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Abstract: Advanced strategies for emergency logistics scheduling problems in urban transport
networks have been a challenging topic for centuries. This study proposed a cluster-first route-second
constructive heuristic method based on the continuous approximation (CA) for ‘one-to-many’ vehicle
routing to dispatch commidities after an emergency. The objective of the study is to provide a
replenish schedule and routing solution from the government/provider’s end in order to minimize
the total motion cost, pipeline inventory cost, and holding cost with backorder for the disaster relief
operation. The developed method can turn the complicated vehicle routing problem (VRP) into a
relatively simple travel salesman problem (TSP) for pre-assigned customer sets. The CA is employed
to determine the optimal replenish amount and inventory level for the route serving a given location.
The Christofides method is then applied to solve the TSP for the selected cluster. Two clustering
methods are investigated in this research: (1) a local-based approach where clustering and routing
are determined; and (2) a K-mean clustering method where points are clustered upfront by the CA
solution. A case study in Miami-Dade County in Florida to dispatch fuels from the depot to 72 gas
stations is presented, demonstrating the proposed approach and comparing two clustering methods.
The numerical results illustrate the effectiveness of the algorithms and conclude that the local-based
clustering approach may yield a lower total cost with a higher motion cost.

Keywords: urban transport logistic planning; disaster relief; vehicle routing problem

1. Introduction

Natural disasters such as floods and hurricanes often lead to a great loss of life and
property, especially in metropolitan areas. In order to minimize the suffering and loss
during, and after, a disaster, rapidly delivering necessary relief commodities to the affected
areas is one of the top priorities in disaster relief operations. The emergency logistics
scheduling problem (ELSP) is different from normal situations, as the time window for
planning and implementation is very limited under emergency circumstances. We can only
focus on a short time period, usually a few days after the disaster has occurred. Another
difference is that there are more uncertainties in the ELSP due to a probable communication
outage. According to Alem et al., ELSP is commonly solved without reliable or accurate
information about the affected areas and demands of victims [1]. Nevertheless, ELSP
is more flexible than ordinary situations, since in emergencies, the transit vehicles may
not have to return to their origin point. For instance, only health center A is able to offer
ambulances to pick up victims, but can go to the nearest health center B for timely treatment
instead of having to go back to A [2]. These differences make logistic planning after natural
disasters a challenge, especially for urban areas. Vitetta (2021) specified different risk
reduction problems in transport systems under emergency conditions, including supply,
demand, planning, and Decision Support Systems [3]. In this study, we focus on the supply
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side for disaster relief, and an ELSP strategy which provides a gas station replenish schedule
and routing solution from the government/provider’s end to minimize the total cost.

As Chang et al. mentioned, algorithms to solve the ELSP differ in terms of the disaster
type, transportation modes, population distribution, rescue requirements, and many other
situations [4]. Existing solutions to disaster relief can be classified into the preparation
stage and dispatch stage. In this study, we only focus on the dispatch problem, which is
more essential to the ELSP strategy. Logistic scheduling problems are proven to be NP-
complete by Savelsbergh, and the research on ELSP has shifted to seeking satisfactory, not
optimal, solutions for models [5]. Much effort has been made to deal with the difficulties of
ELSP, with algorithms such as dynamic integer linear programming, greedy algorithms,
genetic algorithms, game theory, metaheuristic algorithms, and some other state-of-the-
art intelligent optimization algorithms being applied [6–15]. There are three classical
approaches to model the last mile delivery in ELSP [16]. First is the interactive approach
proposed by Barbarosoglu et al., where they model the vehicle routes as a set of binary
variables, which is very computationally demanding when the routing network is large [17].
The second modeling method described in Mete and Zabinsky lists all the possible depots
and customer nodes, and then uses a binary variable to assign the route to each vehicle to
turn the VRP into a capacitated assignment problem. Since the number of routes increase
exponentially with the network scale, this approach still cannot be used for large ELSP
problems [18]. The last common model is a dynamic network flow model proposed
by Yi and Özdamar, whose outputs are vehicle flow and commodity flow, which need
to be analyzed to get the routes and loads. This modeling approach has proved less
computationally demanding than the former approaches [19].

