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Abstract: The hydrodynamic performance of a novel hovering autonomous underwater vehicle, the
autonomous underwater helicopter (AUH), with an original disk-shaped hull (HG1) and an improved
fore–aft asymmetric hull (HG3), is investigated by means of computational fluid dynamics with the
adoption of overlapping mesh method. The hydrodynamic performance of the two hull shapes in
surge motion with variation of the angle of attack is compared. The results show that HG3 has less
resistance and higher motion stability compared to HG1. With the angle of attack reaching 10 degrees,
both HG1 and HG3 achieve the maximum lift-to-drag ratio, which is higher for HG3 compared to
HG1. Furthermore, based on the numerical simulation of the plane motion mechanism test (PMM)
and according to Routh’s stability criterion, the horizontal movement and vertical movement stability
indexes of HG1 and HG3 (GHG1

H = 1.0, GHG1
V = 49.7, GHG2

H = 1.0, GHG3
V = 2.1) are obtained,

which further show that the AUH has better vertical movement stability than the torpedo-shaped
AUV. Furthermore, the scale model tail velocity experiment indirectly shows that HG3 has better
hydrodynamic performance than HG1.

Keywords: autonomous underwater vehicle (AUV); computational fluid dynamics (CFD); motion
stability; hydrodynamics

1. Introduction

The seabed observation network is a platform to realize all-weather, in situ, long-term,
continuous, real-time, and high-resolution observation from the seabed to the sea surface,
which plays an important role in supporting the development of marine science [1,2]. As
a supplement, mobile observation equipment, such as autonomous underwater vehicles
(AUVs) and autonomous underwater gliders (AUGs), can quickly respond to emergen-
cies in the target sea area and intensive observation [3], which can improve stereoscopic
observation in the ocean, as shown in Figure 1.

AUVs have the ability to realizing long-distance and large-scale inspection. In the
US, the Bluefin series AUV, jointly developed by the US naval graduate school and tuna
robotics company, is a relatively mature AUV system platform that has been equipped by
the US Navy [4]. Kongsberg Maritime, together with the Norwegian Defense Research
Establishment (FFI), developed the HUGIN class AUV, which is used for seabed surveying
and mapping in the deep sea [5,6]. In addition to large AUVs, some researchers have fo-
cused on developing small AUVs for inspection and mapping purposes. Complementary to
the application fields of HUGIN, REMUS (designed by the Woods Hole Oceanographic In-
stitute) is a very small and lightweight vehicle specially designed for coastal oceanography,
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the cost of which is much lower than that of HUGIN [7]. In Europe, the EU sponsored the
project of the MARIUS AUV [8], which is one of the first non-torpedo-shaped submersibles.
As for what it concerns, the traditional AUV has limited maneuverability due to its large
fore–aft length scale compared to the other two directions, giving rise to a large turn-around
radius [9]. On the other hand, AUGs such as the Seaglider AUG [10], the Spray AUG [11],
etc., are types of AUVs that have been successfully applied in oceanographic sensing and
data collection [12], equipped with temperature salt depth (CTD) and other sensors. AUGs
can glide underwater by controlling their buoyancy and converting the lift on the wings
into propulsive force without a power propulsion system [13], which, however, limits
their operation under complex seabed conditions. Therefore, the deployment of AUVs
and AUGs near the seabed with complex topography for close-up inspection encounters
great difficulty.
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Figure 1. Submarine mobile observation network.

A nearly disk-shaped autonomous underwater helicopter (AUH) capable of taking
the movement in both horizontal (surge) or vertical (heave) directions was recently devel-
oped [14], realized by four horizontally arranged propellers and two vertically arranged
propellers, as shown in Figure 2. Through the combination of horizontal motion and verti-
cal motion, the AUH can realize long-range cruise, zero-diameter turning, and accurate
landing and take-off on the seabed. Therefore, compared to the torpedo-shaped AUV and
AUG, the AUH can also work as an ROV. As a result, adoption of the AUH can further
promote underwater observation in the ocean combined with the underwater observation
network, as shown in Figure 1. The basic parameters of the AUH of the current form (with
the hull shape of HG1) are listed in Table 1. HG1 is improved through local modification at
the rear part of the original hull geometry, which results in a fore–aft asymmetric structure
(HG3), as shown in Figure 2d.

Table 1. Basic parameters of the current AUH (the HG1 geometry).

Parameter Diameter
(mm) Hight (mm) Weight (kg) Cruise Speed (m/s)

Value 1557 801 ≤300 ≤2
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Figure 2. (a) AUH during a trial in the lake; (b) AUH with an original disk-shaped hull (HG1),
(c) with an improved fore–aft asymmetric hull (HG3), and (d) profiles and geometric parameters of
the HG1 and HG3.

