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Abstract: We studied the dynamic behavior of a single semiflexible ring in linear chain matrix based
on a coarse-grained model using the molecular dynamics simulation approach. We found that that
ring chains’ hollow centers are frequently filled with linear chains. However, as the rigidity of
the linear chains increases, the linear chains arranged parallel to each other and the ring chain are
temporary caged. As a result, the swing movement in the normal direction of the ring is significantly
limited, and the relaxation time in the normal direction increases significantly. Our findings can help
to understand the physical mechanism of the movement of the ring chain in ring–linear polymer
blends at the microscopic level.
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1. Introduction

Ring polymers have no chain end groups and a cyclic structure. They have specific
characteristics because of their topology, including a small hydrodynamic volume, a slower
rate of deterioration, improved stability, and a higher glass transition temperature [1–10].
Ring polymer chains are present in biosystems [11–18] and have applications in biomedicine [19].
Ring macromolecules gained popularity after Jacob and Wollman found that the genetic
map of E. coli chromosomes was circular [20]. The biological features of cyclic polymers
in vivo are extremely valuable [21]. It was discovered that the cyclic structure allows for a
longer circulation period in the bloodstream, as well as a different biodistribution profile
when compared to linear polymers of the same molecular weight [21]. Polymer scientists
predict a wide range of application prospects for ring polymers based on this distinct feature,
particularly for applications in biomedicine (such as drug delivery) [21], microelectronics
(such as micro- and nanolithography) [22], and wastewater treatment [23]. In the method of
micelle-based drug administration, for instance, the cyclic block copolymer may be formed
into micelles with a small size and high stability, which have a high permeability and
extended retention effect, making them an effective carrier material for drug delivery [19].
Ring polymers are formed by the operation of joining the free ends of a linear polymer
chain together. As a result, linear chains are frequently found in ring polymers [24,25].
Even a small amount of the linear polymer can greatly slow down the ring–linear blends’
overall kinetics. The conformational and dynamic behavior of ring chains in linear chains
has recently become a focus of investigation.

According to Kapnistos et al., cyclic polystyrene ring contamination of less than
1% of linear chains (160 kDa) is sufficient to drastically reduce the linear viscoelastic
response [26]. Gooßen et al. employed neutron spin echo spectroscopy to investigate
the tangling dynamics of chains in a linear chain matrix using a relatively small number
of ring chains as probes. They discovered that the host entirely controls the segmental
dynamics of polymer rings immersed in linear chains [27]. In fact, there is the polymer
interpenetration effect between ring chains and linear chains in polymer blends. This
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has been widely observed by experiments [28,29] and theoretical simulations [30]. Using
single-molecule methods, Zhou et al. studied the dynamics of DNA rings in mixtures of
ring–linear polymers. They discovered a large conformational fluctuation for rings in a
steady extensional flow, and further found linear chains threading through open rings [29].
Yang et al. studied the conformation and kinetic characteristics of the ring polymer in
linear polymers using the Monte Carlo simulation method. The diffusion path of the ring
chain is made up of distinct fragments, and they proposed various threading techniques
for rings [30].

In this study, we build a system composed of a linear polymer matrix and a single
semiflexible ring chain. By using molecular dynamic simulation, we investigate the mi-
croscopic physical mobility of the semiflexible ring chain. We focused on the distribution
properties and dynamics of the semiflexible ring in blends. Because of the hollow and
disc-shaped feature of the semiflexible ring, it has two distinct characteristic directions:
parallel to the plane direction and the normal direction. Previous studies have empha-
sized the overall motion of flexible ring chains in blends, whereas we concentrated on
comparing the movements of the semiflexible ring parallel to the plane direction and in the
normal direction. We compute the relaxation time of the ring in the normal and orientation
directions. The relaxation time in the normal direction increases significantly when the
swing movement in the normal direction of the ring is significantly constrained as Kb-linear
increases. This is because linear chains tend to be rod-like with a parallel arrangement as
their bending energy increases. Additionally, the hollow part of the ring chain is filled with
bundles of rod-like semiflexible linear chains.

