)) = 0 (9)

Here, Rt and Ct represent first-order IR and capacitance, respectively, based on ECM. If the thermal
effect of temperature is not considered, ∂T/∂t ≈ 0 is obtained.

The adaptive control algorithm shown in Figure 3 is introduced to optimize the unknown target
parameters of Rs, Rt, and OCV in Equation (4). A filtering process is used to improve the measured
noise and enhance the estimation reliability. In the estimation process, IR is a sensitized parameter of
lifecycle, hence it is used to indicate the deviation of lifecycle. An OCV curve related to the battery’s
useful capacity is applied to estimate the remained capacity of SOC. The algorithm is discretized, and
embedded in BMS.

4. Setup of Test Bench

There are limitations of an electrochemical battery’s performance. The charge/discharge response
of a lithium-ion battery is much slower than a UC. Therefore, for reusing a lithium-ion battery,
a high-power UC can support sudden peak current, and extend the life of an LIB. To take a simple
parallel combination between an RLIB and a UC, the ultracapacitor is operated as a dc-side buffer for
supporting peak current. In case of using a DC-DC converter, it allows more flexible management
between an RLIB and an ultracapacitor. However, it is not competitive in reusing cost. Consequently,
a simple hybrid parallel connection is established in this study. PWM control is applied for adjusting
the duty ratio of an RLIB. A UC connected with the BMS directly is to improve the life of the LIB,
by restricting the voltage drop or DOD. RLIB packs with rated voltage of 52 V and 50.4 V are employed,
respectively, as shown in Figure 4a. The first pack of 52 V uses a commercialized BMS for reference,
and the other one of 50.4 V uses an in-house BMS. Figure 4b shows the developed circuit of the BMS
with a PWM control in this study. If the duty ratio per unit time of battery is selected as 40%, then the
UC’s load becomes 60%.
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(a) (b) 

Figure 4. (a) Two battery packs in test bench (52 V and 50.4 V); (b) circuit of BMS with pulse-width
modulation (PWM) control.

5. Results

5.1. Life Extension Test by Using An Ultracapacitor

An ultracapacitor is a link between source and load. When used in parallel with the battery,
it smooths out the load on the battery whilst improving the source impedance seen by the load.
This may be viewed as the battery supplying the energy and the ultracapacitor supplying the short
term power. Furthermore, to use an ultracapacitor matters in a battery’s life extension, due to the
constrained voltage drop. Here, the duty ratio controls the loading between battery and ultracapacitor.
Figure 5a,b shows voltage drop of 52 V/10 Ah battery pack, versus three duty ratios. For the first
case, with a duty ratio of 20%, it presents the duty ratio of the battery’s loading as 80%, and on the
contrary, the UC’s loading is 20%. In cases of duty ratios of 20%, 60%, and 80%, the terminal voltages
were 47.4 V, 47.7 V, and 47.9 V, respectively. It shows the increased effect of constrained voltage drops
of battery when increasing the duty ratio of ultracapacitor. Similar cases of 50 V battery pack were
measured and are shown in Figure 6a,b. In Figure 6a,b, the blue line is the battery’s discharge, and the
red line is the battery in parallel connection with UC, by setting to 75% duty ratio. The UC effectively
reduces the voltage drop and decreases the DOD of the battery.

  

(a) (b) 

Figure 5. (a) Voltage drop vs. duty ratio in constant-current discharge: (b) voltage drop vs. duty ratio
in pulse discharge.
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(a) 

 

(b) 

Figure 6. (a) Discharge current of battery and system (battery/ultracapacitor (UC)); (b) voltage drop of
battery and system.

5.2. Estimation of OCV and IRs

Two experiments in this section were carried out for confirming the achievability for developing
an adaptive control scheme on monitoring of a reused battery’s parameters, e.g., IRs and OCV
simultaneously. Here, lithium-ion batteries were selected and integrated in nominal voltages of 52 V
and 50.4 V modules to simulate reused batteries. Working voltage vb and current ib of a reused battery
were inputs required. According to the electrical circuit model (ECM), the estimated battery voltage
was formulated through estimating model parameters, θ̂i=1∼4. The target estimating parameters
were voc(OCV) and internal resistances (Rs and Rt). voc, Rs, and Rt can be extracted from online
estimation algorithms.

5.2.1. Experiment 1

The objective of this experiment was to verify the accuracy of the proposed method of estimating
IRs and OCV. One module of 12.6 V in a 50.4 V battery pack was used and composed by a random
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discharge current. Each discharge cycle was lower than 5 s so as to simulate a random load. Figure 7a
shows voltage drop, battery current, and estimating error separately in a, b, and c. The estimating
error tends to zero after 150 s.

 

(a) 

 

(b) 

Figure 7. Cont.
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(c) 

Figure 7. (a) Terminal voltage, discharge current, and estimating error; (b) estimating model parameters,
θ̂i, i = 1~4; (c) estimated Rs, Rt, and voc in Experiment 1.

The trajectories of estimating parameters are illustrated in Figure 7b, and the parameters, θ̂1,θ̂2, θ̂3,
and θ̂4 approach values of 0.1, 19.99, 100, and 1127, respectively. Rs, Rt, and OCV are listed in Figure 7c.
The trajectory of ohmic resistance relates the parameter, θ̂1. The polarized resistance converges to
0.03 Ω, and the OCV converges gradually from 11.27 to 11.44 V.

5.2.2. Experiment 2

To validate the compatibility of adaptive control scheme in an EV level’s voltage, a 50.4 V battery
pack was applied in Experiment 2. The working voltage, current, and estimating error are shown in
Figure 8a. The estimating error has converged to near zero in 150 s. The trajectories of the estimating
parameters are listed in Figure 8b, the steady parameters, θ̂1,θ̂2, θ̂3, and θ̂4 converge to 0.078 Ω, 7.45 F−1,
99.55 S−1, and 4950 V−1, respectively. The target parameters of Rs, Rt, and OCV are plotted in Figure 8c.
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(a) 

 

(b) 

Figure 8. Cont.
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(c) 

Figure 8. (a) Terminal voltage, discharge current, and estimating error; (b) estimating model parameters,
θ̂i, i = 1~4; (c) estimated Rs, Rt, and voc in Experiment 2.

For checking online battery management for a battery, an offline numerical model based on a
schematic method [16] was established, and is shown in Figure 9. From sudden voltage drop and voltage
rise in one discharge, it is possible to roughly estimate Rs, Rt, and Ct in the figure. Then, the analytical
solution of voltage drop can be derived, as listed in Figure 9. In experiment 2, battery discharges 5 A
for 12 min and rests for 1 h, then repeats this pattern for 12 h, as shown in Figure 10a. In Figure 10b,
the red and blue lines represent the offline numerical and online estimated results, respectively. Trends
of estimating OCV and IRs estimation are close to the offline numerical model. The deviation of OCV
is roughly within 2%. Furthermore, the battery pack is composed of continuous discharging patterns,
as shown in Figure 11a. For OCV, the estimated values, in the green line, are compared with offline
numerical results, in the red line, as shown in Figure 11b. The deviation between online and offline
values in the left-hand side of Figure 11b might be due to the heat accumulated in the battery, but the
trend is identical. In this study, the algorithm of OCV and internal resistance assumes the battery
pack is well-ventilated and isothermal. Temperature is not considered in the calculation. As for Rt,
the online values are almost overlapped with offline results, as expected.
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Figure 9. An offline numerical model based on the schematic method [16] (Id: discharge current; td:
discharge time).

 

(a) 

 

(b) 

Figure 10. (a) Voltage drop and discharge current; (b) comparison of online estimating open-circuit
voltage (OCV) and internal resistances (IRs) with the offline numerical model.
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(a) 

 

(b) 

Figure 11. (a) Voltage drop and discharge current; (b) comparison of online estimating OCV and Rt
with the offline numerical model.

6. Conclusions

In this study, an in-house BMS is developed for RLIB. Additional enhanced battery management
is established. Adaptive control schemes in the BMS are established for estimating a battery’s IRs and
OCV relative to key parameters of RLIB, e.g., SOC and SOH, respectively. Here, IRs and OCV of a
battery pack are accurately extracted from working voltage and discharge current in two experiments
in this study. An offline numerical model using the schematic method is applied to verify the results
of the online proposed scheme. In experiment 2, results of online estimations regarding OCV and
IRs show good agreement with offline numerical model. The deviation of OCV is roughly within 2%.
Furthermore, a hybrid battery pack using a UC is proposed to share peak power of RLIB by adjusting
the duty ratio in the BMS. It shows more constrained voltage drops of battery when increasing the
duty ratio of UC. The UC effectively reduces the voltage drop and decreases the DOD of the battery
in the life extension test. It is shown that enhancing battery management for an RLIB can properly
estimate OCV and IRs, and actively extend the life of the battery. For a new battery, offline estimation
of parameters such as OCV and IRs meet the requirement. However, enhancing online management is
indispensable on safety. This study proves the achievability of this managing solution for RLIBs. In the
next phase, an RLIB integrated with this in-house BMS will be arranged, for storage of the intermittent
renewable energies in site, in order to evaluate the performance.
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Nomenclature

DOD depth of discharge, %
ECM electrical circuit model
IGBT insulated gate bipolar transistor
vb voltage of battery, A
voc open-circuit voltage (OCV), V
PWM pulse-width modulation
RLIB reused lithium-ion battery
Rs first-order, ohm
Rt second-order, ohm
ib battery current, A
vc voltage across RC circuit, V
IRS current across RC curcuit based on ECM, A
SoC state of charge, %
T temperature, K
h historical data
u adjustable for input parameters
UC ultracapacitor
θ estimated results of target parameters
Ct first-order capacitance based on ECM, C
Subscripts: b, c, oc, s, t: battery, capacitance, open-circuit, first-order, second-order parameter, based on ECM.
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Abstract: As electric vehicles (EVs) have been widely discussed as a promising way to mitigate
the effect of climate change, various policies have been implemented across the world to promote
the uptake of EVs. Policymakers also paid attention to the density of public charging points.
In this paper, we examined the impact of policies on EV markets in the post subsidy era with
multiple linear regression analysis using panel data on 13 countries from 2015 to 2018. Five of the
independent variables showed significantly positive effects on the 1% level in different regression
models: fast/slow charger density, mandate, purchasing restriction and waiver. Subsidies showed
significance only on 5% level for battery electric vehicles (BEVs). Financial stimulates have experienced
a declining marginal effect, whereas a high density of fast chargers has the most significantly positive
effect on EV uptake. This paper suggests policymakers can invest more in completing the public
infrastructures of EVs, especially on fast charging points.

Keywords: electric vehicle; policy incentive; public charging infrastructure

1. Introduction

In order to lower greenhouse gas (GHG) emissions and to help achieve the goal of climate
change mitigation, electric vehicle (EV) adoption has been discussed worldwide. Policies aiming
to incentivize consumers have been widely adopted by governments in North America, Europe,
and Asia. The effectiveness of policies to increase the market share of EVs has always been discussed
in the literature.

We all know that the higher acquisition cost of electric vehicles compared to conventional vehicles
is one of the important barriers to adoption, due to R&D investment and fixed asset investment of
the car manufactures. For a new environment-friendly technology, the barriers also include the lack
of knowledge for consumers and low consumer risk tolerance [1], leading to an inefficient allocation
of goods and services, known as a market failure in economics. Thus, adopting policy incentives is
reasonable to fix the market.

As for electric vehicles, policy incentives include financial incentives and non-financial incentives.
Table 1 is adapted from reports of International Energy Agency (IEA), listing the existing policies
in some selected countries in 2018/2019 [2]. Financial incentives consist of direct purchasing subsidy,
registration/emission/tax fee exemption, etc., which are most widely used worldwide to lower the
initial purchasing cost and cost in daily use. The authors of [3] studied financial and tax incentive
policies in Norway based on a survey and found that tax exemptions were significant motivators for
more than 80% of the respondents. Moreover, [4] concluded that the markets with high EV penetration,
such as Norway, the Netherlands, and the State of California, were mainly attributed to supportive
incentive policies. However, existing literatures have conflicting results regarding the effectiveness of
financial incentives. The authors of [5] found that financial incentives were significantly correlated to
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EV uptake, whereas [6] showed a very weak correlation between purchase subsidies and consumers’
willingness to buy EVs. There are literatures show that repealing incentives may result in a sharp drop
in sales. For example, the U.S. state Georgia experienced a drop in EV sales by over 80% after the state
government repealed the tax credit [7] and [8] found that when subsidies and tax exemption for EVs
are abrogated with no change to other policies, the market share of EVs will suffer a sharp fall by 42%.
Thus, it is important to explore the crucial factors influencing EV adoption.

Table 1. Electric vehicle (EV)-related policies in selected regions.

Policies Canada China European Union India Japan United States

Regulations (vehicles)
ZEV (zero-emissions vehicle) mandate

√
*

√ √
*

Fuel economy standards
√ √ √ √ √ √

Incentives (vehicles) Fiscal incentives
√ √ √ √ √

Industrial policies Subsidy
√ √ √

Regulations (chargers)
Hardware standards **

√ √ √ √ √ √

Building regulations
√

*
√

*
√ √ √

*

Incentives (chargers) Fiscal incentives
√ √ √ √ √

*

* Indicates that the policy is only implemented at a state/province/local level. ** Standards for chargers are
a fundamental prerequisite for the development of EV supply equipment. All regions listed here have developed
standards for chargers.

As substitutes and complements of financial incentives, non-financial incentives and public
charging infrastructures also matter a lot to EV adoption. Non-financial incentive policies are designed
for the convenience of EV users and vary across countries, such as free parking policy, toll tax exemption,
highway lane excess, etc. The authors of [3] supported that convenience measures such as free parking
are very effective for an increase in EV sales using stated preference (SP) data. Based on a large number
of EV consumers, free access to bus lanes and exemption from toll taxes were the crucial factors for EV
adoption. Furthermore, [9] attributed about 25% of California’s EV sales to high-occupancy vehicle
(HOV) lane access policy. However, [10] demonstrated that access to bus lanes and road toll waivers
are not statistically significant, whereas charging infrastructures are a strong predictor to EV adoption.
The authors of [5] drew a similar conclusion regarding the relationship between the market share of
electric vehicles and the number of charging stations per capita on national level.

Besides, government regulations are important factors to facilitate EV sales, targeting both
consumers and automobile manufacturers, usually including setting goals for EV uptake, restricting the
fuel used and mandating the EV production. A few examples of such regulations are GHG standards,
a zero-emission vehicle mandate, and a low-carbon fuel standard. The authors of [11] revealed that
corporate average fuel economy (CAFE) regulation could help promote the market penetration of
EV, especially if executed along with other incentives. The authors of [12] studied dual-credit policy
in China and found that the Corporate Average Fuel Consumption rules alone may stimulate more
plug-in electric vehicle (PEV) sales than the dual-credit policy; however, the dual-credit policy could
stimulate more battery electric vehicles (BEVs) in the market compared to other policy scenarios.
Additionally, more economic benefits could be achievable for fleet owners once the carbon tax is
introduced [13].

Battery electric vehicles (BEVs) operating solely on electricity are not the only alternative for the
electrification of passenger cars. Plug-in hybrid electric vehicles (PHEV) running on both gasoline and
electricity, usually with a lower cruising range, have the potential to replace fuel used with electricity
and thus lower the impact on the environment, without compromising the range of the vehicle [14].
Since PHEVs do not suffer from range limitation, they bring higher flexibility for drivers and can
be well suited for diversified driving needs. For which type of EVs to become a major option on
the private car market, the total economics of the EV type would presumably have to be favorable
compared to the alternatives, since the currently dominant battery technology (Li-ion) is still relatively
expensive. Earlier studies have commonly focused on total battery cost and some recent studies have
discussed the marginal cost and its effect on cost-effective battery sizing. For example, [15] found the
battery range has a small impact on the total cost of ownership (TCO) for PHEVs, while [16] concluded
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that short-range PHEVs would reduce more gasoline consumption than PHEVs with a larger range.
These different characteristics caused different market shares for EVs and PHEVs even in the same
country. It will be interesting to study the effects of incentives on BEVs and PHEVs separately.

The trend of the relevant studies in recent five years is summarized in Table 2, adapted from
a review by [13], selecting researches in field of Business Management and policy, as well as the
field of Transportation and Environment science together. The adoption of electric vehicles is most
frequently discussed in the USA and China, since the they have the largest EV markets. Studies in the
USA are the most over the years, while studies based on other countries have been increasing,
with China being the second, especially from 2017 onwards. The more prominent research design used
in literature is a quantitative method compared to a qualitative method. Survey-based methodology is
the most predominant method used for EV adoption, followed by simulation, optimization techniques,
and secondary data analysis. Most cross-country studies used survey-based analysis and secondary
data analysis, which indicates that heterogeneity, causality, and locational disparity are important
indicators in the area [17]. Noticeably, the stated preference (SP) data of consumers may be subjective
and are usually not be in accordance with reality [8]; thus, quantitative research using fact analysis
may be preferred.

Table 2. Trend of the relevant studies in recent years 1 [13].

Research Categories 2015 2016 2017 2018 2019 Total

Country wise stratification (top 5)

USA 8 6 10 17 9 50

China 0 0 8 10 6 24

Across countries 4 3 2 9 3 21

Germany 2 1 0 5 0 8

United Kingdom 0 2 3 2 2 9

Research design

Qualitative 1 1 1 3 5 11

Quantitative 25 19 41 62 30 177

Methodology used (top 5)

Survey based 4 5 12 24 7 52

Simulation based 8 4 10 5 3 30

Optimization techniques 2 3 7 9 5 26

Secondary data analysis 2 2 5 11 3 23

Mixed (combination of above) 2 2 1 2 5 12
1 Selecting only Scopus Q1 Journal ranking in 2017 in field of Business Management and policy, as well as field of
Transportation and Environment science together.

Though plenty of researchers have done a considerable amount of work on EV-related policies,
few papers have discussed the diminishing effect of subsidies for EVs using quantitative analysis on
cross-country data. This scenario is also well known as the post subsidy era, referring to the stage
when subsidies retreat and have less impact on consumers’ purchasing decisions. This paper focuses
on this recent subtle change of subsidies and fills the gap by using multiple linear regression and panel
data on 13 countries from 2015 to 2018 to examine the impact of policies and infrastructures on electric
vehicle market.

The rest of the paper is organized as follows. Section 2 gives the descriptive statistics of the data
in 13 countries and introduces the methodology. Section 3 demonstrates the impact of the policy
incentives and infrastructures on EV uptake, and explanations for the findings are given in this section.
Section 4 draws conclusions and provides policy implications.
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2. Data and Methods

2.1. Data Description

EV market share and sales data were collected from International Energy Agency [2],
containing 13 countries over 4 years (2015–2018). These countries are Canada, China, France,
Germany, India, Japan, Korea, the Netherlands, Norway, Portugal, Sweden, the United Kingdom and
the United States. Electric vehicles in the 13 countries accounted for over 90% worldwide in recent
years. The macroeconomic data were collected from the website of World Bank. Details of variables
and data sources are provided in Appendix A.

Policies we selected in the paper are considered as important ones to EV adoption or have conflicting
results in related literatures. All these countries mentioned above are adopting targeted zero emission
vehicle (ZEV) regulations and incentives to accelerate the rate of deployment. Mandate and purchasing
restriction are dummy variables, indicating whether it is implemented. The other non-financial policies
are categorical variables evaluated by policy intensity. The wider the policy is applied in the country,
the higher the scores it gets. Details about how we quantify the effect of non-financial policies by
assigning different values are provided in Appendix B.

Table 3 provides the financial and non-financial policies we have considered in our model.
Fuel standard is the level of fuel standards/regulations drivers need to meet and has been raised over
the years to meet air quality standards and greenhouse gas emission reduction goals. ZEV (Zero
emission vehicle) mandates on manufacturers can also result in increased model availability in the
market. Insufficient model options can deter consumers from purchasing EVs even after adequate
emphasis on consumer incentives and charging infrastructures.