Numerical simulation using computational fluid dynamics (CFD) software is widely
used in research on the hydrodynamic characteristics of AUVs [14–21], such as the effects
of free-stream turbulence, hydrodynamic force coefficients, hydrodynamic characteristics
of AUV over seabed [22–24], etc. For the AUH, Chen et al. applied both CFD results and
the Routh stability criterion to identify the AUH motion stability [25]. The hydrodynamic
interaction of an approaching ship with the wave effect [26], the water entry impact
force [27], and the Magnus effect [25] are also studied by CFD methods. An et al. [28]
proposed a parametric representation of the AUH’s profile and combined the surrogate
model with a genetic algorithm to optimize the AUH’s profile, effectively improving its lift–
drag ratio. Lin et al. [29] investigated the hydrodynamic performance of the disk-shaped
AUH considering the asymmetry and instability of the flow field, as well as the effect of
propellers at both surge and heave motions. However, at the present stage, research is
still lacking on the location optimization of the hull shape to improve the hydrodynamic
property of the AUH.

In this paper, the spatial motion equation of the AUH is derived, and the hydrody-
namic coefficients of translation and rotation of the AUH with HG1 and HG3, respectively,
are calculated numerically based on the overlapping mesh technology and the RNG k− ε
turbulence model. The hydrodynamic stability of HG1 and HG3 with a change in the
angle of attack (AOA) is analyzed. Finally, according to Routh’s stability criterion [30], the
stability of the two shapes of the AUH in the horizontal and vertical planes is determined.

2. Mathematical Model of Motion Stability
2.1. Dynamic Equation

Motion control equations, including the kinematic equation and the dynamic equation,
can completely describe the motion of a submersible and provide a mathematical basis for
realizing motion control [31].

The kinematic equation refers to the coordinate transformation relationship between
the expressions of submersible motion parameters in different coordinate systems. As
shown in Figure 3, two common coordinate systems, the spatial fixed coordinate system
O0x0y0z0 and the motion coordinate system Oxyz, are used to analyze the AUV motion
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process. Origin O0 takes any point in space, origin O is selected on the center of gravity
of the submersible, the Ox axis is along the bow direction, and the Oz axis points to the
bottom of the submersible. The position and attitude of the submersible can be expressed as

ηO0 = [xO, yO, zO, φ, θ, ψ]T (1)
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The velocity vector of the submersible is expressed as

.
η

O0 =
[ .

xO,
.
yO,

.
zO,

.
φ,

.
θ,

.
ψ
]T

(2)

VO = [u, v, w, p, q, r]T (3)

where rrφ, θ, ψ represent roll angle, pitch angle, and yaw angle, respectively. u, v, w
represent the translational velocity in the three directions of x, y, z, and p, q, r represents
the rotational velocity in the three directions of x, y, z.

The dynamic equation of any underwater vehicle can be derived from the momentum
theorem and momentum moment theorem. For translational and rotational motion, the
following vector relations exist, respectively.

m
dVG
dt

= F,
dLG
dt

= MG (4)

VG =
[

u + qzG − ryG v + rxG − pzG w + pyG − qxG
]T (5)

LG =
[

IG
xx p− IG

xyq− IG
xzr IG

yyq− IG
yx p− IG

yzr IG
zzr− IG

zx p− IG
zyq

]T
(6)

where xG, yG, zG represent the vector position of the center of gravity of the vehicle in the
dynamic system, IG

xx, IG
yy, IG

zz represent the moment of inertia of three axes, and IG
xy, IG

yz, IG
zx

represent the inertia product of the moving system.
Therefore, the equation can be expressed as follows

X = m
[( .

u− vr + wq
)
− xG

(
q2 + r2)+ yG

(
pq− .

r
)
+ zG

(
pr +

.
q
)]

Y = m
[( .

v− wp + ur
)
− yG

(
r2 + p2)+ zG

(
qr− .

p
)
+ xG

(
qp +

.
r
)]

Z = m
[( .

w− uq + vp
)
− zG

(
p2 + q2)+ xG

(
rp− .

q
)
+ yG

(
rp +

.
p
)]

K = Ixx
.
p +

(
Izz − Iyy

)
qr−

( .
r + pq

)
Ixz +

(
r2 − q2)Iyz +

(
pr− .

q
)

Ixy+
m
[
yG
( .
w− uq + vp

)
− zG

( .
v− wp + ur

)]
M = Iyy

.
q + (Ixx − Izz)rp−

( .
p + qr

)
Ixy +

(
p2 − r2)Izx +

(
qp− .

r
)

Iyz+
m
[
zG
( .
u− vr + wq

)
− xG

( .
w− uq + vp

)]
N = Izz

.
r +

(
Iyy − Ixx

)
pq−

( .
q + rp

)
Iyz +

(
q2 − P2)Ixy +

(
rq− .

p
)

Izx+
m
[
xG
( .
v− wp + ur

)
− yG

( .
u− vr + wq

)]
(7)
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Since the origin of the dynamic system coincides with the center of gravity of the AUH
and the coordinate axis coincides with the three principal inertial axes, xG, yG, zG is zero,
and Ixy = Iyz = Iyx = Izy = Izx = Ixz = 0. Therefore, the equation is simplified as