There are the following sections in this article: The model and simulation details are
given in Section 2. Our findings regarding the dynamic performance of a single semiflexible
ring chain in a linear polymer matrix are described in Section 3; the conclusion is offered
in Section 4. The simulation results can help us to understand the microscopic physical
mechanisms of the movement of the ring chain in ring–linear polymer blends.

2. Model and Method

We adopt the classical bead spring model, which is frequently used in polymer simu-
lations [31–37] to simulate the polymer chain, for the whole simulation process. Each chain
is composed of L spherical monomers with a diameter of σ and a mass of m. Additionally,
the length of the ring is Lring = 30, and the length of the linear chain is Llinear = 30. Each
chain’s potential energy is found by the following equation:

U = Ubond + Uangle + ULJ (1)

where adjacent monomers of the chain are connected to each other by finite stretchable
nonlinear elasticity (FENE) potentials:

Ubond(r) = −
KR2

0
2

ln[1− (
r− r0

R0
)2], r0 < R0 (2)

where r0 is the distance between two adjacent monomers of a polymer chain. K = 30 kBT/σ2

is the spring coefficient, and the finite ductility correlation parameter R0 = 1.5σ is used to
avoid chain crossing.

We introduce the bond angle potential energy between neighboring bonds, which
is widely used in polymer simulations [31,32], to describe the rigid feature of the
semiflexible chains:

Uangle = Kbending[1− cos(θ − θ0)] (3)

where θ is the angle between two adjacent bonds, and Kbending is the bending energy. The
unit of Kbending is kBT, and all simulations are carried out at kBT = 1.0 in our system. Kb-ring
represents the bending energy of the ring chain, while Kb-linear represents the bending
energy of the linear chain. Additionally, θ0 is the equilibrium value of the angle. For rings,
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θ0 = [π × (Lring − 2)]/Lring, θ0 = [π × (30 − 2)]/30 = 0.93π. In the coarse-grained model
developed in this study, θ0 = π for linear chains. When Kbending is larger, the chain is more
difficult to bend, that is, the chain is rigid. In this paper, the bending energy of the ring is
fixed as Kb-ring = 50, and the bending energy of the linear chain ranges from Kb-linear = 0 to
Kb-linear = 50.

To prevent overlap between all monomers of chains, all bonded and non-bonded
monomer interactions use the modified Lennard-Jones potential:

ULJ(r) =


4ε
[
( σ

r )
12 − ( σ

r )
6 + 1

4

]
, r ≤ 21/6σ

0, r > 21/6σ

(4)

where r is the distance between two monomers, and rc is the truncation radius rc = 21/6σ.
It reaches zero at the minimum distance r = rc = 21/6σ of the respective Lennard-Jones
potential, and is set to zero after that distance. That is, ring–ring, linear–linear, and ring–
linear interactions are all pure repulsive forces, and ε = 1.0 kBT is the interaction strength.

The total particle number density of the ring–linear blends is defined by
ρ = (Lring × Nring + Llinear × Nlinear)/L3 = 0.5, where Nring and Nlinear are the number of
ring chains and the number of linear chains, respectively, and Lring and Llinear are the length
of the ring chain and the length of the linear chain. In this study, Lring = 30, Nring = 1. The
simulation parameters covered in this paper are given in Table 1. As the rigidity of the
linear chain increases, it becomes more difficult for the system to be pressed to the target
size. In order to ensure that the density of the system is about ρ = 0.5, the side length
is around L ≈ 50 for different Kb-linear. The stronger the rigidity, the greater the pressure
required. For example, for Kb-linear = 0, the pressure is 0.381, and for Kb-linear = 50, the
pressure is 0.451. Additionally, Lx, Ly, and Lz for all the systems is provided in Table 1. For
our system, the pressure in the three directions is the same, all three directions are scaled in
the same proportions, and the final target side length is the same: Lx = Ly = Lz.