Among the non-financial policy incentives, the variable target evaluates the governments’ ambition
to promote EVs. Different countries released a different target year to ban internal combustion engine
(ICE) sales and achieve 100% ZEV sales. For example, Norway took the lead and promised to replace
all fuel cars by 2025 [18], followed by some other European countries, such as Denmark and Iceland,
announcing 100% ZEV by 2030. The Netherlands and the UK promised to replace all traditional
vehicles later than 2040. The earlier the 100% ZEV target year is, the higher scores the variable target
will get. We expected a positive relationship between the goal and EV uptake. [19] has highlighted
the importance of policy goals in the UK and Germany to decrease GHG emissions; however, [20]
found that the EV climate mitigation strategy was not effective in the United Kingdom. Despite the
conflicting conclusions, the policy goal will be considered and tested in our model.

Table 3. Financial and non-financial variables.

Financial Variables Non-Financial Variables

Purchase phase Use phase Waivers on access restrictions

Subsidies Circulation tax exemptions Access to HOV lanes

Sales tax exemptions (excl. VAT) Waivers on fees (e.g., tolls, parking, ferries) Access to restricted traffic zones

VAT exemptions Electricity supply reductions/exemptions Access to bus lanes

Tax credits

Fuel Standard: the level of fuel standards/regulations in the countries

Mandate: ZEV (Zero emission vehicle) mandate level in the countries

Target: the target year when the 100% ZEV sales goal is achieved (Heidrich et al., 2017)

For better accuracy, after using dummy variables to describe the policies, we collected numerical
dollar values to describe the purchasing incentives (usually are tax credits or purchasing subsidies).
The numerical incentives are used in the extended analysis part where BEVs and PHEVs are discussed,
respectively. BEVs, which totally use electricity were able to receive higher subsidies because the level
of subsidies was usually decided by battery capacity across the countries. In this study, we assigned
the highest level of money (tax credits or subsidies) a passenger vehicle can receive from the central
government to the variable subsidy. Though we did not use median or average values because of data
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unavailability, the maximum value can still reflect the intensity of the subsidy, since both manufacturers
and consumers will strive for the maximum subsidy. It is also a reason that a government giving
a higher upper limit for subsidy standard, tends to provide a higher medium level of subsidies, that is
to say, the maximum value of standard should be highly related to the average subsidy consumers
get. Furthermore, we used linear regression for analysis; thus, we care much more about the relative
relationship between countries and the difference between years, than the absolute value of subsidies.
Thus, using the highest level of subsidy standard is reasonable. Besides, the subsidy itself is based
on many parameters, and each country or even each province has different standards. For a global
scope research involving 13 countries and 4 years, it is too complicated to refine and calculate subsidies
and we only divided it into two categories: BEV and PHEV subsidies, which are considered as two
variables and will be applied to BEV and PHEV sales, respectively.

For BEVs, Korea and China offered the highest subsidy in Asia. The subsidy in Korea was up to
10,900 dollars and was the highest of all countries over the years, although the standard of getting total
subsidy was not easy to meet. China offered a subsidy up to 8900 dollars before 2018, slightly higher
than the federal tax credits (USD 7500) in the United States. Norway was the most generous country
in Europe to subsidize the promotion of electric vehicles with the highest level of 10,300 dollars over the
4 years. Except for France and Sweden, the other European countries, such as Germany and Portugal,
gave lower than average subsidies (USD 6000) to EV consumers. Among all the countries listed in our
study, India gave the least subsidies of up to 2000 dollars for BEVs, lower than Portugal (USD 2400),
which ranked the second last.

For PHEVs, subsidies were much lower. The UK with USD 7100 subsidies ranked first and Norway
with USD 7000 ranked second. Though Korea offered the highest subsidy for BEVs, PHEVs could only
get the maximum of USD 860 dollars. When BEVs and PHEVs are considered as a whole, we used the
weighted average of subsidies by the sales volume. Appendix B shows the value of some non-financial
policy and numerical variables, such as subsidies and charger density, in 2018.

Table 4 below is the summary statistics, which contains the characteristics of all variables.
The variables fast/slow chargers per million population means the number of chargers per million
people in the country, which can also be presented by chargers’ density. EV share is the proportion
of electric vehicle sales in total vehicle sales. We implemented a logit transformation to normalize
the distribution of EV share because the data are skewed to the right [21]. After the transformation,
the data showed a normal distribution and validated the ordinary least squares (OLS) regression
we plan to use. This is one of the necessary conditions for a good estimation result, not a sufficient
condition. OLS regression also needs to satisfy the assumptions of homoscedasticity of the error
term, no multicollinearity, etc. We have tested them below in the study and all results are satisfactory.
To solve traffic congestion and air pollution problem, China adopts administrative orders to control the
supply of vehicle licenses, while the restrictions is not applicable for EVs [22]. To identify this effect,
the variable purchasing restriction is considered in the pooled regression in the basic results part.

Table 4. Summary statistics.

Variables
(1) (2) (3) (4) (5)
N Mean Sd Min Max

EV share 52 0.0451 0.0895 0.0002 0.464
EV sales 52 80.98 175.5 0.450 1079
Subsidies 52 5.150 2.575 1.717 11.66

BEV subsidy 52 6.008 2.695 2 12
PHEV subsidy 52 3.209 2.374 0 9

Waiver 52 0.981 0.779 0 2
Mandate 52 0.135 0.345 0 1

Target 52 0.346 0.814 0 3
Fuel standard 52 0.808 0.445 0 2

Purchasing restriction 52 0.0769 0.269 0 1
Fast chargers per million population 52 35.24 42.32 0 230.7
Slow chargers per million population 52 375.1 569.8 0 2097

GDP per capita 52 41,686 22,498 1752 92,121
Population density 52 215.2 184.7 3.926 529.7
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In Table 5, correlation coefficients are provided. Between a pair of independent variables,
the correlation between slow chargers and fast chargers shows the largest cross-correlation coefficient
of 0.804. Thus, there should be no severe linear correlations during regressions.

Table 5. Correlation coefficients of variables.

Variables Subsidies Waiver Mandate Target
Fuel

Standard
Ln (Fast-Charger

Density)
Ln (Slow-Charger

Density)
Ln (GDP per

Capita)
Ln (Population

Density)

Subsidies 1
Waiver 0.222 1

Mandate 0.0968 0.141 1
Target 0.0519 0.341 * −0.177 1

Fuel standard 0.417 ** 0.513 *** 0.293 * 0.168 1
ln(Fast-charger density) 0.342 * 0.335 * 0.0382 0.197 0.431 ** 1
ln(Slow-charger density) 0.0684 0.392 ** −0.0493 0.351 * 0.369 ** 0.804 *** 1

ln(GDP per Capita) 0.183 0.118 −0.128 0.152 0.279 * 0.643 *** 0.802 *** 1
ln(Population density) −0.0236 0.202 −0.262 0.355 * −0.217 −0.131 −0.241 −0.353 * 1

* p < 0.05, ** p < 0.01, *** p < 0.001.

For an overview of the electric vehicle markets, we used cross-sectional data in 2018 to draw
a worldwide map of the sales and market share of EVs as shown in Figure 1. Though both crediting
to the governments’ effort in promotion, market shares and sales give different information on the
countries’ EV market. EV sales is more related to the market volume given that China and United
States made remarkable achievements, while market shares showed the overall recognition of the
citizens for EVs; thus, European countries showed higher EV share, especially Norway, the highest of
all. Later in the basic result part, we will interpret the difference with statistical models.

(a) 

(b) 

Figure 1. EV sales and market share worldwide overview. (a) EV sales in 2018; (b) market share of EVs
in 2018.
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2.2. Model

We used panel data regression to analyze EV uptake to reduce time-invariant heterogeneity
resulting from some unobservable variables that affect the EV market share in different countries.
The multiple linear regression model with panel data is shown as follows:

ln(yit) = α+ β1 (Subsidiesit) + β2(Waiverit) + β3(Mandateit) + β4(Fuel Standardit)

+β5 ln
(
Fast Charger Densityit

)
+ β6 ln

(
Slow Charger Densityit

)
+β7 ln

(
GDP per Capitait

)
+ β8 ln

(
Populationit

)
+β9 ln(Purchasing Restrictionit) + uj + μt + εit

(1)

where subscripts i and t represent the i-th country and the t-th year, respectively. The dependent
variable is ln(yit) represent a logit transformation of y for country i in year t. y represents the EV share
or EV sales, respectively, in two different regressions. uj is the fixed effects for individual countries and
μt is the time fixed effects. Using this model, we evaluated the effectiveness of policies and charging
infrastructures with macroeconomic factors controlled. To reduce the level of heteroscedasticity, some
variables are taken natural logarithm along with EV shares [23].

Moreover, a simplified model of this is used in the basic results part for a pooled regression to
look at the effectiveness of different policies and other influential factors, shown in Equation (2):

ln(yi) = α+ β1 (Subsidiesi) + β2(Waiveri) + β3(Mandatei) + β4(Fuel Standardi)

+β5 ln
(
Fast Charger Densityi

)
+ β6 ln

(
Slow Charger Densityi

)
+β7 ln

(
GDP per Capitai

)
+ β8 ln

(
Populationi

)
+β9 ln(Purchasing Restrictioni) + εi

(2)

The pooled regression model is one type of model that has constant coefficients, referring to both
intercepts and slopes. For this model, we can pool all of the data and run an ordinary least squares
regression model without considering difference across countries and years.

Two types of models are usually considered for panel data regressions: the fixed effects and random
effects model, different in dealing with endogeneity. Before deciding on the best regression method,
we first have to figure out if our predictor variables are endogenous. The Hausman specification test
was used to detect endogenous regressors in a regression model [24,25]. Details of the tests will be
provided in the result part.

Besides, we used two statistical tests for our data and model in Section 3: the White test [26]
(verifying the data conforming to the OLS homoscedasticity assumption) and the variance inflation
factor test [27] (making sure that there is no multicollinearity problem in the pooled model). The tests
showed that our data meet the requirements/assumptions of OLS regression.

For further analysis, we implemented the vector autoregression (VAR) model as an alternative
method, in order to take time lag into consideration. Ordinarily, regressions reflect “mere” correlations,
but [28] argued that causality in economics could be tested for by measuring the ability to predict the
future values of a time series using prior values of another time series. The VAR model proposed
by [29] is used to capture the linear interdependencies among multiple time series, with the lagged
values of all endogenous variables to estimate the reverse impact of them [30]. Moreover, it allows
us to consider both long-run and short-run restrictions justified by economic considerations [31].
Consequently, the VAR model can be used to capture the dynamic impacts of the influencing factors
on EV sales. The mathematical expression of the general VAR model is given as follows:

yt = c + A1yt−1 + A2yt−2 + · · ·+ Apyt−p + et (3)

where the observation yt−i (i periods back) is called the i-th lag of y, c is a vector of constants (intercepts),
Ai is a time-invariant matrix and et is a vector of error terms. In this paper, we used one period lag
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for VAR, which is i equals to 1, and we explored the relationship between subsidies, infrastructures
and EV sales as three variables. We showed the results of Granger causality test, which is a statistical
hypothesis test for determining whether one time series is useful in forecasting another, first proposed
in 1969 and widely used for explaining the results of VAR models [28].

3. Results and Discussion

3.1. Descriptive Results

For further analysis of governments’ effect on EV uptake, we drew pictures of the relationship
between EV uptake and policy incentives in the 13 countries and then showed the correlation between
EV uptake and the density of public charging infrastructures. The aim of the descriptive analysis here
is to provide a vivid understanding of the effectiveness of the variables before we used econometric
models; however, they are probably not accurate and pervasive enough because of the existence of
other influential factors which will be eliminated to a large extent in further discussion.

Figure 2 shows the correlation between policy incentives and the market share in the countries
in 2018. The bars refer to the value of incentives and the red triangles represent the level of market
share. EV market share in European countries are usually higher than in other countries. Norway had
the highest level of EV uptake in the 13 countries, up to about 46% with highest policy incentives
value; however, the relationship between uptake and policies is not always right for other countries.
Korea and the U.S. had nearly the same scores for policy incentives as Norway; however, the uptake
was not as good. Some European countries may not perform outstandingly in policies while the
EV uptake was a lot higher than average. Overall, the descriptive analysis shows a relatively weak
dependence between policy incentives and EV uptake.

 

Figure 2. EV market share and policy incentives in 2018.

The relationship between market share and density of public chargers is depicted in Figures 3
and 4. The vertical axis and horizontal are the numbers of fast chargers and slow chargers per million
population, respectively. The size of the bubble represents market share for the particular country.
Norway performs best in both the density of fast and slow chargers. The Netherlands has a higher
level in slow chargers than fast chargers. In China, fast chargers are developing relatively faster
in China than slow chargers. Overall, it is consistent with the assumption that the larger the bubble
size, the higher the country ranks in both axes.

3.2. Basic Results

We conducted a simple pooled regression model of all the countries over the years to describe
the effectiveness of different policies and other influential factors. After performing the White test,
we verified that the data conform to the OLS homoscedasticity assumption, that is, the variance
of the errors in the regression models is constant, which means that the model was well defined.
Due to the relatively large number of explanatory variables, in order to assess the possible effects of
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multicollinearity, the model was tested for variance inflation factor (VIF) [27]. The results are shown
in Table 6. The maximum value of the variance expansion factor is 5.12 and the average value is
2.54, all less than the commonly used threshold of 10. Thus, it can be considered that there is no
multicollinearity problem in the pooled model.

Figure 3. Market share and numbers of slow and fast chargers per million population in 2018.

Figure 4. Market share and numbers of all public chargers per million population in 2018.

Table 6. Results of variance inflation factor.

Variable VIF 1/VIF

ln(Slow-charger density) 5.12 0.20
ln(Fast-charger density) 4.65 0.21

Fuel standard 1.88 0.53
Waiver 1.75 0.57

Subsidies 1.64 0.61
Purchasing restriction 1.61 0.62

Target 1.32 0.76
Mandate 1.22 0.82

Mean VIF 2.54

Using market share along with sales volume can partly eliminate the interference of external
macro factors, such as income growth and economic growth [22]. We still controlled two macro factors
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in our regression model in order to measure the impact of macro factors. In the regression with EV
share as dependent variable (the left column in Table 7), only slow-charger density was positively
significant while in the regression of EV sales, mandate, waiver, fast-charger density and purchasing
restriction policies showed a significant positive impact. The significant variables vary a lot if changing
the dependent variable, but could be explained as follows.

For EV promotion, Europe usually started early in the history for higher citizens’ environmental
awareness and thus showed a higher EV uptake. In the early days, only slow chargers other than
fast chargers were available, so the more public slow chargers, the more it showed that the countries
took earlier actions, which is highly related to the high market share nowadays. On the other hand,
EV sales are more related to the size of the market, as is shown in Figure 1, meaning that China and
the U.S. performed best. Purchasing restriction for traditional cars is the policy used only in China
and is proved to be significantly effective [22]. Mandate policies were also used mainly in China and
North America, and the large market scale makes the mandate policy remarkable. Waivers on access
restrictions are the convenience EVs brought to the driver, especially in densely populated cities. It is
good to know that the policy is effective in the history of promoting EV sales volume.

An explanation for the insignificancy of subsidies and other non-financial policies is that most of
the countries offered high subsidies and other preferential treatments over the years; thus, those do not
make a significant difference now. We will use panel data to analyze the impact thoroughly in the
next section.

Table 7. Policy impact on total EV market using pooled regression.

Variables
(1) (2)

Total EV Share Total EV Sales

Subsidies 0.0813 0.0136
(0.0607) (0.0515)

Waiver −0.219 0.489 **
(0.208) (0.176)

Mandate 0.308 1.627 **
(0.381) (0.323)

Target −0.0813 −0.188
(0.168) (0.142)

Fuel standard 0.135 0.393
(0.393) (0.333)

ln(Fast-charger density) −0.00940 0.305 *
(0.149) (0.126)

ln(Slow-charger density) 0.704 ** 0.00334
(0.153) (0.130)

Purchasing restriction 0.531 1.471 **
(0.559) (0.474)

Constant −7.844 ** 1.302 **
(0.557) (0.472)

Observations 50 50
R-squared 0.709 0.798

Adjusted R-squared 0.652 0.759

** p < 0.01, * p < 0.05.

After performing the Hausman test mentioned in Section 2, the result of test showed that the
p-value is small (less than 0.05) and rejected the null hypothesis, which is that the preferred model is
random effects. The result shows significant differences between the coefficients for the fixed effects
and random effects model. Therefore, we used the fixed effects model in the study with EV market
share and EV sales as dependent variables, respectively.

In Table 8, regression coefficients are tabulated based on four models, in which seven and nine
independent variables are utilized, respectively. Compared to pooled regression, the panel model
controlled the country fixed effect; thus, we deleted purchasing restriction for highly multicollinearity
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with the dummy variable China, the only country conducted the restriction policy. Moreover, we will
not include target in the regression since the target set does not change over time, meaning that it is
not suitable for panel models.

Table 8. Policy impact on total EV market.

Variables
(1) (2) (3) (4)

Total EV Share Total EV Share Total EV Sales Total EV Sales

Subsidies −0.177 −0.187 −0.155 −0.161
(0.0964) (0.0966) (0.0830) (0.0839)

Waiver 0.273 0.308 0.0638 0.0943
(0.201) (0.201) (0.173) (0.175)

Mandate −0.207 0.0817 0.0983 0.296
(0.350) (0.412) (0.302) (0.357)

Fuel standard −0.0232 −0.185 −0.174 −0.330
(0.375) (0.412) (0.323) (0.358)

ln(Fast-charger density) 0.649 ** 0.630 ** 0.387 * 0.363 *
(0.186) (0.189) (0.160) (0.164)

ln(Slow-charger density) 0.186 0.316 0.0944 0.191
(0.254) (0.264) (0.218) (0.230)

ln(GDP per Capita) −2.806 −1.237
(4.951) (4.299)

ln(Population density) −22.18 −17.14
(13.79) (11.98)

Constant −5.868 ** 54.62 2.164 38.88
(1.354) (63.07) (1.167) (54.76)

Observations 50 50 50 50
R-squared 0.958 0.962 0.970 0.972

Macro Factors NO YES NO YES
Country FE YES YES YES YES

Year FE YES YES YES YES
Adjusted R-squared 0.927 0.928 0.947 0.948

** p < 0.01, * p < 0.05.

By gradually introducing a socioeconomic factor in the later model, the possible impact of the
factor can be observed more clearly. Referring to Table 8, the adjusted R square value for each model is
above 0.90. That is, the confidence in explaining the cross-country EV share/sales is above 90% for the
variables tested.

Most variables are not significant referring to Table 8. Only the density of fast chargers is
significantly positive for all models. The parameter means that 1% increase in density of fast chargers
can cause a 0.63% increase for EV uptake or a 0.36% increase for EV sales. Our study uses data from
2015–2018, when fast-charging infrastructures rather than slow chargers were constructed rapidly
worldwide and contributed considerably to the global EV development. Besides, the result that other
policy incentives are not significant may also due to the time period we studied. In the post subsidy
era, policies have experienced a declining marginal effect. Taking the waiver on access restrictions as
an example, we see from the pooled regression that the policy did show some positive impact on EV
sales in the history; however, the effect was declining over the years, because HOV and bus lanes got
crowded as the number of electric vehicles increased. In other words, the benefits diminished across
time for some non-financial policies. According to the literature, in post subsidy era, it is chargers’
density and fuel price that really counts [8]. In this study, we will shed more light on the effect of
charging infrastructures.

3.3. Heterogeneity: Considering Different EV Types

After the basic model analysis, we examined the effects of the policy incentives and infrastructures
by separating PHEVs from BEVs. After the separation, the fast charging infrastructures have more
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apparent impacts for BEVs than those for PHEVs, as illustrated in Table 9 with macroeconomic factors
controlled. The parameter means that a 1% increase in density of fast chargers can cause a 0.246%
increase for BEV sales, while the effect for PHEV sales is not significant enough. The reason may be
that PHEV drivers suffer much less from range anxiety.