X = m
( .
u− vr + wq

)
Y = m

( .
v− wp + ur

)
Z = m(

.
w− uq + vp)

K = Ixx
.
p +

(
Izz − Iyy

)
qr

M = Iyy
.
q + (Ixx + Izz)rp

N = Izz
.
r +

(
Iyy − Ixx

)
pq

(8)

However, when solving the problem of the motion control of a submersible, it is most
important to obtain the information of the external force and moment τRB acting on it.
In Equation (9), g(η) represents static forces and moments, τH represents hydrodynamic
forces and moments, τE represents environmental forces and moments, and τ represents
the propulsion control force and moments.

τRB = −g(η) + τH + τE + τ (9)

Suppose the gravity and buoyancy of the AUH are W and B, respectively. According
to the pitch angle θ and the heel angle φ, the static force and moment can be obtained as
the following equation

g(η) = −



−(W − B)sinθ

(W − B)cosθsinφ

(W − B)cosθsinφ

(yGW − yBB)cosθcosφ− (zGW − zBB)cosθsinφ
−(zGW − zBB)sinθ + (xGW − xBB)cosθcosφ

(xGW − xBB)cosθsinφ + (yGW − yBB)sinθ

 (10)

Hydrodynamic force and moment are the reaction force of water on the submersible
body due to its own disturbance to water. Hydrodynamic force and moment are divided
into inertial hydrodynamic force related to acceleration and viscous hydrodynamic force
related to velocity. For a submersible operating in deep water, the environmental forces
and moments can be considered to be only disturbed by the current. Since the AUH
is symmetrical up and down, front and back, and left and right, when the high-order
hydrodynamic coefficient and coupling hydrodynamic coefficient are not considered, the
simplified force expression of the AUH is [14,32,33]

X = X .
u

.
u + Xuu + Xu|u| + Xqq + 2Fp − (W − B)sinθ

Y = Y .
v

.
v + Yvv + Yv|v|v|v|+ Yp p + Yrr + 2Fp + (W − B)cosθsinφ

Z = Z .
w

.
w + Zww + Zw|w|w|w|+ Zqq + 2FP + (W − B)cosθcosφ

K = K .
p

.
p + Kp p + Kp|p|p|p|+ Kvv + Krr + 2FpR+

(yGW − yBB)cosθcosφ− (zGW − zBB)cosθsinφ
M = M .

q
.
q + Mqq + Mq|q|q|q|+ Muu + Mww + 2FpR−

(zGW − zGB)sinθ + (xGW − xBB)cosθcosφ
N = N.

rr + Nrr + Nr|r|r|r|+ Nvv + Np p + 2FPR+
(xGW − xBB)cosθsinφ + (yGW − yBB)sinθ

(11)

where FP is the thrust of the propeller, and R is the installation radius of the propeller. The
meaning of each hydrodynamic coefficient in the equation is also clear; for example, X .

u
represents the force coefficient related to the acceleration in the x direction.
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2.2. Motion Stability Analysis

According to Routh stability criterion [34], the discriminant of the AUH motion
stability in the horizontal plane is:

NrYv − Nv(Yr −mV) > 0 (12)

where V is the initial velocity of the AUH. Dividing by Yv and (Yr −mV) results in

Nr

Yr −mV
− Nv

Yv
> 0 (13)

This stability criterion can be expressed as a dimensionless parameter by introducing
the length L of the AUH, the initial velocity V of the AUH, and the density ρ of the fluid as
follows

N′r
(Y′r −m′)

− N′v
Y′v

> 0 (14)

Rewriting Equation (13) [17], the criterion GH in the horizontal plane is expressed
as follows

GH = 1− N′v(Y′r −m′)
Y′vN′r

(15)

When GH is positive, the AUH has horizontal motion stability, and vice versa. A
GH value greater than 1.0 indicates that the conventional AUV has high stability in the
horizontal plane, which leads to poor maneuverability when the rudder is deflected [16].
However, since the AUH rotates through the cooperation of the propeller, a large GH value
will not affect its maneuverability.

Similarly, according to the Routh stability criterion, the discriminant of the AUH
motion stability in the vertical plane is [30]

Mq(
Zq + mV

) − Mw

Zw
> 0 (16)

This stability criterion can be expressed as a dimensionless parameter by introducing
the length L of the AUH, the initial velocity V of the AUH, and the density ρ of the fluid as
follows

M′q(
Z′q + m′

) − M′w
Z′w

> 0 (17)

Equation (18) can be expressed as an index used to determine the AUH motion stability
in the vertical plane [30]:

GV = 1−
M′w
(

Z′q + m′
)

Z′w M′q
(18)

where, if GV is positive, the AUH has vertical motion stability, and vice versa. As the value
of the index becomes greater than 1, the AUH becomes more dynamically stable. The AUH
motion stability in the horizontal and vertical planes was verified in the RANS-based CFD
study on the AUH motion stability using RNG k− ε turbulent models.