Table 1. The detailed simulation parameters covered in this paper.

Lring Nring Llinear Nlinear Kb-ring Kb-linear Pressure Side Length of Simulation Box
Lx/Ly/Lz

rc

30 1 30 2082 50

0 0.381 50.23

21/6

10 0.418 51.57

20 0.426 50.82

30 0.435 51.43

40 0.441 50.56

50 0.451 50.90

At the initial moment, the ring and linear chains are first distributed at random in a
very large simulation box. To achieve the necessary equilibrium density, the NPT series is
employed as a thorough compression mechanism. In this process, different NPT parameters
are used to compress the systems with different linear chain bending energies, as shown
in column (8) of Table 1. The system is then balanced in the NVT ensemble, with a total
running duration of 5 × 107 steps, where the first 107 steps are used to ensure balance.
After ∆t1, data are collected at intervals of 104 steps. We use a Nosé–Hoover thermostat;
the reduced temperature is T* = 1.0 in ε/kB, the initial temperature Tstart = 1.0, the end
temperature Tstop = 1.0, the damping factor Tdamp = 0.5, and the thermostat mass m = 1.0.
The velocity Verlet algorithm is used to integrate Newtonian equations of motion with a
time step of ∆t = 0.005τ0, where τ0 = (mσ2/kBT)1/2 is the inherent MD unit of time. The
units of reduction σ = 1, m = 1, and τ0 = (mσ2/kBT)1/2 = 1 are the units of length, mass,
and time, respectively. All simulations were carried out using the free and open-source
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LAMMPS molecular dynamics software package (Sandia National Lab, Albuquerque, NM,
USA) [38].

3. Result and Discussion

Figure 1 shows a schematic diagram of a semiflexible ring chain in a linear chain matrix
with different bending energies. The linear chains are flexible, with Kb-linear = 0 in Figure 1a.
As shown in Figure 1, the semiflexible ring chain presents a hollow two-dimensional flat
disc shape, when the linear chain is flexible, linear chains are a spherical shape, and several
linear chains are distributed in the middle of the circular chain, as shown in Figure 1a. As
the bending energy of the linear chain increases, as shown in Figure 1b, the linear chain
stretches and has a certain length with a radius of gyration Rg-linear = 5.60 for Kb-linear = 10,
distributed around the ring chain. The bending energy is moderate for Kb-linear = 10, and
linear chains are between a spherical shape and rod shape. As a result, the linear chains
are bent and distributed across the hollow part of the ring chain, as shown in Figure 1b
for a typical linear chain with Kb-linear = 10 highlighted in yellow. In both above cases, the
diffusion in all directions of the ring chain is almost the same. As the bending energy of
the linear chain increases to Kb-linear = 50, as shown in Figure 1c, the linear chain tends
to be arranged in parallel, and penetrates the ring. This is mainly caused by the fact that
there are ordered nematic phases in a semiflexible linear chain system at high monomer
concentrations. All linear chains in our simulation are made up of 30 monomers, as the
size of the linear chains depends on the chain stiffness; the root-mean square radius of
gyration Rg-linear ranges from to 2.98 to 7.02 for linear chains when the bending energy
of the chains increases from Kb-linear = 0 to 50, and Rg-linear = 5.60 for Kb-linear = 10 (see
Figure S1 in the Supplementary Information). The hollow part of the ring chain is filled by
bundles of rod-like semiflexible linear chains. For this condition, the diffusion of the ring
chain parallel to the plane is limited, and the diffusion slows down significantly.
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Figure 1. Snapshots of a single semiflexible ring chain in a linear polymer matrix with different
bending energies: Kb-linear = 0 (a), Kb-linear = 10 (b), Kb-linear = 50 (c).