The variable subsidy is significant for BEVs but not significant for PHEVs, which may due to the
low subsidy PHEV get for its relatively low battery density. The average subsidies for BEVs (USD 6000)
are twice the average for PHEVs (USD 3200). The models separating PHEV from BEV also further
indicates the robustness for analysis [32].

Table 9. Policy impact on the battery electric vehicle (BEV) market and plug-in hybrid electric vehicle
(PHEV) market.

Variables
(1) (2) (3) (4)

BEV Share BEV Sales PHEV Share PHEV Sales

BEV/PHEV subsidy 0.0989 0.126 * −0.0575 −0.0739
(0.0588) (0.0576) (0.131) (0.126)

Waiver −0.0500 0.0120 0.405 0.413
(0.137) (0.134) (0.360) (0.345)

Mandate 0.0395 0.186 0.516 0.656
(0.272) (0.267) (0.752) (0.721)

Fuel standard −0.186 −0.220 0.301 0.261
(0.276) (0.270) (0.741) (0.710)

ln(Fast-charger density) 0.226 0.256 * 0.579 0.642
(0.124) (0.122) (0.352) (0.337)

ln(Slow-charger density) 0.0665 0.0286 0.651 0.616
(0.170) (0.167) (0.460) (0.441)

Constant −63.07 −57.62 177.3 192.8
(41.62) (40.77) (127.3) (122.0)

Observations 50 50 48 48
R-squared 0.980 0.986 0.892 0.906

Adjusted R-squared YES YES YES YES
Macro Factors YES YES YES YES

Country FE YES YES YES YES
Year FE 0.962 0.974 0.798 0.823

** p < 0.01, * p < 0.05.

3.4. Extended Analysis: Vector Autoregression

Infrastructures for facilitating EV sales could be enhanced over years, and factors such as subsidies
may influence upon others like chain reactions. Financial aid influences upon the BEV market;
meanwhile, the reverse impact could occur. If the feedback relationships exist, vector autoregression
should be used to reflect the dynamic relationships [30,33,34]. In this part, we are going to explore if
there’s reverse causality in EV markets worldwide.

The authors of [8] develop a system dynamics model of China’s EV adoption to analyze the
effectiveness of EV policies. In the dynamic model, the relationship of government incentives,
customers’ behavior and infrastructure providers showed complex causality, inspiring us to predict
the values of a time series using prior values of another time series. We run a vector autoregression
(VAR) model using the three variables mentioned. For the data only contain four periods, we used the
first lag of each variable.

We showed the results of the Granger causality test below in Table 10. The results show that all
the lagged items do not show significance, even on the 10% level, which means that all lagged variables
have no explanatory power for the other variables. The reversed causal relationship is not significant
referring to EV adoption; thus, the pooled and panel data regressions we used above are sufficient to
explain the causal effect.
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Table 10. Results of the Granger causality test.

Variables
(1) (2) (3)

ln(EV Sales) ln(Charger Density) Subsidies

L. ln(EV sales) 53.64 −1.708 54.14
(206.1) (21.73) (262.2)

L. ln(Charger density) −257.4 11.34 −263.9
(0) (91.29) (546.6)

L. Subsidies −247.8 10.76 −252.6
(193.6) (88.60) (542.4)

Observations 25 25 25

4. Conclusions and Policy Implications

4.1. Conclusions

The purpose of this research is to explore the relationship between government incentives and
other related factors to electric vehicle adoption across the main countries with EVs. Using panel data
from 2015 to 2018, this paper studies the EV uptake among 13 countries. An econometric model for
the uptake is established with eight independent variables and two macro control variables. Five of
them showed significantly positive effects on 1% level in different regression models: fast/slow charger
density, mandate, purchasing restriction and waiver. Subsidies showed significance only on the 5%
level for BEVs. The zero–emission vehicle (ZEV) target set did not have apparent impacts. Descriptive
analysis drew the same conclusion that charger infrastructure density predicts best for electric vehicle
uptake on the national level.

Fast–charge infrastructures were positively related to EV uptake all the time. In the panel data
regression, a 1% increase in the density of fast chargers can cause a 0.63% increase for EV uptake
or a 0.36% increase for EV sales. It is reasonable that increasing the number of charging stations
contributes to EV adoption, while from another perspective, fast–charger density is a sign that the
country invested in public infrastructures in recent years. Slow charge infrastructures were positively
significant when using pooled regression, that is to take all years into comparation. 1% increase
in the density of slow chargers can cause 0.7% increase for EV uptake. Technology always evolves
gradually [35] and even though fast chargers have been common in recent years, slow chargers occupied
the market in the primary stage. Those countries with high slow charger density, such as Norway and
the Netherlands [18], usually have developed electric vehicle markets for years. Thus, citizens have
a higher acceptance for the new mobility tools, which was shown in the national EV uptake.

On the other hand, waiver, mandate and purchasing restriction (for fuel cars) were significantly
effective to sales volume though they seemed to have little impact on EV market share, in pooled
regression. They all showed significance in the 1% level, and purchasing restriction has the best effect
for EV sales, that is a country with the fuel car restriction would have 1.47% more sales than others,
with other factors controlled. We believe the three policies were directly intended for the sales volume
and because of the mandatory, it should be effective in the short run, thus not enough to effect EV
share. Market share is a better indicator for the overall acceptance of EV, requiring the governments’
persistent work for years, while EV sales are more sensitive to some powerful mandatory policy in the
short term.

4.2. Policy Implications

The significance of the policies in the panel regression can be explained well by the logic behind
consumers’ behaviors. If the policy makers can understand what people really care about, the policy is
likely to be effective. For example, we can use financial policies to encourage the adoption of EVs;
however, if we cannot relieve the range anxiety of EV drivers, it will not work well. In addition to
increasing the energy density of the battery, which has already been encouraged in various ways,
building more fast chargers along the highway is a good choice compared to other incentives. That is
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why the density of fast chargers was positive and significant in predicting EV adoption rates, especially
for BEVs compared with PHEVs, because PHEVs can get refueling easily as traditional cars.

Besides, financial incentives have showed a declining marginal effect in promoting EV. Only the
subsidies to BEV showed positive significance at a low level. The time we studied was the post
subsidy era (2015–2018) [36], financial policies have been generous and used for years. Almost all
the counties mentioned in the study had high subsidies or tax incentives from central government,
not accounting for the local subsidies. The increase in subsidies will not bring as much benefit as
before, just as the law of diminishing marginal utility indicates. The marginal effect is higher for the
increase in infrastructures. According to the literature, chargers’ density needs more attention paid
during this time [8].

In the future, we should shed more light on the effect of charging infrastructures. Policymakers
should focus more on the infrastructures of electric vehicles, especially fast public charging points,
which is also consistent with some of the literatures [5]. Shown in a recent review summarizing
the top antecedents in related studies, the first was charging infrastructure [13]. Many studies also
highlighted the importance of fast chargers, especially in densely populated areas [37,38]. Apart from
public chargers, private chargers have also played an important role in creating a favorable EV
ecosystem [39,40]. Thus, policies related to vehicle–to–grid, wireless charging, and the use of
technology can further increase the likelihood of EV adoption [41,42].

Besides, use–based incentive policies designed for the convenience of EV users, such as free
parking policy, toll tax exemption and highway lane excess, all showed significance in the pooled
regression in this study. The zero–emission mandate is also proved to be relatively effective both in this
study and in related literatures. Even policies like the purchasing restriction of fuel cars in China
showed a certain level of significance for EV adoption. These policies are not the most widely discussed
topics in the literatures, while they are quite effective in reality and worth considering by policymakers.
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Appendix A

Table A1. Description of variables and sources.

Variables Data Descriptions Sources

EV share National market share of electric vehicles as percentage of
all car sales [2]

EV sales National EV car sales [2]

Subsidies
Direct purchasing subsidies (BEV & PHEV) available to
consumers, using the exchange rate of domestic currency
against US$ on May 20th 2020

[13] National websites

BEV subsidy
Direct subsidies available to consumers when purchasing
BEVs, using the exchange rate of domestic currency
against US$ on May 20th 2020

[13] National websites

PHEV subsidy
Direct subsidies available to consumers when purchasing
PHEVs, using the exchange rate of domestic currency
against US$ on May 2020

[13] National websites
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Table A1. Cont.

Variables Data Descriptions Sources

Waiver Waivers on access restrictions, such as access to HOV/bus
lanes and access to restricted traffic zones [2,18,43–45]

Mandate ZEV (Zero emission vehicle) mandate policy [2,18,43–45]

Target Year set by the government when 100% ZEV sales goal
should be achieved [2,18,43–45]

Fuel standard Level of fuel standards/regulations in the country [2,18,43–45]

Purchasing restriction Restriction referring to purchasing traditional cars, used
only in China [2,18,22,43–45]

Fast chargers per million population
Number of fast public chargers per million population.
Data of chargers are collected from IEA and population of
countries is collected from world bank.

[2] World Bank

Slow chargers per million population Number of slow public chargers per million population.
Data sources are the same as above. [2] World Bank

GDP per capita Gross domestic product per capita, in current US dollars World Bank
Population density People per sq. km of land area, in national level World Bank

Appendix B

This appendix provides the details of how we quantify the effect of non–financial policies.
We assign different values to the policies. Mandate and purchasing restriction are dummy variables,
indicating whether it is implemented. The other non-financial policies are categorical variables
evaluated by policy intensity. The wider the policy is applied in the country, the higher the scores it
gets. For example, if the policy was implemented nationwide other than just in some target cities,
it will get higher value. For waiver, we added up the value of three variables to get the total scores,
which are shown in Table A2 below. Table A3 gives the value of some non-financial policy in 2018 and
Table A4 provides the value of numerical variables. Data are adapted from IEA reports.

Table A2. Summary of policy value for waiver in 2018 [2,43].

Country
Waiver on Access Restrictions

Access to Bus Lanes Access to HOV Lanes Access to Restricted Traffic Zones

Canada 0 * 1 0
China 0 1 1
France 1 ** 0 1

Germany 1 0 1
India 0 0 0
Japan 0 1 0
Korea 0 0 1

Netherlands 2 *** 0 0
Norway 1 0 0
Portugal 0 0 0
Sweden 0 0 0

UK 1 0 0
USA 0 1 0

* No policy; ** Only in target cities; *** Nationwide policy.

Table A3. Summary of policy value for the variable in selected countries in 2018.

Country Waiver Mandate Target Fuel Standards Purchasing Restriction

Canada 1 1 0 1 0
China 2 1 0 2 1
France 2 0 1 1 0

Germany 2 0 0 1 0
India 0 0 0 0 0
Japan 1 0 0 1 0
Korea 1 0 0 1 0

Netherlands 2 0 2 1 0
Norway 1 0 3 1 0
Portugal 0 0 0 0 0
Sweden 0 0 1 1 0

UK 1 0 1 1 0
USA 1 1 0 1 0
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Table A4. Summary of numerical variables in 2018.

Country
BEV

Subsidy ($)
PHEV

Subsidy ($)
Weighted Average

Subsidy ($)
Market Share

of BEVs
Market Share

of PHEVs
Public Slow Chargers per

Million Population
Public Fast Chargers per

Million Population

Canada 4.0 4.0 4.0 1.2% 1.1% 191.6 22.7
China 4.6 3.0 4.2 3.4% 1.1% 117.5 79.9
France 6.7 1.1 4.8 1.4% 0.7% 339.4 20.8

Germany 4.5 3.6 4.1 1.1% 0.9% 278.7 31.5
India 2.0 0.0 2.0 0.1% 0.0% 0.2 0.0
Japan 5.6 1.9 3.9 0.6% 0.5% 176.1 60.7
Korea 10.0 0.9 8.9 2.0% 0.3% 104.5 75.7

Netherlands 4.4 2.0 4.1 5.7% 0.9% 2080.7 47.5
Norway 9.0 9.0 9.0 29.5% 17.0% 2097.2 230.7
Portugal 2.4 1.2 1.8 2.1% 1.8% 155.8 17.9
Sweden 6.0 1.0 2.2 2.0% 6.0% 594.1 93.3

UK 3.9 6.7 5.8 0.7% 1.4% 221.6 40.5
USA 7.5 6.0 7.0 1.6% 0.8% 153.6 13.0
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Abstract: To reduce CO2 emissions, it is necessary to cover the increasing energy demand of e-mobility
with renewable energy sources. Therefore, the influence of increasing e-mobility and synergy effects
between e-mobility and renewable energy sources need to be investigated. The case study presented
here shows results from the analysis of grid-side and energetic synergy effects between e-mobility
charged only at work and photovoltaic (PV) potentials. The basis of the grid study is a simplified
cell-based grid model. Following the determination of synthetic charging profiles for e-mobility,
PV potential profiles, load and production profiles, we perform load flow calculations for different
scenarios and a simulation period of one year using the grid model. After the grid study, the energy
analyses are carried out using four key performance indicators. The grid study shows that line
overloads caused by PV production are only reduced and not avoided by increasing e-mobility and
vice versa. The increase in the power peak of e-mobility, by shifting the charging processes into the
peak of PV potentials, leads to a reduction of the production surplus in summer, while in winter
the line utilisation increases. By modelling PV potentials on real irradiation and temperature data,
the investigation of key performance indicators can identify not only seasonal fluctuations but also
daily fluctuations.

Keywords: electric vehicles; power grid; grid-side effects; photovoltaic potentials; controlled charging

1. Introduction

To contribute to the reduction of CO2 emissions, it is necessary to change over to alternative
drive systems such as electric vehicles (EV) in the transport sector. The change to e-mobility leads
to an increasing electricity demand, which can lead to a reduction of grid stability and security of
supply [1–5]. The additional electricity demand of electric vehicles must be provided by renewable
energy sources (RES) to achieve decarbonisation targets. The impact of the EVs electricity demand
together with the fluctuating RES production can lead to additional challenges compared to a single
consideration of e-mobility [6–9]. Munkhammar et al. [6] focused on home charging and investigated
the interaction between the household power consumption, the electric vehicle home charging and the
photovoltaic (PV) power production using a probability model. The investigation shows on the one
hand the increasing peak load caused by EV charging and on the other hand, the time-shift between EV
charging and PV power production. This time-shift is based on the fact that the PV power production
and the resulting peak is available during the day, while the peak caused by charging at home occurs
in the evening. To reduce this shift and thereby increase power self-consumption, a change in the
user behaviour of EV drivers or the application of demand side measures becomes necessary. For a
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better use of the PV power production, stays during the day should be used for charging the EVs,
such as charging at work and charging commercially. [10] Since the load profiles of e-mobility and
thus the required charging infrastructure are strongly dependent on respective user behaviour of EV
drivers [1,11], load shift potentials of electric vehicles for different available charging infrastructures
(e.g., for charging at home vs. for charging at work) are determined in the references [10,12]. Even
with an uncontrolled charging, the PV power production can be better utilised when charging at work
compared to charging at home. This is caused by the fact that charging at work is usually performed
during the day, while charging at home is generally performed in the evening-hours and at night. [10]
Babrowski et al. [12] conclude that the greatest potential for controlled charging is in the area of
workplace charging using PV power production.

Despite the large number of presented approaches and results on the interaction between PV power
production and uncontrolled and controlled EV charging, to the best of our knowledge, the impact of
this interaction on the distribution grids have not yet been sufficiently studied. Therefore, the case
study presented in this paper will focus on charging at work and the impact of different penetrations
of work-charged EVs and PV potentials on an urban medium-voltage grid. For this purpose, we
have developed a grid model for the medium-voltage grid of a medium-sized city based on a cellular
approach, using the example of Leoben in Austria. The application of the cellular approach simplifies
the complex grid structure and allows reduced calculation times. The approach is therefore suitable
for usually time-consuming time resolved load flow calculations, e.g., with annual load profiles. [11]
Besides the modelling of existing consumer and producer profiles, we determine production profiles
of PV potentials and synthetic charging load profiles of e-mobility. While Su et. al. [13], for example,
characterise PV production profiles by averages of “rainy days”, “cloudy days” and “sunny days”, the
case study presented here determines the time-resolved production profiles of PV potentials (15-minute
mean value) for each calendar day on the basis of irradiation and temperature data [14] and a solar
roof register depicting the actual roof areas [15]. The determination of synthetic charging load profiles
for e-mobility is based on traffic analysis, mobility pattern and statistical data. [11] The method for
this determination, we have already shown in [11], has been extended in this work, among others,
by the function of taking controlled charging into account. In comparison to Gnann et al. [10], where
summer charging is shifted to midday and in winter the focus is on peak-shaving by charging at night,
here a combination of the summer and winter strategy for controlled charging is applied, regardless
of the season. The method distinguishes between shifting the charging process into the peak of the
PV production profile or, distributing the charging processes over a defined period of time. For each
charging process, it is decided separately if it can be shifted under the defined parameters (for example
duration of stay and distance travelled) into the intended period of controlled charging. By comparing
the scenarios for uncontrolled charging with those of controlled charging, we investigate in addition to
the energetic benefits for the direct use of PV production, whether controlled charging can prevent the
negative effects of uncontrolled charging on the power grid. The focus of this analysis is therefore
to determine the benefits of controlled charging on the existing infrastructure considering today’s
mobility behaviour, while Zhang and Chen [16] discuss smart charging management based on mobility
behaviour and regional energy prices. Using the cell-based grid model and the determined annual
load and production profiles, we perform time resolved load flow calculations for different scenarios.
The scenarios differ between the penetrations of e-mobility and PV potentials, the charging power as
well as controlled and uncontrolled charging. Based on the results of the load flow calculations, we
present grid-side synergy effects and energy-related key performance indicators between e-mobility
and PV potentials for the different scenarios.

2. Data Description

In this section, all data required for the case study and its preparation is presented. Starting
with the description of the medium-voltage grid of the city of Leoben, the data required to model the
synthetic charging load profiles for e-mobility are presented. This includes traffic analyses, mobility
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patterns and vehicle-related specifications. Finally, the fundamental data for modelling the PV potential
profiles are described.

2.1. Medium-Voltage Grid

The original medium-voltage grid for the city of Leoben within the framework of the Austrian
research funding agency (FFG) projects “Smart Exergy Leoben” [17] and “Move2Grid” [18] has
been anonymised and made available by the local grid operator Energienetze Steiermark GmbH, in
compliance with the data protection regulations. The data was provided in the form of a detailed
database of the electrical equipment for the year 2014 and a power grid plan in the commercially
available software NEPLAN 5.5.6 [19]. The software NEPLAN is a high-end power system analysis
tool for electricity, gas, water, and district heating networks. It is used in transmission, distribution,
generation, industry, renewable energy systems and smart grid applications. The medium-voltage
grid of the city of Leoben consists of a 5 kV and a 30 kV voltage level. While the 30 kV voltage level is
designed as a ring topology, the 5 kV voltage level is split into a mesh topology in the inner-city area
and into stub lines in rural areas. The database contains, for example, the annual energy consumption
of the 194 grid stations, which represent about 16000 customers with an annual energy consumption
of ~181 GWh, in an anonymous form. Each grid station contains the number of customers and the
corresponding annual energy consumption or production for all standard load profiles according to
the „Federal Association of the German Energy and Water Industry” (BDEW) [20] and the synthetic
load profiles from the Austrian regulation agency (e-control) [21]. These profiles are normalised to
a consumption/production of 1000 kWh per year and are given as 15-minute average power values
over a day. Based on these annual energy consumptions, annual load and production profiles are
modelled as described in Section 3.2. A hydroelectric power plant (10 MW), a biomass cogeneration
plant (0.5 MW) and eight small PV plants feed into the medium-voltage grid. In addition, the database
provides all technical data and the geographical location of the local grid transformers and the electrical
equipment (transformers, lines, grid nodes, busbars, etc.). To ensure the allocation of the equipment
to the energy cells in the context of the development of the simplified cell-based grid model, the
geographic coordinates are visualised using a geographic information software system (GIS), QGIS [22].
Due to data protection guidelines, we cannot provide this original data. However, this has no negative
influence on the general statement of this work.