3. Numerical Simulation
3.1. Turbulence Model

CFD commercial software ANSYS Fluent is widely used to calculate the hydrody-
namic performance of submersible vehicles [18,22,35,36] and provides a large number of
turbulence models, among which the RANS model provides the most economical method
for complex turbulent flow calculation. The two-equation model is the most widely used
turbulence model in industrial CFD [29,37–39]. This model solves two transport equations
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and simulates Reynolds stress by the eddy viscosity method. The RNG k − ε model in
ANSYS Fluent belongs to this kind of model, which solves the RANS equation.

∂ρ

∂t
+

∂

∂xi
(ρui) = 0 (19)

and
∂
∂t (ρui) +

∂
∂xj

(
ρuiuj

)
= ∂p

∂xi
+ ∂

∂xj

[
µ
(

∂ui
∂xj

+
∂uj
∂xi
− 2

3 δij
∂ul
∂xl

)]
+ ∂

∂xj

(
−ρu′iu

′
j

) (20)

The RNG k− ε model [40] is based on model transport equations for turbulent kinetic
energy (k) and its dissipation rate (ε), which are obtained from the following transport
equations

∂

∂t
(ρk) +

∂

∂xi
(ρkui) =

∂

∂xj

(
αkµe f f

∂k
∂xj

)
+ Gk + Gb − ρε−YM + Sk (21)

and
∂
∂t (ρε) + ∂

∂xi
(ρεui)

= ∂
∂xj

(
αεµe f f

∂ε
∂xj

)
+ C1ε

ε
k (Gk + C3εGb)− C2ερ

ε2

k − Rε + Sε
(22)

In these equations, Gk represents the generation of turbulent kinetic energy due to
mean velocity gradients, and Gb is the generation of turbulent kinetic energy due to
buoyancy. YM represents the contribution of the fluctuating dilatation in compressible
turbulence to the overall dissipation rate. C1ε, C2ε, C3ε are constants, and σk and σε are the
turbulent Prandtl numbers for k and ε, respectively. The quantities αk and αε are the inverse
effective Prandtl numbers for k and ε, respectively. Sk and Sε are user-defined source terms.

In their study on the hydrodynamic characteristics of the AUH with the original
hull shape (HG1), Lin et al. [29] concluded that the results of the standard k − ε model
underestimated the resistance and could not estimate the change in the side and lift force
during the surge motion with zero angle of attack. Additionally, for the RNG k− ε model, a
mesh number of over 10 million is necessary to capture the symmetric flow field around the
symmetric AUH hull and predict the drag force with satisfactory accuracy [39]. Therefore,
we also adopt the RNG k− ε model to capture the characteristics of the flow field around
the hull with the number of meshes exceeding 10 million.

3.2. Mesh Configuration and Boundary Conditions in Flow Domain

Figure 4 shows the flow field domain for the simulation. The AUH (diameter of 1.5 m)
is placed in the domain with a length, width, and height of 15 m × 10 m × 10 m to reduce
the wall effect [29], which is 5 m away from the inlet to ensure the full development of the
flow field around the AUH. The overlapping mesh technology realized by the user-defined
function (UDF) is adopted in the simulation. The main idea of the overlapping mesh
method is to use a Cartesian right-angled mesh in the far background area of the computing
domain and a body-fitted mesh on the object and each attachment. The data transfer
between the two meshes is completed by interpolation to realize the mesh generation of
the multi-attachment structure and the numerical simulation of complex motion [41]. As
shown in Figure 4b, the ICEM software is used to divide the computational domain into a
fixed background mesh for the flow domain and a fixed dynamic mesh on the AUH. Both
types of meshes are hexahedral-structured meshes.

By using the RNG k − ε model and wall function, the boundary layer needs to be
defined near the hull surface. Phillips et al. [16] proposed a method to calculate the
thickness of the first layer of the boundary layer, ∆y = Ly+

√
80Re−

13
14 , δ = 0.035LRe−

13
14 ,

where Re is the Reynolds number defined as VL/ν (ν is the kinematic viscosity, and L is
the diameter of the AUH), ∆y is the first layer thickness, δ is the boundary layer thickness,
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and 20 ≤ y+ ≤ 200 [25]. Consequently, δ = 5 mm and ∆y = 1 mm are adopted in the
simulation to make y+ ≈ 30.
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The no-slip condition is applied to the AUH hull and the side wall of the flowing
domain. the inlet of the flow domain adopts the velocity inlet boundary condition (the
velocity range is 0–2 m/s), and the outlet adopts the pressure outlet (0 Pa). In order to
study the evolution of resistance and moment with time, the unsteady model and different
time steps from 0.01 s to 0.05 s are used for the calculation.