To discuss the relationship between the diffusion of the semiflexible ring chain and
the rigidity of the linear chain, we calculate the non-Gaussian parameter Γ, defined as

Γ =
3 < r4(t) >
5 < r2(t) >2 − 1 (5)

where r(t) is the displacement of the monomer of the ring chain from t = 0 to time t. If the
ring chain is an ineffectual free-diffusion Brownian motion, correspondingly, Γ = 0 and
the deviation of this parameter from Γ = 0 is a measure of the degree of the non-Gaussian
function, as shown in the black line in Figure 2. As shown in Figure 2, the semiflexible
ring has a non-Gaussian parameter Γ, close to zero in a flexible linear chain matrix, but for
Kb-linear = 50, the motion of the semiflexible ring is hindered for a period of time. As shown
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in Figure 1c, the linear chains pass through the center of the ring, the ring is trapped, and
the movement slows down. The ring chain becomes subdiffused, and Γ has a distinct peak,
as shown in the red line in Figure 2, which indicates the presence of kinetic heterogeneity.
In fact, the diffusion of single particles in crystalline, glass, and granular fluids also satisfies
non-Gaussian dynamics due to the escape “cage” process.
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The relative orientations of linear chains can also be measured quantitatively
as follows:

S = <(3cos2θ − 1)/2> (6)

where θ is the angle of two neighboring linear chains. The average orientation S will take
values of 0 and 1 for one linear chain randomly oriented and parallel to another. For flexible
linear polymers (Kb-linear = 0), the value of S remains nearly constant at 0, and linear chains
are always oriented randomly. However, for rod-like linear polymers with Kb-linear = 50,
Figure 3 shows that S has a maximum of 0.74, indicating that thy are almost parallel with
respect to each other for linear chains.
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Dynamic heterogeneity is more directly expressed as diffusion trajectories. If the ring
is not passed through the center by a linear chain and is briefly caged, the diffusion will
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be relatively fast, and will behave like a random walk. However, if the ring is crossed by
a rod-like linear chain, the diffusion becomes slow. Figure 4 shows the typical diffusion
trajectories of a typical ring chain in different rigid linear chain matrices.
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Figure 4. Representative trajectories of a semiflexible ring chain in a linear chain with different
bending energies Kb-linear.

Rcm
2 in Figure 4 represents the “diffusion trajectory” of the semiflexible ring chain,

i.e., the square displacement of the centroid of the ring from the corresponding simulated
sample at a certain moment relative to the initial position and zero time. For the ring
diffused in the flexible linear chain matrix, such as the black curve in Figure 4, random
walk diffusion behavior can always be found. However, for the semiflexible linear chain
system of Figure Kb-linear = 50, the red curve shows a shorter plateau, as shown in Figure 4,
a plain that is temporarily stuck due to the ring being bound by the linear chain through for
stage S01. After this chain is temporarily removed at S01, linear chains can be retracted or
“slipped” from the ring relatively easily. From the corresponding molecular conformation,
it is found that the rings are still connected along the trajectory segment between stage
S01 and stage S02. The ring is soon crossed by another chain, corresponding to stage
S02, as shown in the illustration. The plateau becomes more visible in the figure. After
stage S02, the chain temporarily escapes the caged state, and the ring begins to return to
normal diffusion.

For a ring oriented and threaded by linear chains, we compare the diffusional relax-
ation time with the auto-correlation time of the normal vector (the direction of the black
arrow in the illustration of Figure 5) and the orientation vector of the chains (the direction
of the red arrow in the illustration of Figure 5) of the ring.

We compute the auto-correlation function of the normal vector of rings, ρu(t), de-
fined by

ρu(t) =
⇀
u (t)•⇀u (0)

<
⇀
u

2
>

(7)

where the normal vector
⇀
u (t) is calculated by

⇀
u (t) = ∑i

⇀
b i ×

⇀
b i+1, with bi as the corre-

sponding bond vector. The relaxation time, τnormal, was estimated by fitting an unweighted
least squares line to the linear, long-time region of a semilog plot of ρu(t) vs. time (see
Figure 5). The inverse of the relaxation time is the negative of the slope of the line.