2.2. Traffic Analysis, Mobility Pattern and Traffic Model

Traffic analysis enables firstly the identification of potential locations and their respective
connection points to the power grid of charging stations. They provide secondly information
for the energy demand at these charging stations, which can be derived based on vehicles driving
distances. In addition, they provide the necessary data for modelling synthetic charging load profiles
for e-mobility.

The identification of potential locations for charging stations is based on the so-called traffic
demand. To support the identification of potential locations, two basic parameters are defined: the
number of motor vehicles at one location and the duration of stay at the location. In addition to the
analysis of the mobility behaviour of people (individual person-related consideration), the field of
traffic planning also deals with the location-related calculation of traffic volumes.

Traffic is caused by the fact that people travel to different locations in order to pursue certain
activities. These activities can be summed up for the “purpose of the stay” of the people on site. The
required change of location is assigned to the “purpose of stay”, also called user group. Therefore, the
traffic analysis differs between seven various user groups: a trip home, a trip to work with a private or
company car, a trip for shopping, a trip for execution (e.g., visit to the doctor), a trip to leisure activities
and a trip to education. [23–25]

The mobility pattern of each user group includes original destination matrices according to
Bosserhoff [23]. These matrices describe the relative proportion of arriving and departing vehicles in
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each hour of the day in relation to the total amount of vehicles of one day (24 h). Finally, cumulative
distribution functions of arriving and departing vehicles are generated for these daily distributions.
Two examples of original daily distributions according to Bosserhoff for the purpose “trip home”
and “trip to work-shift operation” as well as the respective cumulative distributions are shown in
Figure 1 [11]. Furthermore, by using the daily distributions of arrivals and departures, as step 1,
relative distributions of the present vehicles can be derived for every hour: from the vehicles present at
the beginning of an hour, the departing vehicles are added and the departing vehicles are subtracted.
In step 2, the average duration of stay at the considered location will be calculated. From the daily
distribution of the vehicles present, the sum of the duration of stay of all vehicles can be calculated.
This sum divided by the number of arrived vehicles gives the average duration of stay per vehicle.

(a) 

(b) 

Figure 1. Original destination matrices according to Bosserhoff [23] and cumulative distribution
function (a) trip home; (b) trip to work—shift operation. Reproduced from [11].

The distances travelled are needed for the charging station design (number of charging points,
charging power) as well as for the determination of the energy demand. They are the result of the
individual behaviour of persons (choice of destination) and the distance between the locations. This
means that they cannot be derived directly from the location-related information. Therefore, surveys
on mobility behaviour are carried out to obtain such average data like the distance travelled. Such
surveys usually deal with the mobility behaviour of the inhabitants of a geographical unit (municipality,
city, etc.). While the private sector is well represented in such surveys, commercial traffic is not
treated so intensively. In addition, the commercial traffic differs very clearly between the various
sectors. A determination of the distances travelled for commercial traffic is made possible by the
evaluation of sector-specific “driving profiles” [24]. While the consideration of “driving profiles” is
especially important for commercial traffic, as this is the only way to describe its characteristics and
dimensions, this is of negligible interest in the private sector for an average working day. This is due to
the fact that in the private sector there are usually fixed residences and thus trip purposes, for example
“living - working - shopping – living”. Such trip chains are used in this paper to illustrate charging
at workplaces.
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In traffic modelling, the division of an area usually takes place in smaller geographical units,
so-called traffic cells. The formation of traffic cells is geographically based on contiguous road network
sections and administrative borders. Traffic cells combine several (postal) addresses into one larger
unit. In a traffic model, the traffic between the cells (and not within the cells) is essentially calculated.
Since the boundaries of the traffic cells do not necessarily match with those of the energy cells, which
are created during the development of the simplified cell-based grid model, an approach had to be
found to transfer the information from the traffic cells into the energy cells. For this approach, the
“grid point’s method” is used in this work. Grid point data are available in Austria in the smallest
unit in a 100 by 100 meter square. For the case study Leoben, the traffic model is therefore built based
on this 100 by 100 meter grid unit. The cell boundaries of the energy cells can therefore be defined
taking into account the grid topology and the guidelines described in [11] to achieve the best possible
accuracy of the cell-based grid model. As shown in Figure 2, each grid unit has a grid point, in which
the statistical data such as number of trips, average duration of stay and average distance travelled
are stored for the seven various user groups. A more detailed breakdown of the data can be found in
Appendix A. All data is created for each hour of the day in an average weekday. The grid units enable
each energy cell to incorporate the specific grid points within its boundaries, with the result that the
statistical data and the resulting traffic data can be clearly allocated to the energy cells. All grid points
within an energy cell are finally aggregated to an energy node.

 
Figure 2. Visualization grid point, energy cell and energy node.

However, the statistics stored in the grid points do not fully cover the need for data to determine
the energy demand for charging. The missing data is supplemented by comprehensive reports on
mobility behaviour, such as “Österreich unterwegs 2013/2014” [25] and “Mobilität in Deutschland” [26].

In addition to the traffic analyses and mobility patterns, vehicle-related specifications such as
battery capacity, average energy consumption and charging efficiency are required to model the
synthetic charging load profiles for e-mobility. Therefore, based on the EV-models registered in
Germany [27], 15 different EV models for passenger traffic are identified and a distribution function of
the EV type is derived. An overview of the considered 15 different EV models is given in Appendix B,
Table A2. Subsequently, the specific vehicle parameters mentioned above are assigned to each EV type
based on the ADAC eco-test [28]. The specified average energy consumption is defined for an ambient
temperature of 20 ◦C [29]. In order to take into account the seasonal variations in temperature and
average energy consumption, the average energy consumption for the seasons are calculated based on
average ambient temperatures for summer, winter and transition [30].

2.3. PV Potential Profiles

To determine the production profiles of the PV potentials, we use irradiation and temperature
data from 2014 of the Austrian Central Institute for Meteorology and Geodynamics (ZAMG) [14] in
combination with the area of suitable roofs we gained from the Styrian solar roof register from the
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regional government of Styria [15]. The Styrian solar roof register contains all roof areas that are
suitable for the generation of solar energy and exceed a size of 20 m2. Based on Airborne laser scanning
(ALS) the suitable roof areas were identified and divided into “good” and “very good” areas as shown
in Figure 3. The division into “good” and “very good” suitable roof areas is carried out during the
data collection of the solar roof register and takes into account the size, azimuth, tilt and shading of
the roof areas [31]. For each suitable roof area, detailed information such as the area in m2 and the
potential annual production in kWh is available in addition to the geographical location.

 
Figure 3. Example of suitable roof areas, including the classification “very good” and “good” based on
data from the solar roof register [15].

3. Methods

The basis of the presented case study is a simplified cell-based grid model. Therefore, the
methodology used for model development is explained below. This is followed by a description of the
determination and grid-implementation of time-resolved load profiles, e.g., for households, as well
as for the production profiles of already existent plants (hydroelectric power, biomass cogeneration
and PV, as already mentioned in Section 2.1). We also explain the determination of the synthetic
charging load profiles for e-mobility and the profiles of the PV potentials in this section. Furthermore,
the necessary steps for the evaluation of the grid-side effects and the energy analyses are presented.
Finally, we describe the scenarios we investigate during the case study.

3.1. Cell-based Grid Model

The simplified cell-based grid model presented here is developed in five steps as shown in Figure 4:
(i) cell classification, (ii) cell allocation, (iii) energy aggregation, (iv) development of the grid model
and (v) accuracy check. If a grid model containing several voltage levels is to be developed, steps 2 to
4 must be repeated for each voltage level [11].

Figure 4. Overview: development of a simplified cell-based model.

In step 1, the original medium-voltage grid is divided into energy cells, considering the grid
topology and the topography of the depicted area. As already mentioned in Section 2.1, the cell
boundaries of these cells are adapted to the grid units of the traffic analysis. In step 2, the electrical
equipment (transformers, lines, grid nodes, busbars, etc.), the consumers and producers are allocated
to the individual energy cells. In step 3, the assigned annual energy consumption of the consumers
and annual energy production of the producers within an energy cell are aggregated into a fictitious
energy node, representing virtual busbars. This aggregation is performed separately for the respective
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categories of standard load profiles from the BDEW [20] and the synthetic load profiles from the
e-control [21]. In step 4, the simplified cell-based grid model is generated by using the software
NEPLAN 5.5.6 [19]. For this, a busbar is inserted into the grid model for each energy node. After the
implementation of the electrical equipment, it is connected to the energy node. Subsequently, the energy
nodes are connected according to the grid topology of the original medium-voltage grid. This connects
those cells with each other that enable energy export or import beyond their cell boundaries. Lines
within a cell in the original medium-voltage grid structure are taken into account by implementing
E-RLC modules in the grid model. In step 5, the accuracy is checked by comparison of the load flows
of the simplified cell-based grid model with those of the original medium-voltage grid. We describe
this approach of grid simplification in detail in [11].

3.2. Determination Load and Production Profiles

Following the model development, annual time-resolved (15-min mean values) load and
production profiles are modelled for the aggregated annual energy consumption and production.
Therefore, we use the standard load profiles from the BDEW [20] and the synthetic load profiles from
the e-control [21]. These profiles represent normalised load profiles for categories like household,
commercial, agricultural, interruptible power supplies, and public lighting. Based on these normalised
profiles (1000 kW/a), we calculate the time-resolved annual load profiles.

For the determination of the synthetic charging load profiles for the e-mobility we apply as shown
in Figure 5, four steps: (i) data preparation, (ii) determination of each charging process, (iii) modelling
charging curve and (iv) aggregation of the load profiles [11].

Figure 5. Overview: determination of synthetic charging load profiles of electric vehicles.

In step 1, the traffic grid points and the mobility behaviour presented in Section 2.2 are prepared
for the further procedure. In addition to the aggregation of all grid points and the data contained
therein (e.g., number of trips) within a cell, this includes the preparation of the distribution functions
(arrival/departure/EV type), already mentioned in Section 2.2. Based on the average distances travelled
at grid point level, a distribution function for the distance travelled per user group and cell is derived
by aggregating all distances travelled within a cell. In step 2, each charging process (CP) within a user
group and cell is determined based on the distribution functions by applying probabilistic approaches
and the selected charging strategy (e.g., uncontrolled/controlled charging). Each charging process
is described by time of arrival, time of departure, EV type and distance travelled. The number of
charging processes per cell and user group on a weekday is derived from the aggregation of grid points
performed in step 1. Based on the number of trips per weekday, empirical factors from statistical data
are used to determine the number of trips for Saturday and Sunday for each user group and cell. The
number of trips per day corresponds to today’s mobility behaviour. A change in mobility behaviour
is difficult to estimate according to traffic planners, therefore it is not taken into account. Hence, we
assume that in a scenario with an EV penetration of 100%, each distance travelled represents a trip
with an electric vehicle. In step 3, the charging curve for each charging process is modelled according
to the state-of-the-art constant current (CC) – constant voltage (CV) charging process. In step 4, all
charging processes within a cell are aggregated to a synthetic charging load profile. We describe the
general procedure of determining synthetic cell-based charging load profiles for electric vehicles in
detail in [11].

For this work we have expanded the method we have described in [11]: Firstly to consider only
selected user groups like “trip to work with a private car” for modelling the synthetic charging load
profiles. Secondly to enable “intelligent controlled charging”, called charging strategy 2.

631



Energies 2020, 13, 3795

The extension regarding the selection of the considered user groups consists of creating a trip
chain for the selected user groups, which takes place in step 2. The creation of such a trip chain is
necessary because the selection of user groups means that there is no longer a charging process after
each trip. Therefore, the trips of the non-selected user groups are cumulated into the selected ones, so
that the distances travelled by the non-selected user groups can be considered. For this purpose, a
trip of the selected user groups consists of several “sub trips”, e.g., the trip chain: “working - living -
shopping - working” of the user group “trip to work with a private car” consists of three “sub-steps”.
For each trip of the selected user groups resulting from step 1, the total distance travelled is determined
as shown in Figure 6. For this, the number of “sub trips” is defined by applying the probabilistic
approach to the statistical distribution of the number of trips made per day and vehicle. Subsequently,
the distances travelled are determined for each “sub trip” and summed up, so that the charging curve
is modelled, based on the total distance travelled.

Figure 6. Determination of total distance travelled for each trip of the selected user groups.

The introduction of charging strategy 2, “intelligent controlled charging”, also takes place in step
2. Table 1 shows the comparison of charging strategy 1 and 2: As shown, in charging strategy 1 the
arrival of the EV starts the charging process, while in charging strategy 2, a time shift of the start of the
charging process is considered.

Table 1. Comparison of charging strategy 1 and charging strategy 2.

Charging
Strategy

Type of Charging
Start of the

Charging Process (CP)
Further Information

1 Uncontrolled Time of arrival Basis for charging strategy 2

2 Intelligent
controlled

Depending on the time span in
which the CP can be shifted

Two approaches: Shifting CPs into
PV Peak or sequencing of CPs

The charging strategy 2 takes into account two different approaches, which depend on the mobility
behaviour. For each peak in the synthetic charging load profile, a time span is defined in which the
charging processes can be shifted depending on the occurrence (morning, midday, afternoon, evening)
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of the peak. Charging processes which occur during the morning and midday peak are shifted into
the peak of the PV production. For the charging processes that take place during the afternoon and
evening peaks, the aim is to reduce the charging load by sequencing the charging processes with the
boundary condition that the EVs are fully charged in the morning. This does not involve a reduction
of the charging power of the individual charging process.

The defined time span is used to decide for each charging process whether it can be shifted or
not, see Figure 7. As a generic example, it is not possible to shift the charging processes CP 1 to CP 4
(red) into the time span, because their time of arrival and their time of departure are before or after the
defined time span. This means that this charging process takes place at the original time as defined in
charging strategy 1. In principle, the charging processes CP 5 to CP 9 can be shifted into or within the
time span. During the shifting and sequencing of the charging process, it must be ensured that this is
only possible within the duration of stay of the EV, with the boundary condition that the EV is fully
charged at the time of departure. For example, if charging process CP5 is shifted to the start of the time
span and the remaining time is not sufficient for a fully charged EV, the charging process will also take
place at the original time as defined in charging strategy 1.

 
Figure 7. Generic examples of charging processes, which can be shifted in or within the time span in
green and those, which cannot in red.

Following the identification of those charging processes that can be shifted into or within the
time span, the shifting or sequencing of these charging processes is carried out according to defined
criteria. These criteria represent the duration of stay, a priority factor, start of the charging process
and the duration of the charging process. The priority factor describes the ratio between duration of
stay and duration of the charging process. This means that the closer this ratio is to one, the shorter
the period of time in which this charging process can be shifted within the duration of the vehicle’s
stay. Such charging processes are assigned with new starts of the charging process as soon as possible.
Within the framework of this charging strategy, only the start of the charging processes is changed. All
other data (e.g., EV type, charging power, distance travelled) for modelling the charging curves remain
unchanged. Therefore, after applying charging strategy 2, the methodology described above can be
continued in step 3.

3.3. Determination of PV Potential Profiles

The modelling of the PV potential profiles is based on an irradiation model according to Perez et
al. [32–34], which is described in more detail in Duffie et al. [35] and Pretschuh et al. [36]. Based on
the irradiation and temperature data as well as data from the described solar roof register, the model
calculates the direct and diffuse share of the radiation on the inclined surface and converts it into
electricity. As a result, annual time resolved PV potential profiles are generated for each cell, which
take into account seasonal conditions based on real irradiation and temperature data. A penetration of
100% PV potential requires that all potential roof areas classified as “good” and “very good” in the
solar roof register are considered during the determination of the PV potential profiles.

3.4. Simulation, Calculation and Evaluation

To analyse the grid-side synergy effects between e-mobility and PV potentials, load flow
calculations with annual load profiles (15-min mean values) are performed for different scenarios.
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These scenarios differ between the penetration of EV, the penetration of PV, charging power and
charging strategy (controlled and uncontrolled charging). The results from the load flow calculations
are analysed with regard to the utilisation of the equipment (e.g., transformer, lines). This is followed by
the identification of overloaded equipment, the percentage value, the duration and time of occurrence
of these overloads and thus the identification of worst-case weeks. In addition, the influence of PV and
EV interactions on these overloads is investigated. Besides the grid-side synergy effects, energy-based
analyses are carried out for the same scenarios. For this purpose, the following four key performance
indicators are defined: (i) the residual load PRes, (ii) the degree of self-generation (DSG), (iii) the
degree of self-sufficiency (DSS) and (iv) the self-consumption ratio (SCR). The residual load describes
the difference between the power of consumers and e-mobility PConsumer+EV and the power of the
photovoltaic potential PPV. If in a certain 15-min time step the PV production exceeds the total load,
the residual load becomes negative and vice versa.

PRes = PConsumer+EV − PPV (1)

While the residual load is determined for each 15-min time step of the annual total load profile
and the annual PV potential profile, the defined time frame for the determination of DSG, DSS and
SCR is defined as one day (96 15-min time steps). The calculation of daily values, in comparison to the
determination of an annual value, enables the seasonal consideration of the interaction between the
e-mobility and PV potentials.

To explain the DSG, DSS and SCR, Figure 8 shows a generic load profile (consumer and EV) and a
generic PV production profile as an example.

Figure 8. Relevant areas for calculating the DSG, DSS and SCR.

The degree of self-generation (DSG) describes the locally produced energy in relation to the locally
consumed energy for a defined time frame:

DSG =
EPV

EConsumer+EV
=

∫ tend
tstart

(PPV(t)) dt∫ tend
tstart

(PConsumer+EV(t)) dt
(2)

where EPV is the total locally produced energy and EConsumer+EV is total energy demand for the defined
time frame.

The degree of self-sufficiency (DSS) considers the ratio between the directly consumed part of the
locally produced energy ESC and the total energy demand. This means that this criterion describes the
proportion of the total load required that can be covered directly by the PV potential:

DSS =
ESC

EConsumer+EV
=

∫ tend
tstart

(min
{
PConsumer+EV(t), PPV(t)

}
) dt∫ tend

tstart
(PConsumer+EV(t)) dt

(3)
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The self-consumption ratio (SCR) relates the directly consumed part of the locally produced
energy to the total locally produced energy:

SCR =
ESC
EPV

=

∫ tend
tstart

(min
{
PConsumer+EV(t), PPV(t)

}
) dt∫ tend

tstart
(PPV(t)) dt

(4)

3.5. Scenario Definition

To identify which of the seven user groups from the traffic analyses are particularly relevant for
the investigation of the synergy effects between e-mobility and PV potential, the potential for the
direct use of PV production per user group is examined. For the case study presented here, the user
groups “trip for shopping”, “trip for execution” and “trip to work” have the highest energy demand in
relation to the total energy demand of e-mobility based on the traffic analysis. Since the user groups
“trip for shopping” and “trip for execution” have the same characteristic load profile, only the user
groups “trip for shopping” and “trip to work” are shown as examples in Figure 9. The figure is used to
visualize the determination of the potential for the direct use of PV production for the user groups
“trip for shopping” and “trip to work”. For the user group “trip to work”, the user groups “trip to
work with a private car” and “trip to work with a company car” are aggregated due to their similar
behaviour. The characteristic of the synthetic charging load profile for the user group “trip to work” is
strongly dependent on the sector-specific jobs within the considered area. Therefore, the evening peak,
which occurs due to an existing shift operation, can be omitted when looking at another area. The
number of peaks for the user group “trip for shopping” is independent of the area under investigation.
This means that as soon as there are shopping facilities in the area under consideration, and thus a
shopping user group exists, a peak at noon and in the afternoon or evening occurs. In the example
shown, around 80% of the energy demand of the user group “trip to work” can be directly covered by
PV production, while only 60% can be directly supplied for the user group “trip for shopping”.