4. Results and Discussion
4.1. Hydrodynamic Analysis during Motions with Various Attitudes
4.1.1. Hydrodynamic Analysis at Zero AOA

The hydrodynamic resistance of the fully disk-shaped HG1 moving 2 m/s horizontally
with zero angle of attack is calculated using the overlapping mesh method, which is
compared to the simulation result with fixed meshes (non-overlapping meshes) [29]. As
shown in Figure 5, the time-averaged value of Fx calculated by the two kinds of meshes
are both around 90 N, with an amplitude of pulsation of about 20 N, which is due to the
periodic vortex shedding at the tail of the AUH. The average values of the lateral force Fy
and Fz are close to zero, both with obvious fluctuation. Because the upstream area of the
AUH in the heave direction is much larger than that in the sway direction, the amplitude
of the lift force Fz is larger than that of side Fy. Therefore, the overlapping-mesh method
adopted can capture the correct characteristics of the flow field.
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As shown in Figure 6a,b, for streamlines at the tail of the AUH hull, there is an obvious
vortex area at the tail of HG1, which causes fluctuant drag and lift forces. By comparison,
streamlines for HG3 are fairly smooth, indicating that HG3 has better hydrodynamic
performance. Meanwhile, Figure 5b shows the hydrodynamic force of HG1 and HG3 at a
speed of 2 m/s with zero AOA. Compared to the resistance fluctuation of HG1, there is
almost no resistance fluctuation of HG3. For HG3, the lateral force Fy and Fz are almost
zero, and the time-averaged resistance of Fx 29.3% is reduced by 20% compared to HG1.
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4.1.2. Hydrodynamic Analysis with Non-Zero AOA

The AUH needs to maintain a stable straight motion between different height positions
in order for better inspection near the seabed. The hydrodynamic performance of the AUH
at a speed of 2 m/s with the AOA varying from 0 to 30 degrees is investigated. As shown
in Figure 7a, as the AOA increases, the projection area (along the upstream area) of the
AUH on the yoz plane shown in Figure 7b increases, so the drag resistance of HG1 and
HG3 increases. When the AOA is less than 15 degrees, the increasing trend of resistance
is small, and the resistance of HG3 is less than that of HG1. With the AOA exceeding 15
degrees, the increasing trend becomes more obvious, and the resistance of HG3 is greater
than that of HG1. This is because after the tail of HG3 is elongated, its frontward area will
be larger than that of HG1 after the AOA exceeds 15 degrees, which leads to an increase in
pressure drag.

As shown in Figures 7c and 8a,b, when the AUH moves with a non-zero AOA, the
pressure distribution of the surrounding flow domain changes with respect to that with a
zero AOA, which leads to a lift along the heave direction. When the AOA is less than 10
degrees, the lift of HG1 and HG3 is almost the same. When the AOA exceeds 15 degrees,
the increasing trend of lift becomes obvious. Too much lift will increase the difficulty of
the AUH motion control, so an AOA less than 15 degrees is conducive to the AUH seabed
operation. The lift and drag forces applied on the AUH gives rise to a moment My, which
makes the vessel pitch. As shown in Figure 7d. with the increase in the AOA, the pitching
moment of HG1 and HG3 increases, and the pitching moment of HG3 is less than that of
HG1, which shows that HG3 has better motion stability and anti-overturning ability.
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of the drag, lift, and moment and drag-to-lift ratio as a function of the angle of attack (AOA). (b) drag,
(c) lift, (d) moment, (e) lift to drag ratio.
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In order to obtain the appropriate AOA of the vessel in a horizontal motion, the ratio
of lift to drag is shown in Figure 7e. Ratios for HG1 and HG3 are both greater than 1, which
first increase and then decrease, peaking at an angle of around 10 degrees. The ratio of
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HG3 is greater than that of HG1, which shows that HG3 has a better ability to change its
vertical position. In the following, we analyze the hydrodynamic performance of HG1 and
HG3 at an AOA of 10 degrees with the lift-to-drag ratio approaching maximum.

With a horizontal motion velocity of 2 m/s and an AOA of 10 degrees, the pressure
distribution of in the xoz plane is shown in Figure 8a,b. At the heading part of the AUH
hulls, the hydrodynamic pressure in the lower half is greater than that in the upper half,
which is the origin of the lift, and the pressure contour is similar for the two hulls. At the
rear part, it can be found that the pressure distribution of HG3 is smoother than that of HG1.
As shown in Figure 8c, d, the vortex area with motion appears in the upper position of the
tail, and the vortex area is significantly larger than that with a pure surge motion with zero
AOA. It shows that when HG1 moves at the angle of attack, its hydrodynamic force and
moment affect its stability more clearly. Accordingly, the temporal evolution of drag, lift,
and overturning moment (My) at a velocity of 2 m/s and an AOA of 10 degrees is shown
in Figure 9. The time-averaged drag resistance and time-averaged overturning moment of
HG3 are reduced by 27.5% and 38.4%, respectively, compared to HG1, which reduces the
energy consumption of the AUH, and the reduction in the overturning moment can reduce
the difficulty in motion control. The time-averaged lift of HG3 is 431.1 N, which is greater
than that of HG1 (213.6 N). As the conclusion obtained from the analysis of streamlines
above, the fluctuation in the resistance, lift, and moment of HG1 can be seen clearly in
Figure 9, and the fluctuation amplitude of the lift is significantly greater than that of the
other two. The larger lift fluctuation makes the angle of attack change continuously when
the AUH moves, which affects the accuracy of the fixed-point tracking.
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Through the hydrodynamic analysis of the AUH with the AOA, it can be concluded
that the HG3 hull has significantly better drag reduction lift performance and anti-overturning
stability compared to HG1.