The existing methods are unfit for large urban network analysis due to the large
amount of calculational demands. Thus, modeling approaches and solution algorithms
that can be employed to practical ELSPs still urgently need consideration. To fill this gap,
this study proposes a cluster-first route-second constructive heuristic method that can
be applied to large-scale urban networks based on the continuous approximation (CA)
for a disaster relief operation. This turns the relatively complicated VRP into TSP for
preassigned customer sets. To prove the effectiveness and efficiency of the method, we
did a case study in Miami-Dade County, Florida, USA, a typical urban network. After
Hurricane Irma, the gas stations were short on supplies. Hurricane Irma made landfall in
Florida on 10 September 2017, which caused massive damage to lives and properties [20].
The emergency resources, including water, food, medicine, and fuel, were extremely limited
after the hurricane. According to Miller et al., at least sixty percent of the gas stations in
Miami-Dade County were thirsty for fuel after many Floridians drove to escape from
storm [21]. Therefore, fast and effective logistics planning is quite important to save both
property and lives in Florida. It is essential for fuel companies and the government to
find an optimal way to deliver the fuel to each gas station with minimum cost using oil
tankers. A total of 72 gas stations are served, and the demand of fuel is estimated by the
population within the several nearest blocks of each gas station. A cluster-first route-second
constructive heuristic method is proposed in this paper to handle the large-scale ELSP.
We collected real geometric data in the Miami area and locations of Marathon company
gas stations in Miami. Based on these data, we used continuous approximation (CA) and
two different cluster methods to generate feasible optimal solutions for the fuel truck
routing problems. The CA was adopted to solve for the optimal replenishment of gas
inventory levels for the route serving a given location. Governed by this solution, the
number of facilities to visit is determined around a given facility. Two clustering methods,
a local-based approach and a K-mean clustering method, are compared in the paper, and
the Christofides method is then applied to solve the TSP for the selected cluster.

The remainder of this paper is structured as follows. A complex, mixed-integer model
is introduced in Section 2. In the methodology section, a cluster-first route-second solution
algorithm for the model is proposed. The illustration of data collection and data analysis is
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then presented in the Section 4. The results of the numerical study are given in the Section 5,
and the last section concludes the study.

2. Problem Statement

In this section, we briefly introduce the mathematical formulation and discuss some
necessary properties of the ELSP model. A mixed-integer model is established for analysis.
The major symbols used in the model are listed at the end of this article.

The objective of the model is to provide a replenish schedule and routing solution
from the government/provider’s end in order to minimize the total motion cost, pipeline
inventory cost, and holding cost with a backorder. An infinite time horizon is considered,
on which we design a steady-state replenish strategy. Under the assumption that every gas
station is operating at its highest capacity (which is realistic in disasters), this problem can
be formulated as a capacitated inventory-routing problem with a deterministic demand. We
consider a set of customers (gas stations) S, scattered over the plane, and a depot aside from
the customers where all trucks will depart. The Euclidian distances between each pair of
customers, dij, are calculated, and are assumed to be symmetrical. Three components have
been controlled: routing patterns, dispatch headways, and inventory level at customers for
each route. The problem can be formulated as a mixed-integer model as follows:

ck
m ∑ijk

dijxk
ij

DHk
+ ch ∑k(∑ij xk

ij + 1)(
max(DHk − Ik, 0)2

2D2Hk
+
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2D
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s.t. ∑i xk
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(
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ij

)
∀i 6= j ∈ S, k ≤ K (5)

0 ≤ Ik ≤ F ∀k ≤ K (6)

0 ≤ DHk ≤ V ∀k ≤ K (7)

xk
ij = {0, 1} ∀i, j ∈ S, k ≤ K (8)

uk
i = {1, 2, . . . .} ∀i ∈ S, k ≤ K (9)

The objective function consists of the total travel distance and the total holding cost
with backorder, divided by the amount of commodity conveyed in each headway. The
maximum function in the second term disallows residual inventory when replenishing
happens. Because the demand is assumed deterministic, any residual inventory is unneces-
sary and introduces sheer inventory cost. Constraints (2) and (3) state the number of routes
being designed. Constraints (4) and (5) form the flow condition for routing and eliminate
subtour. Constraints (6) to (9) define capacity constraints as well as variable domains.

This formulation, involving binary variables, integer variables, and non-integer vari-
ables, is hard to solve analytically. Thus, we further propose a cluster-first route-second
constructive heuristic method to handle the problem.