Figure 9. Generic example of a load profiles of the user groups “trip to work” and “trip for shopping”
as well as a PV production profile.

The analysis of all user groups indicates that with an increasing number of charging processes
during the day, the direct use of the PV production increases and thus the potential. Based on the user
behaviour and the share of PV use, the user group “trip to work” can be identified as the user group
with the highest potential. Therefore, we have focused on the user groups “trip to work with a private
car” and “trip to work with a company car” in combination with a trip chain model to investigate
the synergy effects between e-mobility and PV potentials in the case study presented here. Using the
trip chain model, the charging energy of the other five user groups is accumulated into these two user
groups. Since the number of weekend trips for these user groups is decreasing significantly and it
should be ensured that all distances travelled at the weekend are also taken into account, the user
group “trip home” is also considered at the weekend.
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As already mentioned, the scenarios differ among each other in the penetration of EV and PV. For
this purpose, the penetration of EV and PV is varied by 0%, 20%, 40%, 60%, 80% and 100% respectively.
In a scenario, all cells have always the same penetration of EV and PV, this means for example that all
cells have a penetration of 20% PV and a penetration of 80% EV. This assumption was made, because
there are no statistical distributions for urban areas that allow an individual penetration for each cell.
Furthermore, two different charging powers (3.7 kW and 11 kW) are considered. For both charging
powers, a distinction is made between charging strategy 1 (uncontrolled charging) and charging
strategy 2 (controlled charging).

The reference scenario describes the status quo (without PV Potential and future e-mobility) of the
medium-voltage grid to be examined. The overview of all simulated scenarios is given in Appendix B,
Table A1.

4. Results and Discussion

In this section the developed cell-based grid model, which forms the basis of the case study, is
presented. Afterwards, the results of the load flow calculations are analysed with regard to grid-side
synergy effects. Finally, the results from the energy analyses are discussed.

4.1. Cell-Based Grid Model

The original medium-voltage grid of the city of Leoben is divided into 26 energy cells. Figure 10
illustrates the developed simplified cell-based grid model, where the 30 kV voltage level is shown
in blue and the 5 kV voltage level in green. To clearly distinguish the two voltage levels, the 30 kV
level is marked with the ending _030 and the 5 kV level with the ending _005. Since the 30 kV voltage
level is not designed to cover the complete area of Leoben, not every cell has a connection to the 30
kV voltage level. The 110 kV voltage level of the Leoben substation was chosen as the slack node, so
that the load flows between the 30 kV and 110 kV voltage level can also be analysed. The slack node
thus corresponds to the energy node N10_110. Since there are two 110 kV/30 kV transformers in the
substation due to redundancy, both are also shown in the grid model.

636



Energies 2020, 13, 3795

 
Figure 10. Simplified cell-based grid model for the city of Leoben.

4.2. Grid-side Synergy Effects

Based on the simplified cell-based grid model and the annual load and production profiles, load
flow calculations are performed for the different scenarios, described in Section 3.5. The results of the
load flow calculations are analysed with regard to grid-side synergy effects between e-mobility and PV
potential. The results presented here focus on the utilisation of the lines of the 5 kV voltage level.

4.2.1. Charging Strategy 1 – Uncontrolled Charging

The number of overloaded lines of the 5 kV voltage level with corresponding penetration of EV
and PV for the charging capacities 3.7 kW and 11 kW and charging strategy 1 is shown in Figure 11.
Since a penetration of 0% EV only takes into account the demand for e-mobility that is already present
in the status quo of the power grid, no additional charging power is assigned to these scenarios and
they are therefore referred to as without EV. With increasing EV and PV penetration as well as charging
power, the number of overloaded lines increases. The use of PV potentials without e-mobility leads to
line overloads at penetration rates of 40% PV and higher. E-mobility without PV potential, too, only
causes line overloads when the penetration rate is over 40% and the charging power is 11 kW. With a
penetration of 20% PV, the line overload caused by a penetration of 40% EV and a charging power of
11 kW can be avoided.
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Figure 11. Number of overloaded lines of the 5 kV voltage level for charging strategy 1.

In addition to the number of overloaded lines, the model also determines which lines are affected
and where they are located in the power grid model and geographically. Figure 12 shows the cell
division for the energy cells of the city of Leoben and the geographical location of the 13 overloaded
lines, with the six most stressed lines in red. The identification of the most stressed lines is based on
the maximum utilisation of the overloaded lines and the duration of the overload for all scenarios.
These overloaded lines are also illustrated in Figure 10, which shows the grid plan of the cell-based
grid model.

 
Figure 12. Cell division of the city of Leoben and detailed view with geographical location of the
identified overloaded lines - in red: most stressed lines.

With the exception of the already mentioned avoidance of line overload at a penetration of 40%
EV with a penetration of 20% PV, the different combinations of the penetrations of PV and EV do
not lead to a reduction of the number of overloaded lines. Therefore, according to Figure 11 there
are no obvious positive synergies between e-mobility and PV potential for charging strategy 1 for
the number of overloaded lines. To investigate the interaction between e-mobility and PV potential
in more detail, we determine the maximum line utilisation and the duration of overloads. For this
purpose, we examine when the maximum utilisations of the lines occur and whether this is caused
by the penetration of EV or PV. As illustrated for the most stressed lines in Figure 13, line overloads
occur mainly in winter as well as in April and June. While the overloads in winter are due to load
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peaks of e-mobility, those in April and June are mainly due to production peaks of PV potentials.
Furthermore, the worst-case weeks are identified based on the time of occurrence of the maximum
load. Those worst-case weeks, for example, are used to compare scenarios with uncontrolled and
controlled charging (charging strategy 1 vs. charging strategy 2).

Figure 13. Month of occurrence for the maximum line utilisation of all scenarios with charging strategy
1 during the simulation period of one year.

Two of the six most stressed lines are selected to analyse the duration of the line overloads in
detail. For this purpose, annual duration curves are modelled for each line and scenario based on the
sorted utilisation of the line. While line 1 is overloaded for the first time at a penetration of 40% PV, the
overload on line 5 occurs first at a penetration of 40% EV and a charging power of 11 kW. Since the
duration of overload is less than 10 h for both lines, the next higher penetration of PV and EV is chosen
for demonstration purposes of the interaction between e-mobility and PV potential. Table 2 shows the
comparison of the duration of the line overloads of lines 1 and 5 depending on the charging power.
For line 1 we investigate the influence of an increasing e-mobility penetration at a fixed penetration of
60% PV. With a penetration of 60% PV and the current demand, the duration of overload is 506.5 h per
year. By integrating a penetration of 100% EV, the duration of overload can be reduced to 258.5 h per
year at a charging power of 3.7 kW and 206.75 h per year at a charging power of 11 kW respectively.
The comparison of the duration of overloads for a penetration of 100% EV shows that at a charging
power of 11 kW, the reduction in the duration of the overload is greater by around 50 h per year than
at a charging capacity of 3.7 kW. This higher reduction is due to the increased power requirement of
e-mobility at a charging power of 11 kW compared to 3.7 kW. As a result of this increase, the production
surplus at the peak of the PV potential is reduced and thus the duration of the line overload.

Table 2. Duration of overloads (utilisation > 100%) for the lines 1 and 5 – charging power 3.7 kW and
11 kW, using charging strategy 1.

Penetration (%)
Duration of Overload (h)

Line 1
Penetration (%)

Duration of Overload (h)
Line 5

PV EV 3.7 kW 11 kW PV EV 3.7 kW 11 kW

60 0 506.50 506.50 0 60 154.50 155.75
60 20 454.00 450.50 20 60 107.75 132.25
60 40 396.75 392.00 40 60 84.25 106.00
60 60 349.50 346.25 60 60 62.75 92.50
60 80 300.75 294.75 80 60 47.50 79.00
60 100 258.5 206.75 100 60 39.00 67.00

However, an increased power requirement of e-mobility due to the higher charging power can
also lead to an increasing grid load. This increase in grid load can be seen in Table 2 for line 5. While
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the duration of the line overload at a fixed penetration of 60% EV and a charging power of 3.7 kW is
reduced from 154.50 h per year without PV potential to 39.00 h per year with a penetration of 100% PV,
the duration of the overload at a charging power of 11 kW is reduced from 155.75 h per year only to
67.00 h per year.

The duration of the overload shown in Table 2 is graphically illustrated in Figure 14 using the
sorted annual duration curves of the line utilisation for the lines 1 (a) and 5 (b) for the range 0 to 600 h
at a charging power of 3.7 kW. In addition to the already described reduction of the duration of the line
overload, the decrease of the utilisation can also be seen. For the shown range (0 to 600 h) of the sorted
annual duration curves, the comparison of the utilisation of line 1 at a penetration of 0% EV with the
utilisation at a penetration of 100% EV shows a reduction of the utilisation between 6% and 19%. For
line 5, a decrease in line utilisation of up to 15% is achieved for the range of 0 to 600 h of the sorted
annual duration curve with an increase in penetration from 0% PV to 100% PV.

(a) 

(b) 

Figure 14. Annual duration curve of the utilisation for the period 0 to 600 h for 3.7 kW charging power
and charging strategy 1 (a) line 1 and a fixed penetration of 60% PV (b) line 5 and a fixed penetration of
60% EV.

As demonstrated by the example of the lines 1 and 5, the higher the penetration of EV with fixed
penetration of PV, the lower the duration of the line overloads as well as the maximum utilisation and
vice versa. The charging power also has a considerable influence on the line utilisation and thus on the
overload of the lines. While a higher charging power in summer further reduces the power surplus
caused by PV production and thus relieves the grid, in winter it can lead to higher and longer overloads.

In the scenarios presented here, the same penetration of EV and PV is considered for all cells,
therefore in some cells large differences between PV production and the power requirements of
e-mobility occur. For further reduction or possibly complete avoidance of overloads, it is necessary
to find the optimal balance between PV production and the power requirements of e-mobility for
each cell.

4.2.2. Charging Strategy 2—Controlled Charging

A comparison of the scenarios with charging strategy 1 and 2 based on two worst-case weeks
is carried out to determine the influence of controlled charging on the grid utilisation compared to
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uncontrolled charging and the resulting synergy effects between e-mobility and PV potential. For this
purpose, one week is in winter (20 January to 26 January) and one in summer (2 June to 8 June). The
most stressed days of this week are 24 January and 2 June, respectively. The comparison of the line
utilisation in Figure 15 shows for line 1 for a penetration of 40% EV and 60% PV and a charging power
of 3.7 kW that controlled charging can lead to both, a reduction but also to an increase in the utilisation
of the line. By applying charging strategy 2, the charging processes during the day are shifted into
the peak of the PV production; thereby an increase of the power requirement of e-mobility can occur
within the period of the peak of the PV potentials as shown in Figure 16.

Figure 15. Comparison of the utilisation of the line 1 for a penetration of 40% EV and 60% PV with 3.7
kW charging power and charging strategy 1 and 2 for (a) 24 January (b) 2 June.

Figure 16. PV potential profile and synthetic charging load profiles for the e-mobility with 3.7 kW
charging power, charging strategy 1 and 2 for cell 13 (a) 24 January (b) 2 June.

This increase in power demand leads to an increased line utilisation if the PV potential is not
sufficient, as demonstrated in Figure 15a for the 24 January. On 2 June the PV potential is significantly
higher than the power demand from EV (see Figure 16b), which means that the line utilisation can be
reduced at noon. As shown in Figure 15b, however, it is by far not possible to avoid the overloads.
The difference of about 12 MW between the maximum peak value of the PV production on the 2 June
and that on the 24 January, shown in Figure 16, does not allow any conclusions concerning other days
and their maximum peak values due to the PV potentials modelled in dependence on irradiation and
temperature data.

The utilisation of line 1 cannot be directly compared with the difference between the EV charging
load and the PV potential of cell 13 (Figure 16). On the one hand, the utilisation of the line depends on
the balance of the total demand (e-mobility and other consumption) as well as the PV potential and the
resulting power requirement or power surplus of cell 13. On the other hand, this line is in a closed
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ring system and the line utilisation is therefore dependent on several other cell balances, see Figure 10
(cell-based grid model).

The described increase or reduction of the utilisation of line 1 by controlled charging can be
transferred to other lines. The amount of this positive as well as negative effect is strongly dependent
on the demand of e-mobility and the PV potential of the respective cell as well as the grid topology
(mesh, ring, radial) in which the investigated line is located.

Figure 17 shows the sorted duration curves of the line utilisation of line 1 for different scenarios for both
worst-case weeks. In addition to the charging strategy, the scenarios differ between the penetration of 40%
and 100% EV. Furthermore, a fixed penetration of 60% PV and a charging power of 3.7 kW is specified. As
shown in Figure 17a, in winter with a fixed penetration of 60% PV, the utilisation on line 1 for a penetration
of 100% EV is higher than for 40% EV regardless of the charging strategy. The increase in line utilisation is
caused by the lower PV potential in winter compared to summer (see Figure 16). The increase in the power
requirement of e-mobility within the peak of the PV potential resulting from controlled charging leads to an
increase in the line utilisation at a penetration of 100% EV compared to uncontrolled charging. Due to the
higher PV potential in summer, a higher production surplus is produced in the worst-case week in summer
with a penetration of 40% EV, compared to a penetration of 100% EV. This surplus leads to an increase in
line utilisation, as shown in Figure 17b. The duration of the overload is increased by about one hour at a
penetration of 40% EV by controlled charging, while controlled charging has no effect on the duration of the
overload at a penetration of 100%.

(a) 

(b) 

Figure 17. Sorted duration curve of the utilisation of line 1 at a fixed penetration of 60% PV and 3.7 kW
charging power for the selected worst-case weeks (a) winter (b) summer.

Regardless of the charging strategy, the comparison of the line utilisation of a worst-case week in
winter with one in summer clearly shows the need to consider seasonal effects. A fixed penetration of
PV generates significantly more power in summer than in winter (Figure 16). The high penetrations
of EV, which are used to reduce line overloads (caused by PV potentials), can lead to increased grid
load in winter due to insufficient PV production. In order to avoid increased loads and to ensure
sufficient reserves in the grid, the seasonal effect should therefore always be taken into account. Instead
of completely expanding e-mobility in these cells, reducing the penetration of the PV potential, for
example, could be the better solution.
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Although the influence of controlled charging is small for the worst-case weeks presented here,
controlled charging is most effective for the use of PV production in summer. However, it is important
to find the optimal ratio between e-mobility and PV potential in order to make best use of the effect
of reducing line utilisation in summer. In winter, controlled charging can also lead to higher line
utilisation by shifting the charging processes into the peak of the PV, so the seasonal effect between PV
production in summer and winter should be considered more closely.

4.3. Energy Analyses

In the energy analysis depicted here, we show the interaction of the energy flows between the cells
and their significance for line overloads on the basis of the determined energy demand of e-mobility
and the potential of PV production. Furthermore, we present the results on the energetic synergy effects
between e-mobility and PV potential for different scenarios, which are based on the determination of the
key performance indicators explained in Section 3.3. The key performance indicators are determined
and analysed for each cell and the overall system regardless of grid parameters.

4.3.1. Interaction of Energy Surpluses between the Cells

The annual energy demand for each cell is determined on the basis of the synthetic charging
profiles for e-mobility. Figure 18a illustrates the annual energy demand spatially resolved for a
penetration of 100% EV. Depending on the cell, the annual energy demand is in the range of 20 MWh
(cell 26) to 12,500 MWh (cell 13). Figure 18b shows the determined annual energy production of the PV
potentials for a penetration of 100% spatially resolved. Depending on the cell, these vary between 290
MWh (cell 19) and 22,500 MWh (cell 13).

 
Figure 18. (a) Annual energy demand e-mobility and (b) annual PV potential at cell level for the city
of Leoben.

In addition to the highest PV potential and the highest demand for work-related e-mobility, cell
13 is a very industry intensive cell. Furthermore, two of the three lines connecting cell 13 with its
neighbour cells are among the most stressed lines (line 1 and line 3). The overloads of the lines 1 and
3 are mainly caused by the PV potentials. Moreover, lines 1 and 3 belong to a closed ring system
in which another most stressed line (line 2) is located. Figure 19 shows a schematic section of the
cell-based grid model shown in Figure 10 and the relevant load flows for the closed ring structure. The
directions of the load flows correspond to those at the time of the maximum utilisation of line 1 for a
penetration of 60% PV and 100% EV, a charging power of 3.7 kW and charging strategy 1. For this
time step, the directions of the load flows indicate that the unused PV potential of cell 12 covers the
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electricity demand of the cells 5, 6 and 14 (ratio PV to EV < 1, see Figure 20) and leads to a feed into the
30 kV level.

 
Figure 19. Schematic grid section - illustration of the direction of load flows for a penetration of 60%
PV and 100% EV, 3.7 kW charging power and charging strategy 1 for the time of maximum utilisation
of line 1.

 
Figure 20. Energetic ratio of the annual energy production of 60% PV potential to the annual energy
demand of 100% EV.

As already mentioned, the optimal ratio between e-mobility and PV potential is important to
avoid overloads. For this purpose, Figure 20 shows the energetic ratio of the annual energy production
of 60% of the PV potential to the annual energy demand for 100% e-mobility. The ratio varies between
0.42 (cell 1) and 11.45 (cell 26). While cell 13 has a ratio between e-mobility and PV potential of 1.07 for
these penetrations, the neighbour cell (cell 12) with a ratio of 8.43 has a significant production surplus.
This surplus is transported from cell 12 to cell 13 and from there via lines 1 and 3 to cells 5 and 10,
where this surplus leads to overloads. To reduce overloads caused by the PV potential that cannot be
avoided at a penetration of 100% EV, it is sometimes necessary to reduce the PV potential of these cells
from a penetration of 60% to 40%.

An optimal energetic ratio between e-mobility and PV potential is, however, not sufficient to
avoid overloads, since the annual energy demand of e-mobility does not allow conclusions to be drawn
about the load curve and thus about the power ratio of the individual time step. This means that with
an energetic optimum, there can be significant differences in the peak values between e-mobility and
PV potential on the one hand, and a time shift between the two peaks on the other. Cell 13, for example,
is characterised by shift operation and office workplaces. This characteristic results in a division of the
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energy demand into four load peaks. This means that the optimum balance between e-mobility and
PV potential must be analysed and determined in terms of both energy and power.

The self-consumption of the cells, for example from households, also has an important influence
on the cell balance and the load flows between the cells. For this reason, the self-consumption of the
cells is taken into account in our further energy analyses.

4.3.2. Charging Strategy 1 – Uncontrolled Charging

The calculation of the residual load enables the determination of the maximum power surpluses
and power demand. While the energetic ratio between 60% PV potential and 100% e-mobility is
1.07, Figure 21 shows that the power profile of the PV potential is significantly higher than the load
demand (e-mobility and consumption) of cell 13. Due to this high difference, the PV production profile
during the day can be seen from the residual load curve in Figure 21. The significant fluctuations
in the negative residual load are due to the use of real irradiation and temperature data during the
modelling of the PV potentials. The profiles therefore consider, for example, seasonal effects or shading
by clouds. Especially at night, there is a positive residual load and thus an increased power demand.
As shown in Figure 21a, depending on the weather, negative residual loads of up to 5 MW also occur
in the worst-case week in winter. The residual load for the represented worst-case week in summer
(identified in the grid study) indicates that June 5 is a cloudy and rainy day due to the predominantly
positive residual load also during the day (see Figure 21b). With increasing penetration of EV and a
fixed penetration of 60% PV, the power surplus of the PV potential decreases and the load demand at
night increases, regardless of the season.

(a) 

(b) 

Figure 21. Residual load of cell 13 for the selected worst-case weeks for a fixed penetration of 60% PV
and a variation of the penetration of EV for 3.7 kW charging power and charging strategy 1 as well as
for the reference scenario (without PV and EV) (a) winter (b) summer.