The auto-correlation function of the orientation vector of rings, ρR′ (t), is defined by

ρR′(t) =

⇀

R′(t)•
⇀

R′(0)

<
⇀
R

2
>

(8)
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where the orientation vector,
⇀

R′(t) is defined as
⇀

R′(t) =
Nring/2

∑
i=0

⇀
b i, with bi as the corre-

sponding bond vector. The relaxation time, τorientation, was estimated by fitting an un-
weighted least squares line to the linear, long-time region of a semilog plot of ρR’(t) vs.
time (see Figure 5). The inverse of the relaxation time is the negative of the slope of the
line. As Kb-linear increases, the ring chain is threaded by linear chains, the central part of
the semiflexible ring is filled, the left and right swing movement in the normal direction is
significantly limited, and the relaxation time in the normal direction increases significantly,
from τnormal = 113,378 for Kb-linear = 0 to τnormal = 590,000 for Kb-linear = 50, as shown in
Table 2. The diffusion is dominated by the motion along the orientation direction of the
ring. Our simulation time for balancing is significantly longer than the slowest of the four
relaxation times.
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ring. Our simulation time for balancing is significantly longer than the slowest of the four 
relaxation times. 
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Figure 5. lnρn(t) or lnρR’(t) as a function of t for a semiflexible ring chain for Kb-linear = 0 (a), Kb-linear = 
10 (b), Kb-linear = 50 (c). 
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direction τnormal > τorientation, that is, the semiflexible ring spreads along the extension direc-
tion of the rod-like linear chain through its center. However, it is temporarily confined to 
the cage in the direction of the plane parallel. Our results help us to understand the special 
topological conformation and dynamic behavior of the semiflexible ring in ring–linear 
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Figure 5. lnρn(t) or lnρR’(t) as a function of t for a semiflexible ring chain for Kb-linear = 0 (a),
Kb-linear = 10 (b), Kb-linear = 50 (c).

In fact, due to the formation of a ring-threaded phenomenon in the semiflexible linear
chain, the diffusion of the ring chain in the blend system is slow. As shown in the table
below, as Kb-linear increases, the gap between τnormal and τorientation gradually becomes
larger, which is consistent with the screenshot shown in Figure 1c. Additionally, the
normal relaxation time of the semiflexible ring is much longer than the relaxation time of
the parallel direction τnormal > τorientation, that is, the semiflexible ring spreads along the
extension direction of the rod-like linear chain through its center. However, it is temporarily
confined to the cage in the direction of the plane parallel. Our results help us to understand
the special topological conformation and dynamic behavior of the semiflexible ring in
ring–linear polymer blend systems.
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Table 2. The relaxation times τnormal and τorientation for a semiflexible ring chain in linear chains with
different bending energies Kb-linear.

Kb-linear τorientation τnormal

0 17,295 113,378

10 18,642 561,797

20 20,000 572,100

30 22,000 579,100

40 23,000 582,400

50 24,026 590,000

4. Conclusions

The dynamic behavior of ring chains in ring–linear polymer blends has long been
a study focus in polymer simulation. Based on the coarse-grained model, the molecular
dynamics method is employed in this research to investigate the dynamic behavior of a
single ring chain in a linear chain matrix. The semiflexible ring chain is stretched out into
a cannulated circular shape with hollow construction, and the linear chain occupies the
middle part. As the linear chain’s bending energy increases, the linear chains tend to be
organized parallel to one another and pass through the circular chain. The swing of the ring
chain in its normal direction is limited for a larger Kb-linear value, and the relaxation time in
the normal direction grows dramatically. Our research can be used to better comprehend
the microphysical motion processes of semiflexible ring chains in linear polymers.
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