3. Methodology

In this section, we present the proposed cluster-first route-second constructive heuris-
tic method of the ELSP model. The CA is first introduced for determining the optimal
replenishment amount and inventory level for the route serving a given location. Next, a
solution framework based on two cluster methods are described. The Christofides method
is then applied to solve the TSP for the selected cluster.
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3.1. Continuous Approximation

The common notations used in CA are summarized at the end of this article.
We propose a solution framework using continuous approximation, followed by

routing with a cluster-first route-second philosophy. The first step is to approach the
solution for the one-to-many distribution problem. By assuming that the facility density
varies slowly across the space, the objective function can be approximated with a continuous
function. For a certain location, which is served by a certain route, the objective function is
given by:
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1
v
+ α3n + α4v + α5 I + α6
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v
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The decomposed objective function is then shown as:
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The first four terms are the motion cost, including stopping, cruising, and dispatch
cost. The fifth term in parenthesis is the pipeline inventory cost. The last two terms are the
holding cost with backorder. The objective cost function is in the unit of dollar per gallon,
and is dependent on location.

The objective function is to be minimized as a constrained nonlinear program, stated
as follows:

minz = α1
1
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1
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+ α3n + α4v + α5 I + α6
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v
(17)

where,
nv−V ≤ 0 (18)

1− n ≤ 0 (19)

I − v ≤ 0 (20)

v− F ≤ 0 (21)

− I ≤ 0 (22)

Constraint (18) defines the truck capacity. Constraint (19) states that an empty route (with
0 stops) is infeasible. Constraint (20) states that residual inventory is not allowed. Constraint
(21) is the facility capacity and Constraint (22) is the non-negativity constraint for the inventory
level. This nonlinear program with closed boundaries can be solved using KKT conditions.
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Generally, since there are five constraints present, we need to investigate a total of 25
binding cases. However, through realistic consideration, only two of the constraints need to
be investigated: Constraint (18), which states whether a full truckload is being used, and
Constraint (20), which states whether backorder is allowed; the rest are assumed unbinding.

The solution to the CA, as a function of location vector x, is given by

v∗ =
2a6

(
(−a2

5+4a4a6 )(a2+a3V)
a6

) 1
2

−a2
5 + 4a4a6

(24)

n∗ =
V
v∗

(25)

I∗ =
−α5

2α6
v∗ (26)

µ1 =
α3

v∗
− α1

V2 (27)

where the “*” sign denotes the optimal solution.
A comprehensive review on continuous approximation models for logistics and trans-

portation systems can be found in [22] for interested readers.

3.2. Clustering and Routing

The solution to the continuous approximation gives the guideline for clustering, and
turns the VRP into TSP for preassigned customer sets. We first propose a local-observation-
based process, where stops and inventory level are found exclusively when a route is to
be made, conditional on the property of the location of the cluster. Optimal TSP is then
determined for the selected cluster using the Christofides method. The process is described
as follows:

(a) Initialize at depot;
(b) Go to the closest station, which is set as a reference point:

- Calculate local facility density using the three closest facilities
- Calculate n∗ from the CA solution

(c) Select the closest n∗ stations, exclude remote stations by a threshold;
(d) Solve TSP using the Christofides algorithm;
(e) Delete the visited stations;
(f) Go to the closest station to the reference point, repeat from step 2.

This algorithm solves clustering and routing simultaneously, and has a sweeping
property which exhausts the customer points from the depot in one direction before turning
to the other direction. To prevent false assignment, when a large n∗ is falsely obtained at
a remote cluster, we assign a threshold through observation by which the algorithm will
discard remote customers, even when many customers less than n∗ is selected.

To compare with the local-observation-based routing solution, we investigated another
clustering method that oversees the average property of the entire customer set. We use a
K-mean algorithm to cluster the facilities by pre-assigning K routes, which is determined
using a weighted average line-haul distance and facility density. The process is described
as follows:

(a) Solve CA using weighted average r, δ to yield n∗;
(b) Pre-assign K = |S|/n∗ routes;
(c) Cluster using the K-mean cluster method;
(d) Solve TSP using the Christofides algorithm for each cluster;
(e) This approach clusters customers based on distance, and avoids falsely assigned clusters.

Since, here, we emphasize on the proposed cluster-first route-second solution frame-
work, for a detailed process of the Christofides algorithm, readers can refer to [23].
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4. Numerical Experiment

In this section, we provide a numerical experiment based on the real emergency event
in Miami-Dade County, Florida. The actual data are first collected and analyzed, and the
two different proposed logistic scheduling strategies are then compared.

4.1. Data Collection and Analysis

To achieve the goal of generating the fuel truck routing strategy, a set of raw data that
consists of the depot location, gas station locations, and demand for each gas station is
needed. In the data collection process, ArcGIS was used to extract some information and
visualize the dataset. The shapefile of our study area—Miami-Dade County and interstate
highway attributes—can be found from Topologically Integrated Geographic Encoding
and Referencing Product [24].