The sorted annual duration curve of the residual load of cell 13 in Figure 22 shows that in an
observation period of one year, about 2/3 of the year show a positive residual load. In the last third,
there is a rapid increase to a maximum power surplus of 11.8 MW at a penetration of 60% PV and no
e-mobility. The influence of increasing e-mobility at a fixed penetration of 60% PV can be seen clearly
from the annual duration curve. The curves are shifted in the direction of positive residual loads. In
the case of a fixed penetration of EV and increasing penetration of PV, the annual duration curves
behave in exactly the opposite way.
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Figure 22. Sorted duration curve of the residual load of cell 13 for a fixed penetration of 60% PV and a
variation of the penetration of EV for 3.7 kW charging power and charging strategy 1 and a simulation
period of one year (8760 h).

The key performance indicators DSG, DSS and SCR are determined for each day for the simulation
period of one year and are presented in Figure 23 for cell 13 at a fixed penetration of PV and increasing
penetration of EVs.

(a) 

(b) 

(c) 

Figure 23. Key performance indicator of cell 13 for the simulation period of one year and for a fixed
penetration of 60% PV and a variation of the penetration of EV for 3.7 kW charging power and charging
strategy 1 (a) DSG (b) DSS (c) SCR.

The DSG decreases with increasing penetration of EV at a fixed penetration of PV (Figure 23a) and
vice versa. Due to the high-power profile of the PV potential compared to the synthetic charging load
profile of cell 13, maximum DSG of up to four are possible (without EV). The DSS has its maximum
in summer with up to 0.65. This means that up to 65% of the locally produced PV Potential can be
consumed directly. The DSS behaves like the DSG, which means that the DSS decreases with increasing
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penetration of EV at a fixed penetration of PV (Figure 23b) and vice versa. The seasonal dependence is
less significant for SCR compared to DSG and DSS. In contrast to the DSG and DSS, the SCR increases
with increasing penetration of EV at a fixed penetration of PV (Figure 23c) and vice versa.

4.3.3. Charging Strategy 2 – Controlled Charging

To determine the influence of controlled charging on the key performance indicators, two scenarios
are compared, which differ only in the charging strategy. The basis for the results presented below is
based on scenarios, which assume a fixed penetration of 60% PV, an increasing penetration of EV and a
charging power of 3.7 kW. For the analysis, we take the cells 4, 5, 13 and 18 into account. Figure 24
shows the maximum and minimum relative deviation of selected cells that occur within the comparison
of DSG, DSS and SCR of the respective scenarios. The relative deviation varies between −0.16 and 0.31
and is calculated for the respective key performance indicators (KPI) as follows:

relative deviation =
KPIcharging strategy 2 −KPIcharging strategy 1

KPIcharging strategy 1
(5)

Figure 24. Maximum and minimum relative deviation of selected cells for a fixed penetration of 60%
PV and a variation of the penetration of EV for 3.7 kW charging power (a) DSG (b) DSS (c) SCR.

Since the focus of the presented case study is on the user group “charging at work” and these
charging processes take place mainly during the day, the daily energy demand of e-mobility remains
almost constant on weekdays. On weekends, the user group “trip home” is also selected, where, as
already mentioned, charging takes place mainly in the evening or at night. To avoid load peaks of the
e-mobility in the evening, in charging strategy 2 these charging processes are distributed over the night,
this can lead to shifts in energy demand from one day to the other. Among the other effects, this shift
leads to the relative deviations of the DSG as shown in Figure 24a. Since the DSS and SCR calculate the
directly consumed part of the locally produced energy on the basis of the total energy demand or the
total locally produced energy, the positive relative deviations shown in Figure 24b,c are based on the
time shift of the charging processes into the peak of the PV potential. The negative relative deviations,
which mean, that controlled charging has a negative effect compared to uncontrolled charging, can be
caused by both methods, shifting of the charging processes into the peak of the PV and sequencing the
charging processes overnight. For instance, through the distribution of charging processes overnight,
the evening peak of e-mobility is reduced. Since in summer there is often sufficient PV production
until the evening hours, this reduction of the evening peak can lead to a lower use of the PV potential
and therefore to a decrease of DSS and SCR. As shown in Figure 24 for different cells, the benefit
of controlled charging (charging strategy 2) depends on the one hand on the user behaviour of the
sector-specific jobs within the cells and on the other hand from the balance between energy demand
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and the PV potential. This means that the more charging processes take place in the early morning
hours and can be shifted into the peak of the PV potential, the higher the DSS and SCR (positive
relative deviation) with sufficient PV potential. However, if the ratio of EV to PV is very high, as for
example in winter, the shifting of the charging processes has a minor influence on the DSS and SCR.
Therefore, in addition to considering the optimal ratio between e-mobility and PV potential, the actual
benefits of controlled charging should also be evaluated. However, applying controlled charging leads
to a minor positive effect.

5. Conclusions

This paper presents results from a case study for the city of Leoben (Austria), which investigates
the synergy effects between e-mobility charged only at work and photovoltaic potentials. The basis for
the determination of the grid-side synergy effects is a cell-based grid model. Taking into account the
spatial cell division of the grid model, load and production profiles, synthetic charging load profiles
for e-mobility and PV potential profiles are determined. For different scenarios (variation of the
penetration of EV and PV, charging power, charging strategy), load flow calculations are performed for
a simulation period of one year. The results of the load flow calculations are investigated regarding
grid-side synergy effects. Additionally, four key performance indicators (residual load, DSG, DSS and
SCR) are used to analyse energetic synergy effects between e-mobility and PV potentials.

By using the cellular approach to develop a grid model, there is always a compromise between
accuracy, resolution and calculation time. By aggregating the original power grid into energy nodes,
this grid model is not suitable for detailed planning, but provides an overview of the effects caused by
increasing e-mobility and PV potential. The possibility of carrying out simulations on the grid model
for one year means that annual trends, worst-case days and weeks as well as countermeasures can be
derived and analysed. As a result, these findings can be used as a basis for detailed studies on the
original power grid.

The analyses of the grid-side effects show that with increasing penetration of EV and PV as well
as increasing charging power, the grid utilisation and thus the number of line overloads increases.
Although line overloads cannot be avoided completely, the maximum line utilisation and the duration
of the overloads can be reduced by the correct ratio between e-mobility and PV potential. By using
controlled charging (charging strategy 2), the charging processes are shifted to the peak of the PV
potential, therefore the power requirement of e-mobility can increase. On the one hand, this increase
relieves the grid because it reduces the excess power of the PV potential and on the other hand, it
leads to an increased grid load if there is not sufficient PV production available. The comparison of a
worst-case week in winter with one in summer shows the need to consider seasonal effects during
grid-side and energy analysis. For example, with fixed penetration of PV and increasing penetration
of EV, production surpluses are reduced in summer, while increasing e-mobility in winter leads to
an increase in line utilisation due to insufficient PV potential. However, if the PV potential is much
higher than the demand for e-mobility, controlled charging has little impact on the reduction of line
utilisation and thus on overloads caused by PV potentials. Furthermore, the four key performance
indicators of the energy analysis demonstrate the importance of modelling PV potentials using real
irradiation and temperature data. Besides the residual load, which indicates the fluctuating power
surplus caused by the PV potential, DSG, DSS and SCR vary significantly between two consecutive
days. The investigation of the residual loads of different scenarios shows that high negative residual
loads, which lead to overloads mainly in summer, are reduced by an increasing penetration of EV while
the penetration of PV remains the same. However, since the overloads cannot be avoided completely,
further possibilities to reduce these high negative residual loads, like a reduction of the PV potential or
the use of controlled charging need to be considered. A reduction of the PV potential as well as the
increasing e-mobility lead to increasing positive residual loads, especially in winter on PV production
weak days. The use of controlled charging can reduce both, negative and positive residual loads.
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While negative residual loads are reduced by shifting the charging processes into the peak of the PV
potential, positive residual loads are reduced by sequencing the charging processes.

The analysis of grid and energy-side effects has shown the importance of balancing e-mobility
and PV potential. The same penetration of EV and PV over all cells for the scenarios considered leads
to large differences in the ratios between the energy demand of e-mobility and the PV potential of the
individual cells. With penetrations of 60% PV and 100% EV, these ratios are in the range of 0.42 (cell 1)
to 11.45 (cell 26) based on the annual energy production of the PV Potential and the annual energy
demand of e-mobility. Due to this uneven distribution, for example, a penetration of 100% EV can lead
to a line overload, whereas this penetration would be necessary to reduce a power surplus of the PV
potential in another cell.

In summary, the key findings of the grid-side and energetic synergy effects between e-mobility
charged only at work and PV potentials for the presented case study are as follows:

• To avoid line overloads, spatial planning is important in addition to the optimal energy and power
ratio between e-mobility and PV potential.

• The optimal ratio between e-mobility and PV potential is limited by the seasonal component. This
means, for example, while increasing e-mobility in summer counteracts negative effects of the PV
potential, it leads to higher line utilisations in winter.

• Controlled charging for charging at work has only a minor positive effect on line overloads and
key performance indicators.

Although this study shows first trends for the synergies between e-mobility charged only at work
and PV potentials, it is also subject to some limitations. Besides the limitations already mentioned,
the lack of the possibility of detailed planning and constant penetration across all cells, the data basis
is a dominating factor. The real irradiation and temperature data [14] and database for the electric
power grid including consumption and generation data are from 2014. In addition, the traffic analyses
and statistical data [23–25] used refer to today’s mobility behaviour and thus mainly to vehicles with
combustion engines. New technologies open up new possibilities, which influence mobility behaviour
and therefore change it. To model the synthetic charging load profiles, the vehicles registered in
Germany up to 2018 [27] (battery capacity, average energy consumption and charging efficiency) are
used. Furthermore, the focus of the presented case study is on a grid-side and energetic consideration,
this means that no ecological and economic factors are taken into account. In the area of controlled
charging, the trends of line overloads identified in this case study and the associated necessary grid
expansion should be analysed in combination with economic and ecological strategies for controlled
charging. Furthermore, the use of storage systems at strategic grid points to avoid overloads should
be investigated in further studies. Due to the limiting factor of a constant penetration across all
cells, following studies should analyse and determine the optimal ratio between e-mobility and PV
potentials at cell level to define the scenarios. Based on this optimum per cell, the impact on the power
grid should be analysed to verify the hypothesis that overloads can be avoided. The possibility of
increasing the determined optimal penetration rate of EV or PV by controlled charging or by the use of
storages should also be investigated.
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Appendix A

The following direct statistical data and derived variables in relation to the residence or trip
purposes were summarised in grid points or stored as a calculation result:

• A trip home

� number of residents

� number of residents arrivals and departures
� number of simultaneous residents vehicles
� average duration of stay
� average distance travelled

� number of visitors

� number of visitors arrivals and departures
� number of simultaneous visitor vehicles
� average duration of stay
� average distance travelled

� number of delivery trips

� number of delivery trips

• A trip to work with private or official car

� number of employees

� number of employee arrivals and departures
� number of simultaneous employee vehicles
� average duration of stay
� average distance travelled

� number of delivery trips

� number of delivery trips

� employers

� sector/industry

� number of business trips

� number of company vehicles
� number of company vehicle arrivals and departures
� number of simultaneous company vehicles
� average duration of stay for company vehicles
� average ride-distance company vehicles

• A trip for shopping

� Sales area per sector
� number of employees

� number of employee arrivals and departures
� number of simultaneous employee vehicles
� average duration of stay
� average distance travelled
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� number of customers and visitors

� number of customers and visitor vehicles arrivals and departures
� number of simultaneous customers and visitors vehicles
� average duration of stay
� average distance travelled

� number of delivery trips

� number of delivery trips

• A trip for execution (e.g., doctor’s visit)

� number of employees

� number of employee arrivals and departures
� number of simultaneous employee vehicles
� average duration of stay
� average distance travelled

� number of customers and visitors

� number of customers and visitor vehicles arrivals and departures
� number of simultaneous customers and visitors vehicles
� average duration of stay
� average distance travelled

� number of delivery trips

� number of delivery trips

• A trip to leisure activities

� size (area)
� number of employees

� number of employee arrivals and departures
� number of simultaneous employee vehicles
� average duration of stay
� average distance travelled

� number of visitors per day

� number of customers and visitor vehicles arrivals and departures
� number of simultaneous customers and visitors vehicles
� average duration of stay
� average distance travelled

� number of delivery trips

� number of delivery trips

• A trip to education

� number of employees

� number of employee arrivals and departures
� number of simultaneous employee vehicles
� average duration of stay
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� average distance travelled

� number of pupils/students

� number of employee arrivals and departures
� number of simultaneous employee vehicles
� average duration of stay
� average distance travelled

� number of delivery trips

� number of delivery trips

Appendix B

Table A1. Overview of all simulated scenarios during the presented case study.

Penetration
(%)

CP
(kW)

CS
Penetration

(%)
CP

(kW)
CS

Penetration
(%)

CP
(kW)

CS
Penetration

(%)
CP

(kW)
CS

PV EV PV EV PV EV PV EV

0 0* 0 0
0 20 3.7 1 0 20 11 1 0 20 3.7 2 0 20 11 2
0 40 3.7 1 0 40 11 1 0 40 3.7 2 0 40 11 2
0 60 3.7 1 0 60 11 1 0 60 3.7 2 0 60 11 2
0 80 3.7 1 0 80 11 1 0 80 3.7 2 0 80 11 2
0 100 3.7 1 0 100 11 1 0 100 3.7 2 0 100 11 2
20 0* 0 0
20 20 3.7 1 20 20 11 1 20 20 3.7 2 20 20 11 2

20 40 3.7 1 20 40 11 1 20 40 3.7 2 20 40 11 2
20 60 3.7 1 20 60 11 1 20 60 3.7 2 20 60 11 2
20 80 3.7 1 20 80 11 1 20 80 3.7 2 20 80 11 2
20 100 3.7 1 20 100 11 1 20 100 3.7 2 20 100 11 2
40 0 3.7 1 40 0 11 1 40 0 3.7 2 40 0 11 2
40 20 3.7 1 40 20 11 1 40 20 3.7 2 40 20 11 2
40 40 3.7 1 40 40 11 1 40 40 3.7 2 40 40 11 2
40 60 3.7 1 40 60 11 1 40 60 3.7 2 40 60 11 2
40 80 3.7 1 40 80 11 1 40 80 3.7 2 40 80 11 2
40 100 3.7 1 40 100 11 1 40 100 3.7 2 40 100 11 2
60 0* 0 0
60 20 3.7 1 60 20 11 1 60 20 3.7 2 60 20 11 2
60 40 3.7 1 60 40 11 1 60 40 3.7 2 60 40 11 2
60 60 3.7 1 60 60 11 1 60 60 3.7 2 60 60 11 2
60 80 3.7 1 60 80 11 1 60 80 3.7 2 60 80 11 2
60 100 3.7 1 60 100 11 1 60 100 3.7 2 60 100 11 2
80 0 0 0
80 20 3.7 1 80 20 11 1 80 20 3.7 2 80 20 11 2
80 40 3.7 1 80 40 11 1 80 40 3.7 2 80 40 11 2
80 60 3.7 1 80 60 11 1 80 60 3.7 2 80 60 11 2
80 80 3.7 1 80 80 11 1 80 80 3.7 2 80 80 11 2
80 100 3.7 1 80 100 11 1 80 100 3.7 2 80 100 11 2

100 0* 0 0
100 20 3.7 1 100 20 11 1 100 20 3.7 2 100 20 11 2
100 40 3.7 1 100 40 11 1 100 40 3.7 2 100 40 11 2
100 60 3.7 1 100 60 11 1 100 60 3.7 2 100 60 11 2
100 80 3.7 1 100 80 11 1 100 80 3.7 2 100 80 11 2
100 100 3.7 1 100 100 11 1 100 100 3.7 2 100 100 11 2

CP . . . charging power/CS . . . charging strategy; 0* . . . Since a penetration of 0% EV only takes into account the
demand for e-mobility that is already present in the status quo of the power grid, no charging power and charging
strategy is assigned to these scenarios. Therefore, the simulation of scenarios with a penetration of 0% EV for
different charging power and charging strategy is not necessary.

More than 30 different EV models are registered in Germany [27]. However, since 15 vehicle types
account for 96% of all registered vehicles, the other vehicle models are not included due to their small
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share. In Table A2 an overview of the considered 15 different EV models is given, including the battery
capacity and the average energy consumption from the ADAC eco-test [28].

Table A2. Overview of the 15 different considered EV types.

Brand of Car Model Battery Capacity [28] (kWh)
Average Energy Consumption [28]

(kWh/100 km)

Audi E-tron 95.0 23.7
BMW i3 27.2 18.4

Hyundai Ioniq Elektro 28.0 14.7
Hyundai Kona 64.0 19.5
Nissan e-NV 200 40.0 28.1
Nissan Leaf 40.0 22.1
Renault Zoe 41.0 20.3

VW e-Golf 34.9 17.3
VW e-up! 18.7 17.7

Jaguar I-PACE 90.0 27.6
Kia Soul EV 27.0 19.1

Smart fortwo 17.6 18.3
Smart forfour 17.6 18.3
Tesla Model S 90.0 24.0
Tesla Model 3 75.0 20.9
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Abstract: Recently, electric vehicles (EVs) have become an increasingly important topic in the field of
sustainable transportation research, alongside distributed generation, reactive power compensation,
charging optimization, and control. The process of loading on existing power system infrastructures
with increasing demand requires appropriate impact indices to be analyzed. This paper studies the
impact of integrating electric vehicle charging stations (EVCSs) into a residential distribution network.
An actual case study is modeled to acquire nodal voltages and feeder currents. The model obtains
the optimal integration of solar photovoltaic (PV) panels with charging stations while considering
reactive power compensation. The impact of EV integration for the case study results in two peaks,
which show a 6.4% and 17% increase. Varying the inverter to the PV ratio from 1.1 to 2 decreases
system losses by 34% to 41%. The type of charging is dependent on the maximum penetration of
EVCSs that the network can install without system upgrades. Increasing the number of EVCSs can
cause an increase in power system losses, which is dependent on the network architecture. Installing
PV reduces the load peak by 21%, and the installation of PV with consideration of reactive power
control increases system efficiency and power delivery.

Keywords: electric power systems; transportation; efficiency; sustainability; PV; inverter

1. Introduction

Under the Paris Agreement signed in 2016, nine countries pledged to cut the world’s emissions by
2030. Transportation is the second-highest contribution to worldwide emissions, and it is expected to
increase 60% by 2050 in the absence of mitigation measures [1]. To meet emission reduction goals, it is
essential to expedite the adaptation of electric vehicles (EVs), which are currently being promoted to
replace conventional vehicles, thus taking the EV market to a new level [2]. The success of this transition
depends on the ability to provide adequate EV charging stations, which, in turn, must provide adequate
power for the charging demands of EVs’ batteries. It is anticipated that the increasing rate of EVs will
lead to a high electricity demand burden on the power grid.

1.1. Impact of EV Charging on Power Distribution Systems

The overall impact of EVs on the power distribution system was reviewed by [3]. This impact
varies according to EV penetration, EV battery characteristics, charging demand, load characteristics,
driving behavior, driving distance, demand response strategy, and electricity tariffs. The main identified
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problems were the increase in peak demand, power quality problems, power loss, transformer heating,
and system overloading.

Connecting EV charging stations to the grid can negatively affect the power quality and efficiency
of the network by introducing losses and voltage violations [4]. The optimal location and size of
charging stations and renewable energy sources help to reduce this negative effect. The charging
process has a direct effect on distribution system voltage levels; therefore, EV impact assessments are
conducted for worst-case scenarios while modeling for EV electrical loads. Authors of [5,6] developed
a model for EV load in MATLAB SIMULINK, which represented the behavior of the battery charge
and discharge loading characteristics, and concluded that integrating EV fast-charging reduces the
steady-state voltage stability limit of the power system.