4.2. Stability Analysis According to Route Stability Criterion
4.2.1. Numerical Simulation on Plane Motion Mechanism Test (PMM)

In this section, the overlapping mesh method through the UDF is adopted by the
numerical simulation in the PMM test for the AUH hulls, and the obtained hydrodynamic
force and hydrodynamic moment are fitted in MATLAB to solve the hydrodynamic co-
efficient. Based on the dimensionless hydrodynamic coefficient and the Routh criterion,
the stability of the AUH horizontal and vertical motion is analyzed. In the simulation, the
RNG k− ε turbulence model is used to simulate the AUH pure surge motion, pure sway
motion, pure heave motion, pure pitch motion, pure roll motion, and pure yaw motion,
and the time step is set to 0.015 s.
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The pure sway motion of the AUH includes both uniform motion (U = 1 m/s) along
the x-axis and harmonic oscillation along the y-axis (Figure 10). The equation of motion can
be expressed as: 

η = 0.04sinωt
v =

.
η = 0.04ωcosωt

.
v = −0.04ω2sinωt

(23)

where η is the sway amplitude, ω = π is the frequency of harmonic motion.
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Substituting the above equation into Equation (11), the hydrodynamic force Y in the
y-direction and the hydrodynamic moment N around the z-axis can be obtained:{

Y = −0.04π2Y .
vsinπt + 0.04πYvcosπt + 0.0016π2Yv|v|cosπt|cosπt|

N = −0.04π2N .
vsinπt + 0.04πNvcosπt + 0.0016π2Nv|v|cosπt|cosπt| (24)

In the pure roll motion test, the AUH is restricted to move at a uniform velocity along
the x-axis at velocity U = 1 m/s, meanwhile rotates harmoniously around the x-axis. The
equation of motion can be expressed as:

φ = 0.04ω
U sinωt

p =
.
φ = 0.04ω2

U cosωt
.
p = − 0.04ω3

U sinωt
(25)

where φ is the roll angle, and ω = π is the frequency of harmonic motion. Substituting the
above equation into Equation (11), the hydrodynamic force Y in the y-direction and the
hydrodynamic moment K around the x-axis can be obtained:{

Y = −0.04π3Y .
psinπt + 0.04π2Ypcosπt + 0.0016π4Yp|p|cosπt|cosπt|

K = −0.04π3K .
psinπt + 0.04π2Kpcosπt + 0.0016π4Kp|p|cosπt|cosπt| (26)

The equations of the harmonic oscillation and the harmonic rotation motion in the
other two directions are similar to the pure sway and the pure roll, so they will not be
described again.

4.2.2. Hydrodynamic Coefficient Solution and Stability Analysis
HG1

Taking pure sway and pure roll harmonic motion as an example, when HG1 sways
according to the motion Equation (23), the changes in its hydrodynamic Y in the y-direction
and hydrodynamic moment N around the z-axis with time are shown in Figure 11. The
black solid line in the figure represents the CFD calculation results, and the red dotted line
represents the curve fitted according to Equation (24). The dimensionless hydrodynamic
coefficients calculated are shown in Table 2.
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Table 2. Dimensionless hydrodynamic coefficient of HG1.

Dimensionless
Coefficient

Dimensionless
Formula Value Dimensionless

Coefficient
Dimensionless

Formula Value

X′.u
X .

u
1/2ρL3 −0.135 X′u Xu

1/2ρL2U −0.019

X′u|u|
Xu|u|

1/2ρL2 −0.033 X′0
X0

1/2ρL2U2 0.043

Y′.v
Y.

v
1/2ρL3 −0.173 Y′v Yv

1/2ρL2U −0.096

Y′v|v|
Yv|v|

1/2ρL2
0.117 K′.v

K .
v

1/2ρL4 0.056

K′v Kv
1/2ρL3U 0.031 K′v|v|

Kv|v|
1/2ρL3 −0.070

Z′.w
Z .

w
1/2ρL3 0.555 Z′w Zw

1/2ρL2U −0.499

Z′w|w|
Zw|w|

1/2ρL2 0.096 M′.w
M .

w
1/2ρL4 −0.045

M′w Mw
1/2ρL3U −0.778 M′w|w|

Mw|w|
1/2ρL3 0.103

Z′.q
Z .