4.1.1. The Depot and Facilities

Some assumptions are made to simplify the problem. First, we assume that the
I-75 Interstate Highway (highlighted by the red line in Figure 1) is the only available road
to enter the study area due to the influence of the hurricane and the depot is at the exit off
the I-75 Interstate Highway because the supplementary trucks would arrive to this area
from many other cities or states. The location of the depot is (−80.324459, 25.900981), which
is represented by the latitude and longitude where the unit is degrees. Second, we assume
that not all of the gas stations are functional because some may be destroyed in the disaster.
We selected one of the petroleum companies, Marathon Oil Company, as our target point.
It has approximately one quarter of the total gas stations in Miami [25]. In this way, we
could have a more realistic and reasonable distribution of gas stations.

1 

 

 
Figure 1. Overall layout of the study area.

Based on the real situations and our assumptions, 72 gas stations were selected as our
‘customers’ in routing. The capacity of the gas stations is set as 20,000 gallons [26]. The overall
layout of the depot and gas station locations in Miami-Dade County is shown in Figure 1.
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4.1.2. Demands

We assume that the demand of fuel is a function of population within the several
nearest blocks of each gas station. Thus, demands were generated based on the local
population in blocks (U.S. Census Bureau, 2012, Suitland, MD, USA). These blocks were
served by the nearest gas station (see Figure 2), one dot in the figure represents 200 people
and one star represents one gas station. We also assumed that, on average, one household
owns one car, and the average family size is three people. Meanwhile, since the gas stations
we selected only account for a quarter of the total amount of gas stations, there were twenty
five percent of the cars would go to the ones selected to refuel during our study period.
The average size of a gas tank was assumed to be 15 gallons for passenger cars and 10,000
gallons for tankers [27].
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4.1.3. Average Facility Density

The length and width of the study area are 66.77 miles and 47.82 miles, respectively,
and thus the aspect ratio is about 7:5. Further, considering there are 72 gas stations and
the average number of gas stations per grid should preferably be at least one, we divided
the entire area by a 7 × 5 grid, and the average area of each grid is 91.23 square miles. The
resultant gas station matrix is given in Table 1. After summing up the number of facilities
in each grid, we obtained the facility density matrix (Table 2) by dividing the amounts by
the area of cells.

Table 1. Gas station matrix.

0 0 2 5 5
0 0 0 1 3
1 4 6 9 1
2 6 5 2 0
1 5 3 0 0
1 5 0 0 0
4 1 0 0 0
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Table 2. Facility density matrix.

0 0 0.022 0.055 0.055
0 0 0 0.011 0.033

0.011 0.044 0.066 0.099 0.011
0.022 0.066 0.055 0.022 0
0.011 0.055 0.033 0 0
0.011 0.055 0 0 0
0.044 0.011 0 0 0

To find the average demand-distance, we rearranged facility density (Table 2) and
modified the facility density matrix, which is shown in Table 3. We then used the same
division of the map and summarized the amount of demand for each cell. After multiplying
the two matrices, we applied weights to the modified facility density matrix (Table 3) and
demand matrix (Table 4), and obtained the average demand-distance.

Table 3. Modified facility density matrix.

0.011 0.011 0.011 0.016 0.020
0.013 0.013 0.016 0.020 0.020
0.017 0.018 0.020 0.020 0.027
0.023 0.031 0.044 0.037 0.046
0.028 0.043 0.064 0.059 0.047
0.028 0.011 0.018 0.012 0.063
0.011 0.011 0.076 0.040 0.041

Table 4. Demand matrix.

0 0 20,060 72,667 68,279
0 0 0 12,314 36,238

4822 19,814 45,882 121,529 34,341
15,216 67,434 60,178 28,802 0
10,266 48,545 18,082 0 0
13,173 43,052 0 0 0
29,991 4396 0 0 0

5. Results and Discussion

We implemented the discussed approaches to the data sets of Florida gas stations. As
mentioned in Section 3.1, Constraints (9) and (11) are considered and we need to investigate
a total of four binding cases. All four cases are solved and evaluated using CA as follows:

1. n∗ = V
v∗ , µ3 = 0, n = 3.4934, v = 2862, I = 2598, z = 0.4958

2. µ1 = 0, µ3 = 0, n = 6.3925, v = 2864, I = 2706, z = 0.4402 (non-feasible)
3. µ1 = 0, v∗ = I∗, n = 3.7789, v = 3003, I = 3003, z = 0.5112 (non-feasible)
4. n∗ = V

v∗ , v∗ = I∗, n = 3.3298, v = 3003, z = 3003, z = 0.5177

As shown above, case 2, where all constraints are assumed unbinding, yields the best
result, but it violates Constraint (1), and is therefore unfeasible. Similarly, case 3, where
backorder is disallowed, is unfeasible as well. The best feasible solution is yielded by case
1, where each truck leaves the depot with full truck loads.