The battery charge demand of an EV defines the impact on the power system. For instance,
uncontrolled charging will cause the charging demand to require an upgrade to the power system,
while controlled charging takes into account the distribution network’s constraints and does not require
further upgrades to the network [7]. In other words, uncontrolled charging requires adding new
equipment like transformers, cables, and protection devices to the existing distribution system in order
to successfully host and deal with EV charging. Modeling the EV load can be done through a car trip
destination based on the household and the person present, such as the Markov chain [8]. A probabilistic
approach using the probability density function in modeling EV, grid loads, and PV outputs was
reported by [9]. A stochastic modeling-implemented approach in the load flow based on the Monte
Carlo method was discussed in [10]. The load demand of the EV fleet in [11] considers socio-economic,
technical, and spatial factors. Deterministic EV load estimation based on actual measurements requires
traffic data and surveys. The study in [12] suggested considering the degradation of EV batteries when
sizing for renewable energy sources’ integration for EVCSs to avoid high-capacity sizing.

1.2. PV Implementation with EVCSs

Improving the distribution voltage levels affected by EV charging demand was suggested in [10]
by combining PV systems with EV chargers, which proved effective in reducing system losses and in
improving load profile and voltage levels. The modeled EV was modeled as a constant load, which was
preliminary and did not reflect the actual load characteristics as proven in [6]. The authors of these
papers did not incorporate the reactive power involved in EV chargers reported in [13].

To reduce the demand for EV charging of the electric grid, wind-powered EVCSs were suggested
by [14]. A PV-based charging station with historical PV prediction was implemented in [15], which showed
optimal performance. The author of [16] considered renewable energy technologies, including a diesel
generator, concluded that a charging station with PV can benefit most when grid-connected.

Renewable energy sources, such as PV systems, have energy benefits regarding the grid, but may
cause disturbances if not analyzed closely [17]. The increased penetration of distributed generation can
lead to power system violations or problems such as voltage violations, line capacity or transformer
overloading, and extreme line losses [18]. It is suggested in [15] that the most accurate hosting capacity
limit for distributed generators (DGs) must be based on assessments of historical limits, performance
limits, perception, and enhancement techniques. In other words, uncontrolled charging requires
adding new equipment like transformers, cables, and protection devices so the existing distribution
system can successfully host and deal with the EV charging.

1.3. Inverter Reactive Power

Modern inverters have the capability of providing reactive power support to improve voltage
profiles and to minimize power losses, and therefore were investigated for the application of EV
charging in [19]. According to the IEEE global community published standard for Interconnection and
Interoperability of Distributed Energy Resources with Associated Electric Power Systems, namely IEEE
1574, there is no requirement for power factors [20]. On the other hand, in the international standard
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IEC 61727, the average lagging power factor of PV inverters is stated to be 0.9 when PV generation is
90% [21].

The charger also has the capability of allowing reactive power flow to the grid by utilizing the
DC-link capacitor. Several authors have addressed this topic using the bi-directional EV battery charger
enabled with the vehicle-to-grid (V2G) concept [22].

A control scheme in [23] implemented PV inverter reactive power compensation to improve
network power quality, to reduce losses and overvoltage, and to increase renewable generation capacity.
A method in [24] proposed an improved control response for grid inverter reactive power compensation,
which controls the power flow between distributed generation and utility. An experimental study
in [25] utilized the PV smart inverter as a Volt-Ampere reactive (VAr) controller to regulate the
distribution voltage without the installation of additional devices.

1.4. Paper Contribution and Organization

Generally, the literature defines the impact of EV stations’ integration into the grid; however,
most of the above-mentioned impact studies were performed at a unity power factor. Nowadays,
grid-tie inverters can regulate their power factor by shifting their output voltage phase angle to
supply or draw reactive power [19]. Another concern is that the increased demand for renewable
energy sources (RESs) may have a negative effect on the distribution network [17], and enhancement
techniques such as reactive power compensation will be considered alongside other factors while
sizing for RES capacity [26]. According to a survey of the literature, most of the research concentrates
predominantly on the impact of EV alone on power quality or with renewable energy sources, with less
focus on the combined managed impact of EV with PV systems on the grid with reactive power control
at non-unity operation.

This paper proposes analyzing the impact of EV integration on the distribution network by
considering PV generation with reactive power compensation. This study suggests sizing the
PV holding capacity based on enhancement techniques, such as system power loss minimizing.
This capacity is based on considering the inverter size compared to the PV size, which is referred to as
the inverter-to-PV ratio throughout this paper.

The summary of the proposed work is as follows: The maximum EV penetration for the distribution
network is obtained for different scenarios. Subsequently, the optimal integration of solar PV with
charging stations is obtained based on reactive power consideration and the inverter-to-PV ratio
(power factor). The impact of the EV penetration level on the distribution system’s constraints is
analyzed. The effect of reactive power generation on the grid on the impact study is considered.
A forward/backward load flow model is used based on daily load profiles. Finally, modeling and
simulation of a real-life residential area case study in Kuwait (Ahmadi) is carried out to obtain
actual results.

The paper is structured as follows: In Section 2, the proposed approach for assessing the electric
vehicle’s impact is explained; this section defines how to obtain EV charging demand, the PV capacity
with its effect on the EV charging station, and the reactive power consideration from the PV inverter.
Section 3 presents the models for the distribution network, the system load model, and the load flow
problem. In Section 4, the case study explains the location of the test area, and the assumptions,
considerations, and load profiles are defined. The results are presented and discussed in Section 5;
this section considers the EVCS demand for an IEEE 33 bus, the EVCS demand of the Ahmadi residential
area, the effect of PV inverter penetration on line losses with reactive power control, the effect of
PV inverter power factors on PV optimum size, and a daily assessment of the power system for the
Ahmadi distribution network with PV generation and EVCSs. The paper ends with a final summary of
the findings and the conclusion in Section 6.
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2. Proposed Approach for Assessing EV Impact

In this paper, different scenarios are considered to analyze the impact on the demands of EVCSs
on the electric grid. The proposed approach considers EVCS to be the main load connected to the
power system, rather than considering individual EVs as loads. Load flows are run to study the
performance of distribution networks to assess certain performance and impact indices, such as nodal
voltage variation and feeder overloading [26]. An approach for optimal PV integration is based on
obtaining the optimal inverter size for power loss minimizing, considering the reactive power control
capacity of the PV inverter. This method is based on the enhancement technique sizing of renewable
sources in [15]. Finally, the effectiveness of this approach is assessed by analyzing the EVCS impact
study combined with PV and reactive power control.

2.1. EV Charging Demand

The installation of EVCSs requires power system adequacy assessments. The concept of extra
effective available energy determines the number of EV loads that can be connected to the system
without infrastructure expansion [27]. The same concept was applied in this study to obtain the EVCSs’
maximum demand. The capacity of the chargers was obtained by load flow simulation, as explained
in Figure 1a.

 
(a) (b) 

Figure 1. Flow chart for (a) electric vehicle charging stations (EVCSs)’ maximum demand. (b) Maximum
PV penetration. PV, photovoltaic; PF, power factor.

The load flow iteration obtains the maximum demand of EVCSs that can be added to the existing
distribution system. The power system’s physical boundaries impose constraints on the voltage
magnitudes (Vmin = 0.95 p.u., Vmax = 1.05 p.u.) and phase angles (δmin = −30o and δmax = +30o) for
all bus voltages in the power network.
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Vmin ≤ Vi ≤ Vmax (1)

δmin ≤ δi ≤ δmax (2)

The currents in the power lines must not exceed the rated value (1 p.u.), as in Equation (3).

Iline ≤ IRated (3)

To obtain the maximum demand for EVCSs, the power system is studied for worst-case scenarios
when the loading is during peak hours. The actual maximum load demand for the case study was
considered in the load flow.

2.2. PV Power with EVCSs

Overloading the power system with EVCSs impacts power system voltage profiles, line currents,
and total losses, according to the system topology and physical characteristics. Through the paper;
PT and QT refer to the power system’s total loading, while PT,i and QT,i refer to the power loading of a
specific bus. Adding PV-distributed generation (PVDG) with EVCSs affects the overall loading of the
power system. The main objectives of adding PVDG are:

• Line loss minimization
• Voltage profile improvement
• Increased power reliability
• Peak shaving
• Operation cost reduction

The total system power is therefore sum of the load (PL and QL), EV load (PEVCS and QEVCS),
line losses (PLoss and QLoss), and PV inverter output power (−Pinv and ± Qinv). Therefore, the total
active and reactive powers can be calculated as follows:

PT = PL + PEVCS + PLoss − Pinv (4)

QT = QL ±QEVCS + QLoss ±Qinv (5)

where, the negative sign at the inverter active power represents the direction of generated power (−)
towards the grid. Also, the reactive power output of the inverter can either generate (−) or absorb (+)
reactive power to or from the grid.

The maximum PV penetration is the capacity of the PV plant that can be added to the existing
distribution network without the need for upgrading the infrastructure. The values of the maximum PV
penetration are obtained by the optimum load flow, and the optimum solution is based on minimizing
the line losses of the system without violating the physical constraints. The locations of the PV panels
are predefined according to the available space.

2.3. Maximum PV Power Penetration

The PVDG connected to the distribution network acts as a negative load, as given in Equation (4).
Increasing PV generation reduces line currents until the power flow is reversed. As the PV continues
to increase, line currents start to increase, contributing to power system line losses, as calculated by (6):

Plineloss = I2
lineRLine (6)

The maximum active power the inverter can deliver from the PV plant at unity power factor is
limited by the inverter’s size and efficiency. Otherwise, non-unity power factor operation allows the
inverter the operation of reactive power injection or consumption.
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This paper suggests obtaining the maximum PV penetration from the maximum apparent power
of the inverter (Sinv) at the worst-case (lowest) power factor operation using Equations (7)–(9).

Qinv = Sinv sin(θ) (7)

Pinv =
√

S2
inv −Q2

inv (8)

PPV =
Pinv
ηinv

+ PDC
Loss + PPV

Loss (9)

where Qinv is the reactive power injected bythe EV charging inverter; Pinv is the active power injected
by the inverter; θ is the angle between them; Sinv is the complex (active and reactive) power injected by
the EV charging inverter; PF is the inverter power factor; ηinv is the inverter efficiency; PPV is the PV
power; PDC

Loss refers to the losses in the DC side (before inverter); and PPV
Loss refers to the power losses in

the PV.
DC system losses are taken into consideration when designing PV size, the calculation for which

is as shown in Equation (9). Finally, the inverter-to-PV ratio is obtained according to this approach.
The inverter size compared to the PV size is referred to as the inverter-to-PV ratio throughout this paper.

2.4. PV Inverter Reactive Power

The available reactive power at the inverters of EVCSs and PV can be utilized for reactive power
compensation in order to improve power loss reduction and voltage profile. Line losses are a function
of line current, as in Equation (6). Reducing line losses can be achieved by the PV inverter’s active and
reactive power generation

Before adding the PV to the power system, the line current can be calculated as follow:

Iline =
RlinePL + XlineQL

V|Zline| (10)

After adding PV to the distribution system, the line current can be calculated by Equation (11)
as follow:

Inew
line =

Rline(PL − PPV) + Xline(QL + QPV)

V|Zline| (11)

where V is the voltage between the two buses, and Iline is the cable line in between. The available
reactive power at the inverter is calculated by:

Qinv =
√

S2
inv − P2

inv (12)

where Pinv can be the PV power at the PV inverter or the power consumed by the EV, which is
considered an instantaneous value. Therefore, reactive power compensation application for voltage
profile improvement can be realized when the EVCS is not receiving power [22].

3. System Modeling

3.1. The Distribution Network

Two distribution systems were studied. The first network is the IEEE 33 radial bus system, and the
second network is an actual urban case study. Both systems are radial low-voltage (LV) systems,
modeled in MATLAB code by defining busloads and line impedances. EVCSs were added to the
connected loads at defined buses. PV solar power generation was considered for optimal integration
at defined locations. The studies were repeated for multiple scenarios.
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3.2. System Load Model

The different types of load models have a direct impact on distributed system planning [28].
The type of load models that are voltage-dependent, as defined in [29], are residential, commercial,
and industrial loads. Voltage-dependent loads are calculated using Equations (13) and (14) and the
values in Table 1.

P = P0Vα (13)

Q = Q0Vβ (14)

where α is an active power exponent, β is the reactive power exponent, V is the bus voltage in per unit
(p.u.), Po is the active power at rated voltage, and Qo is the reactive power at rated voltage.

Table 1. Exponent values for residential loads.

Parameter α β

Summer day 0.72 2.96
Summer night 0.92 4.04

3.3. The Load Flow Problem

The basic tool for electrical system analysis is the load flow, which was used to determine the
performance of the system. The load flow involves finding the node voltages, line currents, and system
losses that are necessary for optimizing network planning, the process of which involves repeating the
load flow for multiple iterations. In the application of optimization, the efficiency of the load flow
technique was considered.

The classification and comparison of load flow techniques were addressed by [30]. The popular
backward-forward sweep (BFS) approach was used to determine the performance indices in the
proposed study [31].

A distribution line illustrated in Figure 2 shows the effective active power Pi and reactive power
Qi flowing in branch j through line resistance rj and reactance xj from node i to node i + 1.

Figure 2. Series impedance line and bus model.

The active and reactive powers can be calculated by Equations (15) and (16):

Pi = PT,i+1 + rj

(P2
T,i+1 + Q2

T,i+1)

V2
i+1

(15)

Qi = QT,i+1 + xj

(P2
T,i+1 + Q2

T,i+1)

V2
i+1

(16)
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where PT,i+1 and QT,i+1 are the total active and reactive power at node i + 1, as formulated in Equations
(17) and (18) without including both the EVCS and PV.

PT,i+1 = Pi+1 + PL
i+1 (17)

QT,i+1 = Qi+1 + QL
i+1 (18)

Considering both EVCS and PV implementation in the system, the total power equations are
modified into Equations (19) and (20).

PT,i+1 = Pi+1 + PL
i+1 + PEVCS

i+1 − PPV
i+1 (19)

QT,i+1 = Qi+1 + QL
i+1 ±QEVCS

i+1 ±QPV
i+1 (20)

The magnitudes and phase angles of the voltages at each bus are calculated using Equations (21)
and (22).

Vi+1 =

√√⎡⎢⎢⎢⎢⎣V2
i − 2

(
Pirj + Qixj

)
+
(
r2

j + x2
j

)P2
i + Q2

i

V2
i

⎤⎥⎥⎥⎥⎦ (21)

δi+1 = δi − tan−1

⎛⎜⎜⎜⎜⎜⎜⎝ Qirj − Pixj

V2
i −
(
Pirj + Qixj

) ⎞⎟⎟⎟⎟⎟⎟⎠ (22)

The total load Si on the main bus i is calculated using the bus voltage Vi and the outgoing feeder
currents Ii by:

Si=ViI∗j (23)

4. Case Study

4.1. The Test Area Description

To study the proposed assessment approach, a distribution network in an urban area located in
Ahmadi, Kuwait, was considered. This section describes this base case study for the power system
analysis. Kuwait has an area of 17,818 km2 with borders of about 195 km located along the Arabian
Gulf (Figure 3).

Figure 3. Illustration of Kuwait and Ahmadi city.
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Ahmadi city is located 42 km south of Kuwait City and covers an area of 60 km2. This is a
residential area for Kuwait Oil Company employees. The company provides housing, along with
facilities and vehicles, and the residents of this area have a higher than average income. Therefore,
the possibility of their owning EVs in the future may be higher than others in the country, which may
be provided by the company or purchased using their own income. Therefore, analyzing the impact of
EVs on this area is essential to promoting the first transition to EVs in Kuwait in the near future.

4.2. Assumptions and Considerations

The Ahmadi low-voltage (LV) residential network delivers power to domestic customers and
operates on a medium-voltage to low-voltage (MV/LV) transformer, which supplies 40 houses with
five outgoing pillars or feeders (Figure 4). The main transformer of the substation is loaded at 80% of
its rated capacity.

Figure 4. Ahmadi residential network-typical.

All networks are assumed to be three-phase with balanced loads. Residential customers were
modeled individually as lumped loads according to the main feeder maximum demand with an
average power factor of 0.85.

Both the loading and the characteristic data of the network’s buses and lines were considered
in this study. The cables feeding the customers were modeled according to their characteristics,
sizes, and lengths. As shown in Table 2, the maximum current demand was measured during peak
hours in Kuwait at 14:00 on 6 June.

Table 2. Max current demand (6 June 2018 at 14:00).

Bus Max Demand (A) No. Customers

2 210 11
3 210 10
4 240 7
5 195 7
6 105 5

The total number of EVCSs was chosen according to the required placement locations in the
distribution network (see Figure 4 and Table 3).
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Table 3. Scenarios for the EV and PV locations for each case study.

Case Study
EVCS

Terminology
Number of Buses/Locations

IEEE 33 Bus 33, 16, 8, 4 33 EVCS, 16 EVCS, 8 EVCS, 4 EVCS
Ahmadi Residential Network All residence 100%, 50%, 25% 40 EVCS, 20 EVCS, 10 EVCS

It was assumed that only one EVCS is placed at each defined location/bus. The maximum capacity
for the EVCS to be added to the network without violating the grid constraints was first obtained for
every case study. Then, the optimal location of the PV was obtained for every EVCS location scenario.
This was repeated for different values of the power factor. The reactive power at the inverter was taken
into consideration for these scenarios by varying the PV inverter power factor (PF = 1, 0.9, and 0.8).

For the IEEE 33 bus system, the PV location was assumed to be at the EV charger bus. The impact
assessment of EV charging on the Ahmadi residential area as performed when the chargers were at
the residential buses as a case study. Another case was considered when charging was centralized at
upper buses. The cases for the PVDG locations are defined in Table 4

Table 4. Cases for PV locations.

Case Study PVDG Locations

K1 At EV charging locations (all buses)
K2 Centralized PV, main buses (2–6) for Ahmadi residential area

4.3. PV and Load Profiles

After considering the impact of EVCSs on the grid during maximum demand (peak hours), a daily
assessment of the power system was performed over a period of 24 h. during a summer peak day.
The power flow was run with daily EVs, loads, and PV profiles to obtain the total power system
load profile (see Table 5). The load profile was constructed from IEEE Reliability Test System (RTS)
system [32]; see Table 5.

Table 5. Daily variation % of peak load [32], EVCS hourly peak load in % daily peak load [27], and PV
hourly generation for a 5 kWp plant in Kuwait on 11 June PVSYST© [33].

Hour
Residential Loads Residential Charging PV Generation

% % kW

0−1 64 54.41 0
1−2 60 39.71 0
2−3 58 35.29 0
3−4 56 32.35 0
4−5 56 26.47 0
5−6 58 17.65 0
6−7 64 10.29 0.55
7−8 76 11.03 1.2
8−9 87 11.76 1.89
9−10 95 11.62 2.55

10−11 99 11.76 3.06
11−12 100 13.97 3.39
12−13 100 16.18 3.51
13−14 100 22.06 3.44
14−15 100 26.47 3.18
15−16 97 28.68 2.74
16−17 96 36.76 2.14
17−18 96 51.47 1.46
18−19 93 73.53 0
19−20 92 85.29 0
20−21 92 88.24 0
21−22 93 100 0
22−23 87 95.59 0
23−24 72 75 0
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The hourly variation of the peak demand is provided as a percentage for every hour. The EVCS
profile is based on the hourly peak loads as a percentage of daily peak loads. The individual house
peak demand on the residential Ahmadi network is considered to be 22 kW. This is based on the data
obtained from the site survey from the Kuwait Oil Company (KOC) housing team [34]. A rooftop
PV power generation of 5 kW is obtained from the PVSYST© results in Table 5 and confirmed by
capacity factors from the real-life PV rooftop projects installed in Kuwait [35]. The estimated PV
generation is based on satellite data obtained for site location coordinates N 28◦49′29.12′′ (Latitude:
28.97), E 47◦45′36.81′′ (Longitude: 47.62).The actual meteorological data of the location is taken from
satellite measures provided by SolarGIS [36]. The software used PVSyst© considers the location’s real
temperatures and insulation on an hourly bases [33]. The electrical components are based on a typical
PV rooftop system installed on the rooftop of a house in Kuwait City obtained from the contractor.
According to the collected weather data, the peak irradiance in Kuwait occurred on 11 June. The hourly
daily max demand load profile was constructed by PVSYST©; the selected PV panel type was Solar
Frontier SF 155-S [37], and the inverter was PVI-6000-OUTD [38].