q

1/2ρL4
−0.021 Z′q

Zq

1/2ρL3U
0.572

Z′q|q|
Zq|q|

1/2ρL4
−0.154 M′.q

M .
q

1/2ρL5
−0.068

M′q
Mq

1/2ρL4U
−0.024 M′q|q|

Mq|q|
1/2ρL5

0.046

N′.r
N.

r
1/2ρL5 0.00018 N′r Nr

1/2ρL4U −0.0037

N′r|r|
Nr|r|

1/2ρL5 0.00026 Y′.p
Y.

p

1/2ρL4
0.034

Y′p
Yp

1/2ρL3U
0.016 Y′p|p|

Yp|p|
1/2ρL4

−0.0068

K′.p
K .

p

1/2ρL5
−0.046 K′p

Kp

1/2ρL4U
−0.021

K′p|p|
Kp|p|

1/2ρL5
0.0052 m′ m

1/2ρL3 0.178

When HG1 rolls according to the motion described by Equation (25), the changes in
hydrodynamic force Y in the y-direction and hydrodynamic moment N around the x-axis
with time are shown in Figure 12. The hydrodynamic coefficients calculated are shown
in Table 2.

According to the Routh criterion (Equation (3)), the horizontal motion stability co-
efficient index GHG1

H = 1.0 and vertical motion stability index GHG1
V = 49.7 of HG1 can

be obtained. The result is significantly greater than that of a conventional AUV, which
represents that the AUH is able to maintain motion stability in the vertical plane under
deep-sea conditions. For a conventional underwater vehicle (AUV) with a rudder, a GHG1

V
value greater than 1 represents poor maneuverability [17]. However, since the AUH rotates
through the cooperation of a propeller, a large GH value will not affect its maneuverability.
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Figure 12. Simulation results of harmonic sway fitted by MATLAB: (a) transverse force; (b) roll
moment.

HG3

The hydrodynamic coefficients of HG3 calculated are shown in Table 3. According
to the Routh criterion, the horizontal motion stability index and vertical motion stability
index of HG3 can be calculated as GHG3

H = 1.0, GHG3
V = 2.1. Compared to the stability

index GHG1
V = 49.7 of HG1, the HG3 (GHG3

V = 2.1) motion stability in the vertical plane
is slightly worse due to the fore–aft asymmetry of the HG3 shape, which causes it to
produce a pitching moment when it moves vertically. In actual engineering applications, it
is necessary to make the combination of two vertical propellers work to balance the pitching
moment. Nevertheless, compared to the traditional torpedo-type AUV, the stability of the
AUH (GHG1

V > 1, GHG3
V > 1) on the vertical plane is much better [25].

Table 3. Dimensionless hydrodynamic coefficient of HG3.

Dimensionless
Coefficient

Dimensionless
Formula Value Dimensionless

Coefficient
Dimensionless

Formula Value

X′.u
X .

u
1/2ρL3 −0.117 X′u Xu

1/2ρL2U 0

X′u|u|
Xu|u|

1/2ρL2 −0.05 X′0
X0

1/2ρL2U2 0.027

Y′.v
Y.

v
1/2ρL3 −0.161 Y′v Yv

1/2ρL2U −0.068

Y′v|v|
Yv|v|

1/2ρL2
0.017 K .

v
K .

v
1/2ρL4 −0.002

Kv
Kv

1/2ρL3U 0.008 Kv|v|
Kv|v|

1/2ρL3 −0.00066

Z′.w
Z .

w
1/2ρL3 −0.658 Z′w Zw

1/2ρL2U −1.540

Z′w|w|
Zw|w|

1/2ρL2 0.288 M .
w

M .
w

1/2ρL4 0.0342

Mw
Mw

1/2ρL3U −0.155 Mw|w|
Mw|w|

1/2ρL3 −0.056

Z .
q

Z .
q

1/2ρL4
0.003 Zq

Zq

1/2ρL3U
0.855

Zq|q|
Zq|q|

1/2ρL4
−0.141 M .

q
M .