The two-routing methods, governed by the CA solution, yielded the following results
where Figures 3 and 4 present the routing trajectories of the local observation cluster and
the K-mean cluster strategy, respectively:
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It can be seen from Table 5 that the local-observation-based approach yields a higher
motion cost than the K-mean-based approach. This is expected since the nodes are better
clustered completely with respect to distance. However, the first approach yields a lower total
cost than the second. This is a surprising result given that the replenishment amount is confined
by the assumption of using a full truckload, and residual inventory is disallowed. Through
closer investigation of the routing pattern, we made the following possible observations:

(a) For a large (6 to 7) group of uniformly separated nodes, the local-observation-based
algorithm adheres strictly to the CA solution, while the K-mean divides them into a
big cluster (slightly close to each other) and a small cluster (slightly far apart).

(b) The CA solution yielded an optimal number of stops of four per route, which increases
with facility density. At several clusters, where the nodes are very close to each other,
the K-mean algorithm selected them all into one route, which could potentially cause the
optimal solution being yielded by the second case of the KKT condition (unbinding case).
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Table 5. Results of the two cluster methods.

Cluster Method Motion Cost Total Cost

Local-Observation Cluster 3.5556 8.2138
K-mean Cluster 3.5248 9.7982

6. Limitations of the Study

The limitation of this paper is that the model does not take dynamic information into
consideration, which is actually quite significant in real world applications, especially for
ELSPs, since the predetermined strategy is commonly hampered by destroyed roads after
hurricanes or other emergency events. The method should further be extended to handle
unforeseen events by monitoring the fleet during the working time and react to these events
with an intelligent re-routing of vehicles.

Furthermore, this study did not consider the next stage—people coming to the gas sta-
tion to fill up. Some realistic issues may occur, such as road congestion during this process;
taking this into consideration and incorporating knowledge about network fundamental
diagrams may generate the ELSP strategy with a more practical value [28,29].

Moreover, we only presented and compared two clustering methods in this study. We
also encourage researchers to try other cluster algorithms such as mean-shift clustering,
Expectation–Maximization (EM) clustering using Gaussian mixture models (GMM), and
agglomerative hierarchical clustering [30] to further optimize the solution of the proposed
ELSP in a more time-efficient manner.

7. Conclusions

In general, this paper aimed to contribute to the existing literature by developing a
cluster-first route-second constructive heuristic algorithm to solve the logistics planning
problem for disaster relief. We devised a solution procedure to provide good-quality
solutions for a complex model involving binary variables, integer variables, and non-
integer variables. We first applied continuous approximation to determine an optimal
replenishment amount and inventory level for specific routes. Next, the local-observation-
based cluster method and the K-mean algorithm were adopted to determine the cluster size
and the number of routes. Optimal TSP is then determined for the selected cluster using
the Christofides method. To demonstrate the feasibility and efficiency of our method, a case
study of fuel delivery planning in the Miami-Dade County, where the gas stations were
short of supplies and needed to be replenished after Hurricane Irma, was investigated. The
results show that our initial goal to dispatch fuel to gas stations with minimum cost using
oil tankers after an emergency can be achieved by the proposed method. A conclusion
can be made that under the decision of assigning fully loaded trucks for each route, the
local-based approach yields a higher motion cost, but a lower total cost. The proposed
ELSP strategy is capable of providing a replenishment schedule and routing solution from
the government/provider’s end to minimize the total cost, and it is a promising tool for
emergency relief management.
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Nomenclature
Variables
Hk Headway of route k, in the unit of hours
Ik Inventory level of route k, in the unit of gallons

xk
ij

Binary variable indicating edge assignment. xk
ij = 1 if edge i to j is selected and assigned

to vehicle k
uk

j Integer variable for routing indexing
S The set of customer nodes
n Stops per route
v Replenish quantity
parameters
I Inventory level
ck

m Motion cost of route k, in the unit of $ per mile
ch Holding cost, in the unit of $ per gallon-hour
D Demand cost, in the unit of $ per gallon-hour
F Facility capacity
V Vehicle capacity
Cd Cost per mile
Cs Cost per dispatch
Ci Pipeline inventory cost
δ(x) Facility density at location x
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