5. Results and Discussion

This section discusses the impact of EVCS penetration with PVDG and reactive power
compensation on power system performance indices. The base case scenario is when there is
no EVCS connected to the network system.

5.1. EVCSs’ Demand for IEEE 33 Bus

The IEEE 33 bus distribution system was used to investigate the model under study. The power
system load flow results, represented as node voltages, line currents, and losses, were obtained for the
different demands of the EVCS connected to the system. The results were assessed by the performance
indices shown in Table 6. For all cases, the integration of the EVCS into the network system was limited
by the capacity of the incoming feeder of the main bus 1, as shown in Figure 5.

Table 6. Maximum EVCS penetration-demand obtained by load flow.

Case Scenario
EVCS Size Total Imax Vmax Total Line Losses

(kW) (kW) (p.u.) (p.u.) (kW)

IEEE 33 Bus Network

33 EVCS 14 462 0.997 0.913 244.1
16 EVCS 29 464 0.999 0.903 244.5
8 EVCS 58 464 0.999 0.905 243
4 EVCS 119 476 1 0.906 238.5

Figure 5. Current in the incomer buses of 33 bus systems.
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The limitation factor is defined by the incomer capacity, which should not exceed 1 p.u. Another
limiting parameter is the voltage profile, which was taken into consideration while obtaining the
EVCSs’ demand. The voltage profile at each bus was checked for all the scenarios, and also plotted
in Figure 6.

Figure 6. Voltage profile for 33 bus distribution systems.

For the base case, the minimum voltage of 0.913 p.u. occurs at bus 18. This result was benchmarked
and validated with the same bus voltage values published in [39,40]. The worst-case scenario was
obtained for the maximum overloading of EVCSs, for which a voltage drop violation occurred.

For the IEEE 33 bus system with 33 integrated EVCSs, the voltage drop is approximately 1%
compared only to the base case. In all cases, there is no voltage violation while integrating the maximum
EV charger demand.

Figure 7 compares the line losses in the incoming lines (incomers) to the buses for all studied
cases. It is observed that the incomers with most line losses are those for buses 2–6. It is also observed
that the fewer the line losses, the greater the EVCSs’ installed capacity.

Figure 7. Losses in the incoming lines of the buses in 33 bus systems.

The charging station’s maximum penetration for this IEEE 33 bus was obtained for the cases
without PV. According to the results in Table 6, the capacity of the charging station is related to the
number of total EVCSs distributed in the network.

For the case of four EVCSs in the network, the max capacity is 119 kW per charger station.
This results in a higher total charging capacity of 476 kW in the overall system and lower losses of
approximately 238 kW. Installing 33 EVCSs limits each charger to 14 kW. This case shows higher losses
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(244 kW) than the previous. The limitation factor in all cases is the incomer line capacity. For the
IEEE 33-bus system, installing fewer EVCSs is more efficient than having higher numbers in the
distribution network.

5.2. EVCSs’ Demand for the Ahmadi Residential Network

The maximum penetration of EVCSs at the Ahmadi Residential Network was obtained through
load flow simulation, and the results are listed in Table 7. According to Figure 8, the maximum demand
is limited by the maximum capacity of the incoming feeder to main bus 1.

Table 7. Maximum EVCS penetration—demand obtained by load flow.

Case Scenario
EVCS Size Total Imax Vmax Total Line Losses

(kW) (kW) (p.u.) (p.u.) (kW)

Ahmadi
Residential

Network

40 EVCS 4 160 0.997 0.949 7.262
20 EVCS 7 140 0.988 0.948 7.044
10 EVCS 15 150 0.999 0.948 7.541

Figure 8. Current in incomer buses of the Ahmadi distribution system.

Besides, the line currents are not uniformly drawn from the main bus because not all customers
have charging stations installed at their bus/house. The load profile is less affected by these variations
with the increase of customers with EV chargers integrated into the system.

Figure 9 shows the voltage profile at each bus. For the base case, the minimum voltage is found at
buses 25 and 31 with a value of 0.95 p.u., which is within the acceptable limits. Notably, the maximum
voltage drop for all cases under study is less than 1%.

Figure 9. Voltage profile for the Ahmadi distribution system.
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In the case when all houses are equipped with EV chargers, which is equivalent to 100% EVCS
integration, if the demand per charger is 4 kW, then the total charging demand is 160 kW. The analysis
of this case scenario also shows less power loss in the network system. Figure 10 shows that the feeders
of main buses 2–6 have the highest losses; these are the feeders of the main buses that feed multiple
houses in parallel. Furthermore, the sizes of these feeders are 240 mm2 and run for approximately
300–700 m. The maximum ampacity (amperage) of the incomer of each feeder pillar at these buses
is 400 A. The incomers to the rest of the buses are the residential buses, 185 mm2 in size, and run
for approximately 30–200 m. For all cases, the currents in these lines reach maximum cable capacity
because of the high charger loading current, in addition to the losses in the feeder line.

Figure 10. Losses in incomers of the buses in the Ahmadi distribution system.

The limitation of this design is that fast charging cannot be implemented under the circumstances
of only a 4 kW charging capacity. For the case with 10 EVCSs connected to the system (25% EVCS
penetration), the capacity per charger is 15 kW, and the total charring demand is 150 kW. This case
introduces higher line losses compared with the previous. As the number of EVCSs is reduced in this
network, the individual charger capacity becomes larger. Consequently, the overall charging demand
is decreased because of the increased line losses. Indeed, the line losses are directly affected by the
EVCSs’ loading demand, location, number, and power line characteristics.

The plot in Figure 11 shows the overall active and reactive powers on the main bus (Bus 1) for
different sizes of connected PV and EVCs. For the case of 100% EVCSs (40 EVCS) without integrating
any PV power, the bus active power is 1354 kW and reactive power is 691 kVAr (blue), which is the
transformer’s capacity 1.5 kVA.
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Figure 11. System load at main bus (Bus 1) at 100% EVCS penetration (PV = 20 kW).
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Notice that adding 20 kW PV power to the system reduces the total active load kW by 17.3% and
kVA load by 14.5% (green). The following section studies the effect of PV penetration and inverter
reactive power on power system line losses.

5.3. Effect of PV Inverter Penetration on Line Losses with Reactive Power Control

This paper proposes PV generation application with EV charging stations to minimize power
system losses. The effect of PV penetration levels on power system losses was obtained through
multiple iterations of the load flow simulation, with the objective to minimize power losses in the
feeder lines. The results are presented in Figure 12, which are the losses obtained by the load flow for
the Ahmadi network cases. The locations of the PV are mentioned in detail in Table 4.

  
(a) (b) 

Figure 12. Optimum PV size at minimum line loss for PV locations K1 and K2 for unity power factor:
(a) Optimum PV at K1 locations; (b) optimum PV at K2 locations.

Line losses start decreasing with the increasing size of PV generation, and then start increasing at
the point when PV generation exceeds the power at the bus and line losses. This is the point when
the current is reversed. Therefore, the point of minimum power loss is the suggested optimal point
of operation.

The maximum PV penetration for every case was obtained by the proposed load flow technique.
The results are shown in Tables 8 and 9. For the unity power factor, the PV rating was considered
the inverter’s apparent power for the case study. For the IEEE 33 bus system, the PV locations were
considered connected directly to the EVCS. PV generation introduces current to the network load,
which in turn reduces losses in the lines by around 60–70% (see Table 8). This is the case when the
PV inverter is operating at a unity power factor. As the PF decreases, the inverter compensates for
the system’s reactive power. Setting the inverter power factor to 0.9 or 0.8 reduces line losses by
approximately 90%. The maximum PV inverter penetrations for the Ahmadi distribution network
are shown in Table 9. The results in Table 9 refer to the cases when EVCSs are connected at different
capacities, and are as follows:

Table 8. Effect of PV penetration on losses for the IEEE 33 bus system.

PF 1 0.9 0.8

Size/EVCS PV Sinv PLoss
PLoss

Reduction
Sinv PLoss

PLoss
Reduction

Sinv PLoss
PLoss

Reduction
Case (kW) (kVA) (kW) (%) (kVA) (kW) (%) (kVA) (kW) (%)

4
EVCS 118 K1 * 243 68.29 72.1 276 138 43.5 276 17.91 92.6

8
EVCS 58 K1 243 68.29 72.1 276 138 43.5 276 17.91 92.6

16
EVCS 29 K1 243 68.29 72.1 276 138 43.5 276 17.91 92.6

33
EVCS 14 K1 117 69.43 71.5 134 18.07 92.5 134 19.2 92.1

* K1: PV location at EVCS.
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Table 9. Effect of PV penetration on losses for the Ahmadi residential network.

PF = 1 PF = 0.9 PF = 0.8

Size/EVCS PV Sinv PLoss
PLoss

Reduct.
Sinv PLoss

PLoss
Reduct.

Sinv PLoss
PLoss

Reduct.
Case (kW) (kVA) (kW) (%) (kVA) (kW) (%) (kVA) (kW) (%)

40
EVCS 4 K1 * 20 1.455 80.0 22 0.104 98.6 22 0.335 95.4

K2 ** 153 2.522 65.3 169 1.407 80.6 166 1.591 78.1

20
EVCS 7 K1 34 1.918 72.8 38 0.729 89.7 37 0.934 86.7

K2 148 2.46 65.1 166 1.347 80.9 165 1.513 78.5

10
EVCS 15 K1 54 2.519 66.6 59 1.545 79.5 58 1.817 75.9

K2 156 2.591 65.6 173 1.475 80.4 169 1.684 77.7

* K1: PV location at EVCS. ** K2: PV location at the upper bus (feeder pillar).

Case 1: For 40 EVCSs in the system, the maximum PV inverter capacity obtained is 20 kW at the
EVCS location and 153 kW if located at the main buses (2–6) for the unity power factor. The inverter
size is increased when the power factor is reduced in order to obtain the optimum active and reactive
power the system requires to minimize line losses. Therefore, at 0.9 power factor operation, the PV
inverter size is 22 kW at the EVCS buses and 169 kW at the main buses. At 0.8 power factor operation,
the change in the maximum size of the inverter is not significant.

Case 2: For 20 EVCSs in the system, the maximum PV inverter size obtained is 34 kW at the EVCS
location (higher than Case 1) and 148 kW if located at the main buses (lower than Case 1) for the unity
power factor. At 0.9 power factor operation, the PV inverter size is 38 kW at the EVCS buses and
166 kW at the main buses. At 0.8 power factor operation, the change in the maximum size is reduced.
The reactive power generated by the inverter exceeds the load reactive power consumed by the power
system load when the inverter operates at a power factor of 0.8.

Case 3: The maximum inverter size increases compared to Cases 1 and 2. The increase is more for
the cases when the PV is installed directly at the main buses.

It is observed that, for the three cases, the maximum PV penetration is higher when the PV
is installed at the EVCS buses when fewer EV chargers with higher capacity are connected to the
system. For the Ahmadi distribution system, the line loss reduction for unity, 0.9, and 0.8 power
factors is in the range of 60–80%, 80–90%, and 70–90%, respectively. Varying the inverter’s power
factor results in a noticeable decrease in the line losses of both networks under study. In the load flow
simulation, the value of apparent power was increased after each iteration, and the real and reactive
power was calculated and added to the network. Thus, the numerical results can be used to develop a
performance indicator that can be utilized for optimizing the inverter-to-PV ratio in the distribution
network, along with EVCS planning.

5.4. Effect of PV Inverter Power Factor on PV Optimum Size

As the inverter power factor is reduced from unity, the optimum PV size kVA is affected. According
to the results presented in Figures 13 and 14, it is observed that the maximum PV penetration into the
power system varies with the inverter power factor. For non-unity power factor operation, the optimum
size of PV is chosen according to the optimum inverter-to-PV ratio for each power factor. This section
did not consider the available area when calculating the maximum PV penetration. The inverter-to-PV
ratios considered were 1 for PF = 1, 1.11 for PF = 0.9, and 1.25 for PF = 0.8. As the power factor
decreases, the power system’s losses are lessened by reducing the reactive power load until the point
where power losses start to increase, as for the case when PF = 0.8. The optimum inverter-to-PV
ratio is 1.1 for this system. Changing the power factor setting of the inverter allows an increase in PV
installation. Varying the inverter-to-PV ratio can affect the maximum connection that the system can
allow. Therefore, the PV connection is more effective for systems with high line losses, as is the case
when the PV is installed at the main buses (case in Figure 14).
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Figure 13. Effect of PV inverter PF on PV optimum size—PV at EVCSs.

EV
C

S 
Pe

ne
tr

at
io

n 
[%

]

Figure 14. Effect of PV inverter PF on PV optimum size—PV at main buses.

According to the Ahmadi distribution, the rooftop area of the residence can allow an installation
of no more than 5 kW per house, which refers to the case study in the next section.

5.5. Daily Assessment of the Power System for the Ahmadi Distribution Network with EVCSs and PV

The daily load flow was obtained according to EVCSs’ demand, PV power generation, and PV
inverter reactive power. The case under study was conducted with the following (obtained from
previous results and assumptions):

• EVCS penetration 100% located at residential buses.
• EVCS capacity size 4 kW per house (see Table 9).
• PV plant at residential buses and capacity of 5 kW.
• The load on buses and EV demand from Table 5.
• PV generation from PVSYST© (see Table 5).

Figure 15 shows the load profile for the Ahmadi distribution network, which is the overall active
power drawn by the network at bus 1.

Case 1: The base case with zero EVCSs connected. The load profile shows an increasing peak
around noon. The daily load profile is generated by the network’s maximum demand [32]. This case
was studied according to the available data and the future development of the actual daily load demand
required. The peak demand is approximately 1 MW and occurs between 11:00 and 15:00.

Case 2: This case studies the network at 100% EVCS penetration with no PV power. The EVCSs’
demand is reflected in the overall power profile. The increase in the load occurs at night between 16:00
and 07:00, which refers to the time during the weekdays where people return to their homes after work.
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Figure 15. Daily load profile at bus 1.

The noon peak increases by approximately 3.4%, and the new peak at 15:00 is 1.15 MW, which
increases by 6.4%, with a higher peak at 22:00 of 1.27 MW (an increase of 17.4%). The load starts to
reduce exponentially, which reflects the final behavior of the charging process of the electric vehicles’
batteries. Adding an EVCS to the load demand affects daily power losses by an increase of 17%
(see Table 10).

Table 10. Inverter power factor effect on system line losses.

EV PV PV Inverter Power Factor System Losses (kWh/day) Change in Power Loss (%)

× × N/A 97.18 0√ × N/A 114.05 +17.36%√ √
1 76.81 −32.65%√ √

0.9 74.89 −34.33%√ √
0.8 72.46 −36.47%√ √
0.6 69.46 −39.10%√ √
0.5 67.03 −41.22%

Similar effect of EV charging on the load profile is found in the literature. The report in [41] shows
two types of load factors (LFs) that of the load profiles. The system peak (SP) load factor and the
non-coincident peak (NCP). The SP load factor is the ratio of the average EV demand to the EV peak
demand, obtained here as 1.08. The NCP is the ratio between the average EV demand to the EV NCP
demand, obtained here as 0.198.

Case 3: PV generation is the minimum where every house has an installation of only 4−5 kW,
which operates around 2–3 kW per house. The total maximum PV generation occurs at noon,
with approximately 130 kW, and load demand is reduced from 1.12 to 0.88 MW (a reduction of 21.4%).
The power losses reduce by approximately 41% with PV generation (at 12:00 pm), as shown in Figure 16.
At night, the PV inverter is used for reactive power compensation. The line losses are reduced by
16.6% during the night peak load (at 10 pm), and the daily power losses are reduced by 20% (see
Table 10). This case considers the inverter-to-PV ratio to be 1; the available reactive power at the PV
does not reach the installed capacity. Therefore, there is always available reactive power at the inverter
to compensate for the system losses.
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Figure 16. Daily losses.

Case 4: The non-unity power factor of the PV inverter is considered. The effect of reactive power
compensation is reflected in the line losses. PV generation is not affected by the power factor because
the inverter-to-PV ratio is 1.11 for this case (PF = 0.9). The daily power losses are reduced by 2.5%
compared with the case involving unity power factor operation.

Case 5: The inverter-to-PV ratio of this case is 1.25. The effect of having the inverter compensate
at PF = 0.8 causes a 5.67% reduction in daily line losses compared to the system at a unity power factor.

Furthermore, other cases were considered for PF = 0.6 and 0.5, with an inverter-to-PV ratio of 1.5
and 2, respectively, with further daily loss reductions of 7.26% and 12.73%, respectively.

6. Conclusions

In this study, the impact of EV charging demand was analyzed for two case study power
distribution networks with different characteristics. The power flow was validated by the standard
IEEE 33 network. Different load flow scenarios were introduced to analyze the performance indices.
Instead of varying the number of EVs, the number of EV charging stations was varied, and the
maximum charging load capacity was obtained using the load flow analysis technique.

This paper suggests operating EVCS with PV power generation and reactive power compensation.
The optimal PV size was considered by obtaining the optimum inverter-to-PV ratio for minimum
power loss. The inverter optimum size was obtained at 0.9 power factor for the Ahmadi network
without considering rooftop area limitations. The maximum PV size is not always the optimal solution
when PVs are located at the same EVCS buses. Other cases show that reactive power increases the PV
maximum penetration when the PV is located at the main feeder buses. The limitation factor refers to
both cable ampacity and line losses at PV locations.

It was observed that PV integration with EV charging stations can decrease 21% of the load profile
at noon in Kuwait. A high penetration of EV chargers among the houses in the Ahmadi case study
causes a 17% increase in power demand at night. The increase does not exceed the network power
system limitations for the worst-case scenario, which is the summer peak load. The capability for fast
charging at residential areas is limited to the physical characteristics of the network. The maximum
demand of an EVCS that can be provided for all customers is 4 kW, which limits the DC fast charging to
be centralized at the network’s main buses only. Deciding whether or not to have central or distributed
charging stations depends on both network characteristics and customer needs. Varying the Inverter to
PV ratio from 1.1 to 2 can decrease the system losses by 34% to 41%, which shall be considered based
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on an economic assessment. Considering reactive power compensation with PVDG when integrating
EVCS into the power system has triggered improvements in system efficiency and power delivery.
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Nomenclature

Acronyms Variables

DC Direct Current Pinv Power injected by PV inverter (p.u)
DG Distributed generator PLoss Total active power losses (p.u.)
EV Electric vehicle Po Active power at rated voltage (p.u.)
EVCSs Electric vehicle charging stations PPV PV active power (p.u.)
PV Photovoltaic QT Total reactive power (p.u.)
PF Power Factor QL Total load reactive power (p.u.)
PVDG Photovoltaic distributed generation QEVCS Total EVCS reactive power (p.u.)
RES Renewable Energy Sources Qinv Reactive power of PV inverter (p.u.)
Greek symbols Qloss Total reactive power losses (p.u.)
δ Angle of the bus voltage (degree) Qo Reactive power at rated voltage (p.u.)
ηinv Inverter efficiency Rline Line resistance (ohm)
α Active power exponent Sinv PV inverter apparent power (p.u.)
β Reactive power exponent Si Apparent power at certain bus (p.u.)
Variables Vi Voltage of bus i (p.u.)
Iline The line current (p.u.) Vmin Minimum limit of bus voltage (p.u.)
PT Total active power of power system(p.u.) Vmax Maximum limit of bus voltage (p.u.)
PL Total load active power (p.u.) Xline Line reactance (ohm)
PEVCS Total EVCS active power (p.u.) Zline Line impedance (ohm)
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