q

1/2ρL5
−0.041

Mq
Mq

1/2ρL4U
−0.094 Mq|q|

Mq|q|
1/2ρL5

0.0269

N .
r

N.
r

1/2ρL5 −0.0005 Nr
Nr

1/2ρL4U −0.00336

Nr|r|
Nr|r|

1/2ρL5 0.0014 Y .
p

Y.
p

1/2ρL4
0

Yp
Yp

1/2ρL3U
0 Yp|p|

Yp|p|
1/2ρL4

0

K .
p

K .
p

1/2ρL5
−0.0218 Kp

Kp

1/2ρL4U
−0.0194

Kp|p|
Kp|p|

1/2ρL5
0.000158

4.3. Experimental Validation with the Scale Model

A simple water channel experiment using the HG1 and HG3 models with a scale ratio
of 1:10 was carried out, as shown in Figure 13, in order to verify the improvement in the
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hydrodynamic performance observed in the simulation during the surge motion of the
AUH. The models were made of ultraviolet-light curable resin by 3D printing, and their
surfaces were carefully polished to reduce roughness. The experiments were carried out
in an open water channel with a rectangular cross-section of 400 × 500 mm2 and a water
depth of 300 mm. The AUH model was installed at a water depth of 150 mm and in the
middle of the side walls. The model was connected to an airfoil-shaped lever (airfoil profile
naca0021) to minimize the additional disturbance to the flow field due to the presence of the
lever. The average flow velocity at the “inflow boundary” or the background velocity ub is
about 0.6 m/s. The Vectrino v1.18 (Nortek AS, Oslo, Norway) acoustic doppler velocimeter
(ADV) was used to measure the flow velocity close to the rear part of the vessel, as shown
in Figure 13. The flow velocity was measured at Location E on the x-axis, 172.2 mm apart
horizontally from the nearest rear surface of the vessel.
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Figure 13. Schematic diagram of experimental system and the locations (E) for the flow velocity
investigation close to the rear surface of the vessel.

As shown in Figure 14a, a large fluctuation in velocity is observed for the HG1 ge-
ometry. Compared with the flow velocity using HG3, the larger tail velocity fluctuations
indicate that HG1 has a greater disturbance to the flow field at the rear, which reflects
that the flow field close to the rear part of HG1 is more fluctuating and could result in the
pulsation of drag force. Furthermore, for HG3, the time-averaged flow velocity along the
x-direction (u3 = 0.49 m/s) is greater than that of HG1 (u1 = 0.35 m/s), from which it can be
discerned that HG3 has a smaller hindering effect on the fluid, reflecting the smaller drag
force for the HG3 hull. Consequently, the experimental results agree with the findings of
the numerical simulation.
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5. Conclusions

In this study, the six degree of freedom dynamic equation of the AUH space motion is
derived. Based on the numerical simulation with the overlapping mesh method through
the use of the UDF, the hydrodynamic performance of two AUH basic hulls (HG1 and HG3)
is studied. When the AUH moves with an AOA less than 15 degrees and a speed of 2 m/s,
HG3 has less resistance, greater lift, and a smaller overturning moment than HG1. This
shows that HG3 has less energy loss and higher motion stability than HG1. In addition, with
an AOA of about 10 degrees, HG1 and HG3 reach the maximum lift-to-drag ratio, which is
always greater for HG3 than HG1. Additionally, HG3 has better hydrodynamic stability
compared to HG3. The dimensionless hydrodynamic coefficients of the two models are
deduced through a numerical PMM test based on the overlapping mesh method. According
to the Routh stability criterion, the calculated stability index of horizontal and vertical
motion of HG1 and HG3 (GHG1

H = 1.0, GHG1
V = 49.7, GHG2

H = 1.0, GHG3
V = 2.1) further

shows that the AUH has better vertical motion stability than the torpedo-shaped AUV.
The improvement in the hydrodynamic performance of the AUH with the HG3 hull is
confirmed qualitatively by a simple water channel experiment on the scaled model.
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Nomenclature

W, B Gravity and buoyancy of AUH
FP Thrust of propeller
R Installation radius of propeller
V Initial velocity of AUH
L Length of AUH
u, v, w Surge velocity, sway velocity, heave velocity
ub Background flow velocity of pool experiment
.
u Derivative of surge velocity
p, q, r Roll velocity, pitch velocity, yaw velocity
My Overturning moment
ω Frequency of harmonic motion
η Sway amplitude
O0x0y0z0 Spatial fixed coordinate system
Oxyz Motion coordinate system
xG, yG, zG Vector position of center of gravity of vehicle
φ, θ, ψ Roll angle, pitch angle, yaw angle
IG
xx,IG

yy, IG
zz Moment of inertia of three axes

IG
xy, IG

yz, IG
zx Inertia product of moving system

X, Y, Z or Fx, Fy, Fz Hydrodynamic force in xyz direction
K, M, N Hydrodynamic moment in xyz direction
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τRB External force and moment
g(η) Static forces and moments
τH Hydrodynamic forces and moments
τE Environmental forces and moments
τ Propulsion control force and moments
ρ Density of fluid
m Mass of AUH
GH , GV Stability index in horizontal and vertical plane
Gk Turbulent kinetic energy due to mean velocity gradients
Gb Turbulent kinetic energy due to buoyancy
YM Fluctuating dilatation
C1ε, C2ε, C3ε Constants
k Turbulent kinetic energy
ε Dissipation rate
σk and σε Turbulent Prandtl numbers for k and ε

αk and αε Inverse effective Prandtl numbers for k and ε

Sk and Sε User-defined source terms
∆y First layer thickness
δ Boundary layer thickness
X .

u Partial derivative of X with respect to
.
u

Xu|u| Partial derivative of X with respect to u|u|
Xu Partial derivative of X with respect to